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and zhe inside Plethon, confonant to that philofophy, | 
profeffes Polytheifm.* 
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* The Grecian literature of this writer will now prove of real utility ; 


and the graces and the fublimities of Prato will foon be familiarifed 


` to the Englifh reader, by a hand that I am perfuaded will not appear 


inferior to his great original. Let me alfo be permitted to recommend 


his verfion of Prorinus on THE BEAUTIFUL. 


The Reader is requefted to corre& the following Errors, 


Page 4. of the Differtation, Vol. I. line 8. for admitted, read omitted. Page 16. line 8. 
for from, read form. Page 51. Vol. I. of the Commentaries, line 16. inftead of They 
are furely not the, &c. read For furely it cannot be faid that there are, &c. Line 17. 
for but we, read but that we. And line 19. for is by much prior to, read is by a much” 
greater priority. 

Vol. EH. page 18. line 26. for and one is, read and one part is. And line 27. for another, 
read the other. Page 114. line 13. for The angle, read Let the angle ; and inftead of 
is bifected, in the fame line, read be bifected. Page 411. line 2. for ts filled with in- 
tellect, read fills intellect. And line 3. for it alfo participates, read alfo it parti¢ipates. 
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P R EF AC E 


T HE defign of the prefent work is to bring us ac- 


quainted with the nature and end of Mathematics 


in general, and of Geometry in particular: and in the 


execution of this defign our Author has difplayed an un- ` 


common elegance of compofition, and a moft valuable ftore 
of recondite learning. He is not content with every whcre 
unfolding the full, and moft accurate meaning of Euclid; 
but he continually rifes in his difcourfe, and leads us into 
the depths of the Pythagoric and Platonic philofophy. We 
are furprifed to find an ufe in Geometry, which at prefent 
it is by no means fufpeéted to afford. For who would 
conceive that it is the genuine paflage to true theology, and 
the veftibule of divinity ? This, indeed, is by. no means 


the cafe when it is ftudied for lucre, and applied to me- 


chanical purpofes ; for then the foul is neither elevated nor 
enlightened; but degraded and filled with material darknefs. 


Hence thefe Commentaries are alone valuable to the liberal - 


part of mankind, who look beyond /ev/e for certainty ; and 
who prefer things defirable for their own fakes, before fuch 


as minifter to the neceflities of life. 
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P R E F A C E. 

Tue tranflation of this work is attended with great 
difficulty and labour; not only from the fenfe of the phi- 
lofopher, which is always profound, and frequently obfcure, 

. but from the great incorreétnefs of the Greek edition, in 
which, exclufive of numberlefs typographical errors, entire 
fentences, effential to the connection, are frequently omit- 
ted; and in one place two pages of the Latin tranflation 
are wanting in the original, as will be fhewn in our fol- 

, lowing notes. Indeed, the Latin tranflation of Francis 
Barocius the Venetian, (Patav. 1560.) which was made 
from a variety of manufcripts, is inconceivably valuable ; 
for the diagrams, fo neceffary to a work of this kind, but 
which are omitted in the Greek, are here inferted ; and 
the verfion is every where faithful, and fufficiently perfpi- 
cuous to thofe who are converfant in the ancient philofophy. 
Barocius juftly cautions the reader not to compare his 
verfion with the printed Greek, which he obferves is rather 
Jacerated than printed ; as indeed, without his tranflation, | 
it is impoffible for any one to read the half of: this inva- 
luable work, even though he fhould be as perfec in Greek 
as in his native tongue. If I had not, therefore, fortu- 
nately acquired this tranflation, which is at prefent very 
rare, I would have by no means engaged in this arduous 
undertaking. Barocius, indeed, gives evident proofs of 
his poffeffing the philofophical genius, by the excellence of 
his tranflation, and his preface to the reader; and it is 


greatly 


P REFACE 
greatly to be lamented that he did not adorn his verfion 
with explanatory notes, which this profound work fre- 
quently demands, and which he was doubtlefs well qualified 
to accomplifh. This defe& I have endeavoured, as far as 
I was able, to fupply; and at the fame time have been 


cautious neither to weary the reader by prolixity, nor by 


too much brevity to leave him deftitute of proper infor- 


mation. In the diftribution of the firft book of this work 


into chapters, I have followed the order of Barocius, 
becaufe it is natural and obvious; and muft beg leave to 
folicit the reader's indulgence for ufing the words partible 
and impartible, differently from their common fignification. 
Thefe words I have generally employed to exprefs the 
meaning of megos *, and apeneds + in the Greek, as I do not 
conceive that the words divifible and indivifible always | 
convey their full fignification. I have likewife ufed gua- 
drangle inftead of {quare, and guinguangle for the word 
pentagon. For if rpiywvog be rendered triangle, why fhould . 
Not répayaves be rendered guadrangle? And, as Barocius 
obferves, why, fora fimilar reafon, fhould not weifdyaves and 
gayuvos be rendered guinquangle and fexangle; and fo of 
the reft? Uniformity is always defirable when it can be 
obtained; and is no where fo neceffary as in {cientifical 
difquifitions. ee | 
© i.e. Capable of parts, + ive. Not capable of parts. 
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Ir is likewife neceffary to inform the reader, that though 

I have always endeavoured to give the faithful meaning of 

my Author, yet I have occafionally paraphrafed his fenfe, 

when moft obfcure, and added fuch elucidations of my 

own, as I either thought neceflary to the full comprehenfion 

of his matter; or which were naturally excited by the fire 

and fpirit of the Original. If it fhall appear that I have 
fucceeded in the execution of this work, and rendered it 

intelligible to the lovers of truth, I fhall ‘rejoice in my 

fuccefs, and confider my labours fufficiently rewarded, 

The applaufe of the multitude I am neither likely nor de- 

` firous to gains but I am anxious to procure the approbation 
of the difcerning few, who know that the age of philofophy 
is paft; and who efteem the works of her ancient heroes 

as the moft precious treafures which have efcaped the 


ravages of time. 


Timr, indeed, is like a deep and rapid river; whatever 
is trifling and light, is precipitately borne on its furface, 
and what is valuable and weighty, finks to its bottom. 
Hence; the fuperficial obferver collects nothing more than 
the rubbifh, which it is forever devolving into the abyfs of 
oblivion; while the profound and contemplative genius 
explores the depths of the ftream, and accounts himfelf 
happy if he can gather any of the pearl which its bottom 

-contains, Thus the difcoveries of experimental philofophy, 
7 = float- 


| P REFACE 
float like ftraws on the. furface, while the wifdom of Pytha- 
goras and Plato lies concealed in the depths of the river. 
Iam well aware it will be faid, that the reverfe of this 
fimilitude is true; that the modern philofophy is the pearl, 
and the ancient the ftubble; and that the former will be 
celebrated by pofterity, and increafe in reputation when _ 
the latter fhall fcarcely be known. But let us attentively 
examine the truth of this affertion, and fhut our ears to 
the unfubftantial echoes of popular applaufe. Is it rea- 


= fonable to fuppofe that men of fuch exalted abilities, as 


the Pythagoric and Platonic philofophers poffeffed, even 
in the eftimation of their opponents, accompanied with 
the greateft advantages of birth and fortune, and the moft 
unwearied attention, have difcovered nothing valuable, and 
have left nothing behind them, but jargon and reveries ? 
Is it to be fuppofed, that in an age when philofophy was 
almoft adored; when it was efteémed by kings, cultivated 
by noblemen, and even reverenced by the vulgar; when - 
empire was relinquifhed for its purfuit, and every danger 
encountered for its poffeflion: is it to be fuppofed, that 
nothing but delufion was the offspring of fo glorious a 
period, and nothing but folly the reward of fuch generous 
endurance? Or fhall we fay, that the difcovery of truth 
was referved for the age of experiment; and that fhe is 
alone to be apprehended in the infinite labyrinth of parti- 
culars ? That fhe is to be inveftigated with the corporeal 

) | fenfes - 
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fénfes, and not with the powers of intelleét; and that the 
crucible, the alembic, and the air-pump, are the only me- 
diums of detection? If this be the cafe, truth is material, 
and may be calcined, diftilled, and rarefied, like any other 
corporeal fubftance. It is no longer eternal and immutable, 
but perifhable and fluctuating; the phantaftic fubje@ of 
- fenfible infpe&ion, and not the fteady and real object of the 
permanent energies of fcience. Shall we call this the age 
of philofophy, in which talents are proftituted for fuftenance, 
and learning fubmits to the impudence of wealth? Shall . 
we fay that we have ftrengthened the caufe of philofophy, 
by demolifhing her {chools; and increafed her indepen- 
dence, by enlarging the empire of commerce? Where {hall 
we find the man, who is at prefent reverenced for the pro- 
feffion of teaching fpeculative truth, or indeed who teaches 
it at all? Or fhould we chance to meet with fuch an obfolete 
charaéter, fhall we find him fupported by the profeffion ? 
It is a`well known faét, that men formerly lived in the 
higheft efteem by its propagation : it is equally as notorious, 
that a man at prefent would ftarve by fuch an attempt. 
Dare we affert, that the reafon of this difference muft be 
afcribed to the greater liberality, and more philofophical 
{pirit of the prefent age? Shall we not rather fay, that the — 
period, in which thefe ancient heroes lived, was the golden 
age of philofophy ;—a period fo different from the prefenr, 
as to appear fabulous on the comparifon ? For mark the 
A n dif 
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diftinguifhing charaéteriftics of our inferiority. The great /~ 
ebject of ancient philofophy, was an accurate {peculation of 

| principles and caufes: but that of the modern, is 4 cone 
fufed inveftigation of effeéts, And if purfuits participate of | 
the mature of their fubjects, and caufes are more noble than 
effects, the ancient philofophy muft undoubtedly be more 
elevated than the.modern. Again, the object of the Pytha- 
gorean and Platonic philofophy was to make its poffeffors 
wife and virtuous; and to elevate them above the common 
frailties and imperfections of degraded humanity ;. and this 
end was happily accomplithed in its votaries, as their lives 

| abundantly evince: but the object of modern philofophy, 
is a promotion of the conveniencies and refinements of life, 
by enlarging the boundaries of traffic; and the Mathe- | 
matical Sciences are ftudied folely with a view to this 
enlargement. The defign of the ancient philofophy was | 
to remove the caufes of wonder, by contemplating effects in | 
their caufes: the grand object of the modern, is to increafe | 
admiration, by attempting to inveftigate caufes through the 
infinity of particular effeéts. So that philofophy, as Mr. 

` Harris juftly obferves, now ends where it formerly began. ; 
For either there is no fuch thing as fcience, or if its exift- ' 


4 


ence be admitted, it can never be obtained by experimental 
enquiries ; as thefe muft be liable to all the inaccuracy and 
imperfection of their material fubjedts, 


In 





PREFACE 
In fhort, the philofophy of Pythagoras and Plato will be 


found, when impartially confidered, to contain every thing 
which can enlighten the mind, improve the morals, and 
exalt the character of man. It is built on the fteady bafis 
of truth, and will furvive the wreck of ages. Its founda- 
tion is deep, and its fummit reaches the heavens. It is a 
mighty rock, which modern fyftems may affail, like a rag- 
ing fea; but, like ftormy waves, they will only be broken 
about its impenetrable fides. To war againft wifdom is 
= folly; for oppofition in this cafe is the deftruction of its 
author. The moderns may, indeed, expeét, becaufe their 
merit is raifed by the prefent age, above that of the ancients, 
to appear as giants in the eyes of pofterity ; but they will 
only verify the elegant obfervation of the poet *, that 


Pygmies are Pygmies ftill, though perch’d on Alps, 
And Pyramids are Pyramids in vales. 


* Dr, Young, in bis Night Thoughts. 
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PLATONIC DOCTRINE or IDEAS, &c. | 





SECTION L | 
HE Platonic doctrine of Ideas has been; ig, all ages, 
the derifion of the vulgar, and the-admiratigm, of 


the wife. Indeed, if we confider that ideas are the mot 


fublime objects of fpeculation, and that their nature is no 
lefs bright in itfelf, than difficult to inveftigate, this og- 
. pofition in fhé conduct of mankind will -be natural and 
neceffary ; for, from our connection with a;mpferial nature, 
our intellectual eye, previous to the irradiations of fckence, 
is: as ill adapted to objects the moft {plendid of all, “as 
. the eyes of -bats to the light of. day *.”. And yet- {as I 
prefume, it will appear from the following difceurfe), un- 


_ lefs the exiftence of .thefe lucid beings is admitted, there 


can be no fuch thing as fcience; nor, indeed, any genuine 
knowledge at all. Hence, an enquiry concerning their 
nature and reality, is highly proper, as an introduction to 
the enfuing Commentariés, in which they are confdered 
ag the ftable pillars of. all tuto; ane the pronte er 
of the univerfe. 
© See hook the feeond, of Ariffarle’s TETA $ 
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But previous to this enquiry, it is proper to obferve, that 
Plato was not the inventor, though he was a ftrenuous af- 
ferter, of ideas; for, in the Sophifta he affirms, that ideas 
were the difcovery of men who excelled in wifdom and piety, 
and who contended for an invitible éffence. Diogenes La- 
ertius, indeed, afferts, that Plato received the doctrine of 
ideas from Epicharmus. But Epicharmus was not their 
inventor, becaufe Pythagoras, and others of ftill higher an- 
tiquity, were well acquainted with ideas; fo that it may be 
affirmed, with much greater truth, that Plato was inftruct- 

_ed in their nature by Philolaus his preceptor, and the dif- 
_ ciple of Pythagoras. For Pythagoras, after his myfterious 
manner, fignified ideas by numbers. But, prior to Pytha- 
goras, Orpheus was an afferter of ideas, and called Jupiter, . 
‘or the demiurgus of the world, “the idea of all things.” 
‘And, according to Syrianus, the mundane {phere, celebrated 
- by Empedocles, is no other than the ideal world; fo that 
the doctrine of ideas is as ancient as that of wifdom 
+f atfelf. | | 
ij But to begin with our enquiry: in the firft place, with- 
out univerfals there can be no {cience; for the flowing and 
perifhing nature of particulars is perfectly foreign from 
that ftability and duration which is requifite to objects of 
invariable truth. Neither is it poflible, that infinite indi- 
viduals can exift without the fubfiftence of one caufe endued 
with infinite power; for all multitude muft neceffarily. ori- 
ginate from one, and muft refemble its caufe in as great a 
degree of perfection as its nature ean admits; by a diffufed 
infinity, fhadowing forth that infinite power which fubfifts 
in indivifible union. Hence, if this be the cafe, and if 
infinite men, horfes, and a multitude of other univocals, 
are produced in an infinite time, an unity of infinite power 


muft be the. fource of each, according to which they are 
generated: 


.% 
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gemerated in a terminated manner to infinity in the uni- | 
verfe. Again, all animals are tranfmuted from that which 
is in capacity (i. e. feed), into energy. But if this be true, 
it is requifite there fhould be fome animal in the univerfe, - 
fubfifting in ever-vital energy, which may call forth that 
which is concealed in dormant capacity, into perfect actu- 
ality. Thirdly, the celeftial orbs would not perpetually 
revolve in the fame fpaces, and after the fame manner, 
unlefs one and the fame univerfal number, or idea, ruled 
in each. So, likewife, there is a natural number in every 
animal; or thofe of the fame ipecies, would not always 
(when perfect) be diftinguifhed with the fame invariable - 
organs; nor would they be fubject to puberty and old age, . 
at the fame time, unlefs they were detained by the fame 
meafure of nature. Befides, the participation of univerfals, 
is evident in every fenfible object. Thus, the rational na- | 
ture: is united with every individual man. Thus, animal 
fubfifts in a lion and a horfe, in a man and a dog. And 
thus the pentad, or number five, is participated in the five 
fingers, and the duad in the noftrils, eyes, hands, and feet. 
But fince thefe do not fubfift without a caufe, but aré per- | 
fected by certain determinate natures, it is neceffary there- 
fhould be an univerfal animal, in the whole of nature, fe- 
parate from fenfibles, by means of which this fenfible ani- 
mai is generated. And that there fhould fubfift in nature 
a pentad, through which the hands are always adorned 
with that number of extremities; and a duad, from which 
the two eyes and noftrils are derived. But if nature does . 
not poffefs thefe numbers from herfelf, as fhe is not the firit 
caufe of all, but derives them from another caufe, in the 
fame manner as matter from nature, it is neceffary there ~ 
fhould be univerfals and numbers prior to nature, fubfifting | 
in far greater purity and perfection. 

a 2 2. Again, 
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_ &.. Again, we may demonftrate the exiftence of ideas 
as follows: if the Deity, in fabricating the univerfe, ope- 
rated effentially (and there is no other way.in which we car. 
conceive him ta operate), he muft fabricate the univerfe, 
an image of himfelf.. But, if this be the cafe, he contains 
in himfelf, in the manner of an exemplar, the caufes of 
the ‘univerfe; and .thefe caufes are no other than ideas. ~ 
Befides, this confideration is not to be Sd mitted, that. the. 

perfect muft neceffarily antecede and prefide over the im- 
 perfe&t; unity over multitude; the impartible over the 
partible; and that which is perpetually the fame, over that 
which admits of variation and change. From whence it 
may be inferred, that things do not originate from bafer: 
matures, but that their gradual proceffions end in thefe;. . 
and that they begin from the moft perfeét, beft, and moft — 
beautiful natures. But.let. us purfue this reafoning more: 
_ Minutely, as it affords the ftrongeft arguments fer the ex- 
iftence of ideas. ) | : 

When the Deity fabricated the various fpecies of animals,, 
and beftowed on them the different fenfes, it was doubtlefs. 
with a view to the benefit of their poffeffors, as he forefaw, . 
that without thefe, the animal could neither provide for its. 
own fupport, nor defend itfelf from furrounding dangers. 
But may we not enquire from whence this previous percep- 
tion originated? For it is not to be fuppofed, that he firft. 
made animals deftitute of fenfes, and fo, being admonifhed: 
by their fudden deftruction, afterwards affigned them to. 
their nature. Shall we fay, this fore-knowledge was the 
refult of a reafoning procefs? But then, we again afk, What: 
were the principles ef this ratiocination? For if they ori-- 
ginated from. other reafonings,. it is neceffary, at length, to 
arrive at fomething prior to thefe difcurfive operations, omw. 
which they ultimately depend; fince al! reafoning. muft 

e 3 be. 
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_ be founded on indemonftrable principles. Was fenfe, then, 

er intelle&t the principle of this previous perception? But - 
fenfe, in the prefent inftance, had not then a being, for it 

could not exift prior to the animal nature :. it wasz. there-- 
fore, intellect. But if intellect be the repofitory of certain: 

propofitions, and. the conclúfion be fcience, it muft follow,» 
that ‘there could not then be a confultation. of any thing. 
fenible. For the principle: and the conelufion muft both. 
depend: on fomething intelligible.” Befides, may we not.. 
afk, how {fuch a habit of thought arofe-before the exiftence. 
of a. fenfible nature! It is- abfurd ‘in the extreme,. to fay” 
‘from chance, and. to refolve it into a fudden volition of the. 
Deity, is an affertion that may,- indeed, fatisfy: vulgar. 
minds, but can by no means quiet the-reftlefs fpirit of phi» 
lofophicak inveftigation. Since, to fuppofe the.caufe of the - 
univerfe, actuated’ by fudden volitions,. is to place him on 

a.level. with the vileft natures, and. fubject him.to the irra-- 
tional impulfes.of the brute. Hence we infer. that the- 
formation of animals, and by the fame arguments of the. - 
world; - was-not-the-refult of any reafoning procefg.. For, 
indeed, argument and foreknowledge cannot with propriety: — 
be-attributed‘to-the Deity; but when they are afcribed :to* 
him; we muft confider it as nothing more than an-indica-- ’ 
tion of his.conftituting particulars, in a manner fomewhat’ — 
fimilar. to. the: providence of. a wife: man,. in inferior con-- 
cerns, For, in fubordinate natures, whofe operations can-- 
not take effect: prior to-enquiry,. reafon is neceflary,.on ac-- 
count of the inferiority of that power which precedés the _ 
reafoning energy.. In like manner, foreknowlédge is: ne 

ceffary,;, becaufé a-power- is wanting to ats poffeffor; which ' 

might rendér him fuperior to its ufe. For foreknowledge- 
is directed to this end, that’one particular. circumftance may- ` 


take- place. iD na another. But- aa it be-requifite > 
Voe Su that: 
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that every energy in the Deity fhould be void of defect, and 
if it is not lawful that any thing fhould be prefent with 
him, which is not total and univerfal, it is neceflary that 
all things fhould be contained in every thing effential to the - 
nature of the Deity. Hence, fince even futurity is with 
him prefent, there is nothing in him pofterior; but what 
is prefent in him becomes pofterior, by its participation in 
another. lf then futurity be prefent with the Deity, it is 
neceffary it fhould be fo prefent, as if foreknown in a pof- 
terior nature ; that is, in fuch a manner that nothing may 
be wanting to any being; and that is, laftly, fo that every 
thing may be complete. 

Befides, reafoning cannot, by any means, belong to an 
eternal effence like the deity ;. for if this be admitted, he 
muft be forgetful of his former operations. And if, in 
confequence of reafoning, he produces more perfect natures 
afterwards, his works could not be perfectly beautiful be- 
fore: but if they were beautiful before, they muft be co- 
exiftent with their caufe, i. e. they muft be eternally beau- 
tiful, antecedent to the reafoning energy. Again, if we 
{uppofe the fupreme intellect, the demiurgus of the world, 
to operate by enquiry, his energy could not be {pontaneous, 
and truly his own; but his effence would be fimilar to that 
of the artificer, who does not derive his productions from 
himfelf, but procures them as fomething adventitious 
by learning and enquiry. But if the univerfe was not 
formed by deliberation, it muft be co-exiftent with its 
caufe, and refide in his effence; for if it be not co-exiftent 
there muft have been fome particular time, in which its 
artificer determined on its production; and this determina- 
tion muft have been the refult of a reafoning procefs, con- 
cluding that it would not be good to produce it before that 
particular time, (from whence, by the way, we infer the 

eternity 
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eternity of the world.) And if the univerfe be co-exiftent 
With its author, it muft perpetually emanate from his na- 
ture, and be dependent on it, like the fhadow on its form- 
ing fubftance. But in this cafe, its archetype muft be 
contained in the effence of its author; for every caufe is 
that primarily, which its effec is fecondarily. And hence 
we infer, that if the fenfible univerfe be replete with forms 
ef every kind, the exemplars of thofe forms, muft fubfift 
in immaterial perfection, in the artificer of the world. 
Ifthis fenfible world, then, be formed according to the 
exemplar of that which is intelligible; may we not fay, 
with the great Plotinus, that it is requifite univerfal animal 
fhould there primarily fubfift in perfect vital energy, con- 
taining all things in. its omniform effence. < Hence (fays 
he *) the heavens are there a divine animal, replete with 
ideal ftars.. Earth too does not there fubfift folitary, but 
_is much more vital than this corporeal. earth, for it is full 
of intellectual life. The fea too is there, and all water 
fubfifting in life, and: an ever-abiding ftream. For how 
is it poffible that any thing not vital, can be the progeny 
of Ife itfelf? He, therefore, who enquires- from whence 
animals originate in the intelligible world, might as well: 
enquire from: whence all life, and foul; and univerfal intel- 
lect, arofe. Forhere there is nothing indigent‘nor defective,- 
but every thing is perfect and exuberant. Here they all’ 
flow. from: one fountain, not as from a certain fpirit, or 
heat, but as if from an univerfal: quality, poffeffing and: 
preferving in itfelf, all qualities; fuch as {weetnefs,.accom-- 
panied with fragrance.of {mell, the vigour of wine, and the 
‘ftrength of all juices, bright colours, and whatever is .per-- 
ceived by the tafte.” 


* Ennead vi. lib. vik 
3.- Such. 
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3. Such then are the arguments which the Platonic phi- 


Jofophy affords in defence of ideas; the exiftence of which 
.was fo evident to Plato, that, in the Sophifta, he comparés 
‘tthofe who oppofe the friends of ideas to the giants of old, 
warring, as it were, on celeftial fouls, and fuch as are engag- 
ed in fublime inveftigations. Let us now confider to what 
univerfals thefe lucid beings are confined; fince, according 
‘to the Pythagoreans and Platonifts, there are not ideas of 
all univerfal conceptions. -* For, in the firft place (fays Sy- 
rianus *), there are no ideas of things evil and bafe, becaufe 
thefe fubfift in nature rather by a privation and abfence of 
ideas. And, on this account, they are faid to exift contrary 
to nature. Nor, fecondly, of negations, for thefe are de- 
ftructive of the bound and limitation which is attributed 
to every thing from the unifymg and comprehending na- 
ture of ideas; and hence, feparation is rather the refult of 
material infinity than of that which is formal or ideal. 
Nor again, are there any ideas of things which at different 
‘times receive a variety of conditions. For thefe participate 
of tranfmutation from a moveable caufe, but not from the 


dmmoveabie and ftable illuflration of ideas. Nof again of - 


‘parts, fuch as the hand, head, fingers, and the hke. For 
the caufes of things exifting entire, produce whole {pecies 
and forms; not divided about the parts of thefe, like the 
reafons of nature. But neither did thefe wife men place 
in inteJlect the determinate caufes of accidents in bodies, 
fuch as fweetnefs and whitenefs. For they confidered that 
natural reafons were fufficient for the production of acci- 
dents. Nor again, of compofites, as of a wife man. For 


* In his cammentary on the 2d, rath, and 13th books of Ariftotle’s Mctaphyfics, page 
60. A Latin tranflation only of this invaluable work is extant; but I have fortunately a 
«opy in my .poffefion, with the vertion evesy where currected by the Icarned Thomas Gale, 
and with large cxtracts from the Greck. . 


fince 
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ince ideas are fimple, they prefide over the fimple effence 
of every thing. But the compofition and divifion of things 
is the bufinefs of our intellect; ideas, at the fame time, 
and that intellection which is co-ordinate to ideas, being 
exempt from aH thefe, on account of fuperlative fimplicity. 
Neither, therefore, muft we eftablifh ideas of things ge- 
nerated from diffimilars, fuch as mules; nor of fruit pro- 
duced by engrafting from different trees. For all thefe 
have a pofterior and adventitious generation, and are not 
the work of nature alone, nor of nature proceeding ac- 
cording to her own reafons, but, as it were, compelled to 
Jabour contrary to her own determinations. Hence it is 
manifeit, that all .art, which imitates nature, and alone: 
minifters to the ufe of mortal life, is feparated from the 
-caufe of ideas. But neither are the works which, depend- | 
ing on the purpofe of the foul, are perfected by a concourfe 
of many caufes, and which we are accuftomed to call the 
operations of fortune, to be conjoined to the caufe of ideas. 
For things which are there perfected, are eternal, and fub- 
fit perpetually the fame, free from the nature of contin- 
gent events. It remains, therefore, that ideas muft be 
confined to univerfal and perfe& effences, and to whatever 
confers to their natural difpofition 3 as for inftance, to man, 
and every thing perfective of man, fuch as wifdom and 
Virtue. For ideas exifting as the generative and energetic 
caufes of the perfection.of every thing, diftribute being 
to effences, and convert them to the inexhauftible Senin 
of their own omniform natures.” | 

4. But let us now confider the nature of numbers; for’ 
as every form is a number, according to the Pythagoreans *, 
a {peculation of this kind muft. afford no fmall light to the. 


2 


* Sec Proclus on Plato’s oe » P. 226. 


VoL. I. bs. = b ardu- 
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arduous inveftigation of ideas. Will it not, therefore, be 


proper, in the firft place, to enquire, with the great Plo- 
tinus *,, whether multitude is not a departure and diftance 
from one, {o that infinity itfelf is a-feparation from unity 
in the extreme, becaufe it is no other than innumerable 
multitude; that on this account it becomes evil; and that 
we contract a fimilar nature when departing from intellec- 


tual unity, we are divided by fenfible multitude? For a. 


keing then properly becomes many, when no longer able to 


remain coHected in itfelf, the fame, it is diffufed abroad, . 


and thus, being difperfed, is varioufly extended; fo that 


when, by diffufion, it is abfolutely deprived of unity, it 


becomes perfect multitude, deftitute of that univerfal ce- 
ment, which unites one part with another. But whenever 


the conciliating one is prefent, then that which was {cat- 
tered and diffufed, becoming permanent by its bounding 


power, paffes into magnitude. But if any one fhould deny. 
the fubfiftence of unity, afferting that one is no where to 


be found, which is not fome particular one; and fhould. 
hence affirm, that what is called one abftractedly, is only 
a certain affection of the foul towards any being; we afk,. 


what prohibits the appellation of effence, from being no-- 


thing more than an affection of the foul, and confequently 


the exiftence of Jeing, a delufion? For we predicate unity: 


of particulars with as great propriety as being. I am. 
well aware, that philofophers of the prefent day will an-- 
fwer, that we have an evident proof of the reality of being,. 
from its agitating the foul, and becoming apparent in the - 
phantafy :. to which we reply, that in like manner, the- 
foul is agitated, andthe imagination ‘influenced about the - ` 
ome. For every individual:as much excites the. perception : 


of one, as of being. 


* Ennead vi. hb, 6, 


Befides, . 
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‘Befides, it is neceffary to enquire whether we behold 
this paflion and conception of the foul, as one or multi- 
tude. And again, when we fay not one, we do not then 
poffefs one from the thing itfelf; for we fay that one is not. 
contained in that individual. And hence we muft poffeds. 
one in our own nature, and this muft refide in the foul,, 
feparate from that which is denominated fome particular 
one. But here it may be objected, that the one we poffefs. 
is received from externals, and is nothing more than a 
conception.of the mind, produced by the thing itfelf. For 
_ it will be faid, that as multitude is nothing befides a num- 
_ ber of individuals, which are called many, fo one is nothing 
befides one thing; and is formed by thought feparating 
that one particular from others. To this we reply as 
follows : a 

How can it be confonant to reafon to fuppefe that the 
conception of oe arifes from the fenfation of fome one 
particular fubjeét? For one particular man, who is dif- 
cerned by fenfe, is by no means the fame with one itfelf, 
fince, if this were the cafe, thought could never predicate 
one of that which is not a man. Befides, as cogitation, 
on beholding the different pofitions of things, affirms that 
this is here or there, fo when it perceives an individual, it 
pronounces one; for that paffion is not vain, nor does it 
affert one of a non-entity. Nor mutt we think it predicates 
one, becanfe this individual is different from another; for 
when cogitation affirms fuch a thing is this, and not an- 
other, it declares, in the mean time, that the other is one. 
Likewife when it affirms that any thing is this alone, it 
then declares, that what is alene is one: on which account, 
it predicates one, prior to alone. Befides, if there be mul- 
titude, it is neceffary that one fhould antecede; fince when’ | 
'- it predicates many, it pronounces more than one. And 
b 2 when 
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when it affirms that an army contains a multitude of men,. 
it conceives the foldiers reduced to one order. 
= For thought, indeed, does not permit multitude to: 
remain perfect multitude, deftitute of the conciliating: 
power of unity; in whieh very circumftance, the fubfift- 
ence-of one is evinced; for acutely and fwiftly perceiving 
the one which refults from order, it reduces the nature of 
the many into one. Befides, we affirm that a houfe and. 
an army are each one, but that a houfe is more one than: 
am army, on account of the continuity of-its parts. If there- 
fore, one is contained more in that which is continued than 
in that which is difcrete, and ftill more in what is perfectly: 
indivifible, it is evident that ze one is a certain nature,. and 
has a real being. For it is impoffible that the more and the 
lefs fhouldtake place among things which have no fubfiftence. 
If then it be not poffzble to underftand any thing without one 
or two, or fome other number, it is by no means proper ` 
to deny exiftence to that, without which we cannot com- 
prehend the exiftenee or properties of any being:: but it is 
requifite ‘bat nature fhould antecede all difcourfe,.and intel- 
ligence, which- is every where neceflary to their exiftence. 
Again, if unity has no real fubfiftence, and is nothing 
more than a name or conception of the mind,. it may be 
deftroyed without the deftruction of its fubjeét. The unity; 
therefore, of a houfe may be taken away, without the 
ruin. of a houfe. But if a houfe is nothing more than 
certain materials, reduced into one form, this is impoffible: 
And, on the contrary, the alteration of that fubject, of 
which unity is predicated, can make no real. alteration in 
unity (on this hypothefis) any more than the death of a 
man can affect his name. : When, therefore, a body, of 
which oze was predicated, is. divided into a multitude of 


parts, 
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parts, there is no real alteration made in the unity of the 


body, becaufe unity is nothing more than a name. 

It was in confequence of this reafoning,. and perceiving 
that unity was participated by every being, that the Py- 
thagoreans placed a fuper-effential. one at the top of the 
univerfe, intelligibly abftraéted from alk beings in fimplicity 
and excellence of nature. For they confidered, that unlefs. 
_ there was a felf-fubfifting one in all things, there could 
neither be univerfals nor particulars. Not the firft, be- 
caufe they are by nature one and many. But it is requifite 
. that the one itfelf, fhould prefide over that which is. not 
one alone. Nor again, the fecond, becaufe they are many. 
and one, (that is, they participate more of multitude than 
unity, and their nature is. determined more by the many. 
than the ove.) And becaufe of things in participation, 
unlefs an unparticipated one is. added, there: can be no 
caufé of union to beings; in the fame manner as the caufe 
of effence to beings, is taken away by thofe who deny that. 
Being itfelf, is the principle ofall effence. For as the 
good itfelf, is the one principle of good to the univerfe, 
and is nothing befides good-; and as a felf-motive nature, 
which is nothing: befides felf-motion, is the caufe of mo- 
tion to all things; fo all things proceed from being itfelf, 


and all united natures receive their union from fhe ones — 


abftracted from all things. 

Hence (fuch is the abfolute dominion of unity), conti- 
nued quantities would have no exiftence without its parti- 
cipation ; for when they are divided, fo far as: they: lofe 
unity, they change: their bemg into fome other form. 
Hence, the bodies.of plants or animals, which are each of. 


them one, when they fly from unity, and are diffipated © 


into multitude, immediately lofe the effence they formerly 
poffeffed, and become fomething elfe; which new ftate of 


being, 
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being they likewife poffefs fo far as they are one. Add too, 
that health then flourifhes in the corporeal frame, when 
the body is conciliated into one; then beauty flourithes, 
-when the power of one connects the members into propor-. 
tion and confent; and then virtue reigns in the foul, when 
the foul is reduced into one fimilitude with that which is 
divine. 
+ 5. But let us now inveftigate the nature of numbers. 
AJl number, according to the Pythagoreans, originates from 
' unity and the indefinite duad; the firt having the relation 
of form, and the fecond, that of matter to all the orders 
af numbers. But they likewife divided number into two 
kinds, effential and monadic. The effential number they 
confidered as firft fubf{ting in the intelligible world, toge- 
‘ther with being, and from thence diftributed into all the 
various gradations of forms. But the monadic, or that 
which is compofed from certain units, they juftly confi- 
dered as nothing more than the image of effential number. 
And with refpect to the numbers which the human foul 
‘participates, thefe from its imperfect condition have a 
middle fubfiftence; i. e. they exift in a vital, gnoftic, and 
{peculative, but not in an operative manner. Hence, 
when receiving one thing with another, we affirm, that 
they are two, as a dog and a man, or two men; or when 
we compute more than two, as ten, and fay that there is 
a decad of men, this number is not effential to the two or 
ten individuals, nor is it to be conceived as fubfifting in 
fenfible natures; but it is purely quantity. But when we 
diftribute this ten, into units, we produce the principle of 
quantity, and generate a fubject in opinion *, capable of 
: parti- 
* In giving monadic number a fubfiftence in opinion, I have followed the diflribution of 
‘Proclus, in the conclufion of his comment on a point; and, I think, not without fufficient 


teafon. For fince monadic numbers are more immaterial than geometrical lines and figures, 


they 
a 
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participating the effential decad of our inal But when,- 
eonfidering man in himfelf, we affirm that he is a certain. 

number; as the duad, compofed of animal and rational, . 
we do not: obferve. one mode in this predication; but fo- 
far as by a difcurfive operation of the foul, we numerate, , 
we effect a particular quantum; but fo far as the fubjects 

are two,. and atthe fame time both one (fince one fills the 

effence of both, and’in both unity is contained), we pro=- 
nounce another, and an effential number: and this duad. 
is not of a-pofterior origin, nor alone fignifies a certain. | 
quantity, external to the fubject, but a duad fubfifting in- 
the effence of man,.and-containing his nature. For here 

we do not produce a number by a difcurfive operation, . 
while we purfue effential: natures. But when we number ` 
any ten things, which are not connected by any conciliating | 
unity, lfke-a choir,,or an army, then this decad, which 

we predicate of the ten particulars, fubfifts- alone in our- 
tumerating foul, which- renders the ten individuals in. 
opinion, a definite quantum. But in a choir, or an army, - 
effential number is participated exclufive of that which: 
fabfifts-in our foul. And if it be enquired how number 

fobfifts in the human foul, we muft fay, .that the foul, ‘by ~ 
her felf-moving energies, procreates number,. while fhe - 
mumerates, and by this: energy, caufes the exiftence of! 
quantity ; .in the fame manner as. in walking, .we give rife: 


they muft have a more immaterial fubfiftence. - But asethey are correfpondent to matter, they `- 
cannot refide in the effential reafons of the foul; nor can they fubfift'in the phantafy, becaufe 
they are fuperior to geometrical figures. It remains, therefore, that we muft place them ‘between: ° 
Aaris, or cogitation, and the phantafy ; and this middle“ htuatión is that of opinion. For 

/ cogitation, which Plato defines, in his Sophifla,:to be an inward difcourfe, without voice, is: 
| an energy of the rational foul, exterding ittelf from propofitions to’‘conclufions. .And, according 

' to Plato, in the fame place, opinion is the filent affirmation, or negation of dizeord, or: thought, - 
Hence, fays he, $ opipion is the conclufion of cogitation; but imagination, the mutual =mix- - 
ture of fenfe and opinion.” So that opinion may, with great propriety, be faid to gontain : 
monadi number, to which it bears the proportion of matter. - And hence the: reafon ia obvious, - 
"iy tos di called the. Di -opipion,. . 


to” 
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; te a certain motion. Thus, monadic number, or a col- 
4ection of units of various kinds, fubfifts in opinion, in a 
manner correfpondent to that of -geometrical figures; and 
‘by this means participates the effential number of the foul. | 
For as a triangular figure in the phantafy, is the recipient 
cof a triangular nature, or of triangle itfelf; fo every three 
ainits in opinion, receive the effential triad of the foul, and, 
by this means, fadma definite quantum.. 

„~ In fhort, as in every being we may difcern the refem- 
lances of matter and form, fo in the pentad, or any other 
mumber, the five units, which are the fubject of partici- 
pation, and the quantity of the number, originate from 
the duad; but the ferm, that is the pentad itfelf, from 
unity. For every form is an unity, which unites its fubject 
quantity, and connects it with its ideal fpecies. It is, 
therefore, requifite to underftand, that the two principles 
of mathematical numbers are refident in our fouls, with 
which every mathematical number is co-exiftent; I mean 
unity, comprehending in itfelf all the forms of numbers, 
and which correfponds to unity in intellectual natures; and 

the duad, endued with a generative power, of a formlefs 

nature, and of infinite virtue; and which is called bound- 
jefs, on account of its being the image of never-failing 
and intelligible duality. Hence, the unity of the foul, 
with a never-ceafing energy, continually diftinguifhes and 
forms all the orderly proceffions of her’ numbers, fuffers 
no vacuum to intervene, and leaves no quantity formlefs 
and innumerable. Hence too, no effential number of the 
foul, as for inftance, the pentad, is compofed from fub- 

{tance and accident, as a white man; nor from genus and 

difference, as man from animal and biped; nor again, 

from five unities mutually touching each other, like a 

bundle of wood; nor from things mixt, like water and 

wine, 
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wine, nor from things fubfifting by pofition, in the man- 
ner that ftenes compofe a houfe; nor laftly, does it fubfatt 
like things numerable; for it is not becaufe they are 
compofed from indivifible units, that they poffefs any thing 
befides units. For many points are indivifible, yet quan- 
tity is not produced on this account; but becaufe they. 
participate of two natures, the one correfponding to matter, 
and the other to form. Laftly, it is not proper to fay, 
that the number feven (and fo of any other number), is 
compofed from the triad and the tetrad; for units, indeed, 
compofed with units, form a fubje&t adapted to the idles 
tion of the heptad, or the ideal and effential number fevens 
but the definite numerical quantity feven, is formed from 
fo many units, and the ideal heptad. Hence, as the foul 
of the fhipwright gives form to the timber, from her 
inherent art; fo the numerative foul, from the unity 
endued with the relation of a principle which fhe poffeffes, | 
gives form and fubfiitence to all her inherent numbers. 
But there is this difference between the two, that the fhip-. 
wright’s art is not effential to our nature, and requires 
-manual operation, becaufe it is converfant with fenfible 
matter; but the numerative art is effentially inherent in 
the foul, and is therefore prefent with all men, and pofleffes 
an intellectual matter, which it eafily forms without the 
affiftance of time: And this, perhaps, is what deceives 
many, who think that the heptad is nothing more than 
feven units. For the imagination of the vulgar, unlefs it 
firft perceives a thing deftitute of ornament, and after- 
wards the operations of the adorning artificer fupervening 
its nature; and laftly, beholds the thing perfect, and in- 
~ -vefted with form, cannot be perfuaded that it poffeffes 
two natures, the one formlefs, but the other endued with 
an energetic and forming power. Tra 
Vou. I. | c | And 
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And here it is neceffary to obferve, that though unity ‘ts 
the form of all arithmetical forms, yet it is chiefly the 
form of the decad. For what unity is imply to all the 
feries of numbers, that the decad is to the following hun- 
dreds, thoufands, and millions; from whence, according 
to a fecondary progreffion, it is denominated unity. As 
intellect, therefore, is the form of all things, but efpecially 
of the foul, fo unity, though it is the idea of all numbers, 
yet efpecially of the decad. But the reafon why the Py- 
thagoreans extended ideal numbers no farther than ten, is 
becaufe this number is the ultimate perfection of beings, 
containing all things in its omniform nature. For all 
proportion fubfifts within the number ten; the arithmetical 
in a natural progreffion of numbers from unity; the geo- 
metrical in the numbers 1, 2, 4, and I, 3, 9, and the 
harmonical in the numbers 2, 3, 6, and 3, 4, 6. And 
fince the caufes of all things are contained in numbers, as 
far as to the decad *, it is fuperfluous to fuppofe exemplars 
of the following numbers. 

If it fhould be afked in what manner we muft conceive 
number as fubfifting in the intelligible world, we anfwer,. 
with. the great Plotinus, that we muft conceive it as fub-- 
fifting in being itfelf, with a power of impelling it to the | 
production ef multitude. ** Hence (fays he, Ennead vi. 
lib. vi.) number is either the effence or the energy of being,. 
and animal itfelf, and intelleét is number: But, perhaps,. 
we muf call being, number united (dpduds qvopévos), but 
beings, number. evolved, or unfolded ; (eZeqachpevos ægiðuos) ; 
intellect, number moving in -itfelf ; (apiðpos EV- EQUT Co x8 wevoc ). 


* "Aleowor, axapcror Anadz xAtiuoiy py AYIN 
"AVeraros ve Deck xed yoryerits avIewsros. 


Syrian. in Meta. Ariftot. p. 113. Gr. j 


i. e. (Atcording to the Pythagoreans) ‘the immortal gods and earth-born men, call the. 
venerable decad, immutable and unwearied.”* 


and. 
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and laly, animal, number comprehending (aguas wepityuv.”) 
© It -was‘in confequence of this reafoning, that the Pytha- 
goreans called ideas numbers ;_becaufe the gradual evolution. 
of thefe from ineffable unity, produced all the beautiful 
variety of forms. Their exalted conceptions of numbers, 
likewife, originated from the fame-fublime theory. Hence, 
™ Pythagoras, in the facred difcourfe, calls number “ she ' 
ruler of forms and ideas.’ But, t Philolaus, “ the com- : 
manding and felf-begotten container of the eternal duration of 
mundane concerns.” And f Hippafus, and all thofe who ` 
were called axucperixot (or fuch as were yet under the pro- 
bation of the quinquennial filence), ‘ the jirf exemplar of 
the mundane fabric, and the judiciary. infirument of, its 
artificer.” 
. 6. And here I cannot but take notice, with regret, of 
the very unphilofophical miftake committed by that great 
mathematician Dr. Barrow §: I fay, with regret, on account 
of the extraordinary obligations I am under. to his writings, 
for my proficiency (whatever. it may be) in mathematical 
learning. But refpect muft yield to the truth. <“ Unity, 
fays he, is not indivifible.’ (For how ex. gr. can 4 added 
o.4 be equal to unity, if unity be indivifible and incom- 
pofed, and reprefent a point) but rather only unity is 
properly divifible, and numbers arife from the divifion 
of unity.” Here the Doétor evidently confounds fenfible 
= units, which are the fubjeéts of vulgar praétical arithmetic, 
with thofe units which are the objects of fcience. Every 
individual fenfible object, 1s indeed an unit, fo far as it 
© Aurès pty Iybayicus iv ra iga Ayw Magnin» poppar xai idiay neayroga Tòr Sibi: fAgyey elves. 


Vid. Syrian. in Arit. Meta. p. 85. Gr 
N 
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ror seb : - Syrian. in eodem loco. 
t OF à megi “Inmacor dzus patinoi, àgihuor. VOR meri aye wewtoy xogpowosses. Kal odd 
He eTaKey KeTULeys Se Ocyavare Jampi in Nicomach. Arith. p- lis 


§ In his Mathematical LeQures, page 48. 
c 2 parti- 
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participates the connecting and conciliating power of an 
immaterial ove: but the unity which ftands at the top of 
fpeculative arithmetic, is perfectly indivifible, or arithmetic 
would ceafe to be a fcience. The truth of this is evident 
from Euclid’s definition: “ Unity (fays he) is that accord- 
ing to which each of the things which are, is called one.” 
But if unity be a compofite, the definition is falfe; fince a 
compofite, or a certain multitude, can never be the caufe 
of unity, but the contrary. And that this immaterial one 


fubfifts in fenfible natures, has, I hope, been fufficiently 


proved in the preceding part of this difcourfe. But the 
Platonic Theo * of Smyrna, fully eftablifhes the indivifibility 
of unity, as follows: ‘é Unity is terminating quantity, the 
principle and element of numbers, which remains undi- 
minifhed by the moft immenfe multitude of fubtradctions, 
and being deprived of all number, continues firm and fixt, 
becaufe it is impoffible for divifion to proceed beyond the 
bound of unity. Thus, if we feparate any one corporeal 
fubftance into parts, the ove again becomes many; and by 
fubtracting the feveral parts, we end in one part; and from 
this remaining part, again divided, arifes multitude; and 
by taking away every part, we again arrive at one. So 
that ove, confidered as one, is incapable of diminution, and 
perfectly indivifible. On the contrary, every number is 
diminifhcd by divifion, and is feparated into parts lefs than 
itfelf; as the number 6 inta 3 and 3, or into 4 and 2, or 
into 5 and 1. But unity in fenfible particulars, if divided, 
is diminifhed after the manner of body, and by fection is. 
diftributed into parts lefs than itfelf: but it receives in- 
creafe after the manner.of number; for inftead of the one, 
multitude is produced. In this fenfe, therefore, is unity 
indivifible ; for nothing is -divided into panis greater than 


* In Arithmet. p. 23. 
itfelf. 
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itfelf. But that which is cut into parts greater than the 
whole, and into parts equal fo the whole, is divided as 
number. Thus, for inftance, if any one fenfible body is 
divided into fix parts, J, I, I, I, I, I, thefe fhall be 
equal to the whole; but by a fection into 4 and 2, it is 
divided into parts greater than the whole, confidered as 
one; for 4 and 2 confidered as numbers, exceed unity, and 
the body was fuppofed to be onc. Unity, therefore, as 
number is perfectly indivifible. But unity is called by the 
Greek word pova;, only, or alone, either becaufe it remains 
immoveable, and does not defert itfelf, nor furpafs the 
bounds of its nature (for it remains the fame, however 
multiplied into itfelf, through an infinite progreffion) or 
becaufe it is placed feparate and apart from the multitude 
of other numbers, it is denominated the monad, or one.” 
In confequence of this very miftaken hypothefis, which 
oppofes not only all the wifdom of antiquity, but the fub- 
‘ limeft truths, the Dodétor afferts, that an arithmetical 


cypher is the principle of numbers; and that it is analogous , 


to a point in geometry. Juft as if a cypher, which is no- 
thing more than a mark expreflive by its pofition with 
numbers, of a certain quantity, had a real exiftence, and 
was productive of number: when, at the fame time, any 
other arbitrary character would ferve the fame purpofes, if 
applied in a fimilar manner. It muft furely afflict every 


Y 
y 


thinking mind, to fee how dreadfully the mechanical fyftem ` 


òf philofophy, which has been fo long in fafhion, enflaves 
and perverts the minds of its votaries; for there cannot, 
I think, be a more egregious inftance of its fatal tendency, 


than the prefent, in which nothing is confidered as the - 


uM 


foundation of that noble f{cience, arithmetic; which was . 


defervedly placed by the ancients, in the firft rank of the 
mathematical difciplines. Such a foundation, indeed, may 
T be 
| 3 


` 
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“be proper to the mechanical pbilofophy, but is very ill adapted 
to fuppost the folid fabric of the arithmetical fcience. 
But let us attend to the arguments of this moft learned 
man, in defence of fo ftrange an affertion, “ A cypher, or 
arithmetical nothing (fays he) is really the bound of every 
number coming between it and the numbers next follow- 
ing, but not asa part. A cypher being added to, or taken 
from a number, does neither increafe nor diminifh it; 
from it is taken the beginning of computation, while itfelf 
is not computed; and it bears a manifeft relation to the 
principal properties of a geometrical point.” But in what 
manner are we to conceive the zożbing which intervenes 
between any two numbers, to be their term or boundary ? 
For Euclid defines a term to be the extremity of any thing; 
implying by the extremity, fomething belonging to that 
ef which it is the bound. But how can a cypher, or xo- 
thiag, in any refpec&t belong to number, or /omething ? 
For if xothing be a boundary, merely from its intervention, - 
a point exifting between any two disjoined lines, though at 
the greateft diftance from each, muft be their common 
boundary, which is evidently abfurd. Befides, what rela- 
tion does it bear to a point, which is endued with a gener- 
ative power, by its flux forming the fimple cxtenfion of a 
jine, and, at the fame time, every where limiting its 
progreflion, and fubfifting in infinite capacity in its every 
“part? Where are the real and divine properties to be found 
in an arithmetical nothing, which Proclus, in the follow- 
ing Commentaries, exhibits in a point? And how can 
computation originate from a mere non-cntity ? : 
But a little confideration will convince us, that this 
Saracen, or Indian cypher, 1s nothing more than an arbi- 
trary character, invented for the purpofe of facilitating 
computation. For, fuppofe the letter (4) to be placed in 
© MS 
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its ftead, and to fignify, when conneéted with the mark 
for unity, ten, or ten multiplied by one; when connected 
with the mark for two, ten multiplied by two, and fo on. 


And again, when placed twice after unity, let it exprefs © 


the fecond power of ten, or one hundred, in this mannér, 
đa, when thrice connected, one thoufand,. or the third 
power of ten, and fo on: fhall we fay, in confequence of 
this, that (aJ: is. the bound of numbers, and the principle 
of arithmetic? Or,: fhall we not rather fay, that it is an 


A 


arbitrary fymbol, like any other algebraic character, hav- - 


ing no real conne¢tion with numbers,. and depending, for 
its exiftence and application,. entirely on the. will of its. 
inventor. But this — is too abiurd to need any far- 
ther refutation. 


7. It may ait perhaps, be expected, that. I fhould 


explain how, in the language of Syrianus *,. ‘“ divine num- 
ber proceeds from the immortal retreats -of unity, until it 
arrives at the divine tetrad t';” and that I fhould unfold 
the properties of.the tetractys, according to the Pytha- 
goreans ; but an undertaking: of this kind, would not only. 
far exceed the limits of this differtation, but, perhaps, in 
the prefent age, might be juftly deemed, by the lovers of. 
wifdom, a proftitution and profanation of the moft exalted. 
truths. Enough, I hope, has been faid to excite the 
curiofity, and roufe the attention of the thinking and. 


hberal part of mankind; and thofe who underftand what. 


ïs here briefly delivered, may apply themtelves, with advan-~ 


tage, to Proclus on Plato’s Theology, where they will find. 
all the myfteries of numbers unravelled ; and,to the works. 


of the great: Plotinus, who will lead them into the. pene-- 


* In Ariftot. Meta. pe 113. Gr. vel 9. b. Lat. 
t For the tetrad contains all numbers within its nature, in thé mantier of an exemplar ; and’: 


pence it is, that.in monadic numbers, ly 273, 4) are equal to ten. - 


tralia: 
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tralia of the moft recondite wifdom. But, in perufing the 
works of thefe great men, the reader muft not expect to 
find the fublimeft truths explained in a familiar manner, . 
and adapted, like many modern publications, fo the meaneft 
capacities. For this, indeed, is impoffible to be effected. 
«& Mankind (fays Petvin *), are not to be made any more 
truly knowing than happy by another’s underftanding.— 
‘There is no man can at once convey light in the higher 
fubjects, to another man’s underftanding. It muft come 
into the mind from its own motions, within itfelf: and the 


| grand art of philofophy, js ża Jet the mind a-going; and, 


\ even when we think nothing of it, to affift it in its labour.” 


After which he obferves, that ‘the ancients never attempt 
to lead us into knowledge, by a continued chain of rea- 
foning; on the contrary, they write in fuch a manner, as 
to force us to think for ourfelves.”. And, previous to this, 
he remarks, ‘that there are certain truths acquired by a 
Jong exercife of reafon, both in particular, and likewife 
in thofe fubjects that are moft general, as much, perhaps, 
out of the reach of the greateft mathematician, as Sir Ifaac 
Newton’s f{peculations are above the capacity of fome that 
are now called mathematicians.” The truth cf this obfer- 
vation is fufficiently evinced, in Plato’s definition of a phi- 


—Jofopher (in his Sophifta), ‘“ The philofopher (fays he) is 


the man who fufficiently fees one idea every way extended 
through many, every one of them lying apart; and many 


= ideas different from one another, externally comprehended 


= under one.— And farther, one idea, throughout all manys, 


Wrapt up in one; and many ideas, every way feparate or 
difcreet. This is to have the knowledge to difcern how 
ideas, as they are general, agree and difagree.” Now, he 
who thinks that a perception of this kind may be acquired 


® Notes to Letters on Mind, page 83. 


by 
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by barely reading an accurate difcourfe on the nature of 
ideas, compofed in intelligible terms, without, at the fame 
time, employing a long courfe of profound meditation, and. 
patient thought, knows but little the difficulty of the tafk, 
and until he changes his opinion will never be the wifer. 
But the folly and prefumption of men, with ref{pect to this 
fublime philofophy, is really unpardonable ; for there are 
very few who conceive that much previous inftruction is 
requifite to its acquifition; but almoft every man decides 
peremptorily on the moft abftract fpeculations, and reckons 
himfelf fufficient for the moft profound inveftigations. In 
the fciences and arts they are willing to proceed to per- 
fection by gradual advances ; but they confider philofophy 
as eafy, of inftant accefs, and haftily approach to her em- 
braces with an affured confidence of fuccefs. Though, like 
unhappy Ixion, through their prefumption, inftead of a god- 
defs, they grafp nothing but an empty cloud. Plato was fo 
fenfible of this truth, that, in his feventh epiftle to Dion, he 
exprefsly affirms, that he neither has written, nor ever will 
write explicitly concerning thefe fublime fpeculations; ‘‘ For 
a thing of this kind (fays he) cannot be exprefled by words, 
like other difciplines, but by a lafting familiarity, and 
-conjun@ion of life, with this divine object, a bright light * 
on 


* This bright light is no other than that of ideas themfelvee ; which, when it is once enkind- 
led, or rather co-kindled in the foul, becomes the gencral ftandard, and criterion of truth. He, 
who poffeffes this, is no longer the fave of opinion; puzzled with doubts, ¿nd loft in the un- 
certainties of conjecture. Here the fountain of evidence is alone to be found.—This is the true 
light, whofe fplendors can alone difpel the darknefs of ignorance, and procure for the foul 
undecaying good, and fubftantial felicity. Of this I am certain, from my own experience ; 
and happy is he who acquires this invaluable treafure. Burt let the reader beware of mixing 
the extravagancies of modern enthufiafm with this exalted illumination. For this light is alone 
brought into the mind by fcience, patient reflection, and unwearied meditation: it is not pro- 
duced by any violent agitation of fpirits, or extafy of imagination; for it is far fuperior to the 
encrgics of thefe: but it 1s tranquil and fteady, intellectual and divine. Avicenna, the Arabian, 
was well acquainted with this light, as is evident from the beautiful defcription he gives of i ity 
in the elegant introduction of Ebn Tophail, to the Life of Hai Ebn Yokdhan. ‘¢ When a man’s 

VoL. I. d defires 
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on a fudden, as it were leaping from a fire,. will illumi~ 
nate the foul, and there preferve and neurifh its {plendor, 
He adds, that a publication of fuch concerns, is alone ufe- 
ful to a few of mankind, who from {fome {mall. veftiges 
previoufly demomttrated, are fufficiently fagacious to their 
invention. But it will fill others partly with a bafe con- 
tempt, and partly with. a rafh and vain confidence, as-if 
they had now learned fome very excellent things.” He 
then fubjoins the followmg mftance of the difficulty attend+ 
ing fuck an undertaking: ‘* There are three things (fays 
he), from which {cience muft neceffarily be produced’; 
but the fourth is fcience itfelf. And it is requifite to 
eftablifh the fifth as that which is the obje& of knowledge, 
and has 2 true exiftence. One of thefe is the name of a 
thing; the fecond its definition ;. the third the refemblance; 
the fourth fcience. Now take each of thefe, defiring to 
learn what we have lately afferted, and think concerning 
.them all, in a fimilar manner. A circle is caHed fome- 
thing, whofe pame we have juft expreffed. After this 
follows its definition, compofed from nouns and verbs. For- 
that which every where is equally diftant from the ex- 
tremes to the middle, is the definition of that which we 
fignify by the name of a round,. and: a circumference, and 


defires (fays he) are confiderably clevated, and he ie competently well exercifed in thefe fpecu- 
hitions, there will appear to him fome fmall glimnerings of the truth, as it were flafhes of 
lightning, very delightful, which juft fhine upon him, and then become extin@. Then the 
-more he exercifes himfclf, the oftener will he perceive them, till at laft he will become fo well 
acquainted with them, that they will occur to him fpontaneoufly, without any exercife at all; 
and then as foon as he perceives any thing, he applies himfelf to the divine effence, fo as to 
retain fome iinpreffion of it; then fomething occurs to him on a fudden, whereby he begins to 
difcern the srazb in every thing; tilf through frequent exercife he ac laft attains to a perfect 
tranquillity ; and that which ufed to appear to him only by fits and itarts, becomes habituat, 
and that which was only a glimmering before, a conftunt light; and he obsains a conftant and 
Ready knowledge.” He who defires to know more concerning this, and a fill brighter lighe, 
that arifing from an union with the fupreme, muft confult the eighth book ef Plotinus’ fifth 
‘Ennead, and the 7th and gth of the fixth, and his book on the Beautiful, of which I have 
publithed a tranfla.ion, 


a circle. 
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a circle. But the third is the circle which may be painted, 
or blotted out, which may be made by a wheel, or de- 
ftroyed. None of which affections, the circle itfelf, which 
each of thefe reipects, fuffers, as being of a different na- 
ture. But the fourth is fcience, and intellect, and true o- 
pinion about thefe. And this again muft be eftablifhed 
` as one whole, which neither fubfifts in voice, nor in cor- 
poreal figures, but in intellect and intelligence. It is there- 
fore manifeft, that this fourth is different from the nature 
itfelf of the circle, and again different from the three we 
have. previoufly mentioned. But among the number of 
thefe, intellect, by its relation and fimilitude, proximately 
adheres to the fifth, while the reft are more remote from 
its nature. The fame may likewife be affirmed of a ftraight 


and crooked figure, of colour, and of the good, the beau- | 
tiful, and the juft. And again, of every body, whether, 


fafhioned by the hand, or the work of nature, whether fire 
or water, and the reft of this kind; likewife of every ani- 
mal, and the manners of animals; and of all actions and 


paffions. For unlefs, among thefe, fome one, after a man- | 


ner, receives that fourth, he will never perfectly participate 
the {cience about the fifth,” He then proceeds to fhew in 


what refpect each of the preceding four are different from ` 


the fifth. * Every circle (fays he) which by the hands of 
men is either painted, or fafhioned by a wheel, is plainly 
contrary to our fifth. For it every where participates of 


the right-line. But we muft affirm, that the circle itfelf - 


has neither more nor lefs of any thing whatever; that is, 
it poffeffes in itfelf, nothing of a contrary.nature. Befides, 
none of thefe are endued with any ftability of name. For 
nothing hinders our applying the appellation of ftraight to 
that which we now denominate round, and calling the 
{traight by the denomination of the round; nor will there 

d 2 | be 
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be any lefs ftability in thefe, when their names are changed 
into the contrary. The fame reafoning is likewife true of 
definition, fince it is compofed from nouns and verbs, 
which poffefs no ftability. And in a variety of ways, it 
may be proved, that no one of thefe four is- certain and 
firm.” Now, this fifth divifion of Plato’s entirely ref{pects. 
ideas, confidered as flourifhing in intelleé&t; by a con- 
junction with which, we acquire true intelligence, and the 
perfection of human knowledge. The firft three of the 
preceding are obnoxious to various mutations; the fourth 
lefs; but the laft is perfectly ftable and invariable. The 
three firft are rather converfant about the qualities of 
things, about the image and fhadow; the fourth raifes us 
to the participation of truth; but the fifth to truth itfelf, 
and permanent effence. In the firft degrees almoft all are 
converfant ; in the fourth a few; in the fifth, ail the gods, 
but a very fmall part of mankind, as it is afferted in the 
Timeus. The four firt may be known, indeed, without 
the fifth, confufedly ; but from the knowledge of the fifth 
they become perfectly manifeft, as effects from the know- 
ledge of their caufe. But we cannot, by any means, attain 
to the apprehénfion of the fifth, unlefs we have been firit 
accurately converfant with the reft; for from our imper- 
fect condition we are compelled to rife from difference to 
identity, from multitude to unity, and from fhadow to 
fubftance. While we inveftigate the knowledge of things, 
if we are alone defirous to apprehend their refemblance 
(which is the cafe with the multitude) we fhall be placed 
in the third degree, and may eafily acquire the object of 
our purfuit. But if we fhould fortunately poffefs the true 
philofophical genius, which is rare in the extreme, and 
afpiring to the fifth degree, fhould, by a happy efent, at- 
tain to its conjunction, though fuch a contact is clearer and 

more 
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more certain than all knowledge; yet it is difficult to ex- | 
prefs it in words, and to manifeft it to others. And the 
reafon of this is obvious: firft, becaufe words are wanting, 
which exactly correfpond to the effence of a thing, fince 
thefe are only the fymbols of fhadows. Secondly, becaufe 
we fpeak with thofe, who are alone converfant with fha- 
dows, and are on this account derided by them, when they 
find that our fifth does not, by any means, accord with . 
material refemblances, which they confider as the only 
realities. 

8. And here a queftion very naturally prefents itfelf for 
our folution, whether the foul, while united with the 
body, is able to perceive ideas, without the afitftance of the 
phantafy. For it feems difficult to apprehend how the 
foul, thus depreffed and weighed down with the terrene 
mafs, fhould be able to raife herfelf to the fupernal light 
of ideas, and become united with their refulgence. The 
opinion of the Peripatetics is well known, that fome phan- 
tafm muft always accompany intelligence ; but this is de- 
nied by the Platonifts, and I think with great reafon. ‘ For 
the operations of intellect are not dependent on the phan- 
tafy, though the perceptions of the latter proceed from 
the energies of the former. Befides, as Plotinus beauti- 
fully obferves, our moft vigorous energies: are accompanied 
with the leaft animadverfion ; and there is no abfurdity in 
fuppofing that by increafing the force of inteHectual energy, 
we may fpeculate free from all imagination; ffnce the- 
phantafms attending our conceptions, become weak in pro- _ 
portion as the intellectual fight increafes in vigour. On 
_ this account, the Platonifts affirm, that the moral virtues 
free us from the vehemence of perturbations; but the con- 
templative from imagination, and the fenfes. Hence too, 


the fciences may be- called living waters; in which the 
| wings 
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wings of the foul being dipt, her feathers, which were 
either feparated :or broken by her lapfe into body, are re- 
paired, and reftered to a :refemblance af their former per- 
fection. For the wings are the powers of the foul, lead- 
ing to intelligibles: but the feathers are as well the natural 
inftinéts to good and truth, as reafans inferted in the foul, 
. which either fall off, or are broken by her defcent into 
body, and conjunétion with its ruinous bonds. But thefe 
‘are repaired and invigorated by the fctences, which, like 
living ftreams, flowing from the fountains of ideas, reftore 
‘life and perfection to the foul. Hence Plato, in the Phe- 
-drus, afferts that thefe wings of the foul are increafed by 
every thing which .confers to fupernal elevation ; as beauty, 
-wifdom, and the Itke; and by a convenient metaphor, in 
the fame dialogue, he cenfiders the chariot of the fouls 
lives, her charioteer, and the horfes by which her car is 
drawn; and laftly, every thing which contributes to the 
elevation of the foul, and her conjunction with intelle@ 
-nd ideas. ‘We may therefore conclude, that this con- 
junction is poffible to be effected, though it is rarely ob- 
tained; and that it is a flight too arduous and facred for 
the groveling :-and fordid; a fplendor too bright for the 
fenfible eye; anda contact too ineffable to be defcribed by 
‘the -unftable -compofition of words. 

‘But I cannot conclude this fection, without folliciting 
‘the reader's attention to a comparifon of the difference be- 
tween the ancient philofophy, and that invented by Mr. 
Locke, and the moderns. According to Mr. Locke's fyftem 
ideas are formed from fenfible particulars, by a kind of 
‘mechanical operation; fe that truth is fomething by its 
Nature, pofterior to fenfation, and entirely dependent on it 
for exiftence. According to Plato, ideas are eternal and 
ammiaterial beings, the originals of all fenfible forms, and 

the 
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the fountains of all evidence and truth; fo that on this 
fyftem truth ranks among the firt, and not in the laft of. 
things; and would ftill retain its nature,. though.the cor- 
poreal fenfes were no more. According to Mr. Locke, the 
foul is a mere ra/a tabula, an empty recipient,.a mechani- 
gal blank. According to Plato, fhe is an. ever-written 
tablet, a plenitude of forms, a vital and intellectual energy.. 
On the former fyftem, fhe ison a level with the mof de- 
graded: natures, the receptacle of material fpecies, and the: 
fpectator of delufion and non-entity *. Hence, her energies. 
are nothmg but fomnolent. perceptions, and encumbered 
cogitations ; for ail her knowledge terminates in fenfe, and. 
Ker {cience in paffion. Like a man between fleeping and. 
waking, her: vifions-are turbid and confufed,.and the phan- 
toms of a material night, centinually glide before her 
drowfy eye. But on the. latter fyftem,. the foul is the 
connecting medium of an intelligible and fenfible nature, 
the bright repofitory of all. middle forms, and the vigilant 
eye of all cogitative reafons. Hence fhe is capable of rouf-- 
ing herfelf from the fleep of a corporeal life, and emerg- 
ing from this dark Cimmerian land,. into the regions of 
light and reality. At firft, indeed,. before fhe is excited 
by fcience; fhe is oppreffed. with. lethargy, and clonded 
with oblivion; but in propertion as learning and enquiry 
ftimutate her dormant powers, fhe wakens from the dreams 
of ignorance, and: opens her eye to. the irradiations of wif- 


© Left the furerficial reader fhould think this is nothing more than declamation, let him 
attend to the following-argument... If the fom poffeffes another eye different from that of fente 
(and that fhe does fo, the fciences fufficiently evince), there muft be,-in the nature of things, 
ip-cies accommodated to her perception, different from. fenGible forms. For if our intellect 
fpeculates things which have no reat fubfiftence, fuch as Mr. Locke’s ideas, its condition muft 
be much more unhappy than that of the fenfitive.eye, fince this-is co-erdinated to beings; but 
mtcHec&t would fpeculate nothing bue.iWufians. Now, if this te.abfurd, aod if we poffefs an 
intellegtual eye, which is endued with a vifive power, there muft be forms correfpondent and: 
conjoined with its vifion ; forms immoveable, indeed, by-a corporcal motion; but moved by. 
‘an intellectual.energy.. . 
| | Tom.. 
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dom. ‘On Mr. Locke's fyftem, the principles of {cience 
and fenfe are the fame, for the energies of both originate 
from material forms, on which they are continually em- 
ployed. Hence, fcience is fubject to the flowing and 
perifhable nature of particulars ; and if body and its attri- 
butes were deftroyed, would be nothing but a name. But 
on the fyftem of Plato, they differ as much as delufion and 
reality; for here the vital, permanent, and lucid nature of 
ideas is the fountain of fcience; and the inert, unftable, 
and obfcure nature of fenfible objects, the fource of fen- 
fation. On Mr. Locke’s fyftem, body may be modified into 
thought, and become an intelligent creature; it may be 
fubtilized into life, and fhrink, by its exility, into intel- 
_ lect. On that of Plato, body can never alter its nature by 
modification, however, it may be rarefied and refined, va- 
ried by the tranfpofition of its parts, or tortured by the 
hand of experiment. In fhort, the two fyftems may be 
aptly reprefented by the two fections of a line, in Plato’s 
Republic. Jn the ancient, you have truth itfelf, and 
whatever participates of the brighteft evidence and reality : 
in the modern, ignorance, and whatever belongs to obfcu- 
rity and fhadow. The former fills the foul with intelligible 
light, breaks her lethargic fetters, and elevates her to the 
‘principle of things; the latter clouds the intellectual eye 
of the foul, by increafing her oblivion, ftrengthens her 
corporeal bands, and hurries her downwards into the dark 
labyrinths of matter. 

Nor is it wonderful there fhould be fo great a difference 
between the two fyftems, and fo much in favour of the 
ancients, if we confider the great advantages thefe ancients 
poffeffed over the moderns in every thing which contri- 
butes to the advancement of philofophy. For, in the firft 
place, they lived in an age when abftract inveftigations 

I were 
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“were in the greateft requeft, and the profeffors of fuch 
-purfuits in the higheft eftimation. Befides this, they 
‘united the moft exalted abilities with the moft unwearied 


‘attention and obftinate perfeverance,; they devoted their - 
whole lives to the {earch of truths; and relinquifhed every 


‘thing which might be an obftacle to its acquifition. We 
‘may add, likewife, the advantages of a language extremely 


philofophical; and a freedom from the toil of learning any 
tongue but ‘their own., Now the reverfe of all this is the 
portion of the moderns: forin the prefent age, abftract 
{peculations are ridiculed ; and its profeffors defpifed. The 
‘purfuit of truth is confidered as perfectly cenfiftent with 
‘ordinary avocations, and is rather profecuted as a relief 


“from the toils of bufiners ‘than as a thing defirable ‘for its 
own fake, and of the greateft dignity and worth. Hence, 


a few years defultory application at a college,. where 
language is one of the firft objects of attention, qualifies.a k 
modern for philofophy, raifes him above Pythagoras and 
Plato, and perfuades him, with prefumptuous confidence, 
to enter the lifts againft thefe venerable heroes. And laftly, 
all modern languages are barbarous with refpect to the 
Greek : falling far fhort of its harmony and energy, its 
copioufnefs and propriety. If fuch then be the true ftate 
of the cafe, what judgment muft we form of men who, 
with all thefe difadvantages, philofophized without the af — 
fiftance of the ancients, defpifing their works, and being 
ignorant of their contents? Shall we call it prudenee of 
prefumption, wifdom or folly? Truth will certainly prob 
nounce the latter; and the general voice of pofterity ‘will 
confirm her decifion. ‘There are two egregious inftances ` 
in our own country of this daring prefumption; I meda 
Bacon and Locke. The former of thefe is celebrated for 
having ra the jargon of the fchoolmen, and brought 
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experimental enquiries into repute; and for attempting to 
inveftigate caufes through the immenfity of particular. 
effeéts. Hence, he fondly expected, by experiment piled 
’ on experiment, to reach the principle of the univerfe; not. 
eonfidering that his undertaking was as ridiculous. as that 
of the giants of old, who attempted to invade the heavens, 
by placing Offa upon sais and Olympus upon Offa; 
and ignorant that ; 


Heaven fill, with laughter, the vain toil furveys,. | 
And buries madmen in the heaps they ‘raife. 


The laiter of thefe, Mr. Locke, is applauded for having, 
without affiftance from the ancients, explained the nature, 
and exhibited the genuine theory of human underftanding. 
But that this applaufe is falfe, the preceding comparifon be- 
tween his and the ancient philofophy, may evince ; and the 
variety of other felf-taught fyftems which, like nocturnal 
meteors, blaze for a while, and then vanifh in ob{curity, 
abundantly confirms. Had thefe men, indeed,. when they 
juftly ‘derided the barbarous writings of the fchoolmen, 
explored the works of antiquity, penetrated the wifdom 
they contain, and enriched their native language with its 
illuftration,, they had. doubtlefs been celebrated by the lat- 
‘eft pofterity: but, defirous of becoming mafters in phi- 
lofophy by intuition, they difdained the inftruction of the 
ancients, and vainly attempted to {foar an.artificial. wings to 
the very fummit of fcience. They are,. however, deftined, 
like Icarus, to a precipitate fall; for the influence of time, 
which is continually diffolving the cement.of their plumes, 
is likewife continually weakening their. force,.and will at laft 
effect their final feparation. And thus much concerning 
the doctrine of ideas, and numbers, according to Pythagoras 


and. Platd.. 
S. E. C-. 
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U T. let us now confider the properties of the demon< 
ftrative {yllogifm, and endeavour to unravel its intri- 
cate web; appointing Ariftotle for our guide in this 
arduous inveftigation. For an enquiry of this kind is~ 
naturally connected with the doctrine of ‘ideas, as it enables 
us to gain a glimpfe of the univerfals participated in ma- 
thematical forms, and to rife to the principles of {cience. 
It brings us acquainted with the laws which bind demon- 
ftration; and teaches us that objects of intellect are alone 
the objects of {cience, and the fources of truth. 

Previous to the acquifition of all learning and ratiocinative 
difcipline, it is neceffary we fhould poffefs certain natural. 
principles of knowledge, as fubfervient to eur future pro- 
grefs and attainments. Thus, in every fcience there are 
fome things which require an immediate affent as foon as 
propofed ; whofe certainty is too evident and illuftrious to ` 
ftand in need of any demonftrative proof deduced from that 
particular fcience which, like ftately pillars, they equally 
fupport and adorn. Hence we are informed by the geo- 
métrician, that a point is that which is deftitute of all parts 
whatever; but we muft previoufly underftand the meaning 
of the word part. Thus the arithmetician defines an odd 
number, that which is divided according to unequal parts; 
but it is neceffary we fhould antecedently know the mean- 
ing of the word unequal. Thus, too, art as-well as fcience 
operates by antecedent knowledge; and hence the architect, 

* The prefent fection contuins an illuftration of almoft all the firft book of Ariftotle’s laft 
Analytics. I have for the moft part followed the accurate and clegant paraphrafe of Themiftius, | 
in the execution of this cefign, as the learned reader will percetve: but I have likewife every 


where added elucidations of my own, and endeavoured to render this i a work intelligis 
bie co the thinking mathematical reader. 
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the ftatuary, and the fhipwright, learn the names and the: 
ufe.of their refpective implements, previous to the exercife: 
of the materials themfelves. This is particularly evident: 
in the difciirfive arts of rhetoric and logic ;. thus the logician. 
reafons by fyllogifm, the rhetorician by induction, and the: 
fophift by digreflions and examples ;. while each proceeds- 
im an orderly progreffion from principles fimple and evi- 
dent, to the moft remote and complicated conclufions. 

2. The antecedent knowledge of things may be divided. 
into two parts: the one a knowledge of their exiftence, or 
that they exift; the other a ‘knowledge of the terms ex- 
 preffive of their exiftence. Thus, previous to the enquiry. 
why iron is attraéted by the magnet, it is’ neceffary we 
fhould learn the reality of this attraction, and the general. 
mode of its operation: thus too, in an enquiry concerning: 
the nature of motion and time, we muft be previoufly 
convinced of their exiftence in the nature of things.. The 
fecond divifion of antecedent knowledge takes place in 
fubjects whofe very exiftence admits of a difpute: thus 
previous to a folution of the queftions, Whether there are 
any gods or not? Whether there is a providence or not? 
and the like, it is neceffary we fhould firft underftand the 
meaning of the terms; fince we in vain inveftigate the 
Nature of any thing while we are ignorant of.the meaning 
of its name; although,. on the contrary, we may have a 
perfect conception of the meaning of fome words, and yet: 
be totally ignorant whether the things they exprefs have a 
real, or only an imaginary exiftence. Thus, the meaning 
of the word centaur is‘well underftood by every one; but 
its exiftence is queftioned by moft: 

3. From hence it will eafily appear, that no {mall dif~ 
ference fubfifts between /earning and knowledge. He who 
is about to underftand‘ the truth of any propofition, may 

3 7 | be 
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be faid to poffefs a previous conception of its truth; while,- 
en the contrary, it may happen that he who is in the: 
Gapacity of a learner, has no antecedent knowledge of. the 
{cience he is about to learn. Thus we attain to the diftinct 
knowledge of a thing whieh we. formerly knew in a general ' 
way; and frequently, things of which-we were ignorant: | 
are learned. and. known in the fame inftant. | 
= Of this kind are the things contained under fome general- 
idea, of which we poflefs-a previous knowledge: thus, he- 
who already knows that the three interior angles of every 

triangle are equal to two-right, and is as yet ignorant that’ 
fome particular figure delineated on paper: is a triangle, . is. 
no fooner convinced from infpection of its being a triangle,. 
than he immediately learns and.knows: he learns it is a 

triangle; lie knows the equality of its angles to two right 

ones.. That it is now a triangle he-both fees and learns; 

But the equality. of its angles he previouffy knew in that’ 
general and comprehenfive idea,- which. embraces every: 

particular triangle. 

= Indeed, a definite knowledge of this triangle requires. 
two conditions : the one, that it is a triangle; and the other, 

that it has angles equal:to-two right.. The firft we receive: 

from infpection; the fecond is the refult of a fyllogiftic. 
procefs ;. an operation too refined for the energies of -{enfe,. 
and alone the province of intellect and demonffration. But 

demonftration without the- knowledge of that which is 
univerfal, cannot fubfift; and fince the propofition is uni- 
verfal, that in every triangle. the angles- are. equal-to two 

right; as foon as any figure is acknowledged to be a triangle, 

it muft neceffarily poffefs this general property. 

Hence we infer, that of ‘the triangle delineated on paper, - 
and concealed, we are partly ignorant of this general ‘pro-- 
perty,. the equality of its angles-.(becaufe.we are ignorant’ 

of. 
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.af its exiftence); and we partly underftand it as included in 
that univerfal idea we previoufly poffefled. Hence too, it 
is evident that actual {cience arifes from a medium between 
abfolute ignorance and perfect knowledge; and that he 
who poffeffes the principlessof demonftration, poffeffes in 
Capacity the conclufions alfo, however complicated and re- 
mote; and that by an evocation of thefe’ principles from 
dormant power into energy, we advance from general and 
abftracted —— to that which is fenfible and par- 
“ticular. 

4. Two acceptations of koowidp: may be admitted; 
the one common and without any reftriction; the other 
limited and peculiar. Since all knowledge, whether arifing 
from accidents, or fupported by neceffary principles, is 
called fcience. Knowledge, properly fo called, arifes from 
a poffeffion of that caufe from which a thing derives its 
-exiftence, and by which we infer the neceffity of its exift- 
ence; and this conftitutes Gmple and abfolute {cience. Thus 
too, the definitions of thofe general conceptions and fup- 
pofitions, which from their primary nature are incapable 
cf demonftration, are called fcience. But the {cience which 
treats of the method of arriving at knowledge, 1s called 
demonitration ; for every demonftration is a fyllogifm pro- 
ducing fcience. Hence, if in every fyllogifm it is neceffary 
_that the propofitions fhould be the caufe of the conclufion ; 
and to know any thing properly, a knowledge of its caufe 
is requifite; in the propofitions of demonftration, both 
thefe conditions are required: that they fhould be effective 
of the conclufion; and the caufes of the thing demon- 
ftrated. 

~- Thus, from the ruins of a ftately edifice, we may juftly 
infer, that the building was beantiful when entire; and 
from the fmoke we may colle¢ét the exiftence of the fire, 
7 though 
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though concealed : but the ruins of the edifice are not the 
eaufe of its beauty; nor does fire originate from fmoke, 
but, on the contrary, {moke is the natural. refult of fire ;: 
the inference, therefore, is in neither cafe a demonftrative 
ene. Again, fince every caufe is both prior to, and more 
excellent than its effect, it is neceffary that the propofitions 
fhould be more peculiar, primary, and excellent than the 
conclufions. And becaufe we then know a thing properly 
‘when we believe it to have a neceffary exiftence, hence it 
is requifite that the propofitions fhould. be true; for if 
falfe, a falfe conclufion may enfue, fuch as, that the dia- 
meter of a {quare is commenfurable with its fide. . But if 
- every {cience arifes from antecedent knowledge, demon- 
tration muft be founded on fomething previous. and on 
this account it is requifite that the. propofitions fhould be 
more known than the conclufions. The neceffary proper- 
ties, then, of all demonftrative propofitions, are thefe; 
that they exift as caufes, are primary, more excellent, 
peculiar, true, and known, than the:conelufions. Indeed; 
every demonftration not only confifts of principles prior to 
ethers,but of fuch as are eminently firft; for if the affumed 
propofitions may. be demonftrated: by other affumptions,. | 
{uch propofitions may, indeed, appear prior. tQ the con- 
clufions,. but are by.no.means entitled.to the appellation of 
firt. But others, on the contrary, which require no de~ 
monftration,, but are of themfelves probable or manifett, 
are defervedly efteemed. the firft, the trueft,, and:the beft: 
Such indemonttrable truths- were. called by the ancients, 
axioms, from their majefty and authority; as the affump- | 
tions which coni{titute the beft fyllogifms: derive all- their | 

force and efficacy: from thefe. / 
And on this account, above all others, they merit’ the 
title of the principles of. demonftration.. But. here it is 
worth: 





to us unperceived and unknown. | 
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worth obferving, that ‘thefe primary propofitions are not 
the firft.in the order of our conceptions; but firft to na- 
ture, or .in the nature of things. To us, that which is 


firfl is particular, and fubject to fenfible infpection; te 
mature, that which is univerfal, and far remote from the 


- apprehenfion of fenfe. Demonftration does not fubmit it- 
{elf to the meature of our ingenuity, but, with invariable 


rectitude, tends to truth as its ultimate aim; and without 
{topping to confider what our limited powers can attain, it 
alone explores and traces out the nature of a thing, though 

‘This demontftrative fyllogifm differs not a little from 
-others, by the above property; the reft can as well educe 
a true conclufion from falfe premifes, which is frequent 
among the rhetoricians, as that which is prior from that 
‘Which is -pofterior ; fuch as, Is every fyllogifm derived from 
conjecture ? 

With tefpect to the reft, as we have already confeffed, 


‘they may be formed from principles that are true, but not 


from fuch as are proper and peculiar; as if a phyfician 
fhould endeavour to prove an orbicular wound the moft 
idifiicuit ‘to coalefce and heal, becaufe its figure is of all 
others, the moft capacious; fince the demonitration of this 
is not the province of the phyfician, but of the geome: 
trician alne. 

5- That propofition is called immediate, which has none 
fuperior to itfelf, and which no demonftration whatever ’ 
can confirm: fuch as thefe are held together by the em- 
braces of univerfals. There are fome, indeed, united from 
that which is fenfible and particular: thus, that the gar- 
‘ment is white, is an immediate propofition, but not of that 
kind whofe principles require to be demonttrative ones; 
the caufe of which-we fhall hereafter inveftigate. Of im- 

mediate 
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mediate propofitions fubfervient to the purpofes of demon- . 
ftration, fome are of fuch a fuperior nature, that all men © 
poffefs a knowledge of them without any previous in- 
ftruction; and thefe are called axigms, or general notions; 
for- without thefe all knowledge and enquiry is vain. 
Another fpecies of immediate propofitions is pofition ; in- 
capable of being ftrengthened by demonftration, yet not 
neceffarily foreknown by the learner, but received from | 
the teacher. With refpeé& to the genus cf pofition, | one 
of its fpecies is definition, and another hypothefis. De- 
finition is an oration, in which we neither {peak of the 
exiftence, nor non-exiftence of a thing; but alone deter- 
mine its nature and effence. It is common to every hy- 
pothefis, not to be derived from nature, but to be the 
entire refult of the art of the preceptor. 

It likewife always affirms the exiftence or non-exiftence 
of its fubject ; fuch as, that motion is, and that from no- 
thing nothing is produced. Thofe whieh are not fo per- 
fpicuous are called poftulates, or petitions; as that a circle 
may be defcribed from any centre, and with any radius ; 
and fuch as thefe are properly hypothefes and poftulates. 

6. We have now feen the privilege affigned to the prin- 
ciples of demonftration :—whether or no our decifion has 
been juft, the enfuing confiderations will evince. We faid 
that the affumptions indemonftration were more known than 
the conclufions,—not indeed without reafon, fince through 
thefe our knowledge and belief of the conclufion arifes. 
For univerfally, that quality which is attributed to many 
different things fo as to be affigned to one through the 
medium of another, abounds moft in that medium by 
which it is tranfmitted to the reft. 

Thus the fun, through the medium of the moon, illu-’ 
minates the earth by night; thus the father loves the 
Vor. L f preceptor 
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preceptor through the medium of his child. And in-the: 
firit inftance the moon is more lucid than any object it 
enlightens: in the fecond, the child poffeffes more of the 
father’s regard.than his precepter. If then we affent to the 
conclufions through our belief of the principles alone, it 
is neceffary that the principles fhould be more known, and 
inherit. a greater degree of our affent. Hence, if it be: 
true that the principles are more known than the conclu- 
fions, it follows, that either our knowledge of them is de- 
rived from demontftration, or that it is fuperior to any de- 
monftrative proof; and after this manner we muft conceive- 
_ of thofe general felf-evident notions. which, on account of: 
their indemonftrabie certainty, are defervedly placed at the 
top of al] human {cience. 

Thefe propofitions not only poffefs greater credibility: 
than their conclufions, they likewife inherit this property. 


as an acceffion to their dignity and importance; that na: 


eontrary propofitions deferve greater belief; for if you give 


no more affent to any principle than to its contrary, neither. 


can you give more credit to. the conclufion deduced. from. 
that principle than to its oppofite. Were this the cafe, the. 


doctrine of thefe propofitions would immediately lofe its- 


invariable certainty. 


94. There are, indeed, fome who,. from erroneoufly ap- 


plying what we have rightly determined, endeavour to take 
away. the poffibility of demonftration. From the preceding 
doctrine -it appears that the principles are more aptly known. 


than the conclufions. This is not evident to fome; who- 


think nothing can be known by us without a demon- 
ftrative procefs; and confequently believe that the- moft 
fimple principles muft derive all their. credit from the light: 
of sesamin 


But 
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But if it be neceffary that all aflumptions fhould be de- - 
rmeonftrated by others, and thefe again by others; either. | 
the enquiry muft be continued to infinity, (but infinity can: 
never be abfolved), or if, wearied by the immenfe pracefs,- 
you at length ftop, you muft doubtlefs leave thofe propo- 
fitions unknown, whofe demonftration was declined through: 
the fatigue of inveftigation. But how can {cienge bé des 
rived from unknown principles? For he who ts ignorant 
of the principles, cannot underftand the conclufions which. 
flow from thefe as their proper fource, unle{s from an hy- 
pothefis or fuppofition of their reality. 

This argument of the fophifts is, indeed, {fo far. true, 
that he who does not underftand that which is fifft in the 
order of demonftration, muft remain ignorant of that which 
is laft: —But in this it fails, that all knowledge is demon- 
{trative ; fince this is an affertion no lefs ridiculous than te 
maintain that nothing can be known. For as it is manifett 
that fome things derive their credit and fupport from 
others, it is equally obvious that many,. by their intrinfic 
excellence, poffefs indubitable. certainty and truth; and 
command our immediate affent as {oon as propofed. They. 
inherit, indeed, a higher degree of evidence than thofe we 
affent to by the confirmation of others; and thefe are the 
firt principles of demonftration : propofitions indifputable, 
immediate, and perfpicuous by that native luftre they always 
poffefs. By means of thefe, we advance from propofition 
to propofition, and ftom fyllogifm to fyllogifm, . till-we ars 
rive at the moft complicated and important conclufions. 
Others, willing to decline this infinite progreffion, .defend 
the neceffity of a circular or reciprocal demonftration.’ But — 
thjs is nothing more than to build error upon error, in 
order to attain the truth; an attempt no lefs ridiculous thad 
that of the giants of oll. For fince, as we fhall hereafter 

| f 2 accu- 
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accurately prove, demonftration ought to confift from that 
which is firft, and moft. known; and fince it is impoffible; 
that the fame thing fhould be to itfelf both prior and. 
pofterior: hence we infer the abfurdity of circular demon-. 
ftration; or thofe fyllogifms in which the conclufions are 
alternately fubftituted as principles, andthe: principles 3s 
= cọnclufiops. -It may, indeed, happen, ‘that.the fame thing: 
may be both prior and pofterior to the fame; but not at 
one and the fame time, nor according to the fame mode. 
ef exiftence: Thus, what is prior in the order of our 
conceptions, is pofterior.in the order of nature; and what 
is firft in the arrangement of things, is laft in the progref- 
fions of human underftanding. But demonftration always 
defires that rf’ which is prior in the order and conftitution. 
ef nature. But the folly of füch a method will more plainly 
appear from confidering: its refult + let us. fuppofe every a 
is 6, and every 6 is c3. hence we juftly infer, that every: 
a is c. In like manner, if we prove that every @ is 4, 
and by a circular demonftration, that every J is a, the con- 
fequence from the preceding is no other than that every a is 
@; and thus the eonclufion terminates in that from-which 
it firft began; a deduétion equally ufelefs and ridiculous. 
However, admitting that, in the firft figure; circular de- 
moniftration may be in fome cafes. adopted,, yet. this can but 
feldom happen from the paucity: of, reciprocal: terms. 

But that reciprocal. terms are very few, is plain from 
hence: let any f{pecies be affumed, as san; whatever is 
the predicate of man,: is. either. conftitutive of his effence, 
. on expreffive of fome accident belonging to his nature. 
‘The fuperior genera and differences. compofe his effence, 
among which no equal predicate can be-affigned reciproca+ 
bie with man, except the ultimate differences which cannot 
be otherwife than one, i.e. rifibility, which mutually re- 

| ciprocates , 
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ciprocates with its fubjeét;. fince every man is rifible,. and 
whatever is.rifible is man. Of accidents fome are common, 
éthers peculiar; and the common are far more in number 
than the peculiar; cenfequently the predicates which reci- 
procate with man, are much fewer than thefe which. de 
not reciprocate. l fs 

8. It is now neceflapy to. enumerate the queftions per- — 
_ taining to demonftration ; and for this purpofe, we fhall 
begin with propofitions, fince from thefe, fyllogifms are — 
formed ;. and fince every propofition. confifts of a fubject 
and predicate, the modes.of predication muft. be confidered, 
and thefe are three which I: call fota/, effential, and uni-- 
versal’; a total predication: takes. place. when.that. which is- 
affirmed or denied of. one individual is affirmed or denied 
of every individual.comprehended under. the fame common 
fpecies. 

Thus, animalis predicated of every man, and it has this 
farther property befides,. that of whatever fabject it is true- 
to.affirm: many. it is-at the fame time true to affirm. anie 
mal, | | 

Thofe things are faid to be efentially predicated; firft, 
when the predicate is not only total, but conftitutes the 
effence of the fubject;.inftances of this. kind.are, animal. 
of manșa tree of the plantain ;: a line of a triangle; for 
a triangle is that. which is contained under three right-lines. 
But here we mutt obferve,. that.not: every total.predicate is 
an effential one; thus; whitenefs is predicated: of. every: 
fwan, becaufe it-is- inherent in every fwan, and at. every: 
inftant-of time;. but becaufe whitenefs does. not conftitute: 
the effence of a fwan, it is not effentially predicated; and: 
this, firt, is. one of the:modes;of. effential .predication of- 
the greateft importance in demonftration. The. fecond 
mode is.of accidents, in the definition of which their. comp - 
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mon fubject is applied: thus, aline is effentially inherent 
in rectitude, becaufe in its geometrical definition, a line is 
adopted ; -for rectitude is no other than a meafure, equally 
extended betaveen-the points of a line. In the fame man- 
ner, imparity is contained in number; for what is that 
which is odd, but a number divided into unequal parts? 
“Thus; virtues are refident in the foul, -becaufe, in thcir 
definition, either fome part of the foul, or fome one ox its 
powers, is always applied. The third mode of effential 
predicates pertains to accidents: which are infeparably con- 
tained in fome particular fubject, fo as to exclude a prior 
exiftence in any other fubje@ ; fuch as colour in fuperficies. 
The fourth mode is of things neither contained in another, 
Mor predicated of others; and fuch are all individuals, as 
Callias, Socrates, Plato. Caufes are likewife faid to exift 
fubftantially, which operate neither from accident nor 
fortune. | | 

‘Thus, digging up the ground for the purpofes of agri- 
culture, may be the caufe of difcovering a treafure, but it 
as only an accidental one. But the death of Socrates, in 
defpite of vigilance, is not the refult of a fortuitous caufe, 
-but of an effential one, viz. the operation of poifon. 

9. Thefe pofterior fignifications of effential predicates 
are added more for the fake of ornament than ufe; but the 
two former have a neceffary exiftence, fince they cannot 
but exift in the definition of names which predicate the 
_effence of a thing, and in fubjects which are fo entirely the 
fupport of accidents, that they are always applied in their 
definition. But it is a doubt with fome, whether thofe 
accidents are neceflary, which cannot be defined indepen- 
dent of their common fubje&t? To'this we anfwer, that no 
fuch accident can, from its nature, be contained in every 
individual of any fpecies; for curvature is nat .contained in 
| 3 every 
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every lines. nor imparity in every number; from whence | 
we infer, that neither is curvature neceffarily exiftent in a 
line, nor parity in number.. ‘The truth of this is evident 
-from confidéring thefe accidents abftraéted from their fub-- 
jects ; for then we fhall perceive that a line may exift with-- 
out curvature, and number without imparity. | 
Again, I call.that an unver/al predicate; which.is pre-- 
dicated of a fubject totally and effentially, and confidered : 
as primarily and. infeparably inhérent in that fubjeét.:: for’ 
it does-not follow that a predicate, which is total, . fhould. 
- be’ immediately univerfal; for. whitenefs is affirmed of. 
every fwan,. and blacknefs of every crow, yet neither unis- 
verfally. In like manner, a fubftantial predicate is not 
_eonfequently an univerfal onez. for: the third mode of. 
effential predicates, and the two following (inftanced before)’ 
cannot be univerfal. ‘Thus, | colour, although inherent in. — 
fuperficies effentially,. is. not inlrerent in every fuperficies, 
and-confequently not univerfally. -Thus again, Socrates, . 
Callas, and Plato, though they exift effentially, are not 
univerfals, but particulars; and thus, laftly, the drinking : 
of poifon was an effential caufe of the death of Socrates, 
But not an univerfal one, becaufe Socrates might have died . 
by other. means than poifon. lf. then, we wifh to render > 
an accurate: definition of an univerfa] predicate, we muft 
not only fay it is total and. effential, but that it -is -pri-- 
marily prefent.to its fubjé€t and no other. Thus, the: 
‘poffeffion of angles equal to two right, primarily belongs 
to a triangle; for this -affertion is: effentiaHy predicated of | 
triangle, and is inherent in every triangle, This property, . 
therefore, is not univerfally in figure, becaufe it is not the ` 
property of every figure; not of a {quare, for initance; nor 
as univerfalin a fcalene triangle : for although it is con-~ 


tained in every fcalene, | and. i in every. i ci and. ifof- `- 
celes . 
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céles triangle, yet it is not primarily contained in them, but 
in ‘triangle itfelf; becaufe thefe feveral figures inherit this 
property, not from ‘the particular {pecies to which they 
belong, but from the common genus /riangle. And thus 
‘much concerning total, efential, and untuerfal predicates. 
~ 10. Concerning that which is univerfal, we are fre- 
quently ‘liable to err; often from a belief that our demon- 
flration is univerfal, when it is only particular; and fre- 
quently from fuppofing it particular when it is, on the 
contrary, univerfal. “There are three caufes of this mif- 
take; the firt, when we demonftrate any particular pro- 
perty of that which is fingular and individual, as the fun, 
the earth, or the world. For fince there is but one fun, 
one earth, aad one world, when we demonttrate that the 
orb of the earth poffeffes the middle place, or that the 
heavens revolve, we do not then appear to demonftrate 
that which is -univerfal. | 

To this we anfwer: when we demonftrate an eclipfe of 
the fun to arife from the oppofition of the moon, we do 
not confider the fun as one particular luminary, but we 
dedtice this confequence as if many other funs exifted be- 
_ fides the prefent. 

Juft as if there were but one fpecies of triangles exifted; 
for inftance, the s/o/celes; the equality of its angles at the 
‘bafe would not be confidered in the demonftration of the 
equality of all its angles to two right ones: but its triangu- 
Tarity would be effential, fuppofing every fpecies of tri- 
angles but the ifofceles extinct, and no other the fubjec&t of 
this affection. So when we prove that the fun is greater than 
the earth, our proof does not arife from confidering it as 
this particular fun alone, but as fun in general; and by 
applying our reafoning to every fun, if thoufands befides 
the prefent fhould enlighten the world. This will appear 
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-still more evident, if we confider that fuch conclufions muft 
be univerfal, as they are the refult of an induction of. par- 
ticulars : thus, he who demonftrates that an eclipfe of the 
fun arifes from the oppofition of the moon between the 
fun and earth, muft previoufly colle&t, by induétion, that 
when any luminous body is placed in a right-line with 
any two others opaque, the lucid body fhall be prevented, 
in a greater or lefs degree, from eéhlightening the laft of 
thefe bodies, by the intervention of the fecond; and by 
extending this reafoning to the fun and earth, the fyllo- 
gifm will run thus: 

_ Every lucid body placed in a right-line with two others 
opaque, will be eclipfed in refpect of the latt by the 
intervention of the fecond ; l 

The fun, or every fun, is a luminous body with thefe 
conditions; 
And conféquently the fun, and fo every fun, will’ be- 
 eclipfed to the earth by the oppofition of the modn. 
Hence, in cafes of this kind, we muft ever remember, that 
we demonftrate no property of them as fingulars, but as 
that univerfal conceived by the abftraction of the mind. 
Another caufe of deception ‘arifes, when many different 
{pecies agree in one ratio or analogy, yet that in which 
they agree is namelefs. Thus number, magnitude, and 
time, differ by the diverfities of fpecies; but agree in this, 
that as any four comparable numbers correfpond in their. 
proportions to each other, fo that as the firft is to the fe- 
cond, fo is the third to the fourth; or alternately, as the 
firft to the third, fo is the fecond to the fourth: in a 
fimilar manner, four magnitudes, or four times, accord in 
their mutual analogies and proportions. Hence, alternate 
“proportion may be attributed to lines as they are lines, to 
numbers as they are numbers, and afterwards to ¢/mes and 
VoL. I. g to 
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to bodies, as the demonftration of thefe is ufually feparate 
and fingular; when the fame property might be proved of 
all thefe by one comprehenfive demonftration, if the com- 
mon name of their genus could be obtained: but fince 
this is wanting, and the fpecies are different, we are ob- 
liged to confider them feparately and apart; and as we are 
now {peaking of that univerfal demonftration which is pro-- 
perly one, as arifing from one firft fubject; hence none of 
thefe obtain an univerfal demonftration, becaufe this affec- 
tion of alternate proportion is not reftricted to numbers or 
lines, confidered in themfelves, but to that common fome- 
thing which is fuppofed to embrace all thefe, and is deftitute 
of a proper name. Thus too we may happen to be deceived, 
fhould we attempt to prove the equality of three angles to 
two right, feparately, of a {calene, an ifofceles, and an equi- 
lateral triangle, only with this difference, that in the latter cafe 
the deception is not fo eafy as in the former; fince here 
the name triangle, expreffive of their common genus, is 
afligned. A third caufe of error arifes from believing that 
to demonftrate any property inherent after {fome particular 
manner in the whole of a thing, is to demonftrate that 
property univerfally inherent. ‘Thus, geometry proves * 
that if a right-line falling upon two right-lines makes the 
outward angle with the one line a-right-angle, and the 
inward and oppofite angle with the other a right one, thofe 
two.right-lines fhall be parallel, or never meet, though in- 
finitely extended. This property agrees to all lines which 
make right-angles: but they are not primarily equidiftant © 
on this account, fince, if they do not each make a right- 
angle, but the two conjointly are equal to two right, they 
may ftill be proved equidiftant. This latter demonttration, 
then, is primarily and univerfally conceived; the other, 


" See the emer propofition of the rR book of Kuclid’s Elements. 
| which 
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which always fuppofes the oppofite angles right ones, does 
not conclude univerfally ; though it concludes totally of all 
lines with fuch conditions: the one may be faid to con- 
clude of a greater a//; the other of a leffer. It is this 
greater a% which the mind embraces when it affents to any 
felf-evident truth; or to any of the propofitions ef Euclid. 
But by what method may we difcover whether our demon- 
{tration is of this greater or leffer all? We anfwer, that 
general affection which conftitutes univerfal demonftration 
is always prefent to that fubject, which when taken away, 
the predicate is immediately deftroyed, becaufe the firft of 
all its inherent properties. 
- Thus, for inftance, {ome particular fenfible triangle 
poffeffes thefe properties :—it confifts of brafs; it is fca- 
lene; it is a triangle. The query is, by which of thefe 
we have juft now enumerated, this affection of poflefling 
angles equal to two right is predicated of the triangle? 
Take away the brafs, do you by this means deftroy the 
equality of its angles to two right ones? Certainly not:--- 
take away its fcalenity, yet this general affeQiion remains : 
laftly, take away its triangularity, and then you neceffarily 
deftroy the predicate ; for no longer can this property rd- 
main, if it cafes to be a triangle. 
But perhaps fome may object from this — fuch 
a general affection extends to figure, fuperficies, and ex-. — 
tremities, fince, if any of thefe are taken away, the equality 
of its angles to two right can no longer remain. It is true, 
indeed, that by a feparation of figure, fuperficies, and 
terms, from a body, you deftroy all the modes and cir- 
cumftances of its being ; yet not becaufe thefe are taken 
@pay, but becaufe the triangle, by the feparation of thefe, 
is neceffarily deftroyed; for if the triangle could ftill be 
preferved without figure, fuperficies, and terms, though thefe 
. £2 were 
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¿were taken away it would ftill retain angles equal to two 
right; but this is impoffible. And if all thefe remain, and 
triangle is taken away, this affection no longer remains. | 
Hence the poffeffion of this equality of three angles to two 
right, is primarily and univerfally inherent in triangle, fince 
it is not abolifhed by the abolition of the reft:——fuch as 
to confitt of brafs; to be {calene, or the like. Neither does 
it derive its being from the exiftence of the reft alone; as 
figure, fuperficies, terms ; fince it is not every figure which 
' pofleffes this property, as is evident in fuch as are qua- 
drangular, or multangular. And thus it is preferved by 
the prefervation of triangle, it is deftroyed by its de- 
ftruction. ` 

Ir. From the principles already eftablifhed, it is plain 
that demonftration muft confift of fuch propofition$ as are 
univerfal and neceffary. That they muft be univerfal, is 
evident from the preceding; and that they muft be necef- 
fary, we gather probably from hence; that in the fubver- 
fion of any demonftration we ufe no other arguments than 
the want of neceffary exiftence in the principles. 

We collect their neceffity demonftratively, thus; he who 
does not know a thing by the proper caufe of its exiftence, 
cannot poffefs {cience of that thing; but he who collects a 
necefflary conclufion from a medium not necefflary, does 
not know it by the proper caufe of its exiftence, and 
therefore he has no proper fcience concerning it. Thus, 
if the neceffary conclufion ¢ is a, be demonftrated by the 
medium B, not neceflary; fuch a medium is not the caufe 
of the conclufion; for fince the medium does not exift 
neceffarily, it may be fuppofed not to exift; and at the 
time when it no longer exifts, the conclufion remains 9 
full force; becaufe, fince neceflary, it is eternal. But an 
effect cannot exit without a caufe of its exiftence;. and 
| hence. 
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hence fuch a medium can-never be the caufe of fuch a 
conclufion. Again, fince in all fcience there are three 
things, with whofe prefervation the duration of knowledge 
is connected ; and thefe are, firft, he who poffeffes {cience ;. 
f{econdly, the thing known; and thirdly, the reafon by which it 
is known; while thefe endure, fcience can never be blotted 
from the mind, but on the contrary, if {cience be ever loft, 
it is neceflary fome of thefe three muft be deftroyed. 

If then you infer that the {cience of a neceflary conclu- 
fion may be obtained from a medium not neceffary, fuppofe 
this medium, fince capable of extinétion, to be deftroyed ;. 
then the conclufion, fince neceffary,. fhall remain; but will . 
be no longer the object of knowledge, fince it is fuppofed - 
to be known by that medium which is now extinct. Hence, 
fcience is loft, though none of the preceding three are 
taken away; but this is abfurd, and contrary to the prin- 
ciples we have juft eftablifhed. The thing known remains; 
for the conclufion, fince neceflary, cannot be deftroyed :--- 
he who knows ftill remains, fince neither dead, nor for- 
g¢etful of the conclufion :---laftly, the demonftration by 
which it was known, {till furvives in the mind; and hence 
we collect, that if fcience be no more after the corruption 
of the medium, neither was it {cience by that medium be- 
fore its corruption ; for if {cience was ever obtained through: 
fuch a medium, it could not be loft while thefe three are 
`. preferved. The {cience, therefore, of a neceflary conclu- 
fion can never be obtained by a medium which is- not ne- 
ceffary. | | 

12. From hence it is manifeft, that demonftrations cat= 
not emigrate from one genus to another; or by fuch 2 
tranflation be compared with one another. Such as, for 
inftance, the demonftrations of geometry with thofe of 
avithmetic.. To be convinced of this, we muft rife a little 
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higher in our fpeculations, and attentively confider the 
properties of demonftration: one of which is, that predi- 
cate which is always found in the conclufion, and which 
affrms or denies the exiftence of its fubject: another is, 
thofe axioms or firft principles by whofe univerfal embrace 
demonftration is fortified; and from whofe original light 
it derives all its luftre. The third is the fubject genus, 
and that nature of which the affections and effential pro- 
perties are predicated; fuch as magnitude and number. 
In thefe fubjects we muft examine when, and in what man- 
ner a tranfition in demonftrations from genus to genus may 
be alowed. Firft, it is evident, that when the genera are 
altogether feparate and difcordant, as in arithmetic and 
geometry, then the demonftrations of the one cannot be 
referred to the other. Thus, it is impoffible that arith- 
metical proofs can ever be accommodated with propriety to 
the accidents of magnitudes: but when the genera, as it 
were, communicate, and the one is contained under the 
other, then the one may transfer the principles of the 
‘other to its own convenience. Thus, optics unites in 
amicable compact with geometry, which defines all its fup- 
pofitions; fuch as lines that are right, angles acute, lines 
equilateral, and the like. The fame order may be per- 
ceived between arithmetic and mufic: thus, the double, 
fefquiaiter, and the like, are transferred from arithmetic, 
from which they take their rife, and are applied to the 
meafures of harmony. | 

Thus, medicine frequently derives its proofs from nature, 
becaufe the human body, with which it is converfant, is 
comprehended under natural body. From hence it follows, 
that the geometrician cannot, by any geometrical feafons 
demonftrate any truth, abftracted from lines, fuperficies, 
and folids; fuch as, that of contraries there is the fame 
| | {cience ; 
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{cience; or that contraries follow each other; nor yet fuch 
as have an exiftence in lines. and fuperficies, but not an 
effential one, in the fenfe previoufly explained. 

Of this kind is the queftion, whether a right-line is the 
moft beautiful of lines? or whether it is more oppofed. 
to a line perfectly orbicular, or to an arch only. For the: 
confideration of beauty, and the oppofition of contraries, 
does not belong to geometry, but is alone the province of - 
metaphyfics, or the firft philofophy. | 

But a queftion here occurs, If it be requifite that the’ 
propofitions which conftitute demonftration fhould be pecu- 
liar to the fciencc they eftablifh, after what manner are we 
to admit in demonitration thofe axioms which are conceived: 
m1 the moft common and general terms; fuch as, if from. 
equal things you take away equals, the remainders fhall be 
equal: —as likewife, of every thing that exifts, either 
affirmation or negation is true? The {olution is this: fuch 
principles, though common, yet when applied to any par- 
ticular {cience for the purpofes of demonftration, muft be 
ufed with a certain limitation. Thus the geometriciam 
applies that general principle, if from equal things, &c. 
not fimply, but with a reftriction to magnitudes; and the 
arithmetician. univerfally to numbers. 

Fhus too, that other general propofition :---of every 
thing, affirmation or negation is true; is fubfervient to 
every art, but not without accommodation to the particular 
{cience it is ufed by. Thus number /s or is mot, and fo 
of others. It is not then alone fufficient in demonftration 
that its propofitions are true, nor that they are immediate, 
or fuch as inherit an evidence more illuftrious than the 
certainty of proof; but, befides all thefe, it is neceffary 
they fhould be made peculiar by a limitation of their com-. 
prehenfive nature to {ome particular fubject. It is on this. 
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account that no one efteems the quadrature of Bryfo *, a 


geometrical demonttration, fince he ufes a principle which, 
: although 


*. We are informed by Simplicius, in his Commentary on Ariftotle’s third Category of 
Relation, ¢¢ that though the quadrature of the circle feems to have been unknown to Ariftotle, 
yet, according to Jamblichus, it was known to the Pythagoreans, as appears from the fayings 
and demonftrations of Sextus Pythagoricus, who received (fays he) by fucceflion, the art of 
demonftration ; and: after him Archimedes fucceeded, who invented the quadrature by a line, 
which is called the line of Nicomedes. Likewife, Nicomedes attempted to fquare the circle 
by a line, which is properly. called rsragrruóçior, or the quadrature. And Apollonius, by a 
certain line, which he calls the fifter of the curve line, fimilar to a cockle, or- tortoife, and 
which is.the fame with the guadratix of. Nicomedes. Alfo Carpus wifhed to fquare the circle, 
by a certain line, which he calls fimply formed from a twofold motion, And many others, 
according to Jamblichus, baye accomplifhed this undertaking in various ways.” Thus far Sim- 
plicius. In like manner, Bocthius, in his Commentary on the fame part of Arittotle’s Cate- 
yorics (p. 166.) obferves, that the quadrature of the circle was not difcovered in Ariftotle’s 
time, but was found out afterwards; the demonftration of which (fays he) becaufe it is long, 
muft be omitted in this place. From hence it feems very probable, that the ancient mathe- 
maticians applied themfelves folely to fquaring the circle geometrically, without attempting to 
accamplihh this by an arithmetical calculation. Indeed, nothing can be more ungeometrical 
shan to expeat, that if ever the circle be fquared, the fquare to which it is equal muft be 
commenfurable with other known rettilineal fpaces; for thofe who are fkilled in geometry 
know that many lines and fpaces may be exhibited with the greateft accuracy, geometrically, 
though they are incapable of being exprefied arithmetically, without an infinite feries. 
Agreeable to-this, Tacquer well obferves (in lib. 11. Geom. Pract. p. 87.) * Denique admo- 
_nendi hic funt, qui geometriæ non fatis periti, fibi perfuadent ad quadraturam neceflarium effe, 
ut ratio lineæ circularis ad rectam, aut circuli ad quadratum in numeris exhibeatur. Is fane 
erfor valde craffus eft, ct indignus geometra4, quamvis enim irrationalis effet ea proportio, 
modo in re¢tis lineis exhibeatur, reperta erat quadratura.” And that this quadrature is poffible 
geometrically, was not only the opinion of the above mentioned Icarned.and acute geometri- 
cian, but likewife of Wallis and Barrow; as may be feen in the Mechanics of the former, 
p. $17, and in the Mathematical Leétures of the latter, p. 19. But the following difcovery 
will, I hope, convince the liberal geometrical reader, that the quadrature of the circle may 
be obtained by means of a circle and right-line only, which we have no method of accom- 
plifhing by any invention of the ancients or moderns. At leaft this method, if known to the 
ancients, is now loft, and though it has been attempted by many of the moderns, it has not 
been attended with fuccefs. 

‘In the circle g oe f, let ge be the quadranral arch, and the right-line g x its tangent. 
Then conceive that the central point æ flows unYormly along the radius æ e, infinitely pro- 
duced ; and that it is endued with an uniform impulfive power. Let it likewife be fuppofed, 
thar during its flux, radii emanate from it on all fides, which enlarge themfelves in proportion 
to the diftance of the point æ from. its firit. fituation. This being admittcd, conceive that the 
point a by its impulfive power, through the radii an, a m, &c. acting every where equally 
onthe arch g.e, impels it into its equal tangent arch gr. And when, by its uniform motion 
along the infinite line a Q, it has at the fame time arrived at 4, the centre of the arch gr, let 
itimpel in a fimilar manner the arch gr, into its equal tangent arch g s, by acting every 
where equally through radii equal to r. Now, if this be conceived to take place infinitely ` 
{fince a circular line is capable of infinite remiffion) the arch go will at length be unbent 
into its equal, the tangent line g +; and the extreme point e, will defcribe by fuch a motion 
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although true, is entirelycommon. Previous to his de- 
-monftration he fuppofes two {quares defcribed, the one 
: circum- 





a) 


of unbending a circular line e x. “For fince the fame caufe, actiog every where fimilarly and 
equally, produces every where fimilar and eqnal effects; and the arch g o, is every where 
- Vou. L l h equally 
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circum{cribing the circle, which will be confequently 


greater; the other infcribed, which will be confequently: 


tefs than the given circle. Hence, becaufe the circle is a 
medium between the-two given fquares, let a mean {quare: 


be found between them, which is eafily done from the: 
principles of geometry; this mean fquare, Bryfo affirms,.. 


fhall. be equal to the given vircle. In order to prove this, 
he reafons after the following manner: thofe things which 
compared with others without any refpect, are either at 
the fame time greater, or at the fame time: lefs, are equal 
among themfelves.: the circle and the mean fquare are, 
at the fame time, greater than- the internal, and at the 


fame time lefs than the external fquare; therefore they are 


. equally remitted or unbent, it will defcribera line fimilar in every part. Now, on account of 


the fimplicity of the mmpuifive motion, fuch a line muft either be ftraight or circular; for there 
are only three lincs every.where fimilar, i. e. the right and circular line, and the cylmdric 
helix ; but this lat, as Proclus well obferves in his following Commentary on the fourth de- 
finition, is not a fimple line, .becaufe it is generated by two fimple motions, the rectilineal and 
circular. But the line which: bounds more than two equal tangent arches cannot be a right 


line, as is well known to all geometricians ; it is therefore a circular line. It is likewife evi-- 


dent, that this arch o x is concave towards the point g : for if not, it would pafs beyond the 
chord ox, which.is abfurd. And again, no arch greater than the quadrant can be unbent 
by this motion: for any one of the radii, as æ p. beyond g o, has a tendency from, and not 


to the tangent gx, which laft is neceffary tv our hypothefis. Now if we conceive another. 


quadrantal aich of the circle g oe f, that is g y, touching the former in g to be unbent 
in the fame manner, the arch » y fhall be a continuation of the arch xo; for if yax be 
drawn perpendicular to x g, asin the figure, it fhall be a tangent in x to the equal arches. 
J *, #0; becaufe it cannot fall within either, without making the fine of fome onc of the 
equal arches, equal ‘to the right-line w £ which would be abfurd. And hence we may.eafily 
infer, that the centre of the areh y:x o, is in the tangent line x g. Hence too, we haye an 
eafy method of finding a tangent right-line equal to a quadrantal arch; for having the points 
Y, o given, it is eafy to find a third point, as s; and then the circle paffing through the three 
points o, 5, y, fhall cut off the tangent x g, equal to the quadrantal arch go. And the 
point s may be {peedily obtained, by defcribing the arch gs with a radius, having to the 
radius æ g the proportion of 6 to 43 for then gs is the fixth part of its whole circle, and. 
#8 equal to the arch ge And thus, from this hypothefis, which, I prefume, may be as 
readily admitted as the increments and decrements of lines in fluxiors, the quadrature of the 
circle may be geometrically obtained; for this is eafily found, when a right-ling is difcovered 
equal to the periphery of a circle. Iam well aware the algetraifts will confider it as ufclefe, 
becaufe it cannot be accommodated to the farrago of an arithmetical calculation; but I hope 


the lovers of the ancient geometry will deem it dceferving an accurate inveltigation ; and if | 


they can find no paralogifm in the reafoning, will confider it as a legitimate demonfiration.. 


equal 
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equal among themfelves. This demonftration can never 
produce fcience, becaufe it is built only on one common 
principle, which may with equal propriety be applied to 
numbers in arithmetic, and to times in natural fcience. It 
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iè defective, thetéfore; becaufe it affumes no principle 
peculiar to the nature of the circle alone, but fuch a one: 
as iš commioh to quantity in general. 

¥3. It is likewife evident, that if the propofitions be- 
univerfal, from which the demonftrative fyllogifm confifts,. 
the conclufion mutt neceffarily be eternal. For neceffary 
propofitions are eternal; but from things neceffary and 
eternal, neceffary and eternal truth muft arife. There- 
is no demonfiration, therefore, of corruptible natures, nor: 
any {cience abfolutely, but only by accident ; becaufe it is 
not founded on that which is univerfal. For what confirma-. 
tion can there be of a conclufion, whofe fubject is diffoluble,. 
and whofe predicate is neither always, nor fimply,. but only 
partially inherent? But as there can be no demonftration,, 
fo likewife there can be no definition of corruptible natures > ` 


_becaufe definition is either the principle of demonftration, 


er demonftration differing in the pofition of terms, or it is. 
a ceftain conclufion of demonftration. It is the beginning: 
of demonftration, when it is either affumed for an imme-. 
diate propofition, or for a term in'the propofition; as if 
any one fhould prove that man is rifible, becaufe he is a 
rational animak And it alone differs in pofition from de- 
monftration,. as often as the definition is fuch as contains. 
the caufe of its fubjects exiftence. As the following: an. 
eclipfe of the fun is a concealment of its light, through. 
the interpofition of the moon between that luminary and. 
the eafth. For the erder of this definition being a little 
changed, paffes into a demonftration: thus,. 
The moon is fubjeéted and oppofed to the fun:: 
That which is fubjected and oppofed, conceals : 
_ The moon, therefore, being fubjeéted and oppofed,, 
conceals the fun. 
But zbat definition is the conclufion of demonttration,. 
» Which. 
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which extends to the material’ caufe ;. asin the preceding. 
inftance, the conclufion affirming that the fubjection and. 
eppofition of the moon’ conceals the fun, is a definition of 
an eclipfe including the material. caufe. 

Again, we have already proved that alk demonftration con-- 
fifls of fuch principles as are prior in the nature of things 5: 
and. from hence we infer,. that it is the bufinefs of no fci- 
ence to prove its own principles, fince they can no longer- 
be called principles if they require confirmation from any- 
thing prior to themfelves; for, admitting this as neceffary, 


an infinite feries of proofs muft enfue: On the contrary,- 


Hf this be not neceffary, but things moft known and evident 
are admitted, thefe muft be conftituted. the. principles of 
{cience. He who poffeffes a. knowledge of thefe, and applies- 


‘them as mediums of demonftration, is better. fkilled in ` 


fcience, than he who knows only pofterior or mediate pro-- 


‘pofitions, and demonftrates from pofterior principles. But. 
here a doubt arifes whether the first principles of geometry,. 
arithmetic, mufic, and of other arts, can ever be demon-- | 
flrated? Or fhall we allow they are capable of proof, not: 


By that particular fcience whieh: applies them as principles 
or caufes of its conclufions-? If fo, this will be the office 
of fome fuperior fcience,—which can be no other than the 


~ firft philofophy,. to whofe charge the tafk is committed ; 
and whofe univerfal embrace circumf{cribes the whole circle. 


of fciente, in the fame manner as arithmetic comprehends 
mufic, or geometry optics. ——This- is no other than that 
celebrated wt/dowm which merits. the appellation of fcience 
in a more fimple, as well as in a more eminent degree 


than others: not, indeed,. that all caufes are within its- 


reach, but fuch only as are the principal.and the beft,. be- 


caufe no caufe fuperior to them can ever be found.. Mence) 


the difficulty of knowing: whether. we poffefs- fcience or 
. not,. 


ixu ° DISSERTATION on THE 


mot, from the difficulty of underftanding whether it is 
founded on peculiar or common principles; fince it is ne- 
-ceffary that both thefe fhould be applied in the conftitution 
of all real knowledge and fcience. 

* Again, axioms differ from poftulates in this :---they 


demand our affent without any previous folicitation, from . 


the illuftrious certainty they poffefs. Their truth may, 


indeed, be denied by external fpeech, but never from in- 


ternal connection. He who denies that equal things fhall 
remain from the {ubtraction of equal, diffents, as Euripides 


fays, with his tongue, and not with his heart. But de- | 


monftration depends not on external f{peech, but on intel- 


le&tual and internal conviction; and hence, axioms derive 


all their authority from intrinfic approbation, and not from 
public proclaim. For the prompt decifions of the tongue 


are frequently diffonant from the fentiments concealed in- 


the fecret receffes of the heart. Thus the ł gcometrician 
«does not {peculate thofe lines which are the objects of cor- 


* Axioms have a fubfiftence prior to that of magnitudes and mathematical numbers, but 
fubordinate to that of ideas; or, in other words, they have a middle fituation between effential 
and mathematical magnitude. For of the reafons fubfifting in foul, fome are more fimple and 
ainiverfal, and have a greater ambit than others, and on this account approach nearer to in- 
tellcét, and axe more maniteft and known than fuch as are more particular. But others are 
deftituie ot all thefe, and receive their completion from more ancient reafons. Hence it is 
neceflary (fince conceptions are then true, when they are confonant with things themfelves) that 
there fhould be fome reafun, in which the axiom aflerting, ¿f from equals you take away equals 
ése. is primarily inherent; and which is neither the reafon of magnitude, nor number, nor 
time, but contains all thefe, and every thing in which this axiom is naturally inherent. Vide 
Syrian, in Arith. Meta. p. 48. 

+ (cometry, indeed, withes: to fpeculate the impartible reafons of the foul, but firce the 
cannot ufe intellections defticute of imagination, fhe extends her difcourfes to imaginative 


forms, and to figures endued with dimenfion, and by this means fpeculates immaterial reafons , 


in thefe ; and wi-en imagination is not fufficient for this purpofe, fhe proceeds even to external 
matter, in which fhe defcribes the fair variety of her propofitions. But, indeed, even then 
the principal defign of geometry is not to apprehend fenfible and external form, but that in- 
terior vital one, refident in the mirror of imagination, which the exterior inanimate form 
‘nitates, as far as its imperfect nature will admit. Nor yet is it her principal defign to be 
converfant with the imaginative form; but when, on account of the imbecility of her intel. 
le€tion, the cannot receive a form deftitute of imagination, fhe fpeculates the insmaterial reafon 
inthe purer form of the phantafy ; ; fo that her principal ery meat is about univerfal and 
immaterial forms. ‘Syrian, in Arift, Meta. p. 49. 

poreal 
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poreal fight, but fuch as are exhibited by mental conception, 


and of which the delineations on paper, or in the duft,.are 


no more than imperfect copies, notes, and refemblances. 
Thus, when he draws a pedal line which is not pedal, on 
an equilateral triangle which is not equilateral, we muft. 
pay no regard to the defignations of the pen, but folely 
attend to the intellection of the mind; for the property. 
demonftrated of fome particular line, is in the conclufion 
applied to one that is univerfal, and this true line could be 


no otherwife fignified: to the learner. than by a material 


defcription. | | 

The certainty of axioms is, indeed, in a‘meafure obvious 
to every one. For what more evident than that nothing 
exifts of which it is poflible, at the fame time, to affirm 
and deny any circumftance of being? Indeed,. fo iluftrious 
and indubitable is the light of this axiom, that in any de- 
moniftration we are afhamed to affign it the place of an 
affumption. It would almoft feem prolix and fuperfluous, 
fince there is nothing more manifeft and certain ; and yet 
there are cafes in which it is neceffary to rank it among 
affumptions.’ And thefe take place whenever the inten- 
tion is to conclude the exiftence of fomething as true, and 
of its oppofite as falfe. Thus, for inftance, in the demon- 


ftration that the world is finite, we affume this principle, - 
_ and then reafon as follows : 


Bound and infinite cannot be at the fame time.affirmed 
and denied of any Jody: 
The world is a body: 


Therefore the world is-not at the fame time finite and 


infinite. 
And in this genus of demonftration, the major propo- 
fition ought always to affimilate with the conclufion. But 


the above axiom is not the only one obvious, for the fol- ° 
lowing. 


TA 
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‘lowing poffeffes equal certainty; that of every thing which 
exifts, either affirmation or negation is true. This axiom 
is of great ufe in demonftrations leading to an abfurdity ; 
for he who demonftrates the impoffibility of any oppofite 
-affertion, neceffarily eftablifhes his own. Hence it is we 
affirm that the diameter of a {quare is either commentur- 
-able or incommenfurable with its fide; and this general 
principle is accommodated, and, as it were, defcends inte 
ats proper matter as often as that which it poffeffes of 
tuniverfal is contracted to a certain genus; for, as we have 
previoufly obferved, common principles are not admitted 
in demoniftration without any reftriction; but then only 
‘when their general nature is limited to fome particular 
fubjéct, by which they become peculiar and appofite. 

14. * Wifdom, or the firft philofophy and logic, agree 
in not ufing axioms after the fame manner as other arts ; 
but on the contrary, they confirm and eftablifh their cer- 
tainty, though with this difference, that the logician rea- 
{ons only from probabilities, but the metaphyfician from 


the higheft certainty and evidence. SBefides, we do not > 


* Syrianus, in his excellent Commentary on Ariftotle’s Metaphyfics, (which does not fo 
much explain Ariflotle, as defend the doctrine of ideas, according to Plato, from the apparent 
if not real oppofition of Ariftotle to their exiitence), informs us that it is the bufinefs of wif- 
dom, properly fo called, to confider immaterial forms or effences, and their effen:ial accidents. 
By the method of refolution receiving the principles of being; by a divifive and and definitive 
‘method, confidering the effences of all things; but by a demonftrative procefs, concluding 
-concerning the effential properties which fubitances contain, Hence (fays he, becaufe intel- 
ligible efiences ate of the mof fimple nature, they are neither capable of definition nor demon- 
Rration, but arc perceived by.a fimple vifion and energy of intellect alone. But middle effences, 
which are demonftrable, exift according to their inherent properties : fince, in the moft fimple 
beings, norhing is inherent befides their being. On which account we cannot fay that s,s is 
their effence, and zbat fomething elle; and hence they are better than definition aud demon- 
ftration, Butin univerfal reafons, confidered by themfelves, and adorning a fenfible nature, 
‘eflenttal accidents fupervene; and hence demoiftration is converfant with thefe. But in 
material fpecies, individuals, and fenfibles, fuch things as are properly accidents are perceived 
by the imagination, and are prefent and abfent without the corruption of their fubjects. And 
thefe again being worfe than demonftrable accidents, are apprehended by figns, not indeed by 
a wife man, confidered as wife, but perhaps by phyficians, natural philofephers, and all of 
this kind. 


rank 
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rank logic in the order of the fciences, becaufe it is defti- 
‘tute of fome determinate genus or fubject, as it is neither 
. converfant about lines, nor numbers, nor proportions. 
And its chief concern is about apparent properties, and 
not fuch as are effential to a fubject. | Z 
Hence, in logical difquifitions, we confidently employ 
interrogations, as equally fubfervient to the affirmation or 
negation of an opinion :---a method utterly impracticable, 
if we only employed thofe principles which are univerially 
acknowledged ; fince it is impoffible of the fame thing to 
prove contrary properties,---as of the foul, that it is mortal 
and immortal; but he who demonftrates, affumes one de- 
finite part of a queftion, becaufe his purpofe is not to in- 
terrogate, but to trace out the latent paths of truth. And 
thence, if any one affirms that the foul is moved, and 
immediately after denies it, he is no longer a fubject wor- 
thy the exercife of our difcurfive and reafoning powers. 
Again, it may fo happen, that the fame fcience at one 
time confiders why a thing is, at another only explains its 
-exiftence, or that it exifts, without confidering.the caufe. 
Thus, the fyHogifm which concludes by mediate propo- 
fitions, demenftrates without affigning the proper caufe: 
but that which determines by immediate ones, 1n a great 
_meafure explains the caufe or reafon of exiftence. Thus, 
he who infers that trees do not breathe becaufe they are net 
‘animals, reafons from a mediate and fecondary caufe, . bè- 
caufe there are many animals, fuch as infects, which exift 
without breathing: but he who infers this from their want 
of lungs, demonftrates fromthe immediate and primary caufe. 
Thus, the following fyllogifm is a mediate one, or fuch 
as requires one or more mediums to eftablifh its certainty : 
Every thing that is not an animal does not breathe; 
A tree is not an animal; l 
Therefore a tree does not breathe. 
VoL. 4. 1 . Iere 
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‘Here the major propofition is evidently mediate, becaufe 


we are ftill to feek why that which is net an animal does. 
not breathe, which the following immediate fyllogifm folves.. 
Every thing that is not endued with lungs does. not. 
breathe ; | 
Every thing that is not an animal i is not endued: with: 
lungs; ergo, 
Every thing that is not an animal does not breathe. 
Again, the fame {cience may demonftrate the exiftence: 
of a thing, or that it exifts, and the caufe of fuch exiftence,, 
as often as it afligns two immediate reafons;. but the one 
from the proper caufe, the other only froma fign, Thus,. 
he who demontftrates the increafe of the moon, from the: 
plenitude of her orb, infers the caufe of fuch increafe; but: 
on the contrary, he who collects the plenitude of her orb. 
from her increafe, reafons only frorn a fign, and can alone: 
declare its exiftence. And, indeed, it often happens that 
the caufe and fign reciprocate, fo that as from the fign we: 
advance to the. caufe, demonftration from the caufe fre 


_ quently recurs to the fgz. Thus, from the breadth and ' 
firmnefs of the bafis, we collect the permanent duration of 
‘the pyramid; and from its extended. exiftence we infer the- 


ftrength of its fupport. Whenever, then, the argument 


Originates from a fign, it gives evidence to the conclufion,, 


as from fomething more known than its caufe. When it 


- begins from the caufe, it proceeds from that which is firft 


in the order of nature, to that which is laft, and reafons. 


as from the proper principle of the thing. 


Sometimes the cau/e and fign do not reciprocate. Thus,. 


_ although wherever there is {moke,: we infer the exiftence 
of fire; yet we cannot infer, that wherever there is fire 


{moke exifts. Thus, from the palace and the picture we 
collect the exiftence of the architect and painter; but the 


laft may exift without the firft;—the living architect with- 
out 
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“gat the actual palace; and the living painter without the. 


‘energies of his art. And thus it is that the caufe is ilPuf- 
trated by its fign; but not always the fgn by its caufe. . 
'- Hence then, as all caufes do not reciprocate with their - 
effe&ts ; {o neither is it always caufes and effects which do 


reciprocate: becaufe a multitude of figns, mutually infer- 


ting each other,. may accompany a certain caufe. Thus, 
the figns which attend the caufes of a fever, are a quick 
pulfation of the artery, and an intenfe heat: and thefe © 
figns mutually affert each other; but no fylogifm can be 
compofed from either expreffing the- Why, but only mes 
that the other exifts. o 

I5. We now propofe to confider the mode in which the | 
two preceding demonstrations are diftributed in different 
{ciences. When {fciences then are fo related, that the one 
as dependent on the other, as optics on geometry, naviga- 
tion on aftronomy, and mufic compofed by the arbitration 
of the ‘ear, on that. which confifts in the knowledge of 
mathematical proportions: in this cafe, the demonttration 
of fimple exiftence, or that they ex, pertains to the 
{cience of fenfibles; but the demonftration why they exif 
to the {cience which is {peculative and mathematical. 

Thus the mathematician fpeculates the caufes of a certain’ 
fenfible effect, without confidering its actual exiftence; for 
the contemplation of univerfals excludes the knowledge of 
particulars; and he whofe intellectual eye is fixed on that 
which is general and comprehentive, will think but little 
‘of that which is fenfible and fingular. Thus, by mathe-- 
matics we may learn the refponfive harmony of the 4f 
thord, and its confonance with the mean; but we cannot 
perceive this concord, if unaccuftomed to the practice of 
the mufical art.’ In fine, thofe fciences which are more of 
‘a mathematical nature, I mean fuch as are more amply 

1 2 Can- 
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converfant with the infpection of things, confidering their 
forms abftraéted from every material fubjeét, always de- 
monftrate the why; and fuch is geometry in refpect of 
optics. . Thus geometry confiders only fuch things as are 
peculiar to right-lines, independent of every fenfible con- 
nection. For the geometrician does not inveftigate a right- 
line as contained in ftone or brafs; but confiders it as 
entirely detached and unconnected with any object of fenfe. 

On the contrary, optics receives a right-line juft as it is 
perceived in a rule, or engraved im brafs. And, indeed, 
in treating of {ome particulars, natural {cience has the 
fame relation to optics, as optics to geometry. Thus, in 
confidering the reafon of the appearance of the rainbow, 
the natural philofopher defines the bow to be an image 
refracted from a certain cloud agamit the fun; but why it 
is endued with fuch a form, and feen with fuch a colour, 
mult be affigned by him who is {killed in optics. There 
are, again, fciences, one of which is not fubordinate to 
the other, becaufe founded on principles totally different ; 


vet, m fome particulars they agree with the preceding, | 


Thus, to Know that an orbicular wound is the moft difh- 
cult of eure, belongs to the phyfician ș but to know wy, 
tothe geometrician. 

16. Of alt fyllogiftic figures, the firft is the beft adapted 
to fcience, fince the arithmetician, geometrician, and laftly 
all thofe who demonttrate any effect from its proper caufe,, 
fabricate their reafonings according to this figure. For the 
middle figure is feldofn ufed, becaufe only adapted to a 
‘few occafions: and fince the knowledge of the wéy is of 
all others the moft important, which is alone obtained by 
this figure: hence, in the purfuit of fcience, it is always 
preferred before the reft. Befides, it is equally acommo- 
dated to the knowledge of final caufes; to which it alone 

| ; tends 
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tends: for it compofes definitions from words univerfal, 
and affirmative. In the fecond figure, a complex negative 
is conceived; and in the laft, a particular one. Add to 
this, that mediate propofitions are no other ways reducible 
to immediate ones than by this figure, in which the me- 
diate propofition tends, by a continued feries, to that which 
is immediate. But the fecond does not conclude.affiirma- 
tively, nor the laft univerfally ; from whence it appears, 
that a mediate propofition can never become immediate by 
thefe figures: not that all affirmative propofitions are im- 
mediate ones, fince fome negatives are of this kind; for all 
propofitions are equally immediate, which cannot be con- 
firmed by fyllogifm ; and fuch are thofe negatives, of whofe 
terms it is impoffible any genus can be affirmed. Thus 
the propofition, xo /ubfiance is quality, is an immediate 
negative of this. kind, whofe terms are two of the moft 
univerfal genera of things. f | 


Again, as we have frequently. affirmed that he who de- 


monitrates, always affumes fuch things as are effentially 
predicated ; but that he who argues dialectically or topically, 
net always, but generally affumes fuch as are accidentally 
predicated, and which appear more probable and known 
than fuch as are effentially inherent ; it is proper we fhould 
define what js meant by accidental predication; or fome- 
thing predicated by means of another. Indeed, the term 
has a diffule fignification: for, firk, a body is faid to be 
white by fomething elfe, becaufe by its fuperficies ; and in 
this manner vines are white, becaufe their branches are 


white. Thus, if accident be predicated of accident, it is 


by means of another; as when we fay the mufician is fair; 
for the being a mufician is an accident of man, and the 
being fair of the mufician : and man is the fubject of each. 

The predicate of fubftance is equally accidental, when’ not 
| included 
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included in the number of things fubftantially inherent z 
as when we affirm of any particular man that he is red, ‘or 


black. But the predication is efpecially accidental, as often 


as, by perverting the order of nature, fubftance is predi- 
cated of accident; as when we fay fometfiing white is an 
animal: for this affertion differs from that other, animal its 


white. Inthe latter, the fubject animat is neither inherent: 


in another, nor fubfifts by another, but has an effential 
exiftence. In the former, what is affumed as a fubject 
derives its exiftence from that of which it is the accident. 
It is only dialeétically, therefore, that we can argue from 
predicates as probable and known without any diflinction: 
but in demonftration, all that are prepofterous and acci- 
dental muft be carefully avoided, excepting fuch accidents 


as being effentially in a fubjeét, admit of an effential 


predication; and fome of thefe we have enumerated before. 
17. We are now entering on a difquifition neither igno- 
ble nor ufelefs: it is this, whether the number of things 
predicated effentially of a fubject is finite, or whether things 
in a continued feries run on to infinity. For inftance, let 
us fuppofe fome ultimate fubje&, which is not the predi- 
cate of any thing befides; and let c reprefent fuch a 
fubject, of which 4 is the firt and immediate predicate 5 
and in the fame manner d of 4, and e of d: the query is, 
Whether or not this extraction muft necefflarily ftop, or 
will admit of an immenfe progreffion, fo that f may be 
predicated of e, and g of f, and fo on infinitely; the 
power of the predicates, which fupplies the common iden- 
tity, {till remaining inexhanttible and undiminifhed ? The 
fecond query is this, Suppofing fome general fubject, which 
we call a, of fuch a nature as to be no longer the fubject 
of any farther predication, but to be itfelf the {tipreme 
and primary predicate; and fuppofing that it is immediately 
inherent 


— 
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inherent in f, and f in e, and e in g; whether or not the 
procefs muft ftop,. or extend to infinity, and no fubject be 
found which is not directly predicable of another? There 
is a remarkable difference in the two confiderations ; for, 
in the former we enquire whether any ultimate fubject can 
fupply an infinite afcent of predicates; in the latter, whe- 
ther any firt predicate can exift in an infinite defcending 
feries of fubjects. The third queftion is, fuppofing two 
-extremes. conitituted from a firft predicate and laft fubject, 
whether it is poffible an. infinite number of mediums can 
intervene? And this- is no other than to enquire whether 
demonftrations. admit of an infinite progreffion, fe that. 
-whatever is affumed in proof of another, muft be proved 
itfelf? Or whether it is not more agreeable to truth, that 
there fhould be fome immediate propofitions and ultimate: 
terms, whofe difcovery may give refpite to enquiry, and 
ftay the elaborate procefs of demonftration? The fame 
queftion occurs in negatives. But that fome of thefe are 
immediate, the inftance: lately alledged. fufficiently evinces, 
The {olution of this enquiry is not fo difficult in fubjects 
which mutually reciprocate; for in ,thefe, when the ulti- 
mate fubject is given, no one cam doubt the exiftence of: 
- their primary predicate; nor when the primary predicate 
is admitted, can there be any doubt of the exiftence of 
fome ultimate fubject.. For, in things which mutually re-. 
ciprocate, whatever is enquired of the one, is immediately 
queftioned. of the other; and wherever there is a laft. fub-— 
ject, there muft be a firt predicate; for by. the converfion 
of the ultimate fubject you effect the primary predicate. , 
Previous to the difcuffion of the: firft. queftion,, it is ne-- 
ceflary to know that infinite intermediates cannot intervene. 
-between two finite terms in an afcending and. defending 
feries of predications, I call the feries afcending which. 
| ee 
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rifes to univerfals; but defcending, which, by a contrary 
procefs, ftops at. particulars. Thus, if any one admits that 
a is fome firit predicate, and g£ fome ultimate fubject, and 
fhould contend, that between thefe terms there may be 
infinite mediums, he contradicts himfelf:; fince he who 
begins from @ in a defcending progreffion, will never, by 
this means, arrive at g3 and he who departs from g in an 
afcending feries, can never finally rife to a. So that the 
extremes can be no longer finite, as the hypothefis admit- 
ted. Indeed, the abfurdity of {fuch a fuppofition is the 
fame as to contend that between one and ten, an infinity of 


numbers may exift; which is evidently impoffible, becaufe 


the difcrete nature of numbers excludes their actual exift- 
ence in infinitum, between: any finite limits; fince they 
can only become infinite from their actual exiftence and 
precedence, and not from any dormant power or capacity 
they poffefs: for between any two given numbers there is 
nothing fimilar to number in capacity, which can ever. be- 
come number in energy ; as in-quantity continuous between 
any two points there are always parts in capacity, which, 
whenever a proper agent is at hand, become immediately 
actual. dn irke manner, he who admits the terms finite, 
but believes that the mediums are infinite, afferts what is 


impoffible, fince thefe logical predications are of the fame 
difcrete nature with numbers themfelves. Thus all the 


predicates which can exift between Socrates and fubftance, 
muft exift actually, or not at ali; for furely between thefe 
two terms, or periods, no predicate in capacity can ever be 
fuppofed to fubfift. If it be urged, that the capacity of 
receiving thefe predicates exifts between Socrates and fub- 
ftance, ftill we reply, it is not that kind of capacity in 
which thefe predicates can retain the moft fhadowy exift- 
ence; out ef which they can ever be called forth into 

energy, 
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„energy, as from fome latent retreat ;. or. into. which they. 
can firally. retire, when energy.is no.more. Apd- hence 
we conclude. it.impoffible that -infinite.mediums: oan. exift 
between any. finite terms. 
18. It now remains that we prove, firft, by probable 
arguments, and: then by fueh as are demonftrative, that 
the.extremes in any feries of. predications are finite ;.and 
that an infinite. progreffion is impopfible,: not only.in fub- 
ftantial predicates, but in fuch.as are accidental. . For every 
thing predicated of another is either effentially or acciden- 
tally inherent ; and is predicated in a natural.or. prepofterous 
order. .It is predicated according to nature, .when accident 
: is declared.of:fubftance; contrary to nature, .when tubftance 
of.accident. That -effential predicates are. finite, appears 
.from hence,. becaufe.a contrary hypothefis .excludes . the 
exiftence .of definition, by admitting» that . all . taings..are 
contained in-fome fuperior. genus, and. acknowledge fome 
farther. definition ; fince it is impoffible that. the‘definitions 
of genus can ever be circum{cribed, while there. is .a conti- 
. nual fupply of other genera, which can never. be known, 
without definition ; .for thus we fhall never obtain -either a 
beginning oran end. But to define all things is not poffible, 
becaufe. infinity can. never be abfolved by the moft unwea- 
ried progreffion. Predications then, of .this kind, are 
always circum{cribed by a certain number of terms, which 
prevent their. infinite procefs, and caufe all the ftrength of 
demonftration, and all the certainty. of human. knowledge. 
Fhe fame may be proved in accidents; for fuch as are pre- 
dicated of fubftance, are. either predicated -as qualities - or 
quantities, 'as-relatives, or as actions and -paffions:; -as €x- 
preffive of .fome habit, or fignificant of fome: place ; or.as 
connected with fome time. ‘Thus we fay the wood is 
white, the triangle is fcalene; whitenefs being accidental 
Vou. I. k | to 
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to the wood, and {calenity to the triangle. It is therefore 
certain, that every accident is predicated of fubftance;. and 


- itis no lefs certain that the predicates of fubftance are finite, 


fince they are all included in the ten univerfal genera of 


things. 


19. We have hitherto defended the impoffibility of an 
infinite progreffion of logical predicates and fubjects, in a 
demonftrative procefs, by fuch arguments as are dialectical 
and common: it now remains that we adopt fuch as are 
peculiar and certain. Demonttrations, then, are derived 
from affections effentially inherent in a fubject; and thefe 
are either fuch as take place in definitions of a fubject, as 


- multitude and quantity, are effentially predicated of num- . 


ber; or, fecondly, accidents which are defined from their 


- fubjects, as imparity by number. But the predication 


cannot, in either cafe, be extended to infinity. For it is 
not neceffary that in the fame manner that imparity is 
predicated of number, fomething ele, fuppofe e, fhould - 
be predicated of imparity; and fo imparity be contained 
in its definition, fimilar to number in the definition of 
imparity. For in predications of this kind, the terms are 
always affumed more contracted than their fubje&t; and:at - 


- length, by a continued proceffion, muft terminate in an 
= 4ndivifible. Thus, as imparity is more contracted than 

“number, c muft be more contracted than imparity. Hence, 
_ thefe predications either finally ftop, for the reafons we 


have affigned; or becaufe whatever is predicated of im- 


=- parity, is neceffarily predicated of number; fo that: one 
- thing as number would be actually contained in the defi- 
. Rition.of an infinity of things ;- and fo actual infinity muft 


enfue, which is abfurd. Laftly, whatever is faid to refide 


im the terms, muft be allowed to refide in the fubject; fo 


number muft be applied.in the definition of. every affection ; 
and: 
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and an-.infinite number ‘of ‘properties will be effentidlly in- 


herent in number; and number will inherit infinite de- : 
finitions. - Bnt affections effentially refident in a fubject | 
cannot be infinite, becaufe it is neceffary they fhould exit . 
in energy. Thus, tmparity cannot exift. potentially in - 
number; nor reafon in man;-‘nor rotundity in a circle, . 
becaufe wherever thefe fubjects have an actual being, it is . 


neceflary thefe effential attributes fhould be actually inhe- 


rent. Again, in the definitions of a fubject, an infinite . 
procefs is impoffible, becaufé from fuch an hypothefis no- — 


thing could ever be defined; and thus it appears that neither 
can demonftrations be infinitely extended, nor every thing 


admit of demonftration, an opinion we have already noticed . 


in the beginning of this fection: for if neither univerfally, 
nor in. every propofition a middle term can be affumed, but 
as foon as we arrive at immediate propofitions, the labour 
of inveftigation is finifhed, the poffibility of demonftrating 
every thing can no longer be defended ; fince it is proved 
above, that by limiting the extremes, an infinite number 
of mediums is neceffarily excluded. 


And,thus, by taking away infinity from the reafoning . 
art, we have given a fupport to fcience, which the moft . 


vigorous efforts of fubtle fophiftry can never finally fubvert. 
We have fet bounds to that reftlefs {pirit of enquiry which ° 
wanders uncontrouled in the mind unenlightened by {cience, | 


by every where circumf{cribing its progrefs within the limits 


of that which is moft particular, and moft univerfal, a firft . 
predicate, and an ultimate fubject: and finally, by affert- ` 
ing that all the evidence of human knowledge refults from - 


» 


the luftre of primary and immediate principles, we have | 


held up a dteady and permanent light, ever fufficient to .- 


direct our fteps through the dark mazes of ignorance and 
error, into the bright — of certainty and truth. | 
k 2 20. Let 
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-20.' Let us next comfider whether univerfal demonftra—: 


tion is preferable'to pdtticular, or ndt And firft, in favour 
of particulars we may fay that their evidence is more ex- 


qdifite ‘and. certain ‘than that of univerfals. Thus, the | 


knowftige, from infpection, that Callias is a- rational animal, 
ts fuperior to that acquired: by a reafoning procefs which 
infers his rationality, .becaufe every man is a rational 


animal. By particular demonftration a thing is known as ° 


it is, by univérfal onfy in common. Béfides, particulars 


pefiefs fome folidity, univerfals‘none: and the demon- ' 


ftration of things which have a real exiftence, is more 
exceHent than that of things which have none. And there 
are no errors more frequent than thofe about univerfals ; 
demonftration confidering them as things entirely abftracted 
from. fingulars... Orm the contrary, -particulars are ufutped 
by the fight, grafped, as it were, bythe hand, and the 
general fubject of every fenfe; fo that concerning thefe, 
demonftration affirms hothing falfe or inconftant. But thefe 


reafons, however plaufible, are eafily confuted. And, firft,. 
the term effential is more clofely connected with univerfals. - 
than particulars. Thus the poffeffion of three angles. 


equal to two right, is an affection more effential to the 


triangle itfelf; than to’ one equilateral or fcalene. - Add'too, - 


that inthe demonftration of univérfals we always infer- 
fome property of a fubject from ‘its fimple'exiftence, or 


becaufe it is fuch a fubjeét. Again, many affections are 
contained in fingtlars affumed from no particular nature,’ 


but from that which is univerfal ;. as rationality in Socrates,: 


which is not. inferred from his exiftence as Socrates, but: 


from his exifterice as man. Farther, that demonftration. 
is thé more excellent which is derived from. the better 
caufe: but an univerfal caufe is- more extended and excel- 


lent than a particular one; fince the arduous inveftigation 
of 


DEMONSTRATIVE -SYLLOGISM. lxxvii 


of the why in any fubjedt is Ropt by thie ‘arrival! at univer- 
fats. Thus, if we defire to know why the ‘exterior ~ ‘angles: 
ef a triangle are equark to four right ones, and it is ai= 
fwered, betaufe the triangle is ifofteles;, we again ‘afk, But’ 
why becaufe ifofcebes > And if it be’ replied, becaufe it is a: 
triangle, we'may again enquire, But why becaufe a triangle >: 


To which wé finally anfwer, becaufé’a ‘triangle i is a right 


Kred figure ; and here our enquiry telts at that: univerfal! ; 


idea which embraces every preceding: particular one,’ and! 
is contained m no other’ morte’ generat and. comprelientfive’ 


than itfelf. Add too, that ttie demdonttfation bf particulars ` 


is almoft the demonftration of infinites’; < of univerfals,’ the’ 


demonftration of finites.—We add farther, that demon- 
ftration is the beft, which furnifhes the mind with the mot’ 
ample knowledge; and this is aloné the province of univer- 
fals. Again, the principles of fcience become immediate. 


ohly in proportion as the demonftration becomes univerfal ;: 


although laft in the progreffions of the reafoning: power. 


Again, That affirmative demonftration is- fuperiori to” 


nésative, appears from. hence: the affirmative does: not 
requiré the affiftance of the negative;. but the: negative 


cannot éxift without the affirmative ;-On whieh account, the 
demonftration compofed from negatives alone, is incapable 


of producing real evidénce and conviction. Befides, afirma-- 
tion exceeds negation both in priority. and fi mplicity: ofi 


exiftence, 
3- | Again, . 


_ and Ke who knows univerfals, knows particulars ini capacity :: 
But we cannot infer, that he wHo has the beft knowledge ` 
of particulars, knows any thing of univerfals. Laftly, that” 
which is univerfal, is the. province of intellect and reafon, 7 
particulars are the offspring of fenfe; and hence we con- 
clude that univerfal’ demonftration. exceeds: particular ‘both © 
in dignity and excellence, and is firft in the nature of things, ~ 


` ' 
l 
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Again, the demonttration which concludes directly, is. 
better than that which confirms a propofition by’ evincing, 
the abfurdity of its contrary. The firft proceeding in a 
regular order, eftablithes, by a fatural deduction, the truth 
which was firft advanced. The fecond taking a wider cir- 
cuit, yet with the fame intentions produces a conclyfion. 
quite oppofite to its apparent delign. The one may be. 
compared to the open attack of a valiant and fkilful foldier, 
‘who expects the conqueft of his enemy from ftrength and 
courage. alone: the progrefs of the other refembles the. 
fame foldier,. uniting force with ftratagem,. and advancing, | 
by an irregular march, which his foe miftakes for a retreat, 
ut finds the fecret caufe of his deftruction. The firft is 
fimple and impromifcuous, as compofed from propofitions 
alone: the fecond is compound. and mifcellaneous, calling 
An Jhypothefis to its affiftance. | 

21. One fcience is faid to be prior to, and more certain 
than another in many refpects;——when the one reafons 
from primary caufes, but the other from fuch as are fe- 
.cgndary :— when the one may be ranked in the genera of 
intelligibles and .niverfals; but the other in the genera of 
fenfibles and particulars. And fuch is the relation of 
arithmetic to mufic; of geometry to optics; and laftly, of | 
every fuperior to every fubordinate fcience. Again, this 
happens when the one reafons from fimple principles, the 
-other from fuch as are complex and connected; on which 
account arithmetic feems to poffefs greater certainty than 
geometry. For the principle oi arithmetic is unity; but 
of geometry a point; and unity is without pofition, with 
which a point is always connected. And in this manner — 
geometry inherits greater evidence than aftronomy; for 
the one confiders body fimply, the other as connected with 
a circular motion. The fcience is called one which con- 

templates 
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templates actions belonging to one genus: the'genus is one 
which poffeffes the fame firft principles; and hence geo- 
metry and ftereometry form one fcience. On the contrary, 
the fciences are called different which have different prin- 
ciples, fuch as geometry and optics; the latter of which 
does not originate from the principles of the former. 
Again, the fame thing may admit of many demonftra- 
tions,, and may be known from many mediums: at one 
time from: the application of fuch as are congenial: at 
another, from thofe of a different order or genus. From 
congenials, as when we demonftrate that the plantain is a 
fubftance, firft, by the medium of a tree; and- then by the 
medium of a plant, thus: 
Every tree is a fubftance ; 
The plantain is a tree: 
Therefore the plantain is a fubftance.. And again, 
Every plant is a fubftance: 
The plantain is a plant: — 
Therefore the plantain is a fubftance. 
We demonftrate, from mediums, of a following order or 
_genus, as when we prove man to be a fubftance, at one 
one time from his being rational, at another from his 
being a biped; and thefe mediums, in: part, mutually 
contain each other. | 
22. Fortuitous events can never, in any fcience, become 
the fubject of demonftration ; fince they are neither limited 
by neceflity, nor admit the arrangement of fyllogifm. In- 
deed, fo far from obtaining a neceffary, they do not poffefs. 
a frequent exiftence, but every fyllogifm is- compofed.from 
one or other of thefe. 
Again, {cience is not the bBufinefs of fenfe, fince that 
_which is univerfal is the object of perception in particulars. 


themfelves. For-the- object of. fight is- colour. in general, 
andi 
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and, not -this particular..colour.. the obje& of hearing as 
found in general, and, not any, particular found; a 1d -on 
-this account we fee or hear not only. this or that oe tee or 
found, but likewife every. other which fails under the cog- 


snizance of thefe fenfes. Hence, if it were pofiible for. any 


-one to.difcern by his fight, the equality of the three angles 
.ef fome particular triangle to two right,: he would nat by 
shis means poffefs a.demonftratjon of the conclufion which 
:affirms:this to be the property of every triangle ; s but his 
‘knowledge would. extend no farther than the triangle he 
jnfpegts. Thus too, if we could perceive an ecdipfe of the 
noon to arife from the interpofition of the earth, .we 
could not univerfally conclude that this is the caufe of every 
eclipfe, but only of the particular one we behold. For 
-the explication of caufes extends. to univerfals ; and com- 
‘prehends not omy the knowledge of one particular. defect 
.of the moon, but fimply of every eclipfe; fince the intér- 
pofition of the earth is not fo much the caufe of any pre- 
{ent eclipfe, as of all which can poffibly exift in every age. 
‘Whenever, then, the caufe is univerfal, the knowledge of 


_any effect deduced from fuch a caufe is, in every refpect, 


f{uperior to the evidence arifing from the perceptions of 
fenfe. It isdikewife more excellent than the apprehenfion 
which fubfitts independent of the proper caufe; as if any 


one fhould give abfolute credit.to the propofition, that the 


‘three angles of a triangle are. „equal to two right, without 
a previous conviction that the external angle of a triangle, 
Js equal to the two interior oppofite ones; and without av- 


-plying this ‘lait propofition as the caufe of the firt. The 


comprehenfion, then, which is conjoined with the proper 
caufe, far exceeds the ftrongeft evidence of fenfe. 
But perhaps it may be faid that fcience confifts in ferfe, 


“becaufe fhe fcience of any particular, fails trom a defect or 


the 
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the fenfe by which it is apprehended. To this we reply, 
that {cience, indeed, is not acquired without the affiftance 
of fenfe, but it does not follow from hence, that fo perceive 
is to know; becaufe the object of {cience is that which 
is univerfal; but of fenfe, that which is particular. Thus, 
if we could fee light penetrating the pores of glafs (on the 
atomical hypothefis) the caufe why it illuminates would be 
' manifeft from. fenfible infpetion as the means, and from 
the univerfal apprehenfion of f{cience, by which we fhould 
-underftand this to be univerfally true. 
Again, the principles of all fciences cannot be the fame 
neither confidered as remote or proximate. Not confidered 
as proximate, becaufe the principles always correfpond to 
the demonftrated conclufions; but thefe are not the fame, 
. fince they are often generically different; and confequently 
the propofitions from which they refult muft be derived 
from difcordant genera. But propofitions confift of fuch 
things as effentially exift; and hence we infer, that the 
principles of geometry are effentially diftinguifhed from 
` thofe of arithmetic, that they cannot admit of reciprocal 
accommodation, fo that the one may be predicated, or be- 
come the fubject of the other, and that the one can never 
be fubfervient as a medium to the other. Again, common 
and firft principles are not applied in every fcience ; fuch 
as this, that every thing muft either be affirmed or denied. 
Nor can any thing be proved by their affiftance alone, but 
as often as thefe are required in demonftration, other prin- ` 
ciples more proximate and peculiar to the given propofition, 
rouft always be adopted. Again, axioms univerfally con- 
ceived, cannot be affumed in fyllogifm, but they muft. be 
contracted, as it were, to fome fubject genus. Of this 
kind is that common axiom, that as often as any four 
quantities are proportionable, by permutation, or changing 
», Vou. I. | ] | the 
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the order of the terms, the fame ratio will refult. For the 
arts apply this axiom in a reftricted fenfe; geometry, by 
confidering the relatives as four magnitudes, and arithmetic © 
as four numbers; but the natural philofopher, by adapt- 
ing the comparifon to four motions, or four times. Befides, 
if the principles of all fciences were the fame, it is neceflary 
they fhould be comprehended by fome certain number, ' 
- fimilar-to the limitation of the elements: but every fcience 
is capable of immenfe increafe from the many different 
modes of amplification the conclufions will admit; and 
confequently it is requifite to eftablifh a correfpondent num- — 
ber of proper principles; for fuch as are common cannot 
be alone fufficient. Laftly, if the fame principles accord 
with every fcience, it follows, that any thing may be de- 
monftrated from fuch principles: but the certainty of geo- 
metrical conclufions cannot be eftablifhed from the principles 
of mufic; and from hence it follows, that although the 
principles: of every fcience are not the fame, they do not | 
pofiefs an entire diverfity, nor yet an abfolute affinity of 
nature. 

23. There is a remarkable difference between {cience 
and opinion. Whatever is the fubjeét of fcience muft have 
a necefflary exiftence; on the contrary, opinion is conver- 
fant with things liable to mutation and decay. Again,-as 
feience depends on neceflary propofitions for fupport, fo 
opinion on fuch as poffefs only a poffibility of exiftence ; 
and fo there is one mode of approbation in fubjects of 
opinion, and another in thofe of f{cience.. Hence fcience is 
diftinguifhed from opinion by two difcriminations, the one 
arifing from their fubjects, the other from the mode of 
approbation. That opinion is converfant with things 
-poffible or contingent, we may learn from hence; contin- 
gencies cannot belong to fcience, becaufe their exiftence is 

not 


DEMONSTRATIVE SYLLOGISM.  lxxxiii 


not neceffary ; nor to intellect, or that principle of {cience 
by which its terms are known; nor to the apprehenfion or. 
belief of immediate propofitions, called indemonftrable fci- 


ence. Hence, if every habit by which truth is known, is 


either fcience, or intellect, or opinion, it remains that opi- 
nion alone confifts of things which are, indeed, true; but 
not neceffary. It is, therefore, inconftant and unftable, 
from the mutable nature of its fubjeéts. Befides, no one 
thinks he poffeffes an opinion of things which he believes 
to have a neceffary exiftence, fo that they cannot be other- 


wife than they are; but to fuch conviction he properly gives 


the name of knowledge, and to its contrary the name of 
opinion. 

Again, the fame thing from the fame propofitions may 
at one time become the fubject of knowledge, at another, 
of opinion; and this happens according to the different 
formation of the fyllogifm which the propofitions compofe; 
whether reafoning from the proper caufe it explains the 


‘why, or only fimply declares a thing exifts. Hence a doubt 
-arifes why opinions of this kind may not be called {cience, 


fince both the fubjects and propofitions are the fame? The 


{olution is obvious. If it is believed that the propofitions 


cannot be otherwife than they are, or that they have a 
neceffary exiftence, fuch an affent of the,mind is not opinion, 
but fcience ; becaufe things which inherit an effential exift- 
ence are the ornaments of {cience alone. On the contrary,.if 
we are convinced that the propofitions are true, but at the 


. fame time not necefflary, fuch conviction is not {cience, but 


opinion. Hence, it is impoffible that fcience and opinion 
can. be the fame, fince they vary in their definition and 
mode of approbation, and in a different manner demand 
our belief. Similar to this, although it may happen that 
of the fame thing a true and a falfe opinion may arife, it 

l1 2 will 
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‘will not therefore follow, that true and falfe opinions are 
the fame. Forthat which is firm and conftant can never 
‘be the fame with that which is mutable and frail; and that 


which is always true muit be effentially different from that 


‘which may be changed into falfe. By the power of habit 
‘indeed in different men, the fame thing may be compre- 


hended by opinion. and fcience. . Thus it was opinion in 
Epicurus when he faid that the fun was eclipfed by the 


= moon paffing under its orb, becaufe he thought it might 


otherwife happen, and that the moon might be interpofed 
without ob{curing the light of the fun. It was fcience in 
Hipparchus, becaufe he knew it as a neceffary event. But 


‘in the fame mind, at the fame time, and of the fame 
, thing, it is impoflible that {cience and opinion can exift. 


And thus much concerning the difference of the two. 

24. Laftly, fagacity is an acute and fudden apprehenfion 
of the medium, or proper caufe of a certain effect: as if 
any one, beholding the moon, fhould-in a moment con- 


jeCture the caufe of the part oppofite to the fun being 


lucid, and the other parts obfcure, becaufe fhe derives her 


- {plendor from the fun. Hence he is univerfally called acute 


. and fagacious, who, from the afpeét or hearing of the ex- 


tremes, can readily perceive the medium which exifts 
between them: as the term imports a certain revolution 
of the conclufion into its firft propofitions, and, as it were, 
a {wift comprehenfion and continuation of the medium. 
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TYN the enfuing Commentaries, the foul is conftdered as | 
I immaterial; and as poffeffing a middle nature between 
intelligibles and fenfibles; but that this important affertion 

may not remain without proof, the following demonftrative — 


arguments, derived from the Platonic philofophy, are 


offered to the reader’s conftderation. And firft, that the 
foul is an unextended, and confequently immaterial effence, 
may be thus proved. If, after the manner of magnitude, . 
it confifted of continuous parts, it would be impofitble that 
any one part could be fentient from the' paffion of another;- 
but the foul, for inftance, which is fituated in the finger, 
would be fenfible of paffion, as if detached from foul in 
the other parts of the body, and exifting by itfelf; for the 
foul, from this hypothefis, would be fentient by parts, and 
not confidered as a whole. Befides, there muft be many 
fouls governing each part of us, different among them- 
felves, and endued with their own pecuhar energies. For 
whatever may be faid of continuity, is to no purpofe, un- 
lefs it conduces to unity of fenfation ; fo that the hypothefis 
which fuppofes that the fenfations gradually arrive at the 
principal part of the foul by a certain continued fucceffion, 
is not to be admitted, fince it may be reafonably afked, 
How is the principal part to be peculiarly diftinguifhed ? 
By what rule of quantity can the parts be difcerned, by 
what difference are they to be diftinguifhed, where the 
quantity is one, and the bulk continuous? Befides, is the 
principal part alone, or are the other parts, fentient ? If the 
principal part alone be perceptive, the foul can then alone 
be fentient’- when a fenfible paffion meets with this prin- 
: : E . cipal 
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cipal part, fituated in its peculiar feat; but if a fenfible 
paffion falls upon any other part of the foul deftitute of 
fenfe, it is impoffible that fuch a part fhould be able to 
tranfmit the fame paffion to the principal, or be at all fen- 
tient. For hgw can that which is void of fenfe, receive 
paffion, and convey it entire to a fentient part? Befides, if 
paffion accedes to the principal, it either falls on one of its 
parts, and fo either one part alone will be fentient, and 
the reft without fenfation, and confequently fuperfluous, or. 

there muft be innumerable and diffimilar fenfations; for if , 
the fenfation of each of the parts fingly, is the fame with 


the aggregate of them all, of what ufe is a multitude of 


parts? But if the fenfations are vatious, a man may fay, 
as it were, I am primarily fentient in this place, and {econ- 
darily in another; and every fentient part befides the firft, 
will be ignorant where fenfation is moft powerful: or per- 
haps,(from fuch an hypothefis) every part of the foul will 
be equally deceived, each part thinking the paffion to arife 
in the place where it is fituated. But if not the principal] 
part alone, but every part of the foul be fentient, a prin- 
cipal part is fuperfluous for the purpofe of fenfation; and 
if the foul be divifible like magnitude, how is it able to 
recognize, as belonging to one fubje@, the qualities which 


flow, as it were, through many fenfes, as through the 


eyes and ears? For that part of the foul which is perceptive 
through the eyes, diftinguifhes nothing but colours; that 
which energifes through the ears, nothing but founds; and 
that which acts through the medium of the touch, nothing 
but the furfaces of bodies: what is it then which per- 
ceives all thefe properties of bodies united in one fubject, 
or what is that which perceives any thing as a certain one? 
For unlefs the intentions of the fenfes, and of fenfible 
objects, were collected together in one, the-foul could 

never 
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hever be able to judge of the peculiar and different proper- 
ties of bodies. Hence it is neceflary that the foul fhould 
` be, as it were, a general centre; that the feveral fenfes 
fhould be eende on all fides to this, fimilar to lines 
verging from the circumference of a circle to the centre; 
and that a power ef this kind, comprehending all things, 
fhould be truly one. ` For if the foul was any thing divi- 
fible, and the intentions of the fenfes reached the foul,. and 
ended in its effence like the extremities of various lines, 
they muft either again concur in one and the fame as a 
medium, or have different fituations, in fuch a manner 
that each fenfe may perceive different from one another: 
as if, for inftance, the fenfe of fight fhould perceive the 
form of Socrates, and the fenfe of hearing recognize his | 
voice; that effence which pronounces the whole to be one 
- perfon, that of Socrates, muft be fomething different fronr 
éach of the fenfes. Hente it is neceffary that the foul 
fhould be an indivifible effence; for if fhe poffeffed mag- 
nitude, fhe muft be divided along with every fenfible obje& 
fhe perceives; fo that one part of the foul would perceive 
a certain part of a fenfible object, and we fhould poffefs no 


. fentient power capable of perceiving the whole, or of pro- _ 


nouncing any thing one. Thus, in the perception of a — 
man, confidered as one, how is it poffible that the foul 
can be divided, fo that the perception of a part fhall be the 
fame with the perception of the whole. But if we fuppofe 
the foul divifible in all her pe--—*tons, fince it is impoffible 
fhe fhould be co- -extended vith every fentient object, in 
how many parts is the divifion to be made? Is the foul to 
_ be diftributed into the fame number of parts as the fenfible 
object fhe perceives, fo that every part of the foul may 
perceive the fame part of the object? Or fhall we fay that 
the parts of the foul have no acacia o the parts of the 
2. - object? 


\ 
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object? But this would be abfurd and impoffible. If every 
part then of the foul perceived every part of a magnitude 
as a whole, fince magnitude is divifible to infinity, and fince, 
on this hypothefis, there muft be innumerable fenfations 
of every fentible object, there muft be innumerable images, 
as it were, of the fame thing in our principal part. . Be- 
fides, if that which perceives is corporeal, it will not be 
poffible for it to perceive in any other manner than as if 
certain images were imprefled from a {eal in wax, or in 
brafs, or in any other fenfible fubftance. But if the images 
of fenfation exift as in humid bodies (which is moft pro- 
bable), they will certainly be confounded like images in 
water; nor can there be any memory, the image departing 
with its forming fubftance. And if we fuppofe the figures 
to remain like impreffions in folid bodies, either it will 
not be poffible for others to fucceed while the former en- 
dure; and thus, fenfations of other things cannot take 
place; or if others fucceed, the former images muft be 
immediately deftroyed, and memory be no more. So that 
if we allow it pofflible to remember, and, befides this, to 
perceive other things, without any hindrance from former 
impreffions, it is impoffible that the foul fhould be corpo- 
real. Since the foul, therefore, is an unextended, indivi- 
fible, and immaterial fubftance, it is confequently incorrup- | 
tible and immortal; for every thing capable of diffolution 
and difperfion is either corporeal and compofite, or exifts 
in fome fubject from which it is infeparable. And indeed, 
whatever may be diffolved is corruptible, as being com- 
pounded from many. But whatever naturally fubfifts in 
fomething different from itfelf, when it is feparated from 
its fubject, immediately vanifhes into non-entity. But the 
foul, as we have proved, #s incorporeal; it is likewife re- 
_ moved’ from every fubject, and naturally reverts to itfelf, 
and is therefore immortal and incorruptible. 

2. Let. 
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2. Let us now confider how, and on what account the 
foul is faid to be of a middle nature, and to be the recep- 
tacle of all middle energies, both vital and gnoftic- Since, 
then, there is along gradation of beings, proceeding from 
the firft being, even to formlefs matter, which is nothing 
more than the dark fhadow of effence, it is. requifite to 
enquire what the properties are of the firft and laft beings, 
and what the condition is of the middle orders; for thus 
we fhall know where the effence of the foul ought to be 
placed. ‘The properties of intelligible natures, therefore, 
are as follows: true being, eternal, indivifible, immove- 
able, total, perfect, full of effence, replete with life, free, 
moving all things, fimilitude, prefiding over all things, and 
at the fame time feparated from all; for each of thefe pro- 
perties appears in intelligibles, according to the proceffions 
of being. But the properties of fenfible natures, different 
from thefe by the greateft interval, are fuch as, not-true- 
being, temporal according to effence, partible, moveable, 
particular, indigent of another, always replete with fub- 
fiftence, living by participation, moved by another, diffi- 
militude, and occupying place by parts. But the middle 
properties of thefe are, not-true-being, an effence better 
than non-being, and infericr to true-being, according to 
effence eternal, but according to its energies extended with 
time, indivifible according to its divine part, but divifible | 
according to the various preceffions of reafons, felf-motive, — 
governing things moved by another, but fubordinate to 
fuch as are immoveable, bearing before itfelf a particular 
nature, together with its totality; (for, becaufe it contains. 
in itfelf all reafons, it is after a manner a whole, but be- 
caufe it is diminifhed and fallen, ends in parts, and fuffers 
a tranfition of its energy, it muft be efteemed a particular 
nature): and again, perfecting itfelf, yet, neverthelefs, 
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perfected by natures prior to its own; filling itfelf with 
power and {ftrength, and at the fame time filled by others: 
living from itfelf, and receiving life from others, being 
more divine, indeed, than things which live only by par- 
ticipation, but inferior to things primarily vital; moving 
other things, and itfelf moved by others; at the fame time 
fimilar and diffimilar; and feparated, at the fame time, 
from laft natures, and co-ordinated with them. Such then, 
being the properties of the firft, middle, and laft orders, . 
let us confider where we. ought to place the foul, whether 
in the firft order, or in thofe which retain the laft place: 
but if we eftablifh it among the firft, it muft be true being, 
every way eternal and immoveable, and it muft confequently 
pofiefs every thing which we have attributed to the firt 
beings; add too, that on this hypothefis we can no longer 
attribute to the foul a power of felf-motion, nor the dif- 
curfive procefflions of reafoning, nor a variety of other 
particulars, which manifeftly belong to the foul. But can 
we place it-with propriety among the laft of beings? The 
leaft of all: for on this hypothefis we fhall make it alone 
moved by others, divifible, compofite, and alone poffeffing 
perfection from others, the oppofite of which is evident 
in all our fouls; fince they move and perfect themfelves, 
and are led wherever they pleafe. Since then it is not 
poffible to place the foul either in the firft, or laft order of 
beings, it is requifite to aflign it a middle place, in imita- 
tion of its divine caufe Rhea (according to the theologifts), 
who is the conciliating band of the two parents Saturn and 
Jupiter, and is reported, from her prolific bofom to pro- 
duce the life of the foul. But though the foul is thus the 
extremity of intelligible, and the principle of fenfible na- 
tures, we muft not conceive it to be fuch a principle or 
extremity as a point in a line, for it is not in both the 

natures 
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natures it terminates, like a point in both the feétions ofa 
Tine; but it is to be called the extremity of intelligibles, 
becaufe it appears after an intelligible effence, and the 
principle of fenfibles, as being abftracted from them, and 
the fource of their motion. And thus it will preferve to 
us a certain proportion, that as the natures which are 
moved by others, are to thofe which are moved by them- 
felves, fo are thefe laft to immoveable natures; and hence 
it will obtain the condition of a bond, on account of its 
peculiar mediocrity, unfolding, indeed, united caufes, but 
reducing the diffipated powers of fenfibles into ome, and 
being contained by an immoveable and perpetually abiding 
caufe; but containing itfelf the generation, which, moved 
by another, is fubject to continual mutation. It is likewife 
intelligible, if we regard generated natures; but generated, 
= if we compare it with intelligibles; and thus it exhibits in 
its middle nature both extremes, imitating alfo, by this means, 
(according to the Greek theologifts) its divine caufe, for it 
ts faid to be on both fides refulgent, appspays, and to be 
endued with two faces augimgorwmos, and to receive in its bo- 
fom the proceffions of intelligible natures.. It is likewife 
faid to be replenifhed with intellectual ‘life, and to be the. 
fountain of the ever-running ftreams. of corporeal life, and 
to contain in itfelf the centre of the proceffions of all beings. 
On this account it 1s, with great propriety, affirmed to be 
generated, and at the fame time without generation. For 
true being, according to the Platonifts, is without genera- 
tion, becaufe it has an infinite power of being totally pre- 
fent at the fame time: and body is faid to be generated,, 
becaufe it always poffeffes in itfelf an infinite flowing power, 
which it cannot at once totally receive. The foul, there- 
fore, becaufe it is incorporeal, abiding in itfelf, has an in- 
finite power of being, and this total with refpect to its: 

: m 2. effence,, 
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effence, and immortal without generation; but according 
to parts it may be confidered in infinite production. For 
it has not the fame total infinity ever prefent, or there 
would be the fame infinity of the whole and part, of the 
perfect and imperfect, of the contained and containing, 
which is impoffible. But neither is it poffible that the 
whole of its effence fhould be in the act of perpetual pro- 
duction, any more than that a part of it.fhould be eternal 
being, left the part fhould be more worthy and better than 
the whole. Hence the imeacis, or fubfiftence of the foul, 
is at the fame time of infinite power, and is generated in 
infinitum; for by this means it participates of being, and 
_ obtains the firft place among generated natures ; while body 
alone, both with refpect to its whole and parts, is-obnoxious 
to a perpetual generation. . 3 
3. But let us now enquire from what genera Plato com- 
pofes this nature of the foul, which contains in itfelf the 
bond of all beings; previous to which it will be requifite 
to explain what thefe genera are, and from whence they 
originate. Of the fpecies, then, exifting in the intelligible 
world, or the divine intelleét, which contains in itfelf the 
caufes of all pofterior natures, {fome are moft general, ex- 
tending themfelves to the univerfality of things; but others 
are more particular, like the moft {pecial fpecies, and others 
dubfifting between thefe, expand themfelves, indeed, to q 
. multitude of things, but not to all, according to the divi- 
fion of the Elean gueft in the Sophifta. For man is pro- 
duced from the ideal man, and horfe from the ideal horfe, 
in the intelligible world; but the fimilitude which is found 
in man and horfe, and other animals, is produced from 
hikend{s itfelf, or the ideal fimilitude, as diffimilitude from 
unlikenefs itfelf; but the famenefs and difference which © 
are found in all beings, proeced from the famenefs and 
- > | difference 
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difference which fubfiit in ever-vital energy and perfection, 
in the fupreme intelle&, or the ideal world. Now, as 
among the {ciences fome are.efpecially univerfal, fo in in- 
telligible caufes fome are perfectly particular, prefiding 
alone over the proper and peculiar number of one fpecies ; 
but others extend themfelues to a multitude, fuch as equa- 
lity, likenefs, totality, (for the whole confidered as a whole 
is not common to all things, fince the part is not a whole); 
but others, again, expand themfelves to all things, as all 
beings participate of thefe, confidered as beings, and not 
confidered as vital or animated, or poffeffing any other 
property exclufive of the denomination of being. Becaufe, 
therefore, demg is the firft, the caufes of Jemg obtain the 
moft univerfal order among genera; and thefe are five in 
number, as follows, efence, famene/s, difference, motion, and 
flation. For every being is endued with effence; is united 
to itfelf; is by itfelf, or its own famenefs, feparated from 
others ; proceeds from itfelf, and its own ftate and principle, 
. and no lefs appears to participate of a certain adiding, in 
preferving its own proper fpecies. All things, therefore, 
whether intelligibles or fenfibles, or fubfifting between 
both, depend on thefe genera for their exiftence. For 
without the being of efence, nothing could fubfift; in like 
‘manner, without /uwsmene/s every whole would be diffipated, 
and divided from itfelf; and diference being taken away, ~ 
all things would be one alone, and multitude be deftroyed, 
. But without motion and /lation, all things would either be 
inefficacious and dead, or, lofing their proper ftate and fta- 
"a would end in non-entity. l 
. Such then being the middle nature of the foul, Plato, 

with great propriety, in the Phædrus, and in his tenth 
book of laws, defines it to be number moving itfelf; which | 
definition he received from Philolaus, and Philolaus from 
oi al 


xiv . DISSERTATION on THE 


Pythagoras. For fince mathematical fpecies have a middle 
fubfiftence, as is proved in the following Commentaries, 
they are of all things moft accomniodated to the nature of 
the foul. Hence Plato, in imitation of Pythagoras, fome- 
times explains the foul by number, as in the prefent in- 
ftance; and fometimes by figure and magnitude, as in the 
Timzeus; while he confiders in the foul the interfection of 
lines, and a twofold circle. For fince mathematical forms 
are feparated from the flux and inconftancy of matter, they 
participate of a certain, exact, fure, and exquifite condi- 
tion, by means of which they eminently confer to the ele- 
vation of our ingenuity, and the explication of latent 
concerns ; and, on this account, as they pertain to numbers, 
we may fay, preferving the analogy, that there are five 
orders of numbers, rhe divine, the effential, the animative, 
the natural, and the mathematic. The firft of thefe is uni- 
form, the fecond immoveable, the third felf-motive, the 
fourth moved by another, and the laft the image of the 
others, and their external meafure. The divine number 
is confidered eminently in the deity, as in the principle of 
all things; the effential belongs to intellect through ideas, 
and is called effence, unity, and the frfl being; the animative 
number belongs to the foul, through the medium of her 
inherent reafons; the natural to phyfical concerns, through 
the feeds of nature; and laftly, the mathematical belongs. 
to opinion, as it is nothing more than the image of effential 
number, formed by the energies of the rational foul. The 
foul, therefore, is number, not limited by quantity, and 
mathematical, but animative; it is number, not indeed 
numbering, but numbered, generating and converted into 
itfelf. Hence too, becaufe harmony arifes from number, 
the foul is called harmony; not, indeed, a harmony of 
the parts of the body, nor the harmonic quantity which 

6 i fubfifts 
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fubfifts in found or in voice; but a harmony arifing from. 
its effential numbers, placed in its inherent reafons, and in 
the genera which conftitute its nature. It is this harmony. 
which produces, as from its proper caufe, the harmony 
of the corporeal parts, the rhythm of motions, and the 
melody of voices and founds. It is this which produces 
that delight in*the foul from fenfible harmony, which 
fufficiently indicates it to be fomething familiar and do- 
meftic to her nature. From hence it may be inferred, that 
Plato is not inconfiftent with himfelf when, in the Phzdo, 
he denies, and in the Timzus affirms, the foul to be har- 
mony ; for he denies that it is a harmony of a definite 
quantity, or fuch as arifes from the parts of the body; but 
he afferts it to be a harmony in the’ manner already ex- 
plained. It may likewife be inferred, that Plato is igno- 
rantly accufed by a many, for affirming that the foul is 
harmony, or number; for they only regard vulgar mathe-- 
matical number, and fenfible harmony; while Plato, far 
more elevated, difcourfes of intelligible numbers, and ideal 
harmony, fubfifting in immaterial energy and perfection. 
ç. And here it is neceflary to confider what number, in 
a particular manner belongs to the foul; for various num- 
bers, differently confidered, accord with her felf-motive 
nature. In the firft place, union and unity may be con- 
fidered in the foul, as in her proper degree fhe participates 
of divine unity ; and hkewife with relation to her totality, 
for fhe is one certain whole. And becaufe a whole may be 
confidered in a triple refpect, one before the parts, another 
rifing from the aggregate of parts, and a third fubfifting 
in the fingle parts; the foul is a whole in each of thefe 
refpects. Thus fhe is a whole prior to the parts, while fhe 
is confidered as divifible into them, in an incorporeal man- 
ner; fhe is a whole rifing from parts, while affuming the 
parts 
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parts in the firft place, we confider how her nature is fa-- 
bricated from their conjunction ; and fhe is a whole in the 
fingle parts, fince fhe is total in the: whole, and in every © 
part. Befides, the duad belongs to the foul,’ becaufe fhe 
contains in her nature bound and infinite, famenefs and 
difference ; and laftly, a converfion to intelligibles and fen- 
fibles. And, indeed, the duad conjoined with unity, very 
properly accords with the foul; for to intellect above foul,. 
unity particularly belongs; to body beneath foul, the in- 
finite alone; and to foul fituated in the middle, duality 
properly agrees, being, as it were, infinite, connected with’ 
unity. Again, the ternary number is attributed to the 
foul, as well on account of her beginning, middle, and 
end, as becaufe fhe abides in herfelf, proceeds to inferiors, 
and returns to fupernal natures. Befides, fhe flows from: 
the one, recedes from him, and is reflected into the one: 
when fhe acquires her proper perfection. lLaftly, as Pro- 
clus obferves, the nature of the foul is divided into effence,. 
power, and energy; fo that fhe may be faid to rejoice im 
the ternary number, and to be replete with its perfection. 
But the quaternary number belongs to the foul fo far as 
fhe is connected with matter, which is tempered with four 
qualities, and four elements; and fhe. is endued with four 
principal faculties, nutrition, fenfation, local motion, and: 
gtellection. But to omit other numbers, and their confor- 
mity with the foul, the quinary, and feptenary numbers. 
are efpecially attributed tothe foul. The quinary, becaufe 
the foul is compofed from the five genera of things, we 
have previoufly explained; and becaufe five particulars 
merit a principal confideration in the foul; firft, her effence ;: 
fecondly, the harmony of her reafons; thirdly, the fpecies: 
arifing from the concord of her parts or reafons; fourthly,. 
her virtue; and, laftly, her energies: and on this account, 

ot. Proclus. 
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Proclus. obferves, the canfideration of the foul ought to 
seceive a. quintuple diftribution. Befides, as the foul con- 
fifts fram a. divifible and indivifible nature; fo the quinary ` 
is campofed from the firft even and the firft odd number. 
Laftly, as the foul is the connecting medium of the uni- 
. werfe;. fo the quinary obtains the middle fituation in uni- 
yverfal number, that is in the decad. But the feptenary 
number belongs to the foul, becaufe, as Plato fhews, in his 
Timezus, all harmonical reafons are contained in the feven 
numbers, 1, 2, 3, 4, 9, 8, 273; and from thefe the foul is 
compofed. Hence Proclus elegantly obferves, that the 
feptenary number is dedicated to Apollo, the parent of’ all 
harmony; becaufe in one,.two, and four, from which the 
feptenary refults, the firt bifdiapafon is found. Befides, 
the writers on harmony affirm that all the difference of 
voices proceeds as far as to the feventh degree. So that 
Plato ufes, with great propriety, the feptenary number for 
the compofition of the foul. Again, in thefe numbers of 
the foul, every medium is found in a convenient propor- 
tion; in thefe the geometric medium is contained, €arre~ 
{ponding to the right inftitution of laws; of which Plata, 
in his Republic, fays, that by this cities are properly go- 
verned: there is found too, an harmonica! medium, which 
is the fimilitude of juftice: ‘and laftly, we may difcover an 
- arithmetical medium, which is called the illuftnious fymbal 
of peace. After this manner, therefore, Plato, with a 
wonderful fecundity of fignifications, affirms that the foul. 
is compofed from numbers. He likewife confiders the 
figures fhe contains, I mean the circle and triangle; becaufe 
as the foul is the firt nature which verges to body, fo 
thefe are the firft of all figures, as well rectilinear as cur- - 
vilinear. Befides, an orbiculation agrees to the foul, through 
intellect; but progreffion and, rectitude according to her 
You. hL n own 
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own proper nature; and on this account fhe contains both 


a ftraight and circular figure. I omit-other correfponden- 
cies of a circle and triangle with the foul, as they are 
exhibited in the following Commentaries; and particularly 
by Proclus, in the third book of his Commentaries on the 
Timzus: it is fufficient to the defign of this Differtation, 
juft to have mentioned this analogy, that the nature of the 
numbers and figures may appear, which are confidered by 
Plato in the compofition of the foul. 


6. Let us now pafs from contemplating the nature of 


the foul, to a furvey of its various gradations of know- 
ledge, and the means by which it acquires the illuminations 
of {cience; as this is a fpecwlation perfectly effential to a 
full comprehenfion of the enfuing Commentaries. Accord- 
ing to Plato, then, in the fixth and feventh books of his 
‘Republic *, there are four degrees of the internal cogni- 
tions of our foul; imagination, or affimilation; faith, coe 
gitation (aroia); and laftly, fcience.or wifdom. The two 
firft degrees conjoined conftitute opinion; but the ‘two laft 
equally joined produce intelligence in its large acceptations 
I fay in its large acceptation, becaufe the word intelligence 
is confidered by the Platonifts in a triple refpe&t. Firft, as 
it rifes from opinion and fcience; as Plato afferts, in the 
_ feventh book of his Republic. - Secondly, as it paffes into 
the fame with fcience; for thus, in the end of the fixth 
book, he confiders intelligence and fcience as the fame. 
Laftly, as it is diftinguifhed from fcience, and intelligible 
from that which is the object of cognition: thus, fcience 
regards the effentiat reafons of the foul; but intelligence 
elevates us to ideas, and this is intelligence in its proper 
acceptation. The diftinction of thefe. four degrees, efpe- 
cially depends on the diftinction of things with which the 
. * See Note to Chap. i. Book i. of the enfuing Commentaries. i 


foul 
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foul is converfant. For thefe four degrees of things are, 


the jmage of a fenfible obje&t, the fenfible object itfelf, 


the image of an intelligible object, and the intelligible it- 
felf. Imagination or affimilation regards the image of the 
fenfible object; which image is nothing more than the 
fhadow or refemblance appearing in water, or other lucid 
and polifhed bodies. Faith is converfant with fenfible 
objects; and thefe are animals, plants, and every thing 
fubject to the energies of fenfe. From the junction of 
imagination and faith, opinion is produced. Cogitation is 


converfant with the image of an intelligible objet; which 


is nothing more than a certain univerfal, collected from 
 fenfibles, related to the reafons of things exifting in the 
foul, and conftituted by their affiftance ; but not elevated 
` to ideas, and refolved into their lucid nature. Thofe who 
are converfant with this image of an intelligible obje&, ufe 
hypothefes ; wl.ich do not elevate us to principles, which 


are reafons and ideas, but bring us down to fubordinate 
objects. Laftly, fcience, confidered as the fame with in- 


_ telligence, is converfant with that which is intelligible, or 
the effence of things; and of this kind are reafons pertain- 
ing to the foul, and ideas to intelleét. Hence, as intelligible 
is to /enfib/e in fplendor and truth, and form to its image$ 
` fuch is the relation of the fuperior to the inferior degrees 


- of cognition, Ard as thefe four degrees may be refolved © 


into five, by feparating intelligence from fcience; fo they 
are reduced by Plato into two principal degrees; fo far as 
the two firft are converfant about generation; but the two 
laft about effence. And thus much for the firft particular 
propofed. 


It now remains that - we — the mode in which 


{cience is produced in the foul, according to the doctrine of | 


Plato. For this purpofe, 1 think it will be, neceflary ta 
n2 confider 


N 


fi 
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eonfider the rational foul, in whofe natur- all reafons cor»- 
refponding to ideas, havé been inferted from eternity, re=- 
teived into the humah body, as into the plain of oblivion ;. 
bordering on the river of negligence, that is placed near to. 
the flux of humours; which producing in its nature vari-. 
ous: kinds of perturbations, are the caufes of its felf-oblivion 
and neglect. Hence the foul, thus conftituted, as it were, 
fleeping and intoxicated; fleeping before it is roufed; in- 
toxicated before it is purified ; begins from external fenfible 
objects to be moved and excited, and to feek with avidity, 
the knowledge congenial to its hature. The foul now, en- 
quiring after truth and the {ciences, is firit converfant with 
the external images of things, in which the glimmering 


light of fimilitude to truth, prefents itfelf to the view ; then 


it diftinguifhes thefe images among themfelves by its rea- 
foning power; and if they agree in any particular, collects 
them into one: Thus, being employed in feparating into 
many, things united, and reducing many into one, it ad- 
vances from fhade to fubftance, and is elevated from fimi- 
htude to truth itfelf; and thus apprehends the effence of a. 


thing free from every foreign or contrary quality, fhining 


in rea/on and idea. Afterwards, from this contadt, efpe-- 
cially falutary to itfelf, it experiences an ineffable joy, as- 
from a return into its proper nature, and beft difpofition ; 
and fo great is its exultation, that it neglects and defpifes 
the fhadows which it formerly purfued. Then the foul 
truly knows, that while a man regards corporeal natures, 
he is employed in refeyblances; and that though he may 
efteern himfelf knowing in many things, he knows nothing 
in reality; but is then alone elevated to the fublime degree 
of fcrence, when he arrives at ideas. Hence it appears, 
that there are four fubordinate difpofitions of mankind in 
order to fcience. For, in the firft place, children, as new 

3 | guefts 
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guefts of this world, are ignorant of every thing, without 


being confcious of their ignorance. But as they advance Ț 


in years, they are employed in the fhadows and images of 


natural concerns; and not being yet converted to the ef. 


fences of things, though they poffefs no real knowledge, 
yet they conceive themfelves to abound in knowledge. But 


in the third place, being elevated to {upernal natures, and - 
judging thefe to be alone true, they afirm themfelves to° 


be ignorant of all they formerly imagined themfelves to 


know; in which degree Socrates profeffed to find himfelf, . 
when he faid, 7is one thing I know, that I know nothing ;. 


an ignorance. preferable to all the knowledge gained by the 


moft unwearied experimental enquiries. Indeed, this or-- 
der is indicated by Socrates himfelf, in the Phedo, when: 


he fays, that on his firft acquaintance with natural con- 


cerns, he:thought he abounded in knowledge, but as he. 


advanced in thefe purfuits, he perceived that he knew no- 


thing. Laftly, when, through the piercing fight of the. 
foul, men are elevated to ideas, they become illuftrated 


with the {plendors of true f{cience, and pafs into the regions 


ef perfect reality. And hence it appears how true {cience, : 
which is the fame with intelligence and wifdom, produces - 
piety and religion : for {cience elevates us to intellect and 
divinity ; and copulates the foul with natures of the greateft `. 
purity and perfection; fo that an union of this kind cannot ` 
take place without piety, fanctity, and religion; as difimi~- 


lars can never be blended in amicable conjunction, - 


ff 
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SECTION IV 


W" ‘are informed by Proclus, in the enfuing Commen- 
: taries, that the end of geometry, and, indeed, of 
mathematics in general, is to be referred to the energies 
of intellect; and that itis degraded when made fubfervient 
to the common utilities of a mere animal life. But as the 
very oppofite to this is the prevailing opinion of the prefent 
age, let us examine the truth of this doctrine, and attend 
to the arguments which the Platonic philofophy affords in 
its defence. For if we can prove that this affertion of 
Proclus is fupported by the ftrongeft evidence, we fhall 
vindicate the dignity of true geometry, reftore it to its 
ancient efteem in the minds of the liberal, and fhew how 
much it is perverted by applying it to contrary purpofes. - 

In order to this, I fhall endeavour to prove the following 
pohtion, that things valuable for their own fakes, are pre- 
_ ferable to fuch as refer to fomething elfe. Now, this may 
be demonftrated, by confidering that every natural pro- 
duction was ‘made with reference to fome end, as is evident 
from an induction of particulars; and if this be the cafe, 
rt may ‘be fafely inferred, that every thing exifts for the 
fake of the end. But that for the fake of which any be- 
ing -fubfifts is the beft of all; and the end, according to 
Nature, 1s that which is perfected the laft of all, from the 
_ birth of any being. Hence the human body receives its 
end or perfection firft, but the foul lat. And hence the 
foul is pofterior to the body, in the accomplifhment of its 
nature; and its ultimate perfection is wifdom. It is on 
this account that old age alone purfues and defires the goods 
of prudence and wifdom. Hence, wifdom is a certain end 


#o us according to nature; and to be wife, is the extreme 
| or 
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er finał caufe for which we were produced: It was, there- 
fore, beautifully faid by Pythagoras, that man was contfti- 
tuted by divinity, that he might knew,. and contemplate: 
If then wifdom be the end of our nature, to be endued 
with wifdom muft be the beft of all, So that. other things 
are to be performed for the fake of the good which this 
contains. But to enquire in every fcience fomething be- 
fides this, and to require that it fhould be ufeful, is alone 
the employment of one ignorant of. the great difference 
between the moft iluftrious goods, and things necefflary: 
For they differ, indeed, widely ; fince things are to be call+ 
ed neceffaries, which are the objects of defire for the fake 
of others, and without which it is impoffible to live. But 
thofe concerns alone are properly good, which are loved by 
themfelves, though nothing elfe fhould fall to the lot of 
their poffeffor; for one thing is not to be defired for the 
fake of another infinitely, but it is requifite to flop at 
fome limited object of defire, of which it would be ridicu- 
lous to require any utility abftracted from itfelf. But you 
will afk, What is the emolument of contemplative wifdom; 
what the good it confers on its poffeffor? What if we fhould 
fay (for fuch is the truth of the cafe) that it tranfports us 
by intellect and cogitation, to regions fimilar to the fortu- 
nate iflands; for utility and neceflity are ftrangers to thofe 
happy and liberal realms. And if this be admitted, ought 
we not to blufh, that having it in our power to become 
inhabitants of the fortunate iflands, we neglect the purfuit; 
through a fordid enquiry after what is ufeful-and profitable 
according to vulgar eftimation? Fhe rewards of fcience,. 
therefore, are not to be reprehended, nor is it a trifling 
good which refults from its acquifition.. Befides, as men 
travel: to. the mountain Olympus for its fpectacle alone; 
preferring a view of its lofty. fummit to.much. wealth; and 
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. a8. many other {pectacles are defired for their.own fakes 
- and valued beyond gold, in like manner the fpeculation: of 
the univerfe is to be prized above every thing waich ap- 
pears ufeful to the purpofes of life: for it 1s furely fhame- 
ful that we fhould eagerly frequent the theatre, and the 
race, for the fake of the delight afforded to our corporeal 
fight, and fhould look for no farther utility in thefe than 
‘the pleafure they produce; and yet fhould he {o fordidly 
 Atupid as to think that the nature of things, and truth it+ 
Self are not to be fpeculated without fome farther reward 

than the fincere delight their contemplation affords. 
Jt is on this account that the apprehenfion of ‘truth is 
‘compared to corporeal vifion; for the fight 1s the moft 
‘iberal of all the fenfes, as is confirmed by the general 
‘teftimony of mankind. Hence, the fight of the fun and 
moon, and the glorious {pectacle of the ftars is defired by 
‘the moft illiterate as well as the moft knowing, for the 
delight fuch vifions afford; while, on the contrary, the 
defires of the other fenfes are for the moft part dire&ted 
‘to fomething farther than the mere objects of their energy. 
‘Thus, even the {enfe of hearing, which is the next in 
dignity to the fight, is not always defirable for its own 
fake; for light is the general object of fight, and found that 
of hearing; but it is evident that light is more univerfally — 
-defired than found, fince all light, when not exceffive, is 
always pleafing, but this is by no means the cafe with every 
kind of found. Hence it is, that all contemplation is fo 
‘delightful, and this in proportion as it becomes abftracted 
from fenfible objects ; for the moft beautiful forms do not 
produce genuine delight, until they are {ftrongly reprefented 
in the phantafy, as is evident in the paffion of love; fince 
‘the faireft face then alone caufes love when it prefents it- 
delf clearly to the inward eye of thought, in the mirror of 
imagi- 
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. imagination, accompanied with living elegance, and a re- — 


fiftle{s energy of form. 

Indeed, fo liberal and fo exalted an employment is con- 
templation, that Plotinus, with his ufual profundity, proves 
that the univerfe fubfifts for its fake; that all the productions 
of nature originate from this; and that even aétions them- 
felves are undertaken with a view to the enjoyment of 
after-{peculation. May we not, therefore, fay that the 
fportfman follows the chace for the fake of a fubfequent 
review of his favourite purfuit? That the glutton for this 
rejoices in the meal; and even the mifer in his wealth? 
And that converfation is alone follicited, that it may recal 
paft images tothe foul? In fhort, contemplation is the firft 
{pring of action, and its only end; fince we are firt in- 
cited to any external object by fpeculating its image in the 
phantafy: and our fubfequent conduct tends, without 


ceafing, to the energy of reflection ; for deftroy prior and. 


pofterior contemplation, and action is no more. 

Now if this be the cafe, and if geometry is a {peculative 
{cience (I mean the geometry of the ancients), it is both 
defirable for its own fake, and for fill higher contempla- 
tions, the vifions of intellect, to which it is ultimately 
fubfervient. For, when ftudied with this view, it opens the 
eye of the foul to fpectacles of perfect reality, ` and purifies 
it from the darknefs of material oblivion. Away then, ye 
fordid vulgar, who are perpetually demanding the utility 
of abftract fpeculations, and who are impatient to bring 
_ down and debafe the nobleft energies, to. the moft grovel- 
ing purpofes; ignorant of that mighty principle of action, 
which influences every part of the univerfe, and through 
which even divifion and difcord tend as much as poffible to 
union and confent; ignorant that from the depravity of 
your nature, and the blindnefs of your inward eye, you 

VoL. I. | o. are. 
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are incapable of fpeculating the fubftance of reality, and 

are therefore eagerly gazing on its fhadow: and laftly, un- 

confcious that this is the point about which you are conti- 
nually making excentric revolutions, miftaking the cir 

= cumference for the centre, motion for reft, and a departure 

from good for a tendency to felicity. 

It was for the fake of this moft exalted and liberal con- 
templation that Heraclitus yielded his right of fucceffion to 
‘a throne, to his brother; and that Anaxagoras neglected 
his patrimony, efteeming one drop of genuine wifdom 

preferable to whole tuns of riches. Led by a defire of 
this, as by fome guiding ftar, Pythagoras travelled into 
Egypt, and cheerfully encountered the greateft difficulties, 
and maintained the moft obftinate perfeverance, until at 
length he happily penetrated the depths of Egyptian wif- 
dom, and brought into Greece a treafury of truth for future 
fpeculation. But thefe were happy days} this was the pe- 
riod deftined to the reign of true pbilofopby, and to the 
advancement of the human foul to the greateft perfection 
_ its union with this terrene body can admit. For in our 
times, the voice of wifdom is no longer heard in the filence 
of facred folitude; but foy ufurping her place, has filled - 
every quarter with the barbarous and deafning clamours of 
defpicable fectaries ; while the brutal hand of commerce 
has blinded the liberal eye of ‘divine contemplation. For 
unfortunately, the circle of time, .as it produces continual 
variations, at Jength reverfes the objects of purfuit; and 
hence, that which was once defervedly firft, becomes at 
Jength, by a degraded revolution, the laft in the general 
eiteem. 

2. If geometry, therefore, be both valuable for its own 
fake, and for its fubferviency to the moft exalted contem- 
plations, there can be no doubt but that the great per- 
fection 





TRUE END or GEOMETRY. coyji 


fection to which this fcience was brought by the Greeks, 
was entirely owing to their deep ‘conviction of this impor- 
tant truth. Euclid, we are informed by Proclus, in this 
work, was of the Platonic fect ; and Archimedes is reported, 
by Plutarch, ia his Life of Marcellus, to have poffeffed fuch 
elevated fentiments of the intrinfic di ignity of geometry, that 
he confidered it perverted and degraded, when fubfervient 
to mechanical operations; though, at the requeft of king 
Hiero, he fabricated fuch admirable engines for the defence 
of Syracufe. From this fource alone, the great accuracy and 
elegance of their demonftrations was derived, which have - 
been {o defervedly applauded by the. greateft modern ma- 
thematicians, and the warmeft advocates for the farrago 
of algebraic calculation. Algebra, indeed, or as it is called, 
specious analyfis, is the modern fubftitute for the perfect 
method adopted by the ancients in geometrical demonftra- 
tions; and this folely, becaufe it is capable of being: 
applied with greater facility to the common purpofes of 
life. Hence, hypothefes have been eagerly admitted in 
geometry, which the ancients would have blufhed to own:. 
I mean the multiplications and divifions of lines and {paces 
as if they were numbers, and confidering geometry and. 
arithmetic as fciences perfectly the fame. But we have. 
fortunately the teftimony of the firft mathematicians among. 
the moderns againft the unlawfulnefs of this ungeometrical. 
invafion. And to begin with the great fir Ifaac Newton,. 
in his Univerfal Arithmetic *: ‘* Equations (fays he) are 
expreffions of arithmetical computation, and properly have 
no place in geometry, except fo far as quantities truly geo- . 
metrical (that is, lines, furfaces, folids, and proportions),. 
may be faid to be fome equal to others. Multiplications, 
diuifions, and fuch fort of computations, are newly received 
° Page 227. 
O 2 into’ 
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into geometry, and that unwarily, and contrary to the firft 
defign of this fctence. For whoever confiders the conftruction 
of problems by a right-line and a circle, found out by the 
firit geometricians, will eafily perceive that geometry was 
invented that we might expeditioufly avoid, by drawing 
lines, the ftediou/ne/s of computation. Therefore, thefe two 
Sciences ought not to be confounded, The ancients fo induftri- 
‘oufly diftinguifhed them from one another, that they never 
introduced arithmetical terms into geometry. And the mo- 
derns, by confounding both, bave loft the fimplicity in which 
all the elegancy of geometry confifis.” And in another part * 
of the fame work he obferves, ‘that ** tle modern geometers 
are too fond of the /peculation of equations.” To this very 
high authority we may add that of Dr. Halley, in the. 
preface to his tranflation of Apollonius de Sectione Rationis¢ 
for which work he conceived fo great an efteem, that he 
was at the pains to learn Arabic in order to accomplifh its 
tranilation into Latin ¢+: ‘* This method, fays he, (of 
Apollonius) contends with fpecious algebra in facility, but 
far excels it in evidence and elegance of demonftrations ; as 
will be abundantly manifeft 1f any one compares this doc- 
trine of Apollonius de Sectione Rationis, with the algebraic 
analyfis of the fame problem, which the meft illuftrious 
Wallis exhibits in the fecond volume of his mathematical 
works, cap. liv. p. 220.” And in the conclufion of his 
preface, he obferves f, ** that it is one thing to give the 
refolution of a problem fome how or other, which may be 

* Page 250. re 

+ Methodus hæc cum algebra fpeciofà facilitate contendit, evidentia vero et demonftrationum 
eleyantia eam longe fuperare videtur : ut abunde conftabit, fi quis conferat hanc Apollonii doc- 
trinam de Sedlicne Rationis cum cjuidem Problematis Analyfi Algebraicãâ, quam exhibuit cla- 
‘rflimus Wallifius, tom. ii. Operum Math. cap. liv. p. 220. 

ł Verum peipendendvm eft, aliud efie problema aliqualiter refolutum dare, quod modis variis . 
p'erumque fieit poreĝ, aliud methodo elegartifmå ipfum efficeres; Analyfi brevifimå et fimul 


perfpicua, Synthefi concinrå et minime operofå, 
accom- 
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accomplifhed by various ways, but another to effect this 
by the moft elegant method; by an analyfis the fhorteit, 
and at the fame time perfpicuous; by a fynthefis elegant, 
and by no means operofe.” And Dr. Barrow, notwith- 
ftanding he was fo great an advocate for the identity of 
arithmetic and geometry, exprefsly afferts *, that algebra 
is no fcience. To thefe authorities we may add Simfon and 
Lawifon, who, fenfible of the fuperior fkill of the ancients, 
both in analyfis and fynthefis, have made laudable attempts 
to reftore the Greek geometry to its priftine purity and per- 
fection. 

Again, the greateft men of the prefent times have been 
of opinion, that algebra was not unknown to the ancients; 
and if this be true, their filence refpecting it is a {ufficient 
proof of their difapprobation. Indeed, if we confider it 
when applied to geometry, as an art alone fubfervient to 
the facility of practice, as conveying no evidence, and pof- 
{effing no elegance of demonttration, we fhall not wonder 
at its being unnoticed by the ancients, with whom practice 
was ever confidered as fubfervient to f{peculation; and in 
whofe writings elegance of theory and accuracy of reafon- 
ing are found perpetually united. — 

3- But the lives of the firft cultivators of this ieee (I 


= mean the Egyptian priefts) as well as of the Pythagoreans 


and Platonifts, by whom it afterwards received fuch im- 
provements, fufficiently evince that this fcience advanced 
to perfection from an intellectual theory as its fource, and 
from being referred to contemplation as its end; and this. 
will be evident, by attending to the following hiftory of 
the Egyptian priefts, as preferved to us by Porphyry, in 
his excellent work on abftinence +; a tranflation of which 
will not, I prefume, be unacceptable to the ear 


* In his Mathematical Lectures, pe 44. ¢ Lib. iv. 
l reader. 
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reader, ‘Chzremon, the Stoic (fays he) explaining the 
rites of the Egyptian priefts, who, he fays, are accounted 
‘philofophers by the Egyptians, relates, that they choofe a 
place beft adapted to the ftudy° and performance of facred 
rites; fo that a defire of contemplation is excited by only 
frequenting thofe recefles which are dedicated to their ufe, 
and which procure fafety to the priefts, on account of that 
reverence of the divinity, whofe facred myfteries they per- 
form; fo that all poffible honour is paid to thefe philofo- 
phers, in the fame manner as to fome facred animals. But- 
he fays they live entirely folitary, except at particular times, 
when they mix with others in fuch affemblies as are ufually 
held, and in public feafts ; and that on all other occafions 
they are fcarcely to be approached. For he who defires to 
converfe with them mutt firft purify‘himfelf, and abftain from 
a multitude of things after the manner of thefe Egyptian - 
priefts. He adds, that thefe men, renouncing every other 
occupation, and all human affairs, give themfelves entirely, 
through the whole of life, to the contemplation of divine 
concerns, and to enquiring into the divine will: by the 
Jatter of thefe employments procuring to themfelves honour, 
fecurity, and the eftimation of piety; by contemplation, 
tracing out the latent paths of fcience; and by both thefe 
‘occupations united, accuftoming themfelves to manners 
truly occult, and worthy of antiquity. For to dwell always 
on divine knowledge, and be difpofed for divine infpiration, 
removes a man beyond all immoderate defires, calms the 
paffions of the foul, and raifes her intellectual eye to the 
perception of that which is real and true. But they ftudied 
ttenuity of aliment, and frugality in their apparel, and cul- 
tivated temperance and patience, together with juftice and 
‘equity, in all their concerns. Indeed, a folitary life ren- 


dered them perfectly venerable ; for during that period 
© which 
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which they call the time of purification, they {carcely 
mixed with the affociates of their own order, or faw any 
one of them, except him who was converfant with them 
in that exercife of purity, on account of neceffary ufes. 
But they by no means concerned themfelves with thofe 
who were unemployed in the bufinefs of purification. The 
remaining part of their time they converfed familiarly with 
thofe fimilar to themfelves; but they lived feparate and 
apart from thofe who were eftranged from their ceremo- 
nies and manner of living. He adds, they are always feen 
employed among the refemblances of the gods, either car- 
rying their images, or preceding them in their accuftomed 
_ proceffions, and difpofing them with gravity of deportment, 
and in a graceful order. In all which operations they did 
not indicate any pride of difpofition; but exhibited fome 
particular natural reafon. But their gravity was confpicuous 
from their habit; for when they walked, their pace was 
equable, and their afpect fo perfectly fteady, that they re- 
frained from winking whenever they pleafed. Their rifi- 
bility too, extended no farther than to a fmile. But their 
hands were always contained within their garments; and 
as there were many orders of priefts, every one carried 
about him fome remarkable fymbol of the order he was 
allotted in facred concerns. Their fuftenance too was 
flender and fimple; and with refpect to wine, fome of them 
entirely refrained from it; and others drank it very fpar- 
ingly, affirming that it hurt the nerves, was an impedi- 
ment to the invention of things, and an incentive to vene- 
real defires. They alfo abftained from many other things, 
never ufing bread in exercifes of purity; and if they ate it 
at other times, it was firft cut in pieces, and mingled with’ 
hyffop. But they abitained, for the moft part, from oil, 
and when they ufed it mixt with olives, it was only in 
| 6 ! {mall 
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fmall quantities, and as much as was {ufficient to mitigate 
the tafte of the herbs. 

In the mean time, it was not lawful for any one to tafte 
of the aliment, whether folid or fluid, which was brought 
into Egypt from foreign parts. They likewife abftained 
from the fifh which Egypt produced; and from all qua- 
drupeds having folid or many fiffured: hoofs; from fuch 
as were without horns; and from all carniverous. birds > 
but many of them abftained entirely from animal food. 
And at thofe times when they all rendered themfelves pure, 
they did not even eat an egg. But when the time drew. 
Near in which they were to celebrate fome facred rites, or 
feftival, they employed many days in previous preparation, 
fome of them fetting apart forty-two days, others a greater 
length of time than this; and others again a fhorter; but 
never lefs than feven days; abftaining, during this period, 
from all animals, and from all leguminous and oily nutri- 
ment, but efpecially from venereal congrefs. Every day, 
they wafhed themfelves three times in cold water; after © 
rifing from bed, before dinner, and when they betook 
themfelves to reft, And if they happened to be polluted 
in their fleep, they immediately purified their bodies in a 
bath. They made cold water too fubfervient to the pur- 
pofes of purification at other times, but not fo often as the 
bath. Their beds were compofed from the branches of 
palm, which they called Pais, dais. A piece of wood, of a 
femi-cvlindrical form, and well planed, ferved them for 
a pillow. But through the whole of life, they were exer- 
cifed in the endurance of hunger and thir{ft, and accuftom- 
ed to a paucity and fimplicity of nutriment. 

But as a teftimony of their temperance, though they | 
neither ufed the exercife of walking nor riding, yet they 
hved free from difeafe, and were moderately ftrong. For, 

indeed, 


ra 
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indeed, they endured great labour in their facred ceremonies, 
and performed many fervices exceeding the common ftrength 
of men. They divided the night between obfervations of 
the celeftial bodies, and offices of purity; but the day was 
deftined by them to the cultivation of the divinities, whom 
they worfhiped with hymns each day three or four times; - 
in the morning and evening, when the fun is at his meri- 
dian, and when he is fetting. . But the reft of their time 
they were occupied in arithmetical and geometrical {pecu- 
lations, always laborious and inventing, and continually 
employed in the inveftigation of things. In winter nights 
alfo, they were diligent in the fame employments, and were 
ever vigilant to literary ftudies; fince they were not folicit+ 
ous about external concerns, and were freed from the bafe 
dominion of intemperate defires. Their unwearied and 
affiduous labour, therefore, is an argument of their great 
patience; and their continence is fufficiently indicated bp _ 
their privation of defire. Befides this, it was efteemed 
very impious to fail from Egypt, as they were particularly. _ 
careful in abftaining from the manners and luxuries of fo« 
reign nations; fo that to leave Egypt was alone lawful to 
thofe who were compelled to it by ftate neceffities. But 
‘they difcourfed much concerning a retention of their native 
manners ; and if any prieft was judged to have tranfgreffed 
the laws in the leaft particular, he was expelled the college. 
Befides, the true method of philofophizing was preferved 
in Commentaries and Diaries, by the prophets and minifters 
of facred concerns: but the remaining multitude of priefts, — 
. Paflopbori, or priefts of Ifis and Ofiris, governors of tem- 
ples, and fervants of the gods, ftudied purity, yet not fo ~ 
exactly, nor with fo great continence as thofe we have 
mentioned. And thus much is related of the Egyptians, 
by a man who is equally a-lover of truth, and of accurate 
VoL. I. Pp diligence, 
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diligence, and who is deeply fkilled in the Stoic pai 
fophy.” 

4. But the lives of the Pythagoreans and Platonifts, who 
carried this divine {cience to its ultimate perfection, no lefs 
eminently evince the truth of our pofition. For, as Por- 
phyry informs us, in the fame invaluable treatife *, “ fome 
of the ancient Pythagoreans, and wife men, inhabited the 
moft defert places; and others retired into temples, from 
which the multitude and every tumult were expelled. But 
Plato was willing to fix his academy in a place not only fo- 
litary, and remote from the city, but, as they report, infa- 
lubrious. Others, again, have not {pared their eyes, through 
a defire of more perfectly enjoying that blifsful contempla- | 


tion, from which they withed never to be feparated.” 


After this, he prefents us with a defcription. from Plato ł 
of thofe intelleGual men, by whom the world ‘has been. 
enlightened with the fublimeft wifdom and truth: ‘ For 
it was not falfly, or in vain (fays he), that a certain philo- 
fopher, {peaking of contemplative men, affirms, that fuch 
as thefe are ignorant, from their early youth, of the way 
wlrich leads to the forum, or in what place the court or 
fenate-houfe is fituated, or any public council of the ftate. 


They neither fee nor hear the laws, whether decreed or 


promulgated, or written; and with refpecé to the factions 
and contentions of their companions for magiftracy, for 
affemblies and fplendid entertainments, luxurious eating 
and minftrels, they do not even think of thefe as in a 
dream. Such an one knows no more of the evil which 
has happened to fome one of his anceftors, whether male 
or female, or any thing belonging to them, than how 
many pitchers of water are contained in the fea. Nor does 
he abftain from things of this nature for the fake of acquir- 
| * Lib. i. p. 30. t+ Io Theztceto. 
ing 


TRUE END of GEOMETRY. cxv, . 


ing: fame; but in. reałity, his. body alone abides in the city, - 
and wanders about from place to place, but his intellect - 
efteeming all thefe as of {mall importance, or rather as 
non-entities, he defpifes them, and, according to Pindar, - 
‘¢ from: thefe on every. fide he foars:” by no means apply- 
ing himfelf to things which are near him, and to fenfible 
concerns.” | 

If fuch then were the. lives of the men who brought 
this contemplative f{cience to its prefent perfection, and who 
are to this day.our mafters in geometry; if fuch were the 
exalted fentiments they entertained of its dignity and worth, 
what greater proof can we require of its being valuable for 
its own fake, and as fubfervient to the energies of intellect? 
We have ample evidence too, of its being degraded. when 
brought down to the common purpofes of life, in the ex- 
ample of thofe who, with this view, have difguifed it with 
the dark and {ordid involutions of algebraic calculation’; — 
for. it was folely to facilitate practice, that this barbarous | 
invafion has been admitted by the moderns. Let me then | 
be permitted to perfuade the few who ftudy geometry in 
its ancient. purity, and who confider the ruins of Grecian. — 
literature on this, as well as on every other fcience, the 
models of perfection, to enter with avidity on the ftudy of 
the enfuing Commentaries, and endeavour to fathom the. 
depth of our profound and: elegant philofopher: for by. 
this means they may happily obtain the end of all true. 
{cience, the purification of the foul; and be able to draw 
the light of perfect wifdom, from the undecaying and in- 
 exhauftible fountain of good. 7 

But if it fhould be afked in what thefe energies of intellect 
confift, to which all fcience ultimately refers? I anfwer, 
in the contemplation of true being, or thofe ideal and di-. 
_ vine forms, with which the intelligible world is replete. 

i p 2 Now 
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Now this great end is not to be accomplifixed without pre- 


vious difcipline, a long exercife of the reafoning power, 
arid a continued feries of philofophic endurance. For this 
' end, when attained, is no other than the enjoyment of that 
felicity congenial to the foul previous to her immierfion ‘in 
body. But, for the further information of the liberal 


reader on.this important fubject, the following paraphrafes 


from Porphyry and Proclus are fubjotned; the former in- 
ftruéting us in the various purifications necéfflary to this 
end; and the latter exhibiting the gradations by which we 
May rife to the {peculation of reality, and (leaving all ss- 
situde behind) afcend to the divinely folitary principle of 
things, the ineffable Oxe. 
- 5. In the firft place, then (fays Porphyry *) my rea- 
fons are not addreffed to thofe who are occupied in illiberal 
arts, nor- to thofe engaged in corporeal exercifés, neither 
to foldiers nor failors, neither to rhetoricians nor to thofe 
“who have undertaken the duties of an active hfe. But I 


write to the man continually employed in thinking what. 


- he is, from whence he comes, and whither he ought to 


tend: and who, with refpeét to every thing pertaining to ` 


food, and other offices of life, is entirely changed from 
thofe who propofe to themfelves a different manner of liv- 
ing’; for toa man of this kind alone is my prefent difcourfe 
addreffed. Indeed, in this common ftate of exiftence, one 
and the fame mode of perfuafion cannot be addreffed to the 
fleéeper, who, if it was poffible, would conciliate to him- 
{elf perpetual fleep, and who, for this purpofe, feeks on 
every fide for foporiferous incentives, as to him who ftudies 
continually to drive away fleep, and to difpofe every thing 
about him to vigilance and intellectual activity. But to 
the former, it is neceffary to advife intoxication, furfeiting, 


— * In his moft excellent work on Abflinence, lib. i. p. 22, &c. 
and 
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and N and to tecdininithd a dark houfe; and, as the’ 


poets fay, 4 beh tuxdrious, broad, and yoft. Such a one 
fhoutd chufe whatever tends to piddtice ftupor, and give 


birth to indolence and oblivion; whether confifting of 


odours, ointments, or thedicaments which are accuftomed 


to be eat or drank. But it is neceffary that the intellectual ‘ 


man fhould ufe fober drink, unmixed with the lethargic 


fumes of wine; nuttimeht flender, and almof approaching _ 


to fafting; a lucid houfe, receiving a fubtle air and wind; 
that he fhould be continually agitated with cates and griefs; 


, © 


and laftly, that he prepares for himfelf a fmall and hard ` 


bed, while thus employed in purifying his foul from the 
ftains contracted by corporeal involution. But whether we 
are born for this exalted purpofe, I mean for vigilant in- 

‘telleétual energies, allowing as fmall a part -of our life as 
. poffible-to fleep; (fince we do not exift in a place where fouls 


perpetually vigilant abide), or whether we are deftined to 


a contrary purpofe, I mean, to fleep and oblivion, would 
be foreign from our defign to explain; and would require a 
Jonger demonftration than the limits of our work will admit. 

But whoever once cautioufly furmizes the delufions of 
our life in the prefent world, and the inchantments of this 
material houfe in which we are employed, and who per- 


--ceives himfelf naturally adapted to vigilant energies ; laftly, 


who apprehends the foporiferous nature of the place in 
which he acts, to fuch a one we would prefcribe a diet 
congruous to his fufpicion of this fallacious abode, and to 
the knowledge he poffeffes of himfelf; in the mean time, 
advifing him to bid a long farewel to the fleeper, ftretched 
on his couch, as on the lap of oblivion. , Neverthelefs, we 
fhould be careful left, as thofe who behold the bleer-eyed, 
contract a fimilar defect, and as we gape when prefent 


with thofe who are gaping, fo we fhould be filled with 
drowfinefs 
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drowfinefs and fleep, when the place.in which we refide.is 
cold, and adapted to fill the eyes with watery humours, 
from its abounding with marfhes and vapours, which in- 
' cline their inhabitants to heavinefs and fleep. If then, 
legiflators had compofed the laws with a view to the utility 
of the ftate, and had referred thefe to x contemplative and 
| intellectual life as their end, we ought to fubmit to their 

inftitutions, and acquiefce in the diet they have prefcribed 
for our fubfiftence. But if they, only regarding that life 
which is according to nature, and is called of the middle 
kind, ordain fuch things as the vulgar admit, who only 
eflimate good and evil as. they refpect the body, why 
fhould any one, adducing thefe laws, weary himfelf in 
endeavouring to fubvert a life which is far more excellent 
than every law written and compofed for the fake of the. 
vulgar, and which follows a law not written, but divinely 
delivered? For fuch is the truth of the cafe. 

That contemplation which: procures us felicity, is not a 
mafs of difcourfes, and a multitude of difciplines; or, as 
{ome may think, confifting from hence; nor does it receive 
any increafe from a quantity of words: For if this was 
the cafe, nothing could hinder thofe from being happy, 
who comprehend all difciplines, and are accurately filled | 
in a variety of languages. But the whole circle of the 
- {ciences cannot by any means accomplifh this blifsful con- 
templation, nor even thofe difciplines which are converfant 
with true and fubftantial being, unlefs there is alfo a con- 
formation of our nature and life to this divine end. For. 
fince there are, as they fay, three ends. of living, if we. 
= regard the particular objects to which mankind tend, the 
end with us is to fullow the contemplation of ‘rue being, 
promoting, as much as poffible, by an acquifition of this 
kind, an intimate union of the contemplating individual 

with >- 


. t 
4 


TRUE-END or GEOMETRY. cxix 


with the obje&t of contemplation. For, in nothing. elfe 
befides rue being, is it poffible for the foul to return- to 
its priftine felicity; nor can this be effected by any other 
conjunction. But intellect is true being it/elf: fo that the 
proper end is to live according to intellect. And on this 
account, exoteric’ difcourfes and difciplines, retarding the 
purgation of the foul, are far from filling up the meafure 
of our felicity. If then, felicity was defined by the com- 
prehenfion of words or fciences, they who do not pay a 
proper attention to the kind and quantity of their food, nor 
to any thing elfe pertaining to their prefent exiftencé, might 
obtain this end: but fince it is requifite to change our life, 
and to. be pure both in fpeech and action, let us confider 
what difcourfes and what works may render us partakers 
of this moft neceflary means of acquiring fubftantial feli- 

city. í | 3 
= Are, then, thofe things which feparate us from fenfible 
objects, and from the affections which they excite, and 
which lead to a life intellectual, and void of imagination 
and paffion, are thefe the means we are in purfuit of? So 
that every thing contrary is foreign from our purpofe, and 
worthy to be rejected? And in fuch proportion as it draws 
us afide from intellect? Indeed, I think it is confonant to 
truth, that we fhould eagerly contend where intellect leads; 
for in this material abode, we are fimilar to thofe who 
enter or depart from a foreign region, not only im cafting 
afide our native manners and cuftoms, but from the long 
ufe of a ftrange country, we are imbued with affections, 
manners, and laws foreign from our natural and true re- 
gion, and with a ftrong propenfity to thefe unnatural 
habits. Such an one, therefore, fhould not only think 
earneftly of the way, however long and laborious, by which 
he may return to his own, but that. he may meet with a — 
| more 
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‘more favourable reception from his proper kindred, fhould 
alfo meditate by what means he may diveft himfelf of 
every thing alien from his true country, which he has” 
contracted ; and in what manner he may beft recal to his 
memory, thofe habits and difpofitions without which he 
cannot be admitted by his own, and which, from long dif- 
‘ufe, have departed from. his foul. In like manner, it is 
requifite, if we wifh to return to fuch things as are truly’ 
our own, and proper to man confidered as a rational foul, 
. to lay afide whatever we have affociated to ourfelves from 
a mortal nature, together with all that propenfity to mate- 
rial connections, by which the foul is allured, and defcends 
into the obfcure regions of fenfe; but to be mindful of 
that bleffed and eternal effence intellect, our true father, 
and. haftening our return to the contemplation of. the un- 
coloured light of good, to take efpecial care of thefe two 
things; one, that we diveft ourfelves (as of foreign gar- 
ments) of every thing mortal and material; the other how 
we may return with fafety, fince thus, afcending to our 
native land, we are different from ourfelves before we de- 
fcended into mortality. For we were formerly intellectual 
natures; and even now we are effences purified from every - 
{tain contracted by fenfe, and from that part which is def- 
titute of reafon: but we are complicated with fenfible 
conneétions, on account of our impotence and infirmity, 
which is the caufe that we cannot always be converfant 
with intellectual concerns ; but with mundane affairs we can 
be prefent with frequency and eafe: for all our energetic 
powers are ftupified and clouded with oblivion, through 
body and fenfe; the foul not remaining in an intellectual 
ftate; (as the earth when badly affected, though good fruit 
is depofited in its bofom, produces nothing but weeds); and 
this, through the improbity of the foul, which does not, 

indeed, 
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indeed, deftroy its effence, while it acquires brutality; but 
dy fuch. an acceffion it becomes complicated with a perifh- 
ing nature, is bound in the dark folds of matter, and is 
drawn afide from its proper ftate, into one that is foreign 
and bafe, 

` So that it is highly requifite to ftudy, if we are folicitous 
of returning to our priftine ftate of felicity, how to depart 
from fenfe and imagination, and her attendant brutality, — 
and from thofe paffions which are raifed by. her phantaftic 
eye, as much as the neceffity of our nature will permit. 
For the intellect muft be accurately compofed; and it ie 
proper it fhould obtain a peace and tranquility free from 
the contentions of that part which is deftitute of reafon, 
that we may not only hear with attention concerning m- 
tellect and intelligible objects, but to the utmoft of our 
ability, may enjoy their contemplation; and thus, being 
reduced into an incorporeal nature, may truly: lead an. in- 
tellectual life, and not in a falfe delufive manner, like thofe | 
who are.at the fame time entangled with corporeal con- 
cerns. We mutt, therefore, diveft ourfelves of the: various 
garments of mortality by which our vigour is impeded; as 
well this vifible and flefhly. garment, as that more interior 
one with which we are invefted contiguous to the {kin. 
We mutt enter the place of conteft naked; and without the 
incumbrance of drefs, ftriving for the moft glorious of all 
prizes, the Olympiad of the foul. But the firft requifite, 
and without which it is not lawful to contend, is, that we 
itrip off our garments. And fince our veftments are fome 
of them exterior, arid fome interior, fo with refpecét to the 
denudation of the foul, one procefs is by things more open, 
another by fuch as are more occult. For inftance, not to 
eat, or not to accept what is offered, is among things obe 
vious and open; but not to defire is more obfcure; -fo that 
O KoL. IL q it 
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‘it is here requifite not only to ab{tain from things improper 
in deeds, but likewife in defire. For what does it profit 
to abftain in ations from what is bafe, in the mean time 
-adhering to. the caufes which produce fuch actions, as if 
bound in indiffoluble chains? 

But this receding from material affections is brought 
about partly by force, and partly by perfuafion; and by 
the affiftance of reafon the affections languifh, and are, as 
it were, buried in oblivion, or in a certain philofophicak 
death; which is, indeed, the beft mode of defertion, with- 
out oppreffing the terrene bandage from which the foul 
departs. For in things which are the objects of fenfe, a 
violent devulfion cannot take place without either a lace- 
ration of fome part, or at leaft a veitige of feparation. 
But vice fteals in upon the foul through continual negli- 
gence: and careleffnefs is produced by not fufficiently at- 
tending to intelligible objects ; the affections in the mean © 
time being excited by the drowfy perceptions of fenfe, 
among which muft be alfo reckoned the fenfations arifing 
from food. We mutt therefore abftain, not lefs than from 
other things, from fuch food as ufually excites the paffions 
of our foul. Let us then in this particular enquire a little 
farther. | 

There are two fountains, whofe noxious ftreams detain 
the foul in matter, and with which, as if faturated with 
lethargic potions, fhe forgets her own proper {fpeculations : 
I mean pleafure and grief, the artificer of which is fenfe 
and its perceptions, together with the operations attendant 
on.the fenfes, imaginations, opinions, and memory» The 
paffions, roufed by the energies of thefe, and the irrational 
part, now fattened with noxious nutriment, draw down 
the foul, and avert her inclinations from her native love 
of true being. It is requifite, therefore, that we revolt 

: from 
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from thefe to the utmoft of our ability. But true defec- 
tions can alone take place by avoiding the -paffions and rafh 
motions produced by the fenfes. But, fenfation refpedcts ` 
whatever moves the fight, or the hearing, or the tafle, or 
the fmell. And fenfe is, as it were, the metropolis of 
that foreign colony of paffions which refide in the foul, and 
which muft be expelled by him who wifhes, while con- 
nected with body, to become an inhabitant of the royal 
regions of intellect. Let us then enquire how much fuel 
of the paflions enters into us through each of the fenfes; 
and this either when we behold the fpectacles of horfes 
in the race, and the labours of the athletic, or the contefts 
of thofe who twift and bend their bodies in leaping, or 
when we furvey beautiful women. For all thefe infnare 
us, unconfcious of the danger, and fubjeét to their domi- 
nion the irrational appetite, by proffered eRantments of 
every kind. 
For by all fuch inchantments the foul, as if daven into ’ 
fury, compels the compound man to leap rafhly, and with- 
out reafon, and full of the brutal nature to bellow and ex- 
claim. in the mean time, the perturbation appearing from 
without, being inflamed by the internal, which was firft 
of all roufed by fenfe. But the vehement motions excited 
‘by the hearing, arife from certain noifes and founds, 
. from bafe difcourfe, and mixed affemblies; fo that fome, 
exiled from reafon, behave as if ftruck mad; and others, 
enervated by effeminate foftnefs, agitate. themfelves by a 
multitude of trifling gefticulations. And who is ignorant 
how much the foul is fattened, and infefted with material 
grofinefs, by the ointments and perfumes which commend 
Jovers to each other? But why is it neceflary to fpeak of 
the paflions originating from the tafte : in this refpect efpee 
cially, sac the foul in a double band; one of which is 
q 2 thick- 
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thickened by the paffions excited by the tafte; the other 
becomes {trong and powerful by the different bodies which 
we receive in food. For as a certain phyfician obferved, 
thofe are not the only poifons which are prepared by the 
medical art, but fuch things as we daily receive for food, 
as well liquid as folid, are to be reckoned among this num- - 
‘ber ; and much greater danger arifes to our life from thefe, 
than to our bodies from poifons. But the touch does all 
but tranfmute the foul into body, and excites in it, as ina 
- diffonant body, certain broken and enervated founds. The 
remembrance, imagination, and cogitation of all thefe raife 
a collected fwarm of paffions, i. e. of fear, defire, anger, 
love, emulation, cares, and griefs, they fill the foul with 
perturbations of this kind, cloud its intellectual eye with 
oblivion, and bury its divine light in material darknefs. 

On which account it is a great undertaking to be purified 
from all this rout of pollutions ; and to beftow much labour 
in meditating day and night, what meafures we fhall adopt 
_ to be freed from thefe bonds, and this becaufe we are com- 
plicated with fenfe, from a certain neceffity. From 
whence, as much as our ability will permit, we ought to 
recede from thofe places in which we may (perhaps ‘un- 
willingly), meet with this hoftile rout; and it is requifite 
we fhould be folicitous not to engage in combat with thefe 
dangerous foes, left, through too great a confidence of 
victory and fuccefs, inftead of vigorous contention, we pro- 
duce only unfkilfulnefs and indolence.” 

And in the conclufion of the firft book, he adds, ‘ For, 
indeed, if it be lawful to {peak freely, and without. fear, 
we can by no other means obtain the true end of a con- 
- templative, intelle€tual life, but by adhering to the Deity 
Gf I may be allowed the expreffion), as if faftened by a 
Nail, at the fame time being torn away and feparated from 

body 
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body and corporeal delights; having procured fafety from. 
our deeds, and not from the mere attention.to words. But 
if friendfhip is not to be conciliated with -a divinitys who 
is only the governor of {ome particular region, with any _ 
kind of food, or by the ufe of animal nutriment, much. 
—3efs can a grofs diet effect an union with that God who is 


exalted above all things, and who is {fuperior to a nature _ | 


fimply incorporeal; but after every mode of purgation, and 
the greateft chaftity of body, and purity of foul, we fhall 
fcarcely be thought worthy to obtain the vifion of his in- 
effable beauty ; though this is fometimes permitted to him. 
whofe foul is well difpofed, and who has paffed through 
life with the greateft fanctity and purity of manners. So. 
that, by how much the Father of all exceeds every nature 
in fimplicity, purity, and felf-fufficiency, as being infinitely 
-= remote from all fufpicion of material contagion, by fo:much 
the more ought he who approaches to the Deity, to be 
entirely pure and holy, firft in his body, and afterwards. 
in the moft fecret receffes of his foul; having diftributed. 
a purgation adapted to every part, and being completely 
imvefted with purity, as with a tranfparent garment, fit for 
the intimate reception of divine illumination.” Thus far 
Porphyry, whofe excellent fentiments on this fubject are a - 
lafting monument of the elevation and purity of foul which 
the Platonic philofophy affords; and at the fame time fuf- 
ficiently prove the arrogance and ignorance of thofe who 
depreciate the wifdom of the ancients, and confider their 
greateit philofophers as involved in mental darknefs and de- 
lufion. But prefumption of this kind is continually increafed — 
_ by indolence, and ftrengthened by intereft; and it is common 
to find /cribdlers of every kind, laughing at Plato and his 
philofophy, who are too mean for criticifm;, and even too 
infignificant for contempt. Let us,. therefore,. leave fuch 
| in. 


oxxvi DISSERTATION on THE 


an their native inanity, and liften to the inftructions of the 
-divinely elegant Proclus, by which we may afcend to the 
contemplation of true being, and the ineffable principle of 
things. | 
6. * “Pythagoras and Plato command us to fly from the 
multitude, that we may purfue the moft fimple truth, and 
apply ourfelves wholly to the contemplation of real being. 
From the multitude of exterior people drawing us afide in 
$ various ways, and deceiving us by fallacious appearances. 
But much more to fhun the multitude of interior people; 
for this much more diftraéts and deceives. We muf, 
therefore, fly from the various multitude of affections, the 
ob{fcure informations of fenfe, the fhadowy objects of ima- 
gination, and the dufky light of opinion. For every mul- 
titude of this kind is fo different in itfelf, that its parts are 
contrary to one another; from whence it is neceflary to 
betake ourfelves to the fciences, in which multitude has 
no contrariety. For though affections are contrary to affec- 
tions, one perception of fenfe to another, imaginations: to 
‘Imaginations, and opinions to opinions, yet no one {cience 
is found contrary to another. In this multitude, therefore, 
of propofitions and notions, we may collect into one the 
, number of {ciences binding them in one according bond. 
For they are {o remote from contrariety to each other, that 
notion is fubfervient to notion, and inferior fciences minifter 
to fuperior, depending on them ‘for their origin. Above 
all, it is here neceffary, from many fciences which pre- 
fuppofe one, to betake ourfelves to one fcience itfelf, no 
Jonger fuppofing another, and in an orderly feries to refer 
them alł to this original one. But after fcience, and its 
dtudy, it will be neceffary to lay afide compofitions, divi- 
* See the Excerpta of Ficinus from Proclus, on the firt Alcibiades of Plato; his Latin ver- 


fon only of whichis extant. Ficini Opera, tom. ii. 
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fions, and multiform difcourfes, and from thence to afcend 
to intellectual life, to its fimple vifion, and intimate per- 
ception. For fcience is not the fummit of knowledge, but 
beyond it is intellect; not that intellect only which is fepa~ 
rated from foul, but the illuftration infufed from thence. 
into the foul, which Ariftotle affirms to be the intellect by 
which we acknowledge the principles of fcience; and 
Timeus fays, that this exifts in no place but the foul. 
Afcending, therefore, to this intellect, we muft contem- 
plate together with it intelligible efflence, by indivifible and 
fimple perceptions, fpeculating the fimple genera of beings. 
But after venerable intellect itfelf, it will be proper to con- 
template that fummit of the foul, by which we are one, 
and under whofe influence our multitude is umited. For 
as by our intellect we touch the divine intellect; fo by our 
unity, and as it were the flower of our effence, it will: be: 
lawful to touch that firft one, from’ whom all fubordinate: 
unities proceed, And by this our ome, we are efpecially. 
conjoined with divinity. For fimilitude may be every 
where comprehended by that which is fimilar; the objects: 
of knowledge by fcience; things intelligible by intellect ;- 
and the moft unifying meafures of being, by the unity of 
the foul. But this unity and its energy is the fammit of 
our actions; for by this we become divine, when, flying: 
from all multitude, we retire into the depths of our unity, 
and, being collected inte one, uniformly energize. Thus 
far we admonifh to fhun the multitude, by {teps: proceed- 
ing from the order of knowledge: in the next place, we 
'fhall: proceed in the fame defign by the feries-of. knowable: 
objects, Fly then every fenfible fpecies, for tlrey are 
heaped together, are divifible, and perfectly mutable, . and 
incapable of affording fincere and genuine knowledge. 
From thefe dark. informations, . therefore,. betake. yourfelf, 

to 
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to ‘incorporeal effence; fince every fenfible object poffeffes 


adventiticus ynity, is by stfelf {cattered and confufed, and. 


full of formlefs infinity. Hence its good is divifible, and 
adventitious, diftant and feparated from itfelf, and refiding 
in a foreign feat. When you have afcended thither, and 
are placed among incorporeal beings, you will behold above 
the fluctuating empire of bodies, the fublime animal order, 
felf-moving, fpontaneoufly energizing in itfelf, and from 
itfelf poffeffing its own effence, yet multiplied, and antici- 
pating in itfelf a certain apparition or image of the effence 
Ajivifible about the unftable order of bodies. You will 
there perceive many habitudes of reafons, various propor- 
tions, and according bonds. Likewife the whole and parts, 
vivid circles, and a multiform variety of powers; together 
with a perfection of fouls not-eternal, not fubfifting toge- 
ther as a whole, but unfolded by time, gradually departing 
from their integrity, and converfant with continual circu- 
lations. For fuch is the nature of the foul, 

But after the multitude belonging to fouls, betake your- 
felf to intellect, and the intellectual kingdoms, that you 
= may poffefs the unity of things. ‘There remain in contem- 


plation of a nature ever abiding in eternity, of life ever 


flourifhing, intelligence ever vigilant, to which no perfec- 
tion of being is wanting, and which does not defire the 
chariot of time, for the full energy of its eflence. When 
you have beheld natures of this exalted kind, and have 
deen by how great an interval they are fuperior to fouls; in 
the next place enquire whether any multitude is there, and 
if intellect, fince it is one, is alfo univerfal; and again, 
fince ìt is unifarm, if not alfo multiform: for you will 
find it fubfiits after this manner. When, therefore, you 
have intimately beheld this intellectual multitude, though 
profoundly indivifible and united, tranfport yourfelf again 
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to another principle, and having confidered, as in a more 
exalted rank, the nities of intellectual effences, in the la. 
place proceed to unity perfectly feparate and free from all 
things. And when advanced thus far, lay afide all multi- 
tude, and you will at length arrive at the ineffable foun- 
„tain .of good. And. fince it appears, from thefe various 
“ gradations, that the foul then properly obtains perfection, 
‘when fhe flies from all externa] and internal multitude, and 
the boundlefs variety of the univerfe, we may likewife. 
conclude from hence, that our fouls do not alone collect 
their knowledge from the obfcure objects of fenfe, nor 
from things particular and divifible difcover a perfect whole, 
and a perfect one, but draw forth fcience from their in- 
moft receffes, and produce accuracy and perfection from 
whatever in appearances is inaccurate and imperfect. For 
it is not proper to fuppofe that things falfe and obfcure, 
fhould be the principal fources of knowledge to the foul; 
and that things difcordant among themfelves, which require 
' the reafonings and arguments of the foul, and which are 
ambiguous and confufed, fhould precede fcience which is 
immutable ; nor that things varioufly changed, fhould ge- 
nerate reafons abiding in one; nor that indeterminate 
beings fhould exift as the caufes of determinate intelligence. 
It is not, therefore, fit to receive the truth of eternal en-- 
tities from boundlefs multitude; nor from fenfible objects 
the judgment of univerfals; nor from things deftitute of 
reafon, accurate difcrimination of that which is good: but it 
is proper that the foul, retiring into her immortal effence, 
fhould there: fcrutinize the good and the rue, and the im- 
mutable reafons of all things: for the effence of. the foul 
is full of thefe, though they are clouded by oblivion. The ` 
foul, therefore, beholding, exteriors, enquires after truth, 
in the mean ‘time poffeffing it in the depths of. her effence, 
. VoL. I. a and 
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and deferting herfelf, explores the good in the dark regions 
of matter. Hence, every one in the purfuit of reality 
ought to begin with the knowledge of himfelf. For, if 
we conitantly extend our views among the multitude of 
men, we fhall never difcern the one fpecies man, obfcured 
by the multitude, and diftracted by the divifion and dif- 
cord, and the various mutations of thofe who participate 
the fpecies. But if we turn our eye inwards, there, remote 
from perturbation, we fhail behold one reafon and nature 
of men; fince multitude is an impediment to the converfion 
of the foul into herfelf. For here variety darkens unity, 
difference obfcures identity, and diffimuitude clouds fimie 
litude ; fince fpecies are confufed in the folds of matter; 
and every where that which is excellent is mixed with the 
bafe.” Thus far Proclus; and thus much for our intended 
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CONCERNING FELICITY. 


H EN I confider the magnitude of mind, and dignity of 
chara&er belonging to Proclus, a philofopher of our time, 

‘and attend to thofe requifites, and that power of compofition which 
thofe ought to poffefs who undertake a defcription of his life; and 


œ Marinus, the author of the enfuing life, was the difciple of Proclus; and his fucceffor in 
the Athenian fchool. His philofophical writings were not very numerous, and have not been 
preferved. A commentary afcribed to him, on Euclid’s data, is ftill extant; but his moft ce- 
lebrated work, appears to have been, the prefent life of his mafter. It is indeed in the original 
elegant and concile; and may be confidered as a very happy fpecimen_ of philofophical biogra- 
phy. Every liberaf mind muft be charmed and elevated with the grandeur and fublimity of 
character, with which Proclus is prefented to our view. If compared with modern philofophi- 
cal heroes, he appears to be a being of a fuperior order ; and we look back with regret on the. 
glorious period, fo well calculated for the growth of the philofophical genius, and the encou- 
ragement of exalted merit. We find in his life, no traces of the common frailties of depraved 
humanity ; no inftances of meannefs, or inflability of conduct: but he is uniformly magnifi- 
cent, and conftantly pood, I am well aware that this account of him will be confidered by 
many as highly exaggerated; as the refult of weak enthufiafm, blind fuperftition, or grofs 
deception : but this will never be the perfuafion of thofe, who know by experience what elevation 
of mind and purity of life the Platonic philofophy is capable of procuring; and who truly un- 
derftand the divine truths contained in his works. And the teftimony of the multitude, who 
meafure the merit of other men’s characters by the bafenefs of their own, is furely not to be 
regarded I only add, that our Philofopher flourifhed 412 years afer Chrift, according to the 
accurate chronology of Fabricius: and I would recommend thofe who defire a variety of criti- 
’ cal information concerning Proclus, to the Prolegomena prefixed by that moft learned man to 
his excellent Greek and Latin edition of this work, printed at London in 1703. 


Vou, l. B | | laftly, 
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laftly, when I regard my own poverty of dition, I am inclined to 

believe it more proper to refrain from fuch an undertaking, not to 
leap over the foffe (according to the proverb), and to decline a difcourfe 
involved in fo much difficulty and danger. But my fcruples are 
fomething diminifhed when I confider, on the other hand, that even 
in temples, thofe who approach to the altars do not all facrifice alike; 
but that fome are folicitoufly employed in preparing bulls, goats, and 


other things of a fimilar kind, as not unworthy the beneficence of 


the Gods to whom thofe altars belong: likewife that they compofe 
hymns, fome of which are more elegant in verfe, but others in profe; 
while fome, who are deftitute of all fuch gifts, and facrifice with no- 
thing more perhaps than a cake and a {mall quantity of bread, with 
frankincenfe, and who finifh their invocations with a fhort addrefs to 
the particular divinity they adore, are not lefs heard than others. | 
While I thus think with myfelf, I am afraid, according to Ibycus *, 
left I fhould not offend againft the Gods (for thefe are his words) 
but againft a wife man, and thus obtain the praife of men. 

For I do not think it lawful, that I who was one of his familiars, 
fhould be filent concerning his life; and fhould not, according to my 
utmoft ability, relate fuch particulars concerning him as are true, and 
which perhaps ought to be publifhed in preference to others. And 
indeed by fuch a neglect I fhall not perhaps obtain the efteem and ho- 
nour of mankind, who will not entirely afcribe my conduct to the 
defire of avoiding oftentation, but will fuppofe I avoided fuch a de- 
fign from indolence, or fome, more dreadful difeafe of the foul. In- 


cited, therefore, by all thefe confiderations, I have taken upon me to 


relate fore illuftrious particulars of this philofopher, fince they are 
almoft infinite, and may be depended on for their undoubted reality. 

I fhall begin therefore not according to the ufual manner of writers, 
who are accuftomed to diftribute their difcourfe into chapters; but I 
confider that the felicity of this bleffed man ought, with the greateft 
propriety, to be placed as the foundation of this treatife. For I regard 
him as the moft happy of thofe men who were celebrated in former 


ages; I do not fay happy only from the felicity of wifdom, though he 


* Platoin Phedro. Meminit et Plutarch. VIII. Sympof. Suidas in uz. Fabricius. 
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poffeffed this in the higheft degree of all men; nor becaufe he abun- 
dantly enjoyed the goods of an animal life; nor again on account of 
his fortune, though this belonged to him in a moft eminent degree, for 
he was fupplied with a great abundance of all fuch things as aré call- 
ed external goods: but I eall him happy, becaufe his felicity was 
perfe&, complete in all parts, and compofed from each of the pre- 
ceding particulars. Having then in the firft place diftribhted * vir- 
tues according to their kinds into natural, moral, and political, and 
alfo into thofe of a fublimer rank, which are wholly converfant with 
purification and contemplation, and are therefore called Cathartic and 
Theoretic, and alfo fuch as are denominated Theurgic, by which we 
acquire a fimilitude with fome particular divinity ; but omitting fuch 
as are fuperior to thefe, as beyond the reach of man, we fhall begin 
from fuch as are more natural, ard which are firft in.the progreffions 
of the human foul, though not firft in the nature of things. 
_ This bleffled man, then, whofe praife is the fubject of this treatife, 
naturally poffeffed, from the hour of h's birth, all thofe phyfical virtues 
which fail to the lot of mankind; the traces of which were manifeft 
in the lateft period of his lite, and appeared to furround and inveft his 
body after the manner of a tenacious thell, In the fir place, he was 
endued with a fingular perfe@tion of fenfation, which they denomi- 
nate corporeal prudence ; aud this was particularly evident in the no- 
bler fenfes of feeing and hearing, which are indeed given by the gods 
to men for the purpofe of philofophizing, and for the greater convent- 
ence of the animal life; and which remained entire to this divine man 
through the whole of his life. Secondly, he pofleffed a ftrength of 
-body which was not affected by cold, and which was neither weak- 
ened nor difturbed by any vicious or negligent diet, nor by any en- 
durance of labours, though it was exhaufled day and night, while he 
was employed in prayer, in perufing the works of others, in writing 
books himfelf, and in converfing with his familiars; all which he per- 
formed with fuch expedition, that he appeared to ftudy but one thing 
alone. But a power of this kind may with propriety be called forti- 
tude of body, from the fingular ftrength emp!oyed in fuch exertions, 


* For a full account of the diftribution of the virtues according to the Plaronite, confult 
the fentences of Porphyry, and the Prolegomena of Fabricius to this work. 
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The third corporeal virtue with which he was endued was beauty, 
which, when compared with temperance, the authors of thefe appel- 
lations have very properly confidered as poffeffing a fimilitude of na- 
ture. For as we confider temperance as confifting in a certain fym- 
phony and confent of the powers of thee foul, fo corporeal beauty is 
underftood to confift in a certain agreement of the organical parts. He 
was indeed of a moft pleafing afpect, not only becaufe he was endued 
with this excellent proportion of body, but becaufe the flourifhing 
condition of his foul beamed through his corporeal frame like a living 
light, with fplendors too wonderful for language to explain. And 
indeed he was fo beautiful that no painter could accurately defcribe 
his refemblance; and all the pictures of him which were circulated, 
although very beautiful, were far fhort of the true’ beauty of the ori- 
ginal. But the fourth corporeal virtue which he poffeffed was health, 
which they affirm correfponds to juftice in the foul; and that this isa 
certain juftice in the difpofition of the corporeal parts, as the other in 
— thofe of the foul. For juftice is nothing more than a certain habit, 
containing the parts of the foul in their proper duty. “Hence, that is 
ealled health by phyficians, which conciliates the jarring elements of . 
the body into union and confent; and which Proclus poffeffed in fuch 
perfection, that he affirmed he was not ill above twice or thrice, ‘in 
the courfe of fo long a life as feventy-five years. Buta fufficient 
proof of this ts evident from hence, that, in his laft illnefs, he was 
entirely ignorant what the diforders were which invaded his body, om 
account of the great rarity of their incurfions. 3 

Such then were the corporeal goods which Proclus poffeffed, and 
which may be called the forerunners,. and as it were meflengers, of 
thofe forms into which we have diftributed perfect virtue. But the 
firt powers and progeny of his foul, which he naturally pofleffed, pre- 
vious to inftruction, and thofe parts of virtue with which he was a- 
dorned, and which Plato reckons the elements of a philofophic na- 
ture *, muft excite the wonder of any one who confiders their exceHent 
quality. For he was remarkable for his memory and ingenuity; he 
was of a difpofition magnificent,.gentle, and friendly; and a compa- 


_* See the fixth book of his Republic, and the Epinomis. 
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nion, as it were, of truth, juftice, fortitude and temperance; and his 
love of truth was fo great, that he never admitted any prudent diffi- 
mulation, but hated falfehood vehemently. Indeed it is neceffary 
that he who profecutes truth, with fo much earneftnefs and fincerity, 
-fhould be extremely defirous of it from his infancy, fince truth is the 
fource of every good, both to gods and men. But that he defpifed 
corporeal pleafures, and was an eminent lover of temperance, is fuf- _ 
ficiently evident from his great propenfity to difciplines, and his defire 
of every kind of ftudies; for difpofitions of this kind never fuffer 
beaftly and illiberal pleafure to dwell 1h the mind, but are able to ex- 
cite in the foul, from her own *mternal operations, fincere pleafure 
and delight. But it is impoffible to fay how foreign he was from 
avarice, fo that when a boy he defpifed the wealth of his parents, 
though very rich, on account of his incredible love towards philofo- 
phy. Hence he was far removed from illiberality, and from the care 
of leffer concerns, as he was moft ftudious of the univerfe, and of 
every thing divine and human. But from fuch a difpofition of the 
rational foul, having acquired true magnanimity, he confidered human 
life as of no account, and, unlike the multitude, viewed nothing 
dreadful in death. So that he by no means feared all that rout of 
moleftations u hich appear terrible to others, and this in confequénce 
of that natural affection which it is proper to call by no other name 
than that of Fortitude alone. But, from all thefe virtues, I think it 
muft be evident to thofe who have not experienced his beft of difpo~ 
fitions, that he loved equity from a boy; that he was juft and mild, 
and by no means difficult or unjuft in his affociations or contracts. 
To us indeed he certainly appeared modeft and elegant, neither ava- 
ritious nor illiberal, neither arrogant nor timid. 

But will-it not be fuperfluous to mention the goodnefs and fertility 
of his ingenuity ? Efpecially among thofe who know and who have 
heard, that he was full of the moft beautiful difciplines, and who are 
acquainted with the multitude he produced and publifhed to the world, 
fo that he alone feemed to have drank nothing of the cup of oblivion, 
as he was endued with a power of memory which was never difturbed, 
and that which belongs to the oblivious, never happened to him. 


Befides, he never neglected freth acquifitions, as if poffefling a fuf-. 
ficiency 
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ficiency of difciplines; and as one who is merely delighted with their 
fludy. But he was moft remote from a nature ruftic and horrid, and 
averfe from the Mufes, and particularly propenfe to more cultivated 
endowments: for on account of his fingular urbanity and feftivity 
(without tranfgreffing the bounds of true honefty) in his common af- 
fociations, facred feafts, and other ations, he allured and charmed his 
familiars, and always difmiffed them more cheerful and pleafed. 

His mother, therefore, Marcella, lawfully united to his father 
Patricius, both of the Lyeian nation, and excelling in birth and virtue, 
produced our philofopher, thus endued from the beginning with all 
thefe, and other gifts of nature. And * Minerva, the tutelar god- 
defs of Byzantium, received him when born, and took care of him 
as a midwife, fhe being the caufe of his birth in that city: but after- 
wards fhe provided for his well-being, when he was numbered among 
_boys and young men; for fhe appeared once to him in a dream, and 
exhorted him to the ftudy of philofophy, from whence arofe his great 
propenfity to this goddefs, as he particularly performed her facred 
‘rites, and cultivated with a greater fury (as I may fay) her inftitu- 
tions. Laflly, his parents brought him, when born, into their native 
country Zanthus, confecrated to Apollo: and I cannot but think that 
this country happened to him by a certain divine providence; as it 
was requifite that he, who was to be the prince of all fciences, fhould 
be educated under the prefiding deity of the Mufes. Here, being 
inftituted in the moft elegant manners, he purfued moral virtues, and 
was accuftomed to right conduct, and to a declination of its contrary, 
that which is bafe. : 

But at that-tume the love of the gods, who had attended him from 
his nativity, manifeftly appeared; for being once detained by fome 
 difeafe of body, and it appearing very difficult, and f{carcely poffible 
to cure him, there ftood at his Led a youth of a more than ordinary 


* We are informed by Fabricius, that the Platcnic Olympiodorus in his MS. Commentary 
on the Alcibiades of Plato, divides the orders of the Gods, into ùmeexóouion or fuperemundane, 
which are feparate from all cannećtion with body; and into iyxécysos, or mundane. And that 
of thefe, fome are ganos, or celeflial, others abigo or etherial, or wigs fiery, others @igsoy OF 
aerial, others invdzos, or watry, others ybénos, or earthly ; and others imoraptagsos, or fubterra- 
nean. But among the terreftrial, fome are xAmalagyas, or governors of climates, others OMEN Cy 
or rulers over cities, and others laftly xazosxidis, or governors of houles, 
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appearance, fo that even previous to the declaration of his name, 
he might be confidered as * Telefphorus or Apollo: but the god 
proclaiming who he was, and pronouncing his name, touched the 
head of Proclus (for he ftood reclining his head on Proclus’ pillow) 
and having immediately reftored him to health, vanifhed from his 
fight. And fuclf was the f divine vifion, and the divine benevolence 
at that time exhibited to our youth. 

But having. for a fhort {pace of time, in Lycia, applied himfelf to 
grammar, he went to Alexandria in Egypt, bringing with him very 
fingular moral virtues, by which he excited towards himfelf the love - 
of the mafters refident in that place. Hence Leonas the rhetorician, 
who derived (as I think) his lineage from Ifaurus, and was illuftrious 
among many of that profeflion, who were then at Alexandria, not 
only made him a partaker of his ftudies, but thought him worthy 
to become his domeftic, and ordered that he fhould be fupplied with 
food, together with his wife and children, no otherwife than if he 
had been his || true fon. He likewife took care to procure him the 
notice of the principal men in Egypt, who being wonderfully de- 
lighted with the acumen of the youth’s ingenuity, and with the ele- 
gance and integrity of his morals, reckoned him among their greateft 
friends. But he was alfo inftru@ted by Orion the grammarian, 
whofe anceftors difcharged the facerdotal office among the Egyptians, 
and who had made fuch a progrefs in the knowledge of his art, that 
he compofed elaborate books on this fubje&, which he left not without 
advantage to pofterity.. He alfo went to the fchools of the Roman 
preceptors. and made a great progrefs in that language; for he was 
at firft led to the ftudy of his father’s profefflion, in which he was 
illuftrious, his employment being the ftudy of law in the royal city. 
But when it appeared how vehemently the young man was. delighted 


* This epithet is likewife afcribed by Onomacritus to the Moon, as may be feen in his 
hymn to that deity; and the reafon of which we have given in our notes to that hymn. 

+ Divine vifions, and extraordinary circumftances, may be fairly allowed to happen to fuch 
exalted geniufes as Proclus; but deferve ridicule when afcribed to the vulgar. 

|| What glorious times! when it was confidered as an extraordinary circumftance for a 
teacher of rhetoric to treat a noble and wealthy pupil as his domeftic. When we compare 
them with the prefent, we can only exclaim, O tempora! O mores! Philofophy funk in the 
ruins of ancient Greece and Rome. 


” 
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with the Rudy of rhetoric, as he had not yet touched the writings of 
the philofophers, he both acquired great glory from his acquifitions, 
and became the admiration of his fellow pupils and mafters, on ac- 
count of the elegance of his difcourfe, and his celerity in perceiving; 
and from his exhibiting more the habit and induftry of the mafter, 
than that of the fcholar. = 

But while he yet frequented the rhetorical fchool, the fophift Leonas, 
made him the companion of his journey to Byzantium: which he 
undertook for the purpofe of gratifying his friend Theodorus, who 
was at that time prefe& of Alexandria, and who was a man both 
polite and magnificent, and a lover of philofophy. But Proclus, 
though a youth, followed his mafter more cheerfully in this journey, 
left he fhould be compelled to interrupt his fludies. However, that 
I may fpeak more truly, a certain good fortune brought him back to 
the fource of his nativity. For, on his return, his tutelar goddefs 
exhorted him to philofophy, and to vifit the Athenian fchools. But 
having firft returned to Alexandria, and bid farewel to rhetoric, and 
the other arts which he had formerly ftudied, he gave himfelf up to 
the difcourfes of the philofophers then refident at Alexandria. But 
he frequented * Olympiodorus, the moft illuftrious of philofophers, 
for the fake of imbibing the do@rine of Ariftotle ; and in mathemati- 
cal difciplines gave himfelf to Hero f, a religious man, and one who 
was eminently fkilful in the proper methods of inftitution. But 
thefe men were fo delighted with the manners of the youth, that 
Olympiodorus wifhed him to efpoufe his daughter, whom he had 
taken care to inftru@ in philofophy, and Hero committed :o him all 
his religion, and made him his conftant companion. But having, on 
a certain time, heard Olympiodorus, a man who-was endued with a 
great power of fpeaking, and on account of the celerity of his {peech, 
and the gravity of his fubje&ts, was underftood by very few of his — 
auditors, as he was departing with the difmiffed multitude, he re- 
peated to his companions all that was faid, and almoft verbatim, 


* Fabricius rightly obferves, that this Olymptodorus is not the fame with the Philofopher 
of that name, whofe learned commentaries, on certain books of Plato, are extant in manufcripr, 
in various libraries. As in thefe, not only Proclus himfelf, but Damafcius, who flourifhed 
long after Proclus, is celebrated. 

+ Concerning the various mathematicians of this name, fee Fabricius in Bibliotheca Græca. 
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though the difcourfe was copious; as Ulpianus Gazzus, one of his 
 fellow-difciples informed me, who alfo confumed not the leaft part 
of his life in the ftudy of philofophy. But he likewife learned, with 
preat facility, the writings of Ariftotle, pertaining to rational philo- 
fophy *, though the bare reading of them is difficult to thofe who 
are engaged in the attempt. 

Having therefore, at Alexandria, applied himfelf to thefe matters, 
and enjoyed their confidence in fuch inftruction as they were able 
to afford, when upon reading together with them a certain. author, 
they appeared to him not to interpret the mind of the philoSpher as 
they ought; conceiving a contempt for thefe {chools, and at the fame 
time being mindful of the exhortation which had been divinely fent 
to him at Byzantium, he went to Athens, attended by the prefiding 
deities. of eloquence and philofophy, and by beneficent dzmons. 
For tkat he might preferve the genuine and entire fucceffion f of Pla- 
to, he was brought by the gods to the guardian city of philofophy, 
as the circumftances which ‘happened on his firft entrance into the 
city, and all the divine excitations manifeftly evince: for they openly 
prefaged, that this gift was fent from the father Apollo, and was a 
future fuffrage of his fucceffion confirmed by divine events. For 
when his veffel drove to the Pyrzum, and it was told to the citizens, 
Nicolaus, who afterwards flourifhed. in the rhetorical art, but at that 
time ftudied under the mafters of Athens, defcended to the fhore as 
if to an acquaintance, received him for his gueft as if he had been 
a citizen, and brought him to the city; for Nicolaus was alfo a Ly- 
cian. But Proclus, who perceived himfelf weary from his journey, 
fat down at the temple of Socrates, though he did not yet know, nor 
had heard that Socrates was worfhipped in that place, and requefted 
Nicolaus that he would ftay there for a fhort time, and, if poffible, 
procure him fome water, as he faid that he was exceeding thirfty. 


* The word in the original is Avyxa, which Fabricius rightly conjeétures has in this place 
a more extenfive figuific: ation than cither Logic, or Rhetoric : but I muft beg leave to differ 
‘from that great critic, in not tranflating it fimply philefophical,.as I fhould rather imagine, 
Marinus intended to confine it to that part of Ariftotle’s works, which comprehends only 
logic, rhetoric, and poetry. For the verb igidsdarw, or to learn, which Marinus ufes on this 
` eccafion, cannot with propriety be applied to the more abftrufe wiitings of Ariftotle 

+ Hence Proclus was called, by way of eminence, àadoxos Daatanxos, or the Platonic 
‘Succeffor. 
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Immediately Nicolaus, from that very confecrated place, brought him 
fome water; for the fountain belonging to the ftatue of Socrates was 
not far diftant. But while he was drinking, Nicolaus, for the firft 
time, confidering the circumftance: This is an omen, fays he, be- 
caufe you have fate in the temple of Socrates, and have there firft 
drank the Attic water. - Then Proclus rifing, and having paid due re- 
verence to the place, proceeded to the city. But when he came to 
the tower, the porter who was prefent at his entrance, and was about 
to clofe the gates with bars, faid to him, (that I may repeat the 
words of the man,) ‘* Certainly unlefs you had come, I fhould have 
‘clofed the gates.” And what omen could be more manifeft, or could 
lefs require the interpretations of * Polletes or Melampodes, or fuch 
like diviners? 

But Proclus, defpifing the fchools of the rhetoricians, though they 
very much defired his affociation, as if he had come for that very 
purpofe, met with the prince of philofophers Syrianus f, the fon of 
Philoxenus. At that time too, Lachares was in the fame company, 
a man much converfant in philofophy,.and the companien of Sytianus 
in his ftudy, but in eloquence he was in as great admiration as Ho- 
mer in the poetic art. He then was, as I have faid, prefent at the 
fame time. But it was now the evening twilight, and while they 
were engaged in mutual converfe, the fun fate, and the moon made 
her firft appearance after her change: wherefore, having. faluted the 
firanger, they endeavoured to difmifs him, as being a young man, 
from their company, that they might adore the goddefs apart. But 
he not having proceeded far, beheld alfo the moon appearing from 
the fame houfe, and laying afide his fandals, in their prefence faluted 
the goddefs. Here Lachares, admiring the confidence of the youth, 


* Concerning Pulletes, fec Suidas; and for Meclampodes, confult Fabricius in Bibliotheca 
Greca, 

t This Syranius was indeed a moft excellent philofopher, as we may be convinced from his 
commentary on the metaphyfics of Ariftotle, a Latin tranflation only of which, by one Hieroni- 
mus Bagolinus, was publifhed at Venice in 155%. The Greek is extant, according to Fabricius, 
in many of the Italian libraries, and in the Johannean library at Hamburg. According to 
Suidas, he writ a commentary on the whole of Homer in fix books; on Ptato’s politics, in four 
books ; and on the confent of Orpheus, Pythagoras, and Plato, with the Chaldean Oracles, 
in ten books. All thefe are unfortunately loft ; and the liberal few, are by this means deprived 
` of treafures of wifdom, which another philofophical age, in fome diftant revolution, is alone 
likely to produce, 

faid, 


5 


Rem a 


THE LIFE OF PROCLUS. 1E 


faid, fpeaking to Syrianus, “ This is what Plato * divinely affirms of 
` great geniufes; that they either produce great good, or its contrary.” 
And fuch, that 1 may mention a few out of many, were the figna- 
tures of divine original, which happenéd to our philofopier, on his 
firft arrival at, Athens. 

But Syrianus brought him to the great Plutarch +, the fon of Nef- 
tor; who, when he faw the young man, not yet twenty years old, and 
heard of his love and defire of a philofophic life, he was much de- 
_ fighted, and immediately made hiin a partaker of his philofophic ftu= 
dy, though his age almoft forbade fuch an attempt ; for he was then 
very old. He therefore read to Proclus his commentary on Ariftotle’s 
books on the foul, and on the Phxdo of Plato: and this great man 
exhorted him to commit to writing what he heard, employing the 
ambition of the youth as an inftrument, by telling him, that if he 
completed thofe fcholia, they would be reported as the commenta- 
ries of Proclus. And as he loved the youth very much on account of 
'. his inclination to the beft ftudies, he called him his fon, and caufed 
hint to refide with him as a domeftic. But after he faw his tempe- 
rance, with regard to animal food, he exhorted him not td abftain: 
from animals entirely, but to ufe them fo far as was neceflary to the 
vital energies of the corporeal part. He likewife gave the fame ad- 
vice to Syrianus, concerning the youth’s diet. But he anfwered the 
old man, as that divine head (Proclus) informed us: “ Suffer him with 
that frugality to learn what I with, and then, if he pleafes, he may 
die.” Such was the care of his mafters refpeCting him, in every con- 
cern. But the old man lived about two years after the arrival of 
Proclus; and dying, commended the youth to his fucceffor Syrianus, 
as alfo his grandfon Archiadas. But Syrianus, when he had received 
Proclus as his pupil, not only much affifted him in learning, but 
made him his domeftic as to other concerns, and the companion of 
his philofophic life, having found him fuch an auditor and fucceffor 


* Socrates, in the 6th book of Plato’s Republic, fays, that from great geniufes nothing of 


a middle kind muft be expected ; but either great good, ar great evil. 
+ The reader will pleafe to take notice, that this great man is not the fame with Plutarch the 


(biographer, whofe works are fo well known; but an Athenian philofopber of a much later 
period. 


C2 as 
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as he had for a long time fought for; and one who was adapted for 
the reception of a multitude of difciplines, and divine dogmata. 

In-a fhorter {pace, therefore, than two years, he read, together with 
Syrianus, all the works of Ariftotle, i. e. his logic, ethics, politics, 
phyfics, and theological fcience. But being fufficiently inftru@ed in 
thefe, as in certain * proteleia, and {mall myfteries, Syrianus led him 
to the facred difcipline of Plate, and this by an orderly progreffion, 
and not f according to the oracle, with a tranfcendent foot. And he 
was careful that he might furvey with him true myfleries, with the 
eyes of his foul, free from material darknefs, and with a fpeculation 
of intelle& refined and pure. Hence Proclus was employed night 
and day in vigilant energies, and in writing compendioufly what he 
had heard, employing his own judgment in the feleGtion and order. 
And in confequence of this unwearied affiduity, he made fo great a 
progrefé in a fhort time, that by then he was twenty-eight years of 
age, he compofed a multitude of works ; -and among the reft his very 
learned and elegant commentaries on the Timaus. But from an 
inftitution of this kind, his manners alfo received a greater ornament, 
fince as he advanced in {cience he accumulated virtue. 

But he likewife purfued the civil virtues from Ariftotle’s political 
writings, and Plato’s books concerning laws and a republic. How- 


* Ariftotle’s philofophy, when compared with the difcipline of Plato is, I think, defervedly 
confidered in this place as bearing the relation of the proreleia to the epopteia in facred 
myfteries. Now the prcteleia, or things previous to perfection, belong to the initiated, and 


_ the myftics; the former of whom were introduced into fame lighter ceremonies only: but the 


myttics, were permitted to be prefent with certain preliminary and leffer facred concerns. On 
the other hand, the epoptæ were adinitted into the fanctuary of the greater facred rites; and 
became fpectators of the fymbols, and more interior ceremonies. Arifto‘le indeed appears to be 
every where an enemy to the duétrine of ideas, as underitood by Piato; though they are doubt- 
lefs the leading ftars of al) true philofophy. However, the great excellence of his works, con- 
fidered as an introduction to the divine theology of Piatu, deferves the moft unbounded com- 
mendation. Agreeabie to this, Damafcius informs us that Ifidorus the philofopher, ** when 
he applied himfelf to the more holy philofophy of Ariftotle, and faw that he trufied more to 
neceflary reafons than to his own proper fenfe, yet did not entirely employ a divine intelleAion, 
was but little folicitous about his doctrine : but that when he had tafted of Plato’s conceptions, 
he no longer deigned to behold him in the language of Pindar. But hoping he thould obtain 
his: defired end, if he could penetrate into the fan@uary of Plato’s mind, he diredled to this 
purpofe the whole courfe of his application.” Photii Bibliotheca. p. 1034. 

¢ according to the oracle.) In the original xala rò àsyien, Which I wonder Fabricius fhould 
tranflate, guod aiunt, as it is ufuzl with the Plaronifts, to cite the Zoroaftrian oracles exafly 
in thefe words, inftauces of which may be found in Proclus on Plato’s theology ; and the very 
words prove themfelves to be a part of an oracle, when attentively confidered, 


ever, 
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ever, left he fhould be converfant only in the contemplation of thefe, 
and-fhould attempt nothing a€tual, fince he was hindred from engag- 
ing in public affairs himfelf, from his beiog employed in more im- 
portant concerns, he exhorted Archiadas, who was a religious man, 
to a political life, at the fame time inftruéting him in its nature and 
virtues, and explaining to him the methods proper to be obferved in 
the difcharge of its duties. And in the fame manner as they incite 
thofe who run in the race, fo he exhorted him to prefide in common 
- over the whole of his city, and to confer benefits privately upon each 
according to all the virtues, but particularly in conformity with the 
laws of juftice. But he excited in reality the emulation of himfelf in 
Archiadas, when he exhibited to him his own liberality and magnifi- 
cence with refpe& to riches, by beftowing gifts at one time on his 
friends, and at another time on his kindred, guefts, and citizens; 
proving himfelf by this means not in the leat affeQed with avarice, 
and conferring not a little to the good of public concerns. But when 
dying, he bequeathed that part of his poffeffions which he did not 
leave to Archiadas, to his own country, and to Athens. But Archia- 
das became fo great a lover of truth, as well from the company of 
his own affociates as from the friendthip of Proclus, that he is never 
mentioned by our acquaintance, without being at the fame time cele- 
brated as the religious Archiadas. 

But the philofopher alfo employed himfelf in civil confultations 
among public affemblies, where things pertaining to the republic were 
difcuffed; giving the moft prudent counfels, conferring with gover- 
nors concerning equity, and not only exhorting them to an impartial 
diftribution of juftice, but in a manner compelling them by philofo- 
phical authority. For he had a certain public care of the morals of 
princes, and not only inftructed them in the art of temperate govern- 
ment by his difcourfe, but alfo by his own example through the 
whole of his life; fince he was, as it were, the examplar of tempe- 
rance to the reft. But he gave a fpecimen of civil fortitude perfely 
Herculean: for fince at that time there was, as it were, a fea of 
troubles upon him, and mighty waves of ftormy employments were 
roufed by adverfe winds againft his upright life, he conducted him- © 


lelf, though in danger, with gravity, and an unfhaken conftancy. 
| And 


` 
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And when he was once very much molefted by the improbity of fome 
violent men, which was both pernicious and dangerous to himfelf, he 
undertook a journey into Afia, which contributed greatly to his own 


advantage: for as he was not unfkilful in the more ancient rites of 


that place, which he yet preferved, a divine power afforded him this 
occafion of departure. Hence, as he well knew the whole of their 
concerns, he taught them more accurately in things pertaining to the 
gods, if they happened to have neglected any thing through a long 
interval of time. And while he was engaged in all thefe employ- 
ments, and lived in a correfpondent manner, he was fo concealed 
from the multitude that he even excelled the Pythagoreans, who 
keep with unfhaken conftancy this precept of their founder, Aaés 
Riwcas, ive concealed. But having paffed a year only in the parts of 
Lydia, he returned to Athens, under the providential protection of 
the prefiding goddefs of philofophy. And thus fortitude was per- 
fected in our philofopher, firt by nature, then by cuftom, and after- 
wards by fcience and the confideration of caufes. Befides this, he 
exhibited in another manner his politic habit practically, by cam- 
pofing letters for noblemen; and by this means procuring good to 
entire cities. But of this I have a fufficient teftimony from thofe on 
whom they were beftowed, as well Athenians as Argives, and others 


of different nations. 
But he likewife much promoted and increafed literary ftudies, de. 


manding of princes rewards for the preceptors, according to their fe- 


veral deferts. Nor did he undertake this rafhly, nor with any inte- 
refted views, but he compelled them (as he confidered it a matter of 
great moment) to be diligent in their profeflion, interrogating and 
difcourfing with them refpeCting every particular: for he was a judge 
fufficiently inftruéted in the employments of them all. And if he 
ever found any one negligent in his profeffion, he fharply reproved 
him; fo that he appeared very vehement and ambitious, becaufe he 
was both willing and able to give a juft determination on every fub- 
je&: and he was indeed a lover of glory. But this was not a fault 
in him, as in moft, becaufe it alone regarded virtue and goodnefs. 

And, perhaps, without an energy of this kind, nothing great and ex- 


cellent would ever fubfift in the human mind. But he was in this 
| : —refpect 
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refpe& vehement: this I will not deny. Yet, at the fame time, he 
was gentle; for he was eafily pleafed, and demonftrated in a moment. 
that his anger was as pliable as wax. For, almoft at the fame time, 
he was (as I may fay) wholly tranfported in réprehenfion, and with 
a delire of becoming fubfervient to their interet, and that he might 
intercede with princes in their names; being moved with a certain na- 
tural conjunction of foul, and, as it were, fympathy of grief. 

And here, I very opportunely recollect a peculiar example of his 
natural fympathy of foul with others: -nor do I think the like was 
ever related of any other man. For, notwithftanding he was unmar- 
ried, and had no children (becaufe he was not defirous of fuch con- 
nections, but remained free from them all, though many noble and 
rich alliances were offered him), yet his care of all his familiars and 
friends, and of their wives and children, was as great as if he had 
been fome common father, and the caufe of their birth; for he be- 
ftowed a fingular attention on the life of each. And whenever any 
one of them was detained by any difeafe, he firft earneftly fupplicated 
the gods on their behalf with facrifices and hymns; afterwards he gave 
a prompt attendance on the fick perfon himfelf, convened the phyfi- 
cians, and urged them to make an immediate trial, if they knew of 
any thing in their art advantageous to the condition of the difeafed; 
and fometimes he produced fome fingular advice himfelf, among the 
phyficians; and thus delivered many from imminent dangers. And 
the greatnefs of this bleffed man’s humanity towards his fervants, may 
be underftood by thofe who defire it, from his will. But of all his 
familiars, he loved Archiadas and his kindred the moft; becaufe, in 
the firft place, their fucceflion was derived from the genus of Plutarch 
the philofopher; and afterwards on account of that * Pythagoric — 
friendfhip which he maintained with Archiadas, as he was both the 
companion and preceptor of his ftudies. And this other kind of 
friendfhip, differing from the two already mentioned, appears to have. 


* Nothing is more celebrated by the ancients than that ftri@ friendfhip which fubfifted 
among the Pythagoreans; to the exercife of which they were accuftomed to admonifh each 
other, not to divide the god which they contained, as Jamblichus relates, lib. i. c. 33. De Vita 
Pythagore. Indeed, true friendfhip can alone fubfift ini fouls, properly enlightened with ge- 
nuine wifdom and virtúe; for it then becomes an union of intelleéts, and muft confequently be 

immortal and divine. © 
been 
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~ been the moft firm and excellent, among thefe illuftrious men. For 


Archiadas defired nothing, which was not alfo the wifh of Proclus; 
and on the contrary, the defires of Proclus were * the conftant wilhes 


of Archiadas. 


But having now brought the political virtues, which are inferior to 
the true ones, to an end, and terminating them in * friendfhip, as 
their proper bound, we fhall- now pafs to the Cathartic differing 
fram the politic virtues. Indeed, the employment of thefe laft con- 
fils in purifying the foul, that fo being liberated from the body as 
much as they are able to effect, it may regard human concerns, and 


‘poffefs a certain fimilitude with divinity; which is the foul’s beft and 


moft exalted end. Yet they do not all liberate after the fame manner, 
but fome more, and others lefs. Since there are certain political pur- 
gations which adorn their poffeffors, even while connected with 
body, and reduce them to a better condition; bringing under the 
dominion of reafon, anger and defire, and entirely deftroying paflion 
and every falfe opinion: but the Cathartic virtues, which are {fuperior 


‘to thefe, feparate entirely from this truly leaden weight of body, and 


procure an eafy flight from mundane concerns. And in thefe, in- 
deed, our philofopker was ftudiouflly employed during the whole of 
his life, which was devoted to philofophy ; fince he both taught by 
his difcourfes what they were, and after what manner they were pre- 
paratory to felicity, and in a particular manner conformed his life to 
their inftitutions ; performing every thing which could contribute to 
the feparation of his foul, ufing both night and day prayers, luftra- 
tions, and other purifications, as well according to the Orphic as the 
Chaldaic inftitutions: and every month he defcended, with great di- 


_ligence, to the fea; and this fometimes twice or thrice. But he was 


exercifed in thefe, not only in the vigour of his age, but alfo towards 
the clofe of his life; and thefe cuftoms he obferved perpetually, as 
if they were certain invariable ftatutes. 

But he ufed meat and drink, and other neceffary pleafures, only 
fo far as was neceflary to avoid the moleftations of difeafe; for he was 
in thefe by much the moft frugal, and particularly loved abftinence 


° Pythagoras, according to Damafcius, tag that friendfhip was the mother of all the poli- 
tial virtues. 


from 
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from animal food. - And if at any time he was invited to eat it more 
vehemently, he was fo cautious in its ufe, that he ate it merely-after 
the manner of a tafter. But he purified himfelf every month by the 
facred rites, in honour of the mother of the gods, celebrated by the 
Romans, and prior to them by the Phrygians: -he likewife more dili- 
gently obferved the unfortunate days of the Egyptians than they 
themfelyes ; and, befides this, fated, on certain days in a peculiar man- 
ner, on account of the lunar appearances *. He likewife inftituted 
a faft on the laft day of the month, not having {upped the day before. 
But in what a f{plendid manner, and with what piety, he celebrated 
the new moon, and properly obferved, with facrifices, the more il- 
luftrious feafts of almoft all nations, according to the manner of each 
country ; and how from thefe he did not, according to the cuftom of 
many, take occafion of becoming idle and intemperate, but employed 
himfelf in continual prayers, hymns, and the like, his hymns fuf- 
ciently evince, which not only celebrate the divinities of the Greeka, 
but lixewife Marna Gazeus, Efculapius Leonteuchus, Afcalonites, 
and Theandrites, another god much venerated by the Arabians; to- 
gether with Ifis. worfhipped by the Philians; and laftly, all the reft 
which were the fubjeGs of his devotion. For this fentiment was very 
familiar to this moft religious man, that it was proper a philofopher 
fhould not be careful in the obfervance of the rites and inftitutions of 
one particular city, nor of certain nations only, but that he fhould be 
the general prieft of the univerfe. And thus was he pure and holy, 
fo far as pertains to the virtue of temperance. | 


°. A genuine modern will doubtlefs confider the whole of Proclus’ religious conduct as rici- 
culoutly fuperfitious. And fo, indeed, at firft fight, it, appears; but he who has penetrared 
the depths of ancient wildom, will find in it more than meets che vulgar car. The religion of 
the Heathens, has indeed, for many centuries, been the object of ridicule and contempt: yet 
the author ef the prefent work is not afhamed to own, that he is a perfect convert to it in every 
particular, fo far as it was underftood and illuftrated by the Pythagoric and Platonic-philofo- 
phers. Indeed the theology of the ancient, as well as of the modern vulgar, was no doubt full 
-of abfurdity ; but that of the ancient philofopbers, appears to be worthy of the highett come 
_ mendations, and the moft affiduous cultivation. However, the prefent prevailing opinions, 
forbid the defence of fuch a fyftem; for this muft be the bufinefs of a more enlightened and 
philofophic age. Befides, the author is not forgetful of Porphyry’s deftiny, whofe polemical 
writings were fuppreffed by the decrees of emperors; and whofe arguments in defence of his 
relivion were fo very futile and eafy of folution, that, as St. Hierom informs us, in his preface 
on Daniel, Eufebius anfwered him in twenty-five, and Apollinaris in thirty volumes ! 
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_ But he declined, as much as poffible, pain: and if it ever happened 
to him, he bore it with gentlenefs, and diminifhed it with this view, 
that his beft part might not at the fame time be affected with its mo- 
Jeftations. And the fortitude of his foul ia this refpe@, was fuffi- 
ciently evinced in his laft illnefs; for when, at that time, he was 
oppreffed and tormented with the moft excruciating pags, he endea- 
voured to the utmoft to mitigate and expel their affli€tive invafions. 

Hence, on fuch occafions, he often commanded us to repeat certain 
hymns, which when repeated procured him a remiffion and ceflation 
of pain. And what is more wonderful, he remembered what he 
heard of thefe, though forgetful of almoft all human concerns, from 
the diffolution of his corporeal part continually increafing. For when 
we began to repeat, he fupplied what was unfinifhed of the bymns, to- 
gether with many of the Orphic verfes; for it was thefe we were 
then reciting. Nor was he only thus conftant in enduring corporeal 
evils, but much more fo in external unfortunate events, and fuch as 
appeared to happen contrary to expectation. So that he would fay, 
concerning particulars of this kind, So st 1s, fuch things are ufual; 

which feemed to me, or rather at that time appeared to be, worthy 
of remembrance, and an evident argument of our philofopher’s mag- 
nanimity. But befides this, he retrained anger as much as poffible, 
fo that it might either remain free from all excitation, or that at leaft 
reafon might not confent to its indulgence, but the irrational faculty 
alone, contrary to his will, might be moderately and lightly excited. 
And with refpect to venereal concerns, he ufed them in the natural 
way, but fo as that he might not proceed beyond a very moderate and 
light phantafy, in their indulgence.. 

And thus the foul of this blefled man, having collected itfelf from 
all parts, and retiring into the depths of its effence, departed after 
a manner from body; while it yet appeared to be contained in its dark 
receptacle. For he poffeffed a prudence, not like that of a civil na- 
ture, which is converfant in the adminiftration of flutuating particu- 
lars, but prudence itfelf, by itfelf fincere, which’ is engaged in con- 
templating, and converting itfelf into itfelf, without any longer con- 
fenting to a torporeal nature. He likewife poffeffed a temperance 
free from evil; and which is not even moderately influenced by per- 
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ttrbations, but is abftraGted from all affeCtions. And laftly, the ac- 
quired a fortitude, which does not fear a departure from body. But 
reafon and intelle& having obtained in him a perfe& dominion, and 
the inferior powers of his foul no longer oppofirng themfelves to pu- 
rifying juftice, his whole life was adorned with the divine irradiations 
of genusne virtue. 

Our philofopher, therefore, havin moft happily abfolved this form: 
of virtues, advancing now, as it were, by the higheft and moft myfi- 
cal ftep, he afcended to the greateft and moft confummate or teleftic 
virtues; employing for this purpofe, the felicity of his nature, and 
a {ciential inftitution. Hence, being now purified, and the victor of. 
his nativity, and defpifing the vain Thyrfus-bearers, and boafters of 
wifdom, he happily penetrated into her profound reeefles, and enjoyed 
the contemplation of the truly bleffed fpettacles fhe contains. No 
longer requiring prolix differtations, or demonftrations, for the pur- 
pofe of colle&ting the fcience of thefe, but, with a fimple vifion and 
energy of intelle&, beholding the exemplar of the divine mind, he 
obtained a virtue which cannot, with fufficient propriety be called 
prudence, but is more properly denominated wifdom, or fomething, — 
if poffible, ftill more venerable and divine. But the philofopher 
energizing, according to this virtue, eafily comprehended all the theo- 
logy of the Greeks and Barbarians, and whatever is fhadowed over by 
the figments of fables, and placed it in a clear light, for the ufe of 
thofe who are willing and able to purfue its latent fignification. But 
having intérpreted divinely every thing of this kind, and thewing the 
fymphony between them all; at the fame time, inveftigating all the 
‘writings of the ancients, whatever he found in them of genuine wif- 
dom, and approved by general confent, this he judicioufly applied 
to ufe; but if he found any thing of a different and diffonant nature, 
this he entirely rejected, as vicious and falfe. And whatever he met 
with contrary to wifdom, though endued with a friendly appearance, 
this he vigoroufly fubverted by a diligent examination. Nor did he 
employ lefs force and perfpicuity-in his affociation with other men. 
For he was a man laborious to a miracle; as he often, in one day 
abfolved five, and fometimes more leGtures; and writ befides, many 
veries, often to the number of feven hundred. Befides this, he went 
: D 2 to: 
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to other philofophers, and frequented their company; and again 
celebrated with them an evening affociation, ceafing from the labour 
of writing. And all thefe employments he executed in fuch a man- 
ner, as not to neglect his noturnal and vigilant piety to the gods, 
and affiduoufly fupplicating the fun when rifing, when at his meri- 
dian, and when he fets. 

But he was the parent of many dogmata, =e were never known 
before, both in phyfics, and in intelle&tual and more divine concerns 
For he firft taught, that there was a kind of fouls *, endued with the 
power of contemplating many forms at once, which he placed, not 
without great probability, between intelle@, collectively, and as it 
‘were with one intuition comprehending every thing, and fouls, 
which are alone able to direct their vifion to one particular form. 
‘And thofe who are willing to perufe his works will meet with a great 
variety of dogmata, peculiar to him alone; the relation of which I 
fhall omit, left I fhould give a too great extent to my difcourfe. But 
‘he who evolves his writings, will eafily perceive that all we have a- 
bove related of him is moft true, and much more if he happens to 
-have known him, to have feen his face, and to have heard him inter- 
‘preting in the,moft excellent differtations, and delivering the Platonic 
and Socratic dogmata in his yearly fchools. Nor did he feem defi- 
tute of divine infpiration ; for he produced from his wife mouth, words 
fimilar to the moft white and thick falling fnow f ; fo that bis eyes 
emitted a bright radiance, and the reft of his countenance was refplen- 
dent with a divine light. Hence, when on a certain time, one Ru- 
finus, a man of a great name in the republic, who was ftudious of 
truth, and in other refpets. worthy of veneration, came to him when 
he was teaching and interpreting, he perceived that the head of Pro- 
clus was $ farrounded with a light; and when the philofopher had 


° See Proclus on Plato’ Politics, p. 399. Inftit. Theolog. num. 196; and the extracts of. 
Ficinus from Proclus’’ commentary on the firt Alcibiades, p, 246. &c. 
t Alluding to the beautiful dee apnon given of Ulyffes, in.the 3d book of the Iliad, v. 222.. 
Kat forse nadic. toixóra yupin. 
Which is thus elegantly paraphrafed by Mr. Pope. 
But when he fpeaks, what- elocution ftows ! 
Soft as the fleeces of defcending fnows 
The copious accents fall, with eafy art; 
Melting they fall, and: fink iato the heart! &e.. 
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finithed . his interpretation, Rufinus rifing, adored him; and offered 
to give a public teftimony, by oath, of the divine vifion which he had 
obferved. And much gold was offered to him, by the fame Rufinus, 
on his return from Afia, having eftaped the danger of the war. But 
Proclus likewife rejeGted this gift, and was by no means willing to 
receive it. . 

But that we may return to our firft defign, having now difcourfed. 
eoncerning the contemplative wifdom of the philofopher, though in a 
manner but little fuited to its dignity, it remains that we now fpeak 
of the juftice pertaining to this kind of virtues. For this, unlike that - 
of which we fpoke tefore, is not converfant in diftribution, or pro 
portion; but muft be equally removed from the kind of felf-energizing 
juftice, by which all things are alone direCted to the rational foul. 
For to that, concerning which we now treat, it is alone proper to refer 
every energy to intellect and the deity, which our philofopher per- 
formed in the moft exalted manner. For he fcarcely refted from hie 
diurnal labours, or refrefhed his body with fleep; and perhaps even 
then was not free from meditation and. contemplation. This is cer- 
tain, that having very f{peedily roufed himfelf from fleep, as from a. 
certain torpor of the foul, he afpired after the morning, the time of 
prayer; and left the greater part of the night, fhould glide from him 
without advantage, as he was lying alone in his bed, he either come 
pofed hymns, or examined and fortified thofe dogmata which after- 
wards, in the day time, he committed to writing. 

After a fimilar manner he purfued. that temperance which has an 
affinity with thefe virtues, and which confifts in a converfion of the 
foul to intefleét; fo as. not to fuffer itfelf to be.touched, nor moved with 
any other concerns. Laftly, he joined fortitude in alliance with thefe,. 
by a certain perfet method, zealoufly afpiring after that liberty which. 
is ignorant of all paffion, and which he perceived was natural to the 
divine objeé& of his contemplation. And thus, through the whole of 
his conduct, he did not lead the life of a man merely good, to which, © 
as Plotinus fays, the political -virtues may lead, but leaving this far 
behind him, he endeavoured to change it for one much more perfe& 
and divine, the life of the gods themfelves; fince, to become fimilar 
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to thefe, and not to virtuous men, was the great obje& of his con- 
tention. | 

And thus he had rendered virtues of this kind familiar to himfelf, 
while he frequented the philofopher Syrianus, and evolved and ftudied 
the commentaries of the ancients. But he received from the mouth 
of his preceptor certain fmall feeds, as it were, of the Orphic and 
Chaldaic theology; becaufe he was prevented from hearing the com- 
plete interpretation of his mafter on the Orphic verfes. For Syrianus 
left to the choice of Proclus and one Domninus *, a philofopher of 
-the Syrian nation, and who afterwards fucceeded Syrianus, the expo- 
fition of the Orphic writings, or the oracles. But they were by no 
means unanimous in their choice; for Domninus preferred the inter- 
pretation of the Orphic verfes, and Proclus that of the oracles. But 
our philofopher did not perfet his undertaking, becaufe the death of 
the great Syrianus happened not long after. Having therefore, as I 
-bave faid, received the outlines from the mouth of his mafter, he applied 
himfelf with the greateft diligence to the written commentaries of Sy- 
rianus upon Orpheus; and being affiduoufly nourifhed with the copious 
lucubrations of Porphyry and Jamblichus on the oracles, and fimilar 
writings of the Chaldeans, he arrived, as much as is poflible to man, 
to the top of thofe higheft virtues, which the divine Jamblichus was 
accuftomed to call after a truly divine manner, theurgic. He labour- 
ed therefore, not without exquifite judgment, in colle&ting the expo- 
fitions of philofophers prior to his time; and contra¢ted into one, other 
Chaldaic hypothefes, and the moft excellent of the commentaries on 
the divine oracles, completing this great work in the {pace of five years ; 
concerning which this divine vifion appeared to him in his fleep. For 
he faw the great Plutarch approach to him, affirming that he fhould 
live fo many years as he had compofed tetrads or quaternions on the 
oracles. Afterwards, having colle&ted the number of thefe, he found 
they amounted to feventy. But that this was a divine dream, was 
fufficiently evinced by the laft part of his life; for though he lived 
feventy-five years, as we have mentioned above, yet he had not the 
perfect ufe of his powers, in the five laft. But his body, though na- 


* Concerning Domninus, fee Photius and Suidas from Damafcius in his Life of Ifdorus. 
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turally of the beft conftitution, being debilitated by that hard and 
{carcely tolerable kind of diet which he ufed, and by fo many frequent 
labours and faftings, began to languifh exadly at his feveatseth year, 
fo that he then became much more remifs in all his energies than be- 
fore. Yet, even at this period, and thus affe@ted, he compofed ora- 
tions and hymns: he alfo writ fome things, and converfed with his 
friends; but his ancient vigour was wanting in each. Hence the me- 
mory of the dream excited his wonder, and he every where faid, that 
he had only lived feventy years. But while he laboured under this 
infirmity of body, a certain youth, named Hegias, rendered him more 
alert in the bufinefs of interpretation. This young man, who already 
exhibited from his tender years fuch egregious figns of all the virtues 
of his anceftors, was one of that golden chain of philofophers, who 
had formerly appeared to men; and adhered moft diligently to Pro- 
clus delivering the Platonic and other theologies. But Proclus, at this 
advanced period, was not moderately rejoiced in communicating with 
the young man, his own writings, after he underftood that he made 
cubital advanees in every kind of difciplines. And thus we have 
briefly difcourfed concerning the apparatus of the philofopher in the 
Chaldean oracles. l 
But I, on a certain time, having read with him the Orphic verfes, 
and heard, among his interpretations, not only the recondite theology 
which is to be found in Jamblichus and Syrianus, but alfo, among many 
other divine men, I requefted the philofopher that he would not leave 
thefe divine verfes alfo without his explanation: but his anfwer was, 
That he had often thought of writing commentaries on Orpheus, but 
that he had been ftrongly prohibited in more than one dream. For 
Syrianus appearing to him in his fleep, had deterred him with threats 
from the defign. Haviag therefore employed other machines, I in- 
treated that at leaft he would mark what he principally approved of in 
the books of his mafter ; which when this beft of men had performed, 
in confequence of my perfuafions, and had noted fome things in the 
front of each of Syrianus’s commentaries, we obtained a collection of 
all thefe, and by this means ftholia, and commentaries of no {mali 
bulk; though to accomplifh this on the whole of that divine poetry, 
and on all the Orphic rhapfiodies, was not the intention of Proclus 
| But 


24 THE LIFE OF PROCLUS. 


But fince, as we have faid, his incredible ftudy of thefe concerns, . 
procured him a greater and more perfe& degree of theurgic virtue, 
hence he no longer remained in the contemplative order, nor con- 
tented with either of the two-fold properties in divine concerns, ex- 
ercifed intelle€&t and thought alone on the more excellent objects of 
-{peculation : but he was careful to obtain another kind of virtues more 
divine than the former, and feparated from the politic mode; for he 
ufed the Chaldean affemblies and conferences, and their divine and 
ineffable concealments. And having comprehended thefe, he learned 
the manner of pronouncing and exprefling them, with their remaining 
ule, from Afclepigenia, the daughter of Plutarch: for fhe alone, at 
that time, preferved the knowledge of the great Orgies, and of the 
whole theurgic difcipline, delivered to her by her father, who received 
it from Neftor. Befides this, our philofopher alfo being purified in 
an orderly manner in the Chaldean luftrations, was an in{pector of the ` 
lucid hecatic phafmai (or vifions) of which he himfelf makes mention 
in one of his commentaries. But by moving a certain hecatic fphæru- 
Ja *, he very opportunely brought down fhowers of rain, and freed 
Athens from an unfeafonable heat. Befides this, by certain -phy- 
lateria, or charms, he flopt an earthquake, and had thoroughly tried 
the energies of a divining tripod, having learned from certain verfes 
concerning its defect. For when he was in his fortieth year, he 
thought in a dream, that he repeated to himfelf, the following 
verfes: 


High above ether there with radiance bright, — 
A pu'e immortal f{plendor wings its flight; 
Whole beams divine with vivid force afpire, 
And leap refounding from a fount of fire. 


© Nicephorus, in his commentary on Synefius de Infomniis, p. 762. informs us, that the 
hecatic orb, is a golden fphere, which has a fapphire fo, c included in its middle part, and through 
its whole extremity, charaéters and various figures. He adds, that turning this fphere round, 
they perform invocations, which they call Jyngæ. Thus too, according to Suidas, the magi- 
cian Julian of Chaldea, and Arnuphis the Egyptian, brought down fhowers of rain, by a magical 
power. And by an artifice of this kind, Empedocles was accuflomed to reftrain the fury of the 
winds; on which account he was cailed dasfd:suos, or a chafer of winds, 
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And in the beginning of his forty-fecond year, he appeared to himfelf 
to Pronouns thefe verfes, with a loud voice: 


‘Lo! on my foul a facred fire defcends, 
Whofe vivid pow’r the intelle& extends; 

- From whence far-beaming through dull bodies night, 
It foars to’ ether deck’d with flarry light; 
And with foft murmurs through the azure round, 
The lucid regions of the gods refound. - 


Befides, he clearly perceived that he belonged to the Mercurial feries i 
and was perfuaded from a dream that he poffeffed the foul of * Nico- 


machus the Pythagorean. 
Indeed, if I were willing to be prolix, I could relate many theurgi- 
cal operations of this bleffed man ; from the infinite number of which, 


: i 

* No opinion is more celebrated, than that of the metempfychofis of Pythagoras: but per- 
haps, no doétrine is more generally millaken. By moft of the prefent day it is exploded as ridi- 
culous ; and the few who retain fome veneration for its founder, endeavour to deftroy the literal, 
and to confine it to an allegorical meaning. By fome of the ancients this mutation was limited 
to fimilar bodics : fo that they conceived the human foul might tranfmigrate into various human 
bodies, but not into thofe of brutes; and this was the opinion of Hierocles, as may be feen in 
his comment on the Golden Verfes. But why may not the human foul become connected with 
fubordinate as well as with fuperior lives, by a tendency of inclination? Do not fimilars love to 
be united; and is there not in all kinds of life, fomething fimilar and common ? Hence, when 
the affections of the foul verge toa bafer nature, while connected with a human body, thefe 
affections, on the diffulution of fuch a body, become enveloped as it were, in a brutal nature, and 
the rational eye, in this cafe, clouded with perturbations, is oppreffed by the irrational energies 
of the brute, and furveys nothing but the dark phantafins of a degraded imaginatidn, But thís 
doctrine is vindicated by Proclus with his ufual fubtilty, in his admirable commentary on the 
Timzus, lib. v. p. 329. as follows, ‘* It is ufuil, fays he, to enquire how fouls can defcend 
into brute animals, And fomc, indeed, think that there are certain fimilitudes of men to brutes, 
which they call favage lives: for they by no means think it poffible that the rational effence can 
become the foul of a favazge animal. On the contrary, others allow it may be fent into brutes, 
becaufe all fouls are of one and the fame kind; fo that they may become wolves and panthers, 
and ichneumons. But true reafon, indeed, afferts that the human foul may be lodged in brutes, 
yet in fuch a manner, as that it may obtain its own proper life, and that the degraded foul may, 
as it were, be carried above it, and be bound to the bafer nature, by a propenfity and fimilitude 
of affetion. And that this is the only mode of infiauation, we have proved by a multitude of 
reafons, in our commentaries on the Phedrus. But if it is requifite to take notice, that this is 
the opinion of Plato, we add, that in his politics, he fays, that the foul of Therfites afflumed an 
‘ape, but not the body of an ape: and in the Phedrus, that the foul defcends into a favage life, 
but not into a favage body ; for life is conjoined with its proper foul. And in this place he 
fays it 1s changed into a brutal nature: fora brutal nature is nota brutal body, but a brutal 


life.” - 
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I will only relate one in this place of a very wonderful nature. 
Afclepigenia, the daughter of Archiades and Plutarch, but the wife of © 
Theagenes, from whom I have received many benefits, while fhe was 
yet a girl, and was nourifhed by her parents, fell into a difeafe, 


grievous, and incurable by the phyficians. And Archiades, who had 
repofed in her alone the hope of his race, was deeply afflitted with. 


her condition. But the phyficians defpairing of her recovery, the 
father fled to his laft anchor, Proclus the philofopher, which he was . 
accuftomed to do in affairs of the greateft moment, confidering him as 
his beft preferver, and earneftly intreated him to intercede by his 
prayers with the god for his daughter, whofe condition was well. 
known to our-philofopher. Proclus therefore, taking with him Peri- 
eles * the Lydian, a man well deferving the name of a philofopher, 
went to the temple of Efculapius t, that he might pray to the god 
for the health of the fick virgin: for the city at that time happily 
poffeffed this divinity, and rejoiced in the temple of the faviour god, 
which was as yet free from the deftruGiion of the Chriftians. As foon, 
therefore, as Proclus had prayed after the ancient manner, the girl im- 
mediately perceived a great change and alleviation of her difeafe; for 
the preferving god had eafily reftored her to health. The facred rites 
_ being finifhed, Proclus went to Afclepigenia, and found her delivered 
from the moleftations of difeafe, and in a healthy condition. But 
this affair, with many others, was performed privately, fo that no 
traces of it remained to fucceeding invefligators; and the houfe in. 
which he refided greatly affifted him in this defign. For befides his 
other fortunes, he enjoyed a moft convenient dwelling, which his 
father Syrianus and his grand-father Plytarch (for fo he did not he- 
fitate to call him) had once inhabited; and this was fituated near the 
temple of Efculapius, together with that of the celebrated Sophocles, 
and of Bacchus, which is next to the theatre, and looks towards, 
or is at leaft feen from, the lofty towers of Minerva. 

But how much. Proclus was loved by the philofophic goddefs is abun- 
dantly evinced by his philofophic. life, which he chofe through her: 
perfuafions, and that with the great fuccefs we have hitherto defcribed.. 


* Pericles Lydus, a Stoic philofopher. + Vide Faufan. lib. is Atticorum, cap. 21. et 20.. 
But. 
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But fhe clearly demonftrated her affeCtion to Proclus, by the follow- 
ing circumftance. When her image, which had been fo long dedi- 
cated in the parthenon, or temple, was taken away by thofle * who, 
without any hefitation, moved out of their places things the moft ho- 
Jy, and which ought to be immoveable, there appeared to the philo- 
fopher in a dream, a woman of a graceful form, who admonifhed him 
to build a temple with great expedition, for, fays the, z4 pleafes Minera 
va, the prefiding deity of philofophy, to dwell with you. And how fa- 
miliar he was with Efculapius, befides what we have mentioned above, 
may be evinced from his perceiving the prefence of the fame god in 
his laft illnefs.. For while he was between fleeping and waking, he 
perceived a dragon creeping on his head, which vifion occafioned a 
remiffion of his difeafe, and a mitigation of his pain; fo that it is pro- 
bable he would have been reftored to perfe& health, if his defire and 
vehement expectation of death had not prevented his recovery, or his 
no longer beftowing a diligent attention on his body. 

But he alfo related the following circumftances, (worthy of being 
remembered) but not without tears, through the fympathy of his 
mind. For, when a young man, he was afraid left he fhould be in- 
fefted with the gout, which was the difeafe of his father, and which 
loves to defcend from parents to their children. Nor was he afraid, 
as it feems, without reafon; for prior to that which we have already 
related concerning him, he was tormented with pains of this kind, 
when another extraordinary circumftance happened to this bleffed man. 
In confequence of a certain perfon’s prefcription, whom he had con- 
fulted, he applied a plafter to his tormented foot, which an unexpeCted 
bird flew away with as he was lying on his bed. And this was cer» 
tainly a divine and falutary fymbol to Proclus, and might have per- 
fuaded him not to be afraid of this calamity in future. But he, as I 
have faid, was notwithftanding affli@ted with the dread of this difeafe ; 
he therefore fupplicated the healing god concerning this, and intreat~ | 
ed him to afford him a more evident token of his will: and after this 
he faw in his fleep (it is bold indeed to conceive fuch a circumftance 
in the mind, but we muft-dare, neverthelefs, nor dread to bring truth 


* He means the Chriftians. | l 
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to light) Efculapius approaching to him, and accurately contemplating 
his leg, nor difdaining, through his great philanthropy to embrace his 
knee. Hence, in confequence of this vifion, Proclus was, through 
the whole of his life, free from the apprehenfions of this difeafe, and 
was never more tortured with this kind of pains. 

Again, the god who is worfhipped by the Adrotteni, did not lefs 
con{picuoufly evince his great familiarity with this friend of the gods; 
for, more than once, the:god benevolently prefented himfelf to the . 
fight of Proclus, frequenting his temple. And when he was doubt- 
ful, and wifhed to know what god or gods refided and were worfhip- | 
ped in that place, becaufe the inhabitants were of different opinions in _ 
this affair, fome believing that the temple of Efculapius was there, per- 
fuaded of this by various figns, as voices are certainly faid to be heard 
m that place, and a table is confecrated to the gods, and oracles are - 
given concerning the recovery of health, and thofe who approach are 
miraculoufly delivered from the moft grievous dangers of life. Others, 
on the contrary, think that the Diofcuri refide in that place, becaufe 
there have been thofe who faw in the way tending towards Adrotta, 
two young men of the moft beautiful form, and riding with great ce- 
_ Ierity on horfeback; at the fame time declaring, that they haftened to 
the temple. They add befides, that the countenance of thefe was in- 
deed human, but that they immediately gave evidence of a more di- 
vine prefence; for when the men were arrived at the temple, the - 
above mentioned youths appeared to them, making no enquiry con- 
cerning the affair, and occupied in the facred concerns; but prefently 
after, withdrew themfelves from their fight. As the philofopher, 
therefore, was in doubt concerning thefe divinities, and did not difere- 
dit the relations, having requefted the gods who inhabited that place, 
that they would condefcend to manifeft who they were; a god ap- 
peared to-him in a dream, and clearly fpoke to him as follows: What! 
Haft thou not heard of Samblichus teaching cancerning, and celebrating 
thofe two, Machaon and Podalirius? And befides this, the god conde- 
{cended to afford fo great an inftance of benevolence to this bleffed 
man, that he ftood after the manner of thofe who beftow encomiums 
on others in the theatres, and with a clear voice, and compofed habit, 
extending his right hand, did not hefitate to iciomens (that I may, - 

relate 
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relate the words of the god,) Proclus the ornament of the city. And 
what could poffibly be a greater teftimony of this bleffed man’s friend- 
fhip with divinity? But he, indeed, in confequence of a moft remark- 
able fympathy, by which he was united with the gods, could never 
refrain from tears when he mentioned this affair to us, and related 
the divine encomium of himfelf. l 
Indeed, if I were willing to purfue every particular in like manner, 
and to relate his familiarity with the Hermetic Pan, together with the 
great benevolence and manifold affiftance which that divinity condes 
{cended to afford Proclus at Athens, and of that perfectly fingular kind | 
of felicity which he obtained from the mother of the gods, and in 
which he was accuftomed efpecially to triumph and rejoice; I fhould 
perhaps feem to many readers, to be rafh in my affertions, and to 
others, the author of things perfectly incredible. For many and great 
were the daily inftances of this goddefs’s benevolence towards him, in 
words and actions, which are both innumerable and unheard of, and 
concerning which, I do not at prefent retain an accurate remembrance. 
But if any one is defirous of knowing how great he was in thefe, he 
muft evolve his book concerning the mother of the gods, from which 
he will underftand, that it was not without divine affiftance he. pro- 
duced all the theology of that goddefs into light; as likewife, what- 
ever is acted or affirmed concerning the fame in the fables of Athis, 
which he has explained after a philofophical manner, that vulgar ears 
might afterwards ceafe to be difturbed, on perceiving the lamenta- 
tions and other obfcure ceremonies with which her myfteries are ce- 
lebrated. | | . 2 | 
After having, therefore, run through the theurgic virtue of Proclus, 
and its energies, and the happy circumftances which befel him, ree 
fpecting its operations, and having fhewn, that he did not lefs excel 
in every kind of virtue, and that he was a man fuch as mortals have 
not beheld for a long period of time, it remains that we now bring 
our difcourfe concerning him to a conclufion: for we are not now at 
the beginning of our narration, nor does the half of the whole remain 
to us, according to the proverb, but the whole itfelf is now perfect — 
and-complete. Since having begun from the felicity of the philofo- 
pher, and proceeded in its exemplification, our difcourfe now returns 
| | to 
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to it again, For we have explained the great goods, and providen- 
tial exertions, which were granted to this moft excellent man from the 
-= gods, and have fhewn their prompt attention to his prayers, the divine 
vifions which he enjoyed, and the help and folicitude which the gods 
te(tified towards him. We have likewife explained his profperous 
fate, and propitious fortune, his country, parents, the good habit of © 
his body, his mafters, friends, and other external advantages; each 
of which we have fhewn to have been far greater and more fplendid 
in him than in other men; and have likewife diligently enumerated 
fuch things as cannot be reckoned amongit outward allurements, but 
entirely depended on his will, fuch as are the upright and illuftrious 
deeds of his foul, according to univerfal virtue. And thus we have 
fummarily demonftrated that his foul arrived in reality at the fummit 
of the mot confummate- virtue, and was happily eftablifhed in a per- 
fe& life, by human and divine goods of every kind. 

But that the lovers of more elegant ftudies may be able to conjecture 
from the pofition of the ftars under which he was born, that the con- 
dition of his life, was by no means among the laft or middling claffes, 
but ranked among the higheft and moft happy orders, we have thought 
fit to expofe in this place, the following fcheme of his nativity *. 
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* Proclus was born in the year of Chrift 412, on the 6th of the Ides of February. But, for 
the fake of the aftrologers, I have fubjoined the following figure from the Prolegomena of Fa- 
bricius to this life: and though I am not fkilled in the art myfelf, I am perfuaded, from the 
arguments of Plotinus, that it contains many general truths; but when made fubfervient to 
particulars, is liable to great inaccuracy and error. In fhort, its evidence is wholly of a phy. 
fiognomic nature; for fuch is the admirable order and connection of things, that throughout 


the univerfe, one thing is fignified by another, and wholes are after a manner contained in their 
parts. 
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Eut Proclus departed from this corporeal life, in the one hundred: 
and twenty-fourth year after the government of Julian, on the feven- 
teenth day of the Attic Munichion, or the April of the Romans. 
Nicagoras, the junior, being at that time the Athenian archon, The 
dead body was taken care of according to the Athenian rites, as he 


himfelf while living had directed. And if that diligent attention. 


which is due to the deceafed, was ever paid by any one, it was cer- 
tainly beftowed by this moft bleffed man. For he did not negle& any 
particular of the accuftomed ceremonies, but every year, ‘on certain 
days, vifited the fepulchres of the Athenian heroes and philofophers,. 
and befides this facrificed himfelf, and not through the medium of 
another, to the manes of his friends and familiars. And having thus. 
exhibited to each a proper reverence and honour, proceeding into the: 
Academy, he there, in a certain place, pleafed one by one the manes 
ef his anceftors and kindred; and fhortly after, in another part of the: 


parts.: So that the language of the obfcure and profound Heraclitus is perfectly juf, when he 
fays, ‘t You muft conneét the perfect and the imperfed, the agrecing and the difagreeing, the- 
ecnfonant and the diffonant, and out of one all things, and out ofall things one.” 


A Scheme of the fi- 
tuation of the Stars, 
fuch as it was at By- 


zantium, when tke 
philofopher Proelus 
was born. 
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fame Academy, he fupplicated in common the fouls of all philofophers. 
And thefe ceremonies being ended, this moft excellent man, having 
chofen athird place, performed facred rites to all the fouls of deceafed 
mankind. The dead body of Proclus, therefore, being difpofed of 
according to his appointment, as we have faid, was carricd by his 
friends and buried in the eaftern part of the fuburbs *, near to Lyca- 
betus, where alfo the body of his preceptor Syrianus repofes, who, 
when he was alive, had requefted this of our philofopher, and, in con- 
fequence of this, had taken care to procure a twofold receptacle in his 
fepulchre. .But when this moft holy man was confulted how he 
would with his funeral to be conduéted, left there fhould be any thing 
-indecent, or without a proper decorum, he defired flutes, with which 
. he was threatened in a dream, and nothing befides. An epigram, 
= conffting of four verfes, is infcribed on his tomb, which he compofed 
himfelf, as fcllows: i 


I Proclus, here the debt of pature paid, 

(My country Lycia) in the duft am laid ; 

Great Syrianus form’d my early youth, 

And left me his fucceffor in the truth. 

One common tomb, our earthly part contains, 
One place our kindred fouls, —th’ ætherial plains. 


Nor were prognoftics wanting in the year prior to his deceafe, fuch 
as an eclipfe + of the fun, fo great that night was produced in the day- 
time: for the darknefs was fo profound, that the ftars became vifible. 
And this happened when the fun was in Capricorn, in the eafern 
centre. Befides, the writers of Ephemeride. obferve that there will 
be another eclipfe of the fun, at the conclufion of the next year. But 
fuch like affections of the heavenly bodies are faid to portend events 
on the earth: to us indeed, the eclipfe perfpicuoufly fignified a priva- 
tion and, as it were, defection of the illuftrious luminary of philo- 


fophy. 
e It was formerly the cuftom of almoft all nations, to have their burial places in the fuburbs, 


and not in the city itfelf. l 
+ This eclipfe happened, according to Fabricius, in A, C. 484. 19 Cal, Feb. at fun-rife. 


And 
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And thus much may fuffice for the life of the philofopher. It now 
remains for thofe who are willing to undertake the labour, to write: 
concerning his difciples and friends. For it appears that many re- 
forted to him from all parts; among which fome were only his au- 
ditors, but others firm adherents to his do&trine; and, on account of 
philofophy, his familiars. I could likewife wifh that fome one, who. | 
1s more laborious than myfelf, would give a particular account of his 
writings. For I have alone delivered thefe particulars of his life, that 
I might fatisfy my confcience, and might teftify that I religioufly re- 
verence the foul of Proclus, and his good demon. I fhall, therefore, 
add nothing concerning the philofopher’s writings, except that I have- 
always heard him prefer his commentaries on the Timzus of Plator 
beyond all his works. He likewife vehemently approved of his com- 
mentaries on the Theztetus. And he ufed frequently to fay, that if 
he was endued with defpotic power, he would alone preferve, of all. 
the writings of the ancients, the Oracles and the Timezus. For, fait- 
he, I would abolifh all the ref, and remove them from the prefent age, 
becaufe it happens that many are offended, who undertake to read them: 
rafbly, and without proper inftitution. 


! 
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‘Concerning the Publithed Writings of PROCLUS. 


; ARINUS having neglected to give us an account of the 

writings of Proclus, I thought it would not be unacceptable 
to the reader, to prefent him with a catalogue of his works which are 
ftill extant; andthe moft perfed relation I am able of fuch as are 
unfortunately loft. In the execution of this defign, I fhall follow, for 
the moft part, the accurate Fabricius in the order, and critical account 
of his works; but fhall not hefitate to diffent from him in deciding 
on their philofophical merit: for it is very rare that philology and 
philofophy are united in the fame perfon, and coalefce in amicable con- 
‘yundion. 


` I. Four Hymns. In the preceding life we are informed, by Mari-- 
nus, that Proclus compofed many hymns, in which the divinities, 
both of Greeks and Barbarians, were celebrated; but unfortunately 
there are only four preferved, the firft of which is to the Sun, the 
fecond and third to Venus (which may be found in the Florilegium of 
Stobus, p. 249. edit. Grotii,) and the fourth tothe Mufes. They are 
collected by Fabricius, in the eighth volume of his Bibliotheca Graca ; 
and are moft happy {pecimens of philofophical poetry. Indeed, they bear 
moft evident marks of a mind full of divine light, and agitated with 
the fury of the Mufes; anc poffefs all that elegance of compofition 
for which the writings of Proclus are fo remarkable. So that it i8 
very ftrange Gyraldus fhould afcribe them to a Hierophant of Laodi- 
ca, of that name; fince, as Fabricius obferves, Suidas mentions other 
writings of this prieft, but does not fpeak of him as the author of any 
hymns. And if he had, thefe hymns breathe too much of the fpirit 
and manner of Proclus, to be the produdtion of any other. 

2. Iwo Books concerning the ufeful Parts of Learning, contained in 
Grammar. ‘Three books on this fubje€t are mentioned by Suidas, and 
four by Photius ; but there are alone extant fragments of two, in the 
Biblistheca of Photius; which were publifhed feparate by Andrew 
Schottus, at the ead of the fyntax of Apollonius Alexandrinus, Francof. 


1590. 
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rego. Hanov. 1615. quarto. It appears from thefe extracts, th:t 
Proclus, in this work, not only treats of every kind of verfe, but alfo 
of the more celebrated poets. And hence Fabricius conjectures, that 
the fhort life of Homer, which Leo Allatius publifhed under the name 
of Proclus, was taken from the firft book of this Chreftomathia. 

3. Eighteen Arguments againft the Chriflians. ‘The learned Cave, 
was egregioufly miftaken, in fuppofing that this work, as well as the 
anfwer’to it by Philoponus, is loft; not contidering, probably, that 
thefe arguments in defence of the world’s eternity are (as Fabricius 
well obferves) direQly againft one of the Chriftian dogmata, the crea- 
tion of the world. . Thefe arguments (except the firft, which is loft,) 
are preferved in the anfwer of Philoponus; the Greek edition of | 
which was publifhed at Venice, in 1535, folio; and in Latin from 
the verfion of Joh. Mahatius, at Lyons, 1557. folio. Simplicius, in 
his commentaries on the firft took of Ariftotle de Coelo, and elfewhere, 
oppofes this work of. Philoponus; at the fame time, fuppreffing his 
name. The arguments are, in my opinion, extremely fubtle, and’ 
unan{werable; and Philoponus, in his refutation, every where difco-. 
vers, that he has by no means.fathomed the depth of our philofo- 
pher. eo 

4. A Commentary on the Timæus of Plato, in five Books. A moft ad- 
mirable work, compofed in the flower of his age, when he was. 
twenty-eight years: old, according to Marinus. This invaluable trea- 
fure, may be faid to contain all the wifdom of tħe.higheft antiquity»: 
for Proclus. every. where. cites the moft celebrated interpreters on the > 
 Timæus, fuch as Adraftus the Peripatetic; Ælianus and Albinus, Pla- 


tonifts; Ariltocles, Clearchus, Crantor, Dercyllides; and efpecially , . 


Jamblichus ; likewife Longinus, whom he often refutes; Numenius 
the Pythagorean,. and Origen, (different from Adamantius,) together 
with Plotinus, Porphyry the Platonic, Ptolemy, Severus, and Theodo- 
rus Afinzus.; but he. always. prefers the-explications of his mafter 
Syrianus, before all the. reft.. Add too, that he every: where conci- 
liates the Orphic writings.and the Chaldean oracles with the theology 
of Plato. And with refpeét to-Orpheus in particular, we are indebted — 
to thefe fublime commentaries for the greateft part of the fragments 
of that divine poet.. He.is perpetually.on the wing, and rifes.gradually 
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in elevated conceptions, until his mind, like Homer's difcord, reaches 
the heavens. His ftyle is at the fame'time nervous and diffufe, ac- 
curate and elegant. We are aftonifhed with the magnificence of his 
metaphors, delighted with the copious variety of his matter, and filled | 
with a divine light, by the facred truths he unfolds. This great work, 
however, unfortunately, fcarcely explains a third part of the Timzus ; 
from whence it is probable, as Fabricius well obferves, that feveral 
books have been loft through the injury of time. It was publifhed in 
Greek, at Bafil, in the year 1556; and is full of miftakes, as is gene- 
rally the cafe with the Bafil editions of books, fo that a more correc 
edition is greatly to be defired, though at prefent not much to be 
expected. On concluding my account of this ineftimable work, I 
find my indignation roufed by the following words of Dr. Cudworth, 
in his Intelle@tual Syflem, p. 306. “ Proclus (fays he) had fome pe- 
culiar fancies and whims of his own, and was indeed a confounder 
of the Platonic theology, and a mingler of much unintelligible ftuf 
with it.” I muft confefs, (and I am neither afraid, nor afhamed of 
the declaration,) that I never found any thing in Proclus, but what 
by patient thought, accompanied with a fincere and vehement thirft 
after truth, I have been able to fathom. Had Dr. Cudworth been 
endued with thefe requifites, he would doubtlefs have had equal fuc- 
cefs; but without them, the fublimeft truths will certainly appear to 
be unintelligible fuf. Befides this confideration is not to be omitted, 
that a modern prieft makes a bad philofopher. 

5. On Platos Republic. 'Thefe commentaries, or rather fragments 
of commentaries, are-extant in Greek, at the end of Proclus on the 
Timzus. Suidas mentions four books of Proclus on Plato’s politics 
and fome of Proclus’s differtations on thefe books, were found (ac- 
cording to Fabricius) in the library of Lucas Holftenius. The chief 
defign of this work feems to be the unveiling the theological myfte- 
ries concealed under the fables of Homer, and other divine poets; 
which Proclus has accomplifhed (in my opinion) in a moft wonderful 
manner. That Homer, indeed, every where abounds with Egyptian 
learning, is obvious to every one; but few are acquainted with the 
profoynd wifdom which his fables conceal. The latent meaning of 
moft of thefe is unfolded in the prefent invaluable, though imperfect 

3 . work; 
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work; and he whofe mind is fufficiently enlightened by the ancient 
philofophy, to comprehend the beauty of thefe illuftrations, will receive. 
an additional delight from the ftudy of Homer, which it is impoffible 
to exprefs. An epitome of this work was publifhed in Latin, by the 
learned Gefner, 1542. 8vo. under the following title: Apologiz 
quzedam pro Homero, et Arte Poetica, Fabularumque aliquot Enarra- 
tiones ex commentariis Procli Lycii Diadochi philofophi Platonici in 
libros Platonis de Rep. in quibus plurima de Diis Fabulz non juxta 
grammaticorum vulgus hiftoricé, phyficè aut ethicè tractantur, fed 
Theologicis, ut Gentiles loquntur, ex prima Philofophia rationibus 
explanantur. 

6. On the firft Alcibiades of Plato. Ficinus tranflated parts of this 
work into Latin, and publifhed them under the title of Procli de Ani- 
ma ac dæmone, de Sacrificio et Magia, Venice 1497. and 1516. fol. 
by Aldus ; and in a more fimple form at Lyons. Fabricius informs 
us, that the manufcript commentary of Proclus in Greek, but fcarcely 
explaining the half part of the Alcibiades, is to be found in various 
libraries of France, England, and Italy. Alfo at Lyons, among the 
books of Ifaac Voffius; and at Hamburgh in the Johannean library. 
From the fpecimen given of thig work by Ficinus, it appears, like all 
Proclus’s philofophical writings, to be an invaluable treafury of wif- 
dom; and nothing certainly, refle&ts greater difgrace on a nation 
than fuffering fuch monuments of ancient learning and wifdom to lie 
concealed in colleges, covered with duft, and never confulted.. _ 
9, Six Books on Platos Theology. A mof divine work, in which the 
philofopher collects into a fyftem the theology difperfed in the writ- 
ings of Plato, and eftablifhes it by invincible demonftrations. He 
deduces, in a beautiful and conneéted feries, all the divine orders, 
from the retreats of ineffable unity; every where conne&ts them by 
proper mediums, and, after leading us through the long gradation of 
principles, brings us back again to the original from whence they 
flowed, and to which they conftantly tend. The whole is uncom- 
monly profound and abftrufe; and it was net before the third reading, 
that 1 could fathora the depth it contains. Fabricius obferves, * that 
it is a fubtle and learned work, but from which, you will fooner learn 
the opinion of Syrianus and Proclus, concerning the deity and diviae* 

3 con- 
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concerns, than that of Plato. He adds, that it is ufual with the Pla» 
tonifts, even from Plotinus, to unite to the dotrine of Plato, a thous 
fand dogmata, foreign from his philofophy, as if Plato, though he 
did not perceive after this manner, ought certainly fo to perceive.” 
When men miftake their abilities, they always a& abfurdly, and of- 
ten dangeroufly. As a laborious and accurate critic on philological 
matters, Fabricius merits the higheft commendation fuch attainments 
ean deferve; but when he leaves the beaten road in which nature de- 
figned him to walk, and attempts the tractlefs paths of philofophy, he 
perpetually ftumbles, and often fals on the ground. The wings of 
philology, like thofe of the fwallow, were never deftined for a lofty 
Aight:—it muft be the eagle wing of genius, which can alone foar 
to the fun of philofophy. The Greek and Latin edition of this va- 
luable work, was publithed at Hamburgh, by Amilius Portus, 1618, 
folio. : —_ 
8.. Theologteal Inftitutions ; or, as it may be called, the Elements of 
Theology. This admirable work contains two hundred and ten propo- 
= fitions, difpofed in a {cientific-order, and fupported by the firmeft de- 
monftrations. They begin from fuper-effential unity, and proceed 
gradually through all the beautiful and wonderful progreffions of di- 
‘vine caufes, ending in the felf-moving energies of foul. They poffefs 
all the accuracy of Euclid, and all the fubtikty and fublimity neceflary 
to a knowledge of the moft profound theology; and may be confi- 
dered as-bearing the fame relation to the Pythagoric and Platonic wif» 
dom, as Euclid’s. Elements, to the moft abftrufe geometry. Patricius, 
the firft Latin tranflator of this divine work, feems to have been very 
fenfible of the truth of this obfervation: for he every where carefully 
diftinguifhes the propofitiohs from their demonftrations ; and adds the 
word corollary to fuch confequencies as merit that appellation. His 
edition was publifhed at Ferraria, 1583. quarto, under the title of Theos 
logical Elements. ‘Fhe Greek and Latin edition, is fubjoined to Proe 
clus’s fix books on Plato’s.Theology, Hamburgh 1618.. folio. 

9. Iwo Books concerning Motion. This ufeful work, colle@ed, as 
Fabricius obferves, from the-third and following books of. Ariftotle’s 
phyfics, was publifhed in Greek at Bafil, 1531, and with the Latig 
-verfion of one Juftus Velfius, a phyfician, Bafil, 1545. octavo. It 
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‘was Hkewife tranflated by Patricius, and is annexed to his verfion of 
the Theological Inftitutions. : 

10. An Hypotypofis, or Information soncerning Apronomical Hypothefes. 
This work, which Fabricius obferves is a compendium of Ptolemy’ J 
Almageft, was publifhed in Greek, at Balil, 1540. quarto; and in. 
Latin by George Valla, folio, 1541. A part of this work, which 
treats of the ufe of the aftrolabe, Fabricius informs us, is extant in 
manufcript, in various libraries. ‘The fame accurate critic likewife 
obferves, that a fmall treatife, infcribed Uranodromus, is extant, un- 
der the name of Proclus, in fome libraries, as in that of Vindobona, 
and of Oxford, among the Barrocian volumes. ‘The comprehenfive’ 
variety of Proclus’s genius equally demands our admiration and 
applaufe. 

IL. A Small Treatife concerning the Sphere, or Celefial Circles. This 
little work is an accurate and elegant introduGion to aftronomy; and 
is almoft wholly taken from the Ifagoge of Geminus Rhodius, on the 
phenomena. The beft editions are the Greek and Latin one publifhed 
at Paris in 1563, quarto; and that of Bainbridge, profeffor of aftro- 
nomy at Oxford, London 1620. quarto. 

12. A Parapbrafe in four Books, on the Quadripartite of Ptolemy. 
This elegant work muft, I fhould imagine, be an invaluable treafure 
to the lovers of aftrology. It was-firft publifhed in Greek by Me- 
lan&hon ; and afterwards in Greek and Latin by Leo Allatius, at 
Lyons Bat. 1654. octavo. 

13. Four Books, on the firft Book of Euchd’s Elements, For an account 
of this work,-fee the introduGion, and the following theets, in wart 
it {peaks for itfelf, in an Englith drefs. . 

14. A Commentary on Hefiod’s Works and Days. This work contains 
a valuable moral explanation of this great poet’s meaning ; and Fa-’ 
bricius juftly obferves, that he is often affaulted without occafion, by 
the petulant jeers of that vain man Joh. Tzetzes. The beft edition 
of this work is that of Daniel Heinfius, Lugd. Bat. 1603. quarto. 

15. Fabricius informs us, that in fome manufcripts, as in the Vin~ — 
dobonenfian and Barrocian, a {mall treatife is ufually afcribed to Pro- 
clus, entitled Ep:folc Characters; and is prefixed to the Epiftles of 
Phalaris and Brutis, and publifhed anes the name of Libanius, in 
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Greek, with the verfion of Cafp. Stibilinus, Commelin. 1597, octavo. 
But it is doubtful whether Proclus is the genuine author of this work: 
from the title, I fhould fuppofe the contrary. And thus much for an’ 
account of thofe writings of Proclus which have efcaped the ravages 
of time, and have been fortunately expofed to public infpeGtion: it 
now remains that we relate fuch ineftimable works of this philofopher, 
es are yet preferved in fhameful concealment ; or are utterly loft in the 
ruins of antiquity. 


Concerning the Unpublifhed Writings of PROCLUS. 


16. On the Alcibiades of Plato. See num. 6. 

17. On Platos Pohttcs. See num. 5. ©. 

. 18. On Plats s. Parmenides. A commentary, in feven books; the 
laft. of which was not completed by Proclus, but by Damafcius.. 
From oceafional fragments, which have been publifhed of this com- 
mentary, it appears to be a moft divine work; and indeed it cannot 
be otherwile, if we confider it as the production of one of the greateft 
philofophers,on the.moft {ublime and profound of all Plato’s Dialogues. 
It is dedicated to Afclepiodotus, a phyfician and philofopher, and is 
not only extant in Greek MS. in the library of the German emperor, 
accofding to Lambecius, lib. vii. p. 41. but alfo in Latin, from the 
unpublifhed verfion of one Antonius Hermannus Gogava, as the 
fame Lambecius informs us, p. 41. Four books of this work are 
extant in Greek, in the Bodleian library at Oxford; and it is much 
to be lamented that Thomfon did not publith thefe, inftead of his 
trifling edition of the Parmenides. Fabricius likewife informs us, 
that Livius Galantes mentions his haying found fix of thefe books 
in fome of the Italian libraries. They are alfo extant in the Medi- 
cæan library of the great Etrufcan commander. 

19. On the Cratylus of Plato. We have already obferved, in the 
differtation an the Orphie theology, p. 105. what a great treafure of 
ancient mythology, muft be contained in this work; but there is little 
“hope of its ever emerging from the obfcurity of public libraries. It is 

extant 
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‘extant in Greek, not only in the Italian ibane, but alfo among the 
manufcript books of Ifaac Voffius. | 
= 20., Uranodromus. See above, num. 10. 

21. Ten Doubts concerning Providence, in one Book. Philoponus men- 
tions this work, in his fecond book againft Proclus on the eternity of 
the world; and a Latin verfion of it is extant by one William de 
Morbeka, in the Johannean library of Hamburgh. Extraéts from this 
tranflation are preferved by Fabricius, in his Greek Library; and they 
are in every refpect worthy of the genius of Proclus. 

22. Concerning Providence and Fate, and that which ts in our Power, | 
one Book. This work is dedicated to one Theodorus, a mechanitt; 

and is extant in the Latin tranflation of the fame Morbeka, in the 

Greek Library of Fabricius. The tranflation is for the moft part bar- 
~ barous, but is, however, fufficiently legible to difcover that it is a moft 
valuable treatife, replete with the ufual iad sai fubtilty, and se 
_ limity of our philofopher. 

23. Concerning the Hypoftafis, or Subfflence of Evil. ‘This book is 
extant in Latin, in the Johannean library; and fragments of it are 
preferved by Fabricius, in his Greek library, It is to be regretted, 
that Fabricius did not PISNE the whole in that excellent philological 
work. 


Concerning the Loft Writings of PR O CLUS. 


24. On the Speech of Diotima, in Platos Banquet, concerning the 
Subjiftence of the Beautiful. Fabricius informs us, that this work is 
diftributed into many books ; and Holftenius obferves, that it is men- 
tioned in a certain fcholium of the Medicean copy of Proclus’s com- 
mentaries on Plato’s politics ; but it is unfortunately no where extant. 

25. On the Philebus of Plato; as may be inferred from the narra- 
tion of Damafcius in Photius, p. 550; and Suidas in Marinus. For 
Damafcius relates, that Marinus having compofed a commentary on 
this dialogue, on fhewing it to Ifidorus for his approbation, that phie 
lofopher obferved, that thofe of his mafter were fuficient; which words 
Fabricius, with great propriety, applies to the commentaries of Pro- 


clus on the Philebus. i l 
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26. On the Theatetus of Plato. ‘This work is praifed by Marinus, 
in the laft chapter of the preceding life; and no doubt with great, 
propriety: for this abftrufe and fublime dialogue would naturally 
call forth all the divine fire and elegance of our philofopher. © 

27. Commentaries on the Enneads of Plotinus.. ‘This work is men- 
tioned by Gyraldus, in his fecond dialogue on ancient poets; by Fi-. 
cinus on Plotinus; by Philip Labbeus, in his account of MS. books, 
p. 286; and in the notes of Bullialdus to Theo of Smyrna, p. 224.. 
But alfo in a certain note prefixed to an ancient manufcript of Jam-. 
blichus, an the Egyptian myfteries, to this effet: “ The philofopher 
Proclus, commenting on the Enneads of the great Plotinus, fays, that, 
it is the divine Jamblichus who anfwers the epiftle of Porphyry.” 
This note is in Greek, in the original, and is (in my. epinion) of: 
itfelf fuffictent to prove that fuch a work was once extant, though: 
now unfortunately loft. How much the. want of thefe commentaries. 
_ is to be regretted, muft be deeply felt by every lover of the Platonic, 
philofophy. For the unequalled profundity, and divine myfteries, 
contained in the writings of Plotinus,. could never be more happily. 
iljuftrated than by the irradiations of fuch a genius as Proclus. . 

28. Lectures on Ariftotle’s Book Isp Epunveias, or. concerning Interpre- . 
tation. ‘This work, it feems, was never publifhed; but Ammonius., 
Hermeas, the difciple of Proclus, has inferted in his valuable com- 
mentary.on this. book. all that he could retain in his memory of. Pro- - 
clus’s leCtures. 

29. Hymns, not a few, fee num. 1. 

30. Chreftomathea. See num. 3. 

31. On the Mother of the Gods, one book, snentoned: by Marinus, . 
in the preceding Life. 

32. On the Theology of Orpheus. This work is mentioned by Ma- 
rinus, in the preceding Life, and by Suidas; and its lofs muft be par- 
ticularly regretted by all the lovers of recondite theology. 

33. Ten Books, on the Chaldean Oracles. ‘This moft valuable work 
is mentioned by Marinus, in the preceding Life, and by Proclus bhim- | 
‘felf on Plato’s Politics, p. 389. It was doubtlefs not extant at the 
time when: Piellus and Pletho undertook the illuftration of a few. of. 

thele 
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— thefe oracles: at leaft the inconfiderable merit of their commentaries, 
frongly favours this fuppofition. . : 

34. A Commentary on the whole of Homer. Suidas. A fpecimen of 
the great value of this work may be {een in our philofopher’s com- 
mentaries on Plato’s republic. The works of Homer are not only 
the great fountain of poetry, but likewife of philofophy; and are no 
lefs admirable for infpiring the fury of the Mufes than for containing 
the myfteries of the moft recondite theology. 

35: Concerning the Gods, according to Homer. Had this work been 
preferved, we fhould doubtlefs have been furnifhed with a defence of 
the heathen religion, which would have filenced the ignorant clamours 
of its opponents. 

36. The Symphony or Concord of Orpheus, Pythagoras, and Plato. - 
Suidas. Proclus, in his publifhed writings, is every where ftudious 
of reconciling the doGtrines of thefe great men, and is always fuccefs- 
ful in this undertaking. Indeed, the fame divine genius feems to 
have irradiated and infpired thefe wonderful heroes, but in different 
ways: in Orpheus it was accompanied with the fire of the Mufes; in 
Pythagoras it fhone through the myfterious veil of numbers; and in 
Plato, combining the preceding modes, it was feen enfhrined in awful 
majefty of thought, clothed with the graces of poetical di&tion, and 
refplendent with ineffable light, 

37. Two Books on the Theurgtc Difcipline. Suidas. How much Pro- 
‘clus excelled in this art, may be feen in the preceding Life. 

38. Concerning the Oppofitions of Arijtotle to Platos Timeus. This 
work is mentioned by Proclus in the 3d book of his commentary on 
the Timæus, p. 226. and feems to have efcaped the ‘notice of the ace 
curate Fabricius. Ariftotle may, no doubt, in many particulars be 
reconciled with Flato; but it is alfo certain, that in fome he is -per- 
fe@ly diffonant. And thus much for the Life and Writings of Pro- 
clus. ' : 
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C H A P LE 
On the Middle Nature of the Mathematical Effence. 


“ YT is neceffary that the mathematical effence fhould neither be 
feparated from the firft nor laft genera of things, nor from that 
which obtains a fimplicity of efflence; but that it fhould obtain a 
middle fituation between fubftances deftitute of parts, fimple, incom- 
pofite and indivifible, and fuch as are fubject to partition, and are. 
terminated in manifold compofitions and various divifions. For fince 
that which fubfifts in its inherent reafons remains perpetually the fame, 
is firm and durable, and cannot be confuted, it evidently declares it is 
fuperior to the forms exifting in matter. But that power of progref- 
fion which apprehends, and which befides ufes the dimenfions of fub-. 
je&s, and prepares different conclufions from different principles, gives. 
it an order inferior to that nature which is allotted an indivifible effence, 
perfectly conftituted in itfelf. Hence (as it appears to me) * Plato 
alfo 


* All the ancient theologifts, among whom Plato holds a diftinguifhed rank, affirmed that. 
the foul was of a certain middle nature and condition between intelligibles and fenfibles: agree- . 
able to which doctrine, Plounus divinely afferts that fhe is placed in the horizon, or in the boune 
dary and ifthmus, as it were, of eternal and mortal natures; and hence, according to the Magi,. 
fig is Gmilar to the moon, one of whofe parts is lucid, but the other dark. Now the foul, in 

cons. 
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alfo divides the knowledge of things which are, into firft, middle, and 
laft fubftances. And to indivifible. natures, indeed, he attributes an ’ 


` confequence of this middle condition, muft neceffarily be the receptacle of all middle energies; 
both vital and gnoftic : fo that her knowledge is inferior to the indivifible fimplicity of intelletual 
comprehenfion, but fuperior to the impulfive perceptions of fenfe. Hence the mathematical 
genera and fpecies refide in her effence, as in their proper and natural region; for they are en- 
tirely of a middle nature, as Proclus proves in this and the fixth following chapter. But this 
doctrine of Plato’s, originally derived from Brontious and Archytas, is thus elegantly explained 
by that philofopher, in the concluding part of the fixth book of his Republic.. ** Socrates, 
know then, they are, as we fay, two (the Good itfelf, and the Sun,) and that the one reigns over 
the intelligible world, but the other over the vifible, not to fay the heavens, left I fhould de- 
ceive you by the name. You comprehend then,. thefe two orders of things, I mean the vifible 
and the intelligible >—-Glauco. I do.—Socrates. Continue this divifion then,.as if it were a line 
divided into two'unequal fegments; and each part again, i.e. the fenfible and intelligible, di- 
vided after a fimilar manner, and you will have evidence and obfcurity placed by each other. 
In the vifible fegment, indeed, onc part will contain images, But I call images, in the firft 
place, fhadows ; afterwards, the refemblances of things appearing in water, and in denfe, fmooth, 
and lucid bodies, and every thing of this kind, if you apprehend me ?>—Glauco. I apprehend you. 
—Socrates. Now conceive that the other fection comprehends the things, of which thefe images 
are nothing more than fimilitudes, fuch as the animals around us,. together with plants,. and 
whatever is-the work of nature and art.—Glauco. I conceive it.—Socrates. Do you confider this 
_ fection then, as divided into true and falfe? And that the hypothefis of opinion is to the knowledge 
of fcience, as a refemblance to its original ?—Glauco. I do, very readity.—Socrates, Now then, 
confider how the fection of the intelligible is to be divided.—Glauco. How ?—Socrates. Thus: 
one fegment is that which the foul enquires after, ufing the former divifions as images, and 
"compelled to proceed from ,hypothefes, not to the principle, but to the conclufion. The other . 
is that which employs-the cogitative power of the foul, as fhe proceeds from an hypothefis to a 
principle no longer fuppofed, and, neglecting images, advances through their obf-urity into the 
light of ideas themfelves.—Glauco. I do not, in this, fufficiently underfland you.—Socrates.-But 
again, for you will more cafily underftand me from what has been already premifed. I think 
you arc not ignorant, that thofe who are converfant in geometry, arithmetic, and the like, 
fuppofe even and odd, together with various figures, and the three fpecies-of angles, and other 
things fimilar to thefe, according to each method of proceeding. Now, having eftablithed thefe, 
_ as hypothefes fufficiently known, they conceive that no reafon is tu be required for their pofi- 
tion: but beginning from thefe, they defcend through the reft, and arrive at laft, at the objcct 
of their inveftigation.—Glauco. This I know perfectly well.—Socrates. This alfo you know, 
that they ufe vilible forms, and make them the fubject of their difcourfe, at the faine time not 
directing their intellect to the perception of thefe, but to the originals they refemble; I mean 
the fquare itfelf, and the diameter icfelf; and not to the figures they delineate. And thus, 
other forms, which are reprefcnted by fhadows and images in water, are employed by them, 
merely as refemblances, while they ftrive to behold that which can be feen by cogitation alone.— 
Glauco. You fpeak the truth.—Socrates. This is what I called above a fpecies of the intelli- 
gible, in the inveftigation of which, the foul was compelled to ufe hypothcfes; not afcending to 
the principle, as incapable of rifing above hypothefer, but ufing the images formed from infea 
rior objects, to a fimilitude of fuch as are fuperior, and which are fo conceived and diftinguiflicd 
by opinion, as if they perfpicuoufly contributed to the knowledge’ of things them{elves.—G lau- 
co. I underhand indeed, that you are {peaking of, the circumftances which take place in geome- 
metry, and her kindred arts. —Socrates. Underfland now, that by the other fection of the in- 
telligible, I mean that which reafon herfelf reaches, by her power of demonftrating, when no 
longer efteeming hypothefes for principles, but receiving them in reality for hypothefes, fle’ 
ules tiem as fo many. fieps and handles in ber afcent, until flic arrives at that which is no longer 
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intelligence, which, in a colleGtive manner, and by a certain fimple 
power, divides the objects of intelle@ual perception ; fo that being di- 
vefted of matter, and endued with the greateft purity, it apprehends 
things themfelves, by a certain unifying perception, and excels the 
other kinds of knowledge. But to divifible effences, and fuch as are 
-allotted the loweft nature, and to all fenfible beings, he attributes 
- ‘opinion, which obtains.an obfcure and imperfe& truth. But to mid- 
` dle effences (and fuch are mathematical forms), and to things inferior 
to an indivifible and fuperior to a divifible nature, he attributes cogi- 
~ -tation. / For this, indeed, is inferior to intelle€t, and the fupreme 
‘{cience diale&ic; but is more perfect than opinion, and more certain 
and pure. .For it advances by a difcurfive proceffion, expands the 
indivifibility of intellect, and unfolds that which was involved in the 
-unity of intelleCtual apprehenfion: but it colle&ts things which are 
divided, and brings them back to mind. Hence, as knowledges differ 
„among themfelves, fo the objects of knowledge are diflinguifhed by 
‘nature. So that intelligible effences having an uniform fubfiftence, 


thy pothetical, the principle of the univerfe ; and afterwards defcending, holding by ideas which 
‘adhere to the principle, the arrives at the conclufion, employing nothing fenfible in her _progrefs, 
-but procecding through ideas, and in thefe at lait terminating her defcent.—Glauco. I under- 
‘ftand you, ‘but not fo well as I defire: for you feem to me to propofe a great undertaking. Yoa 
„endeavour, indeed, to. determine that the portion of true being and intelligible, which we fpe- 
culate by.the feience of demonftration, is more cvident thawmthe difcoveries made by the fciences 
called arts; becaufe .in the fint hypothefes are principles, and their.mafters are compeiled to 
employ the eye of cogitation, and not the perceptions of the fenfes. Yer, becaufe they do not 
.afcend to the principle, but invefligate from hypothefes, they feem to you not to have intelli- 
-gence concerning thefe, though they are intelligible, through the light of the principle. But 
-you feem to me to call the habit of reafoning on geometrical and the like concerns, cogitation, 
„rather thar intelligence, as if cogitation held the middle firu.ition between opinion and intellect, 
— Socrates. You underftand me fufficiently well. And again : with thefe four proportions take 
-thefe four correfponding affeGlions of the foul: with the higheft intelligence; with the {ccond 
-covitation ; againft the third fet opinion; and againft the fourth aflimilation, or imagination. 
‘Befides this, eftablifh them in the order of alternate proportion, fo that they may partake of 
evidence, in the fame manner as their correfpending objects participate of reality.” I have 
taken the liberty of tranflating this fine paffage differently from both Petvin and Spers; becaute 
-they have neglected to give the proper meaning of the word Sania, or cogitation, the former 
tranflating it mi#d, and the cye of the mind, and by this means confoundirg it with intelled; 
and the latter calling it wxderfanding. But it is certain that Plato, in this place, ranks inteliect 
as the firit, on account of the fuperior evidence of its perceptions ; in the next place, cogitation; 
in the third, opinion ; and in the fourth, imagination. However, the reader will pleafe to 
remember, that by carota, or cogitation, in the prefent work, is underftood that power of the 
foul which reafons from premifes to conclufions, and whore fyllogiftic energy, on adlive fub- 
yQts, is called prudence; and on fuch as are fpeculative, fuience. But for further toformation 
concerning its nature, fee the differtation prefixed to this work, and the following fifth chapter, 
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evidently excel all others. But fenfibles are entirely excelled by pri~“ 
mary effences: and mathematical natures, and whatever falls under 
cogitation, are allotted a middle order: for they are excelled by the 
divifion of intelligibles; but becaufe deftitute of matter, they are 
fuperior to fenfible natures; and by a certain fimple power, they are 
excelled by the firt ; but by a certain reafon are more exalted than 
the laft. Hence they poffefs notions of an intelleGual eflence, which 
are more manifeft than fenfibles, but which are, at-the fame time,- 
only the images of an intellectual nature; and they imitate divifibly : 
the indivifible, and, in a.multiform manner, the uniform exemplars -. 
of things. And, that I may fum.up the whole in a few words, they 4 
are placed in the veftibules or entrances -of primary forms, and dif- 
clofe their indivifible and prolific fubfiftence collected into one, but . 
they do not yet excel the divifion and compofition of reafons, and an 
eflence accommodated to the obfcurity of images; nor are they cas 
pable of pafling beyond the-various notions of the foul, endued with... 
a difcurfive power, and of adhering to intellections perfectly fimple, | 
and purified from all material.imperfeftion. After this manner. then, 
is the middle nature of mathematical genera and forms to be under-. 
fteod; as filling up the medium between effences. entirely indivifible, ., 
and fuch as.are divifible about matter.. | 
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C H A P. IL 


C 'oncerning the common Principles of Beings, and of the Mathematical 
Effence, * bound and infinite. 


UT it is neceflary that, confidéring the principles of the whole 
mathematical effence, we fhould return to thofe general princi- 

‘ples, which pervade through and produce all things from themfelves, 
I mean bound and infinite. For from thefe two after that caufe of 
_ one, which can neither be explained, nor. entirely comprehended, every 
other thing, as well as the nature of the mathematical difciplines, is 
conftituted. In the former, indeed, producing all things colleGively and 
feparately ; but in thefe proceeding in a convenient meafure, and re- 
ceiving a progreffion in a becoming order; and in fome, fubfifting 
among primary, but in others among middle, and in others again 
among pofterior natures. For intelligible genera, by their fim- 
plicity-of power, are the firft participants of bound and infinite: be- 
ccaufe, on account of their union and identity, and their firm and 
itable exiftence, they are perfected by bound: but on account of their 
divifion into multitude, their copious power of generation, and their 
divine diverfity and progreffion, they obtain the nature of infinite. 
But mathematical genera originate, indeed, from bound and infinite, 
yet not from primary, intelligible, and occult principles only; but 
alfo from thofe principles which proceed from the firft to a fecondary 
order, and which are fufficient to produce the middle ornaments of 


e Thefe two principles, dowd and infinite, will doubtlefs be confidered by the unthinking 
part of mankind, as nothing more than general terms, and not as the moĝ real of beings. 
However, an accurate contemplation of the univerfe, will convince every tru/y philofophic miad 
of their reality. For the heavens themfelves, by the coherence and order of their parts, evince 
their participation of bound. But by their prolific powers, and the unceafing revoluticns af 
the orbs they contain, they demonftrate their participation of infinitye And the finite and per- 
petually abiding forms with which the world is replete, bear a fimilitude to dound: while, on | 
tue contrary, the variety of paruculars, their never-ceafing mutation, and the connection of 
more and lefsin the communion of forms, reprefents an image of infizity. Add too, that every 
natural fpecies, by its form is fimilar to ound; but by its matter, to infinity. For thefe two, 
form and matter, depend on ound and infinity, and are their ultimate progreffions. And each 
of thefe, indeed; participates of unity; but form is the meafure and bound of matter, and is 
more onc. But matter isin capacity all things, becaufe it fubiifts by an emanation from the firft 


capacity, or the infinite itfelf. 
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COMMENTARIES OF PROCLUS. 49 


beings, and the variety which is alternately found in their natures. 
Hence, in thefe alfo, the reafons and proportions advance to infinity, 
but are reftrained and confined by that which is the caufe of bound. 
For number rifing from the retreats of unity, receives an inceffant in- 
creafe, but that which is received as it ftops in its progreffion, is 
always finite. Magnitude alfo fuffers an infinite divifion, yet all the 
parts which are divided are bounded, and the particles of the whole 
exift finite in energy. So that without the being of infinity; all mag- 
nitudes would be commenturable, and no one would be found but 
what might either be explained by words, or comprehended by reafon 
(in which indeed geometrical fubje€ts appear to differ from fuch as are 
arithmetical;) and numbers would be very little able to evince the pro- 
lific power of unity, and all the multiplex and fuper-particular pro- _ 
portions which they contain. For every number changes its propor- “ 
tion, looking back upon, and diligently enquiring after unity, and a 
reafon prior to itfelf. But dound being taken away, the commenfura- 
bility and communication of reafons, and one and the fame perpetual 
effence of forms, together with equality, and whatever regards a bet- 
ter co-ordination, would never appear in mathematical anticipations: 
‘nor would there be any fcience of thefe; nor any firm and certain 
comprehenfions. Hence then, as all other genera of beings require 
thefe two principles, fo likewife the mathematical effences. But fuch 
things as are laft in the order of beings, which fubfift in matter, and 
are formed by the plaftic hand of nature, are manifeftly feen to enjoy 
thefe two principles effentially. Infinite as the fubje& feat of their 
forms; but bound as that which invefls them with reafons, figures, 
and forms. And hence it is manifeft that mathematical effences have 
the fame pre-exiftent principles with all the other genera of beings. 
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C H A P. II 
What the common Theorems are of the Mathematical Effences. 


UT as we have contemplated the common principles of things, 

which are diffuled through all the mathematical genera, after 
the fame manner we muft confider thofe common and fimple theo- 
sems, Originating from one fcience, which contains all mathematical 
knowledge in one. And we muft inveftigate how they are capable of 
according with all numbers, magnitudes and motions. But of this kind 
are all confiderations refpecting proportions, compofitions, divifions, 
eonverfions, and alternate changes: alfo the {peculation of every kind 
of reafons, multiplex, fuper-particular, fuper-partient, and the oppofite 
to thefe: together with the common and univerfal confiderations re- 
fpeCting equal and unequal, not as converfant in figures, or numbers, 
or motions, but fo far as each of thefe poffefles a common nature 
effentially, and affords a more fimple knowledge of itfelf. But beauty 
and order are alfo common to all the mathematical difciplines, together 
with a paflage from things more known, to fuch as are fought for, 
ənd a tranfition from thefe to thofe which are called refolutions and © 
compofitions. Befides, a fimilitude and diffimilitude of reafons are 
by no means abfent from the mathematical genera: for we call fome 
figures fimilar, and others diffimilar; and the fame with refpe& to: 
numbers. And again, all the confiderations which regard powers, 
agree in like manner to all the mathematical difciplines, as well the 
powers themfelves, as things fubje& to their dominion: which, in- 
deed, Socrates, in the Republic, dedicates to the Mufes, {peaking things. 
arduous and fublime, becaufe he had embraced things common to all. 
mathematical reafons, in terminated limits, and had determined them 
in given numbers, in which the meafures both of abundance and. 
fterility appear. 


CHAP. 
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C H AP. IV. 


How thefe Common Properties fubfft, and by what Science they arè 
i confidered. 


UT it is requifite to believe, that thefe common properties do 
not primarily fubfift in many and divided forms, nor originate 


+ from things many and the laft: but we ought to place them as things © 


preceding in a certain fimplicity and excellence. For the knowledge 
of thefe antecedes many knowledges, and fupplies them with princie 
ples; and the multitude of fciences fubfift about this, and are referred 
” to it as their fource. Thus the geometrician affirms, that when four 
magnitudes are proportional, they fhall be alternately proportional; 
and. he demonftrates this from principles peculiar to his fcience, and 
which the arithmetician never ufes. In like manner, the arithmeti- 
cian affirms, that when four numbers are proportional, they fhall be 
{o alternately: and this he evinces from the proper principles of his 
fcience.. For who is he that knows alternate ratio confidered by itfelf, 
whether it fubfifts in magnitudes or in numbers? And the divifion 
of compofite magnitudes or numbers, and in like manner, the com- 
pofition of fuch as are divided? They are furely not the {ciences and 
cognitions of things divifible: but we have no {cience of things defti- 
tute of matter, and which are affigned a more intellectual contempla- 
tion; for the knowledge of thefe is by much prior to fcience, and from 
thefe the common reafons of many fciences are derived. And there 
/ is a gradual afcent in cognitions from things more particular to more 
univerfal, till we revert to the fcience of that which zs, confidered as 
it is, abftracted from all fecondary properties. For-this fublime {cience 
does not think it fuitable to its dignity, te contemplate the common 


properties which are effentially inherent in numbers, and are common - 


to all quantities; but it contemplates the one, and firm effence of. al} 
the things which are. Hence, it is the moft capacious of all {ciences, 

_ and from this all the reft affume their own peculiar principles. For 
the {fuperior fciences always afford the firft fuppofitions of demonftra- 
tions to fuch as are fubordinate. But that which is the moft perfe& 
H 2 : of 
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of all the feiences, diftributes from itfelf principles to all the reft, to 
fome indeed, fuch as are more univerfal, but to others, fuch as are 
more particular. Hence, Socrates, in the Thezxtetus, mingling the 
jocofe with the ferious, compares the f{ciences which refide in us to 
doves: but he fays they fly away, fome in flocks, but others fepa- 
rate from one another. For fuch, indeed, as are more common and 
more capacious, comprehend in themfelves many fuch as are more 
particular: but fuch as being diftributed into forms, touch things fub- 
fect to knowledge, are diftant. from one another, and can by no means - 
be copulated together, fince they are excited by different primary 
principles. One fcience, therefore, precedes all fciences and difci- 
plines, fince it knows the common properties which pervade through 
all the genera of beings, and fupplies principles to all the mathemati- 
cal {ciences. And thus far our dodrine concerning dialectic * is ter- 
minated, 


Y p € H A P. y. 


t 
`, 


What the Inftrument is, which judges of the Mathematical Genera and 
Spectes. 


ET us now confider what that inftrument is t, adapted to the 
judgment of mathematical concerns; and let us appoint Plato 
as our guide in this affair, who, in his Republic, divides cognitions 
feparately from fuch things as are the objects of knowledge; and 
diftributes cognitions in conjunGion with things fubje@ to knowledge. 


For of the things which are, fome he ranks among intelligibles, and 


others among fenfibles. And of intelligibles, fome are again pure 
intelligibles, and others fubje¢t to cogitation. And of fenfibles, fome 


© Of human difciplines, thofe alone deferve to be called fciences which ufe no hypothefer, 
which refolve things into their principles, which arc converfant with true being, and elevate us 
to ideas themfelves.. Diale@ic is wholly of this kind (I mean the dialeStic of Plato} ; for this 
alone ufes no fuppofitions, but, neglecting fhadows and images, raifes us, by a fublime invefliga- 
tion, to the principle of the univerfe; and on this account, deferves to be called the very apex 
of ditciplines. But we muft not imagine, that by the word dialedtic here, is meant logic, or 
any. part of logic, ar that method of difputation, by which we fabricate probable reafons ; but 
we mult conceive it as fignifying a difcipline, endued with the greatest acutenels; negk Aiag 
ati hypothefes, truly foaring to primary caufes, and ultimately repofing in their contemplation. 
Plotinus has given us moft happy fpecimens of this methed, in his books oz the genera of beings 

+ See note to the firt chapter. 


are 
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are purely fenfibles, but others conje@tural. To intelligibles, indeed, 
which are the firft of the four genera, he affigns an intelligible know- 
ledge; but to thofe which are fubje& to cogitation, he attributes 
thought: to fenfibles, faith; but to’ conje€turals, a conjectural or 
affimilatory power. And he fhews, that the affimilatory power has 
the fame proportion to fenfe as thought to intelligence. For the con- 
jeQural power knows the fpectres of fenfible forms, while they are 
beheld in water and other bodies, which perfpicuoufly reprefent theit 
image: fince, by their fituation in water, they are’ after a manner, 
allotted the laft feat in the gradations of forms, and truly become the 
refemblanees of refemblances. In like manner, thought beholds the 
a images of intelligibles in a degraded ftate, fallen from primary fimple 
and indivifible forms, into multitude and divifion. Hence, a know- 
ledge of this kind, depends on other more ancient hypothefes; but 
intelligence arrives at that principle which is no longer fuippofed. If 
then, mathematical. concerns are neither allotted an effence feparate 
fom all divifion and variety, nor that nature which is apprehended by 
fenfe, which is obnoxious to many mutations, and is in every propor 
tion divifible, it muft be manifeft to every one, that they are effentially 
fubjeét to cogitation: but cogitation prefides over thefe as an inftru- 
ment adapted to judgment, in the fame manner as fenfe to fenfibles, . 
and the affimilatory power to conjeCturals. From whence, indeed, 
Socrates determines that the knowledge of thefe 1s more obfcure than 
the firft feience, but is more evident than the impulfive apprehenfion. 
of opinion. For in this the mathematical fciences are inferior to in- 
telligence, becaufe they contemplate that which.is evolved, and is en- 
dued with a power of progreffion ; but they are fuperior to opinion, 
by that ftability. of reafons which they contain, and which cannot be 
confuted. And they originate from fuppofition, through: a diminu- 
tion of the firft {cience; but they contain forms independent of mat- 
ter, from their. poflefling a knowledge more perfe& than -that of fen» 
fibles. We have therefore determined'an inflrument adapted to the 
judgment of all mathematical concerns, i. e. cogitation, according to 
the mind of Flato; which plices itfelf indeed above opinion, but: is. 
excelled by intelligence: 


CHAP. 


ra 
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C H A P VI. 
Concerning the Effence of Mathematical Genera and Species *, 


/ $ - 
T now remains, that we confider what fubfiftence or effence ought 


to be afligned to mathematical genera and fpecies? Whether we 
muft deduce their origin and fubfiftence from fenfible objeéts, or from 
abftraGtion, or from a colleétion of fuch things as are difperfed by 
parts into one common definition; or muft allow them an exiftence 
prior to that of fenfibles, as Plato affirms, and as the progreffion of 
univerfal being demonftrates ? Firft then, if we affirm that mathema- 
tical fpecies are compofed from fenfibles; whilft the foul from mate- 
rial triangles or circles, forms in herfelf the trigonic, or circular fpe- 
cies, by a kind of fecondary generation; I would afk from whence is 
derived the great certainty and accuracy of definitions? For it mutt 
either proceed from fenfibles, or from the foul herfelf. But from 
fenfibles is impoffible, for. thefe, in a continual flow of generation and 
decay, do not fora moment retain an exa& famenefs of being; and 
confequently fall far fhort of the exactnefs contained in the definitions 
themfelves. It muft therefore proceed from the foul, which, by her 
immaterial nature, procures perfection from the imperfect, accurate 


¢ I would particularly recommend this chapter to modern mathematicians, moft of whom, I 
om afraid, have never confidered whether or not the fubje&s of their fpeculation have any real 
fublittence : though it is furely an enquiry worthy the earneft attention of every liberal mind. 
For if the objects of mathematical inveftigation are merely imaginary, I mean the point with- 
-out parts, the line without breadth, &c. the fcience, founded on thefe falfe princip'es, muft of 
courfe be entirely delufive. Indeed, an abfolutely true conclufion, can never fowfrom an erro- 
neous principle, as from its caufe: as the ftream muft always Participate of its fource. I mean 

~ fuch a conclufion as is demonftrated by the proper caufe, mans ù dors, aax eri, fays Ariftorle, 

in his firft Analytics; that 1 ity a fyllogifm from falfe principles will not prove the wéy, but 
only fimply zhat it is: indecd it can only fimply prove zhat it is, to him who admits the falfe 
propofitions; becaufe he who allows the premifes, cannot deny the conclufion, when the fyl- 
Jogium is properly conftructed. Thus we ‘may fyllogize in the firft figure, 

Every thing white, is an animal: 

Every bird is white: 

Therefore, Every bird is an animal. 

And the conclufion will be true, though the major and minor terms are falfe; but then thefe ’ 
terms are not the caufes of the conclufion, and we have an inference without a prcof. In hike 
manner, if mathematical fpecies are delufive and fictitious, the conclufions deduced from them 
as principles, arc merely hypothetical, and not demonftrative. ~ 


fubulty 
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fubtilty from that which is neither accurate nor fubtle, and rekindles 
tlte light of ideas from the obfcure and unreal objeds of fenfe. — 

For where thall we find, amongft fenfible objects, an indivifible 
nature, fuch as that of a point, or a line without the dimenfion of 
breadth, or a fuperficies without depth, or the ever conftant propor- 
tion of fides, and exact reGtitude of angles? For my part, I cannot 
fee where, fince all divifible natures are thus mixed and confufed to- 
gether, nothing fincere, nothing free from its contrary, but things 
every where yielding to feparation, as well fuch as are removed by 
diftance of place, as thofe which are united together. How then hall 
we obtain this durable effence for thefe immoveable natures from the 
ever fluctuating forms of fenfe? For whatever derives its exiftence. 
from moveable beings, muft of neceflity be mutable and frail. And’ 
how fhall we gain this perfect accuracy for the ftable fpecies, from the. 
inaccurate and imperfect? For whatever is the caufe of a conception, 
always immutable, is itfelf much more ftable than its effet. Wer 
muft therefore admit the foul to be the generator of thefe mathemati» « 
cal fpecies and reafons. But if fhe contains them in herfelf, as firft: 
exemplars, fhe gives them an effential being, fo that the generations - 
are nothing elfe than propagations of fpecies, which had a prior fub- 
fiftence in herfelf: and thus we fhall {peak agreeably to the fentiments - 
of Plato, and difcover the true effence of mathematical entities, But: 
_if the foul, though fhe neither poffefles nor received the mathemati- 
cal reafons prior to the energies of fenfe, yet fabricates this admirable. 
immaterial building, and generates this fair feries of {peculations ; 
how can fhe difcern whether her productions are ftable and conftant, 
or things which the winds may diffipate, and phantoms rather than 
realities? What ftandard can fhe apply as the meafure of their. truth ?. 
Or how, fince fhe is deftitute. of their effence, can the generate fuch 
a variety of reafons? For from fuch. an hypothefis, we make their. 
{ubfiftence fortuitous, not tending to any fcientific bound. Mathe- ~ 
matical fpecies are therefore the genuine offspring of the foul: nor: 
does fhe derive from fenfible objects: the definitions: fhe frames; but 
rather the firft:are propagated from the fecond; they are the-energies. 
of foul, which, as it were, pregnant.with forms, delivers her imma-- 

terial 
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terial progeny into the dark and fluCtuating regions of matter, as evi- 
dences of the permanent duration of her fpecies. 

Again, if we colle& mathematical reafons from externals, why are 
not demonftrations compofed from fenfibles, better than the demon- 
{trations of univerfal and fimple fpecies? For we fay, in order to the 
tnveftigation of any thing fought, that the principles and propofitions, 
fhould be allied to the conclufions. Ifthen, particulars are the caufes 
of univerfals, and fenfibles the fources of reafoning, why does the 
boundary of demonftration always refer to that which is more univer- 
fal, and not to that which is partial and particular? And how can we 
prove that the effence of intelligibles ts more allied to demonftration 
than the effence of fenfibles? For thus they fpeak *: his knowledge “ 
is not legitimate, who demonttrates that the ifofceles, the equilateral, 
or the fcalene triangle, have angles equal to two right; but he pof- 

feffes fcience, properly fo called, who demonftrates this of every tri- 
angle fimply, or of triangle itfelf. And again, that univerfals, for the 
purpofe of demonftration, are fuperior to particulars; that demonftra- 
tions concern things more univerfal; but that the principles from 
which demonftrations are compofed, have a priority of exiftence, and 
a precedency in nature to fingulars, and are the caufes of the propo- 
; fitions they prove. It is very remote, therefore, from the nature of 
Apodiétical fciences, that from converfe with things of pofterior ori- 
gin, and from the dark perceptions of fenfe, they fhould falfely collect 
their indubitable propofitions. I add farther, that they who affirm 
this, make the foul of a bafer nature than the material fpecies them- 
delves, For if matter derives from nature beings effential, and par- 
ticipating a high degree of entity and evidence; but the foul, by a 
pofterior energy, receives thefe from fenfible objets, and fafhions 
in herfelf refemblances and images of pofterior origin, contemplating 
wile eflences, and abftraGting from matter, the forms infeparable from 
its nature; do they not make the foul more obfcure and indigent 


* Ariftotle, in his laft Analytics. The reader will pleafe to obferve, that the whole force 
of this nervous, accurate, and elegant reafoning, is directed againft Ariftotle; who fcems un- 
fortunately to have canfidcred, with the moderns, that mathematical fpecies fubfift in the foul, 
by an abfiraction from fenfibles.s See the preceding Differtation, 


than 


COMMENTARIES OF PROCLUS. %7 
than matter itfelf? For matter is the receptacle of forms materialized, 
as the foul is of fpecies immaterialized. But in this cafe, matter 
would be the place of primary beings, and the foul of fuch as are 
fecondary and fubordinate: matter and its forms obtaining the lead 
in being, and exifting as the fources of the fubfiftence of immaterial 
forms. Laftly, the material forms would have an effential exiftence, 
the others only an intentional denomination. How then can the foul, 
which is the firft participant of intelle€&t, and an intelledtive effence, 
and which derives from thence confummate knowledge, and a pleni- 
tude of life, become the receptacle of the moft obfcure fpecies, the 
loweft in the order of things, and participating the moft imperfeét 
exiftence. But this opinion, which has been fufficiently =e by 
others, needs no farther confutation. 

If then, mathematical fpecies do not fubfift by material abftraétion, 7 
nor by a collection of thofe common properties inherent inindividuals ; 
nor are at all, in their origin, pofterior to fenfibles, nor derived in 
any manner from them: it is neceflary that the foul fhould either 
deduce them from herfelf, or from intellect; or laftly, from herfelf 
and intelle& united. Butif from herfelf alone, Whence do the images 
of intelle€tual fpecies arife; whence do they derive their middle 
nature, linking, as it were, the divifible and indivifible effence to- 
gether, if they do not participate the fullnefs of entity from primary 
eflences? Laftly, how, upon this hypothefis, are the firt exemplars, 
paradigms, or ideas, which fubfift in intelle@, the principles of uni- 
verfals? But if they are derived from intellect alone into the foul, 
how can the foul remain felf-operative, and felf-motive, if her in- 
herent reafons flow from an external fource, and are regulated by its 
operations ? And in what refpe& does the foul differ from matter, 
which is all things in mere dormant capacity, but generates nothing 
appertaining to material fpecies? It remains, therefore, that the foul 
deduces thefe fpecies from herfelf, and intelle&; and that fhe is the 
_abfolute confummation of the forms which originate from intelleCtual 
exemplars, but which are allotted from themfelves a tranfition to 
permanent being. The foul, therefore, is by no means to be com- 
pared to a fmooth tablet, void of all reafons; but fhe is an ever- 
written tablet, herfelf infcribing the characters in herfelf, of which the 

Vor. d. | I derives’ 
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derives an eternal plenitude from iatelle&t. - For foul is a certais © 


fubordinate intelle@t, revolving round an intelle& prior to het- 
felf, formed to its image, and participating its divine irradiations. 
If then, this fuperior intellect is all things intelletually, foul wil 
all things animally; if the firft exits as the exemplar, foul will 
be as its image; if as contracted and united in itfelf, foul as di- 
vifible and expanded. And this is what Plato underftood, when 
in his Timeus, he compofes the foul of the world from all things, 
dividing her according to harmonical reafons, and analogies; affigning 

to her the firft principles effective of figures, I mean the right and cir- 
= gular line, and giving an intelleGtual motion to her inherent circles. 
All mathematical fpecies, therefore, have a primary fubfiftence in the 
foul’: fo that, before fenfible numbers, there are to be found in her 
snmoit receffles, felf-moving numbers ; vital figures, prior to the appa- 
sent, ideal proportions of harmony previous to concordant founds: 
and invifible orbs, prior to the bodies which revolve ina circle. So 
that foul is the prolific abundance of all thefe, and is another orna- 
ment producing herfelf, and produced from a proper princip}:, filling 
hesfelf with life, and at the fame time filled from the demiurgus of 
the univerfe, in an incorporeal and indiftant manner. When, there- 
fose, the produces and unfolds her latent reafons, fhe then detects 
every fcience and virtue. ‘Fhe effence of foul then confifts in thefe 
fpecies, nor muft we fuppofe her inherent numbers to be a multitude 
of units, nor her archytipal ideas of divifible forms to be corporeal : 
but we muf conceive all thefe as {ubfifting ever vitally, and intellece 
tually, as the exemplars of apparent numbers, figures, reafons and 


motions. And here we muft follow the dofrine of Timzus, who 


derives the origin, and confummates the fabric of the foul, from ma- 
thematical forms, and repofes in her nature the caufes of every thing, 
which exifts. For the feven bounding terms *, comprehending the 
principles of all sumbers, lines, planes and folids, pre-exift in foul 
according to caufe. And again, the principles of figures are placed 
in her effence, according to a demiurgical power. And laflly, the 
firft of all motions, which embraces every other motion in its come 


* Vize I 2, 4s % 3, 9, 27. Concerning which, fee lib. iji. of Proclus’s excellent Come 
meatary on the Timzus. 


prehenfive 
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prehenfive ambit, is co-exiftent with foul. For the principle of every 
thing which is moved is a circle, and the circular motion. The 
mathematical reafons, therefore, which fully confummate the foul; 
are effential, and felf-moving: and the fowl, by her cogitative power, 
diffufing, propagating, and evolviag thefe, from her profound receffes, 
conftitutes all the fair variety of mathematical fciences. Nor will 


fhe ever ceafe to generate, and waken into energy, fucceeding fpecies, — 
while the divefts her indivifible reafons of their intelle@ual fimplicity. 


For fhe previoufly received all things, after a primary manner ;. and 
according to her infinite power, from. ee principles, deduces 
a beautiful feries of various {peculations. 


CHAP. VEL 


What the Employments and Powers are of the Mathematical Science, 


and how far they extend themfelves in their Energies. 


UT, after contemplating the effence of mathematical forms, it is 
neceflary we fhould recur to that one mafter-fcieace.of thefe, 
which we have fhewn is prior to a multitude of others, and that wé 
Should contemplate what its employment is, what are its powers, and 
how far it advances in its energies. The employment, therefore, of 
the whole mathematical fcience, poffefling, as we have before faid; 
the power of cogitation, muft not be placed fo high as that of intelli- 
gence; which is firmly feated in its own ftable effence, is perfe&, is 
contained by itfelf, and in itfelf continually verges. Nor muft it be 
fituated fo low as that of opinion and fenfe, fince thefe cognitions 
dwell upon external concerns, energize upen them, and do not poleis 
the caufes of the objects of their knowledge. But the mathematical 
{cience, receives its commencement, indeed, extrinfically from * re- 
colle€tion, but ends in the mof intimate reafons, refiding in the depths 


œ+ Plato frequently, both in the Meno ard elfewhere, thews that {cience is Reminifcence ; 


and I think not without the ftrongeft reafon. For fince the foul: is immaterial, as we have de 
monftrated in ‘the differtation to this work, fle muĝ be truly immortal, i.e. both æ perte ante, 
ES a parte pof. That the muft be eternal, indeed, with refpe&t to futuriry, if immaterial, is ad- 
mitted by all; and we may prove, with Arittotle, in his firt book de Ceelo, that the is immor- 
tal, likewife a parte ante, ns follows. Every thing without generation, is incorruptible, and 
every thing incorruptible, is without generation: for that which is without generation, has a 

T2 neeeflity 
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of the foul ; and is excited, indeed, from things pofterior, but arrives 
by gradual advances at the principal effence of forms. Nor is its 
energy immoveable, like that of intelligence, nor is it affected with 
local motion and alteration, like fenfe, but it revolves with a. vital 
energy, and runs through the ornament of ineorporeal reafons, fome- 
times. advancing from principles to fuch things as are perfected by 
principles, but.at other times yielding in a retrogade progreflion from 
conclufions: to their forming principles: and fometimes proceeding 
from things previoufly known, to. fuch as. are the fubje& of invefti- 
gation: but.at other times, from things placed in the queftion, to fuch 
as precede in cognition. Befides, it does not excel all inquifition, 
as if it were perfe& from itfelf, like intelle&, nor is it perfected from 


neceffity of exifting infinitely a parte ante (from the hypotheffs) ; and therefore, if it: poffeffes a 
capacity of being deitroyed,. fince there is no greater reafon why it fhould be corrupted now, 
rather than in fome former period, it is endued with a capacity of being deftroyed and ceafing 
to be, in every inftant of infinite time,. in which it neceflarily ise In like manner, that which 
ie incorruptible, has a neceflity of exifting infinitely a parte pofl; therefore, if it pofleffes a ca- 
pacity of being generated, fice there is no greater reafon why it fhould be generated now.rather 
than afterwards, it poffeffes a capacity of being generated, in every inftant of time, in which it 
necefiatily is.. If then the foul is effentiaNy immortal, with refpect to the pat and future cir- 
culations of time ;. and if. the is replete with forms or ideas of every kind, as we hd¥e proved in 
the differtation, fhe muft, from her circulating nature, have been for ever converfant in al:er- 
nately poflefing and lofing the knowledge of thefc. Now, the reeovery of this knowledge by 
fcience, is called by Plato, reminifcence; and is nothing more than a renewed contemplation 
of thofe divine forms, fo familiar to the foul, before fhe became involved in the dark veftment of 
an earthly body. So that we may fay, with the elegant Maximus Tyrus, (Differ. 28.) ‘* Re- 
mifcence is fimilar to that which happens to the corporeal. eye,.which, though always endued 
with a power of vifion, yet darknefs fometimes obftrudts its paflage, and averis it from the per- 
ception of things. Art therefore, approaches, which though it docs rot give to the eye the 
power of vifion, yet removes its impediments, and affords a free egrefs to.its rays. Conceive 
now, that our rational foul is fuch a power of perceiving, which fees and knows the nature of 
Wings, To this the common calamity of bodiés happens, that darknefs fpreading round it, 
hurries away its-afpect, blunts its fharpnefs, and extinguifhes its proper-light. . Afterwards, the 
art of reafon approaches, which, like a phy fician,.does.not bring or afford it a.new f{cience, but 
roufes that which it poffeffes, though very flender, confufed, and usftady.”” Hence; fince the 
foul, by her immerfion in body, is in a-dormant flate, until fhe is reufed by: fckence to an exer- » 
tion of, her latent energies; and yet even. previous to this awakening, fince fhe contains the 
vivid fparks, as it were, of all knowledge, which only require to be ventilated by the wings of- 
learning, in order to rekindle the light of ideas, fhe may be faid in this cafe to know all things 
as in a dream, and to he ignorant of them with refpect to vigilant perceptions. Hence.too,-we - 
may infer that time does not antecede our effential knowledge of forms, becaufe we poficís It 
from eternity : but it precedes our knowledge with refpect to a production of thefe reafons into 
perfectenerpy. I‘only add, that I would recommend the liberal Englith reader, to Mr. Syden- 
enham’s excellent tranflation of Plato’s Meno, where he will find a familjar and elegant demon- 
ration of the dorine of Reminifcence, 
: others, 
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otliers, like fenfe, but it proceeds by enquiry to invention, and 


afcends from the imperfect to perfection. But it likewife poffefles. 


twofold powers, one kind of thefe deducing principles into multitude, 


and generating the different paths of contemplation: but the other 


endued with a power.of collecting many tranfitions into proper fup¢ 
pofitions. Eor fince it propofes to itfelf as principles,. as well unity; 


and multitude, as-bound and infinite, and fuch things as are fubje@ — 


to its comprehenfion, are allotted a middle‘order, between forms indivi- 
fible and every way. divifible; with. great propriety (I think) the 


gnoftic powers-of the whole fcience of thefe are effentially two-fold. 


One fpecies indeed, haftens to union, and contraéts the expanfion of 
multitude: but. the other poffefles.a power of diftinguifhing things 
fimple.into fuch as are various, more univerfals into more. particulars; 
and reafons digefted in. their principle, into things fecondary and 
multifarioufly multiplied from. theie principles. For rifing higher 
from its commencement it penetrates even to fuch things as are the 
perfections of fenfible. concerns, is.joined with nature, and:demon- 
{trates many things together. with natural fcience. , Since. afcending 
from inferiors, it:accedes in.a certain refpect proximate to intellectual 
knowledge, and touches the contemplation of things primary and 


divine. And hence, in the limits.which flow from its effence, it pros - 


duces the whole mechanic, optic, and catoptric fpeculation, together. 
with many other fciences which are: inwoven and entangled with. 
fenfible concerns, and.which operate through their affiftance. Befides, 


in its afcenfions from corporeal natures, it derives intelligences indi-~ | 


vifible and deftitute of matter: and with thefe it perfe@s its divifible 
apprehenfions, thofe cognitions which fubfift-in progreffions, and its 
own genera and forms: it likewife indicates the truth refpeCting the 
gods themfelves, and in its peculiar treatifes exhibits a contemplation 
of the things which are. And thus much concerning the employs 
ment and powers of the.Mathematical. Science.. 


CHAP. 
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C H A P. VIL 
| Concerning the Utility of the Mathematical Science. 


FAUT let us now confider the utility of this Science, which extends 
itfelf from the moft principal to the laft cognitions. ‘Timzus, 
therefore, calls the knowledge of the mathematical difciplines the path 
of erudition, becaufe, indeed, it has the fame proportion to univerfal 
fcience, and the firft philofophy, which learning has to virtue. For 
this laft frames our foul to a perfeét life, by the pofleffion of worthy 
manners; but the former prepares our cogitation, and the drvme eye 
of our foul to an elevation from the obfcurity of fenfible information. 
Hence, Socrates in the Republic, fays, “ That the eye of the foul, 
‘which is darkened and buried by other ftudies, can by the mathema- 
‘tical difciplines alone be invigorated, and again excited to the con- 
templation-of that which zs, and transferred from refemblances to real 
beings, from an obícure kght to that light which has the power of 
intelligence, and from a cave, and thofe bonds which exift in it as 
the authors of generation, and from material impediments be able to 
rife to an incorporeal and indivifible effence. For the beauty and or- 
der of mathematical reafons, and the firmnefs and ftability of the 
-contemplations they afford, conjoins us with intelligible objects, and 
perfectly determines us in their effences ; which perpetually remain 
the fame, ever fhining with divine beauty, and preferving a mutual 
order without end. But Socrates, in the Phedrus, delivers to us three 
«haracters who are elevated from fenfe, becaufe they fill up and ac- 
complifh the primary life of the foul, i. e. the philofopher, the lover, 
and the mufician. But the beginning and path of elevation to the 
Jover, is a progreflion from apparent beauty, ufing as excitations the 
aniddle forms of beautiful objects. - But to the mufician, who is allotted 
the third feat, the way confifts in a tranfition from fenfible to invi- 
fible harmonies, and to the reafons exifting in thefe. So that to the 
one, fight is the inftrument of reminifcence, and to the other, hearing. 
But to him who is by nature a philofopher, from whence and by | 
what means is reminifcence the prelude of intellectual knowledge, and 
an excitation. to that which truly is, and to truth itfelf? For this 
| character 





3 


COMMENTARIES OF PROCLUS. 63 
character alfo, on account of its imperfe@tion, requires a proper prin» 
ciple: for it is allotted a natural virtue, an imperfect eye, and a de- 
graded manner. It muft therefore be excited from -itfelf; and he | 
who is of fuch a nature, rejoices in that which zs. But to the philo- 
fopher, fays Plotinus, the mathematical difciplines muft be exhibited,, 
that they may accuftom him to an incorporeal nature, and that after- 
wards ufing thefe as figures, he may be led to dialedtic reafons, ane 
to the contemplation of all the things which are. And thus it is- 
manifeft, from hence, that the mathematics are of the greateft utility 
to philofophy. But it is requifite that we fhould be more explicit, 
and mention the feveral particulars to which they conduce, and evince. 
that they prepare the intelletual apprehenfions of theology. For 
whatever to imperfe& natures appears difficult and arduous in obtain- 
ing the true knowledge of the gods, the mathematical reafons render, 
by their images, credible, manifeft, and certain. ‘Thus, in numbers, 
they indicate the fignifications of fuper-eflential properties, but they 
evince the powers of intelleQual figures, in thofe figures which fall: 
under cogitation. Hence it is, that Plato, by mathematical forms 
teaches us many and admirable fentences concerning the gods, and: 
the philofophy of the Pythagoreans, ufing thefe as veils, conceals from 
vulgar infpeQion the difcipline of divine fentences. For. fuch is the: 
whole of the Sacred and Divine Difcourfe *, that of Philolaus in his- 
Bacchics, and the univerfal method of the Pythagoric narration con- 
cerning the Gods. But it efpecially refers to the contemplation of. 
nature, fince it difclofes the order of thofe reafons by which the uni- 
' verfe is fabricated, and that proportion. which binds, as- Timæus fays, 


> Concerning this valuable work,. entitled IEPO'E ACTOS, fee the Bibliotheca G:æca of 
Fabricius, vol.. i» p. 118 and 462. and in the connnentary of Syrianus on Ariftotle’s- meta- 
phylics, p.e 7, 71, 83, and 108, tho reader will find fome curious extracts from this celebrated 
difcourfe ; particularly im p..82. Syrianus informs us, * that be who confults this- work will 
find all the orders both of. Monads and Numbers, without neglecting one, fully celebrated 
( ipevupinas.)” There is no doubt, but that Pythagoras and his dilciples concealed the: fublimnett 
truths, under the fymbols of numbers; of which he who reads and underftands the writings of 
tife Platonitts will be folly convinced. Hence Proclus, in-the third book of his excellent 
commentary on the Timseus,. obfervec, <‘ that Plato employed mathematical terme for the fake 
of myftery and concealment, as certain veis, by which the penetralia of truth might be fccluded 
fromm vulgar infpection, jakas the theologifts made tables, but the Pythagoreans fymbols, fub-. 
fervient to the fame purpofe 3 for io images we may fpecelate their exemplars, and the former 
afford us the means ef acecfs to the latter.” 
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whatever the world contains, in union and confent; befides, it con- 
ciliates in amity things mutually oppofing each other, and gives con- 
venience and confent to things mutually difagreeing, and exhibits to 
eur view fimple and primary elements, from which the. univerfe is 


 compofed, on every fide comprehended by commenfurability:and 


equality, becaufe it receives convenient figures in its proportions, and 
numbers proper to every prodution, and finds out their revolutions 
and renovations, by which we are enabled to reafon concerning the 
beft origin, and the contrary diffolution of-particulars. Ia-confequence 
of this, as it appears to me, Timzus difclofes the contemplation con- 
cerning the nature of the univerfe, by mathematical names, adorns 
the origin of the elements with numbers and figures, referring to 
thefe their powers, paflions,.and energies; and efteeming as well the 
acutenefs as the obtrufenefs of angles, the ‘levity of fides, or con- 
trary powers, and their multitude and paucity to be the caufe of the 
all-various mutation of the elements. But why may we not fay, 
that it profits much, and in an admirable manner, to that philofophy 
which is.called Politic, as well by meafuring the times of adtions as 
affording the various revolutions of the univerfe, and numbers conve- 
nient to things rifing into being ; I mean the afimilating, and authors 
of diffimilitude, the prolific too and the perfect, and the contraries to 
thefe; together with orderly and elegant minifters of life, and inele- 
gance; and fjnally, fuch numbers as procure fertility and fterility. 
Which, indeed, the fpeech of the Mules in the Republic * evinces, 
placing the univerfal Geometric Number as the author of better and 
more debafed generations, and as the caufe of the indifoluble perfeve- 
rance of good manners, and of the mutation of the beft Kepublics into 


fuch as are remote from reafon, and are given to affections. For it’ 


is fufhciently evident, that it belongs to the whole mathematical difci- 
pline to deliver the {cience of this number which is called geometrical, 


-and not to one particular fcience, fuch as arithmetic, or geometry : 


fince the reafons or proportions of abundance and sterility, permeate 
through all the mathematical difciplines. Again, it is the means of 
our inftitution in moral philofophy which it brings to its ultimate 


e Concerning this Geometric Number, in the 8th beok of Plato’s Republic, than which . 
Cicero affirms there 3 is nothing more obfcure; fee the notes of Bullialdus to Theo. p. 292» 


perfection, 
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‘perfeGiion, and gives order and an elegant life to our manners. Be- 
fides this, it delivers to us figures, and modulations and motions con- 
venient to virtue, by which the Athenian gueft withes thofe to be 
inftituted and perfeéted, who are deftined to purfue moral virtue from 
their early youth. Add too, that.it places before our view the reafons 
of virtues, in one manner, indeed, in numbers, in another in figures, 
but differently in mufical fymphonies; and laftly, it indicates the 
excefs and defe& of vices, by which we are enabled to moderate and 
adorn our manners. Hence it is, that Socrates, in the Gorgias, 
accufing Calicles of an inordinate and intemperate life, fays to him, 
- You negle geometry and geometric equality :” but, in the Repub- 
lic, he finds out the proportion of tyrannic pleafure to a royal interval, 
according to a plane and folid generation. But we fhall learn what 
great utility is derived to other {ciences and arts from the mathema- 
tical fcience, when we confider that it adds order and perfection to 
contemplative arts; I mean rhetoric, and all fuch as confift in dif- 
courfe. But it propofes to the poetic arts, the reafons of poems in the 
place of an example, becaufe it prefides over the meafures exifting in 
thefe. But to the active arts it determines action and motion, by its 
own abiding and immoveable forms. For all arts, as Socrates fays,. 
in the Philebus, require arithmetic, menfuration, and ftatics, either 
in all, or in fome of their operations. But all thefe are contained in 
the difcourfes of the mathematical {cience, and are terminated accord- 
ing to their diverfity. For from this fcience the divifions of numbers, 
and the variety of dimenfions, and the difference of weights are 
known. The utility, therefore, of the whole mathematical fcience to 
philofophy itfelf, and to other {ciences and arts, may be from hence 
known to intelligent hearers. 


VoL. I. K CHAP. 
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cCc H A P. IX. 


A Solution of an Objection raifed by fome. againf the Utility of the 


Mathematical Sciences. 


UT fome, who are prone to contradiction through thofe who- 


with to fubvert geometry, endeavour to deftroy the dignity of — 


this fcience. One part, indeed, depriving it of ornament and good, 
becaufe it does not difcourfe on thefe. But another part * affirming 


that fenfible experiments are more ufeful than the univerfal objects of 
its fpeculation ; I mean, that Geodefia (for inftance,) or the menfura- ` 


tion of the earth, is preferable to geometry, and vulgar arithmetic to 
that arithmetic which is converfant with theorems alone: and that 
nautical aftrology is more ufeful than that which teaches univerfally, 
abftraGted from any application to fenfible concerns. For we are nat, 
fay they, made’rich by our knowledge of riches, but by ufing them ;. 
nor are we happy by the merely underftanding felicity, but by living: 
happily. Hence we muft confefs that thofe mathematical {ciences,. 
which are converfant with cognition, do not profit human life, and. 
confer to ation, but thofe only which are engaged in exercife. For. 
thofe who are ignorant of the reafons of things, but are exercifed in. 
particular and fenfible experiments, are in every refpe& more excellent, 
for the purpofes of human life, than thofe who are employed in con-. 
templation alone. Againft objections then, of this kind, we. fhall. 
reply, by fhewing the beauty of the mathematical difciplines from. 
thofe arguments by which Ariftotle endeavours to perfuade us. We 
muft therefore confefs that there are three things which efpecially 
caufe beauty, both in bodies and fouls; I mean, order, convenience, 
and determination. Since corporeal bafenefs, indeed, arifes- from: 
material inordination, deformity, and inconvenience, and from the dos- 


è I am forry to fay, that this part of the enemies to pure geometry and arithmetic, are at- 


~ the prefent time very numerous; conceptions of utility in thefe fciences, extending no farther 
than tke fordid purpofes of a mere animal life. But furcly, if intellect isa part of our compce - 


fition, and the nobleft part too, there muft be an objeét of its contemplation; and this, which 
is no other than truth in the moft exalted fenfe, muft be the moft noble and ufeful fubject sof. 


fpeculation to every rational being. 
A 


minion 


a 
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‘minion of the indefinite in the compofite body. But the bafenefs of 
the foul originates from its irrationality, and. inordinate motion, and 
from its being in a ftate of difcord with reafon, and not receiving 
from thence its proper limitation. Hence, beauty exifts even in con- 
traries, by means of order, convenience and determination. But 
we may behold thefe in a more eminent degree in the mathematical 
{cience; order, indeed, in the perpetual exhibition of things pofterior 
and more various, from fuch as are primary and more fimple; for 
things fubfequent are always annexed to'their precedents, the latter 
ranking as principles, and the former as the firft fuppofitions of things 
confequent: but convenience is evinced in the mutual confonance of — 
things demonftrated, and in the relation of all of them to intelled, 
fince intelle& is the common meature of all fcience, from which it 
receives its principles, and to which it converts the learner: but de- 
termination is perceived in its perpetually abiding and immoveable 
reafons, for the objets of its knowledge are not, at times, fubjeé to 
variation, like thofe of opinion and fenfe, but prefent themfelves 
for ever the fame, and are bounded by intelle€tual. forms. If fuch 


_ then, are the principal requifites of beauty, it is evident, that in thefe 


{ciences that illuftrious ornament and gracefulnefs is found. For how 
is it pofhble this fhould not be the cafe with a fcience receiving a . 
dupernal illumination from intelle@, to which it continually advances, 
haftening to transfer us from the obfcure light of fenfible informa- 
tion? With refpe& to the fecond objeGtion, we think it proper to 
judge of its utility, without regarding the conveniencies and neceflities 
of human life. For otherwife, we muft confefs that contemplative 
virtue is alfo ufelefs, which feparates itfelf from human concerns, 
which it is very little defirous to look down upon and underftand. 
Indeed Socrates, in the Theztetus, affirming this concerning noble- 
men endued with the prophetic power, fays, “ that it withdraws 
them from all regard to human life, and raifes their thoughts, properly 
liberated, from all neceffity and ufe, to the very fuxfmit of all true 
being. The mathematical fcience, therefore, muft be confidered as 
defirable for its own fake, and for the contemplation it affords, and 
not on account of the utility it adminifters to human concerns. But 


af it is neceffary to refer the utility it produces to fomething different 
K2 + from 
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from itfelf, it muft be referred. to intelleQual knowledge. For ‘it 
Teads.us to thi, and prepares the eye of the foul for the knowledge of 
univerfals, removing and obliterating the impediments arting from. 
‘the fenfes, and from. corporeal involution. As therefore we call the 
whole of purgative virtue ufeful, or the contrary, not regarding the 
wle of the fenfible life, but of that which is contemplative, fo indeed 
it is requifite to refer the end of mathematics to intellect, and univer- 
fal wifdom. Hence its energy is worthy our ftudy, both on its own 
account, and on. account of an intellectual life. But it appears, as. 
Ariftotle * fays, that this fcience is defirable of itfelf to its votaries, 
hecaufe. though no reward is propofed to its enquirers, yet the ma- 
thematical: contemplation receives, in a. {mall time, an abundant 
increafe. Befides, this is farther evident from hence, that all men 
are willingly employed in its purfuit, and with to dwell on its fpecu- 
lations, omitting every other concern ; even thofe who have, with their: 
lips, as it were, but juft touched its utility. And hence it follows, 
that they: who defpife the knowledge of the mathematical difciplines, 
have very little tafted of the pleafures they contain. The mathematics, . 
therefore, are not to be defpifed becaufe their {peculative parts do not. 

immediately confer to human utility, (for the ultimate limits of its 
i progreflions, and whatever operates with matter, confider a ufe of. 
this kind ;) but on the contrary we fhould admire its immateriality, 
and the good which it contains, confidered by itfelf alone. For. 
when mankind were entirely difengaged from the care of neceflary. 
concerns, they:converted themfelves to the inveftigation of the mathe- 
matical difcrplines ; and this, indeed, with the greateft propriety. Since 
affairs familiar to human life in its moft imperfect ftate, and which. 
are immediately connected with its origin, firt of all employed the. 
ftudies of mankind: bur, in the fecond place, thofe concerns fucceeded — 
which. feparate the. foul from generation, and reftore its memory of. 
= that which. ZS. After this manner, then, we are engaged in necefla-. 
ries, before things honourable for their own fakes, on account. of- 
their intrinfic dignity and worth; and in things related to fenfe,. 
before fuch. as are apprehended by. the nobler energies of . mind.: 


* Inthe 13th book of his Metaphyfics, cap. iiie - 
For. 
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For every origin and life of the foul which is converted into herfelf,. , 


is naturally adapted to proceed from the imperfe@ to the perfed.. 
And thus much againft thofe who defpife the mathematical {cience..- WV 


C H A P X. 


A Solution of another Objection of certain Platonifis, againf the Utility 
: of the’ Mathematical. Sciences. 


UT, perhaps, fome of our own family will- here rife up againft: 

“us, and, propofing Plato as,a witnefs, will endeavour to provoke: 
ruder underftandings into a contemptuous difregard of the mathe- 
matical difciplines. For they will fay, that- this philofopher en- 
tirely excludes (in his Republic) the mathematical knowledge from 
the choir of the fciences, and that he accufes it as being ignorant of’ 
its own principles, that its very principle is to itfelf unknown, and 
its ends and mediums compofed from things of which it is ignorant. - 
To thefe objections they may likewife add whatever other reproaches ‘ 
are there urged by Socrates againft this contemplation. In anfwer“ 
then, to the objections of our friends, we fhall recall into their me- 
mory, that Plato himfelf perfpicuoufly afferts the mathematical {cience - 
to be the purgation of the foul, and that it is endued with a power ™ 
of leading it on high; becaufe, like the Homeric Minerva, it removes » 
the darknefs of a fenfible nature from the intelleGtual light of thought, ~ 
which is better worth faving than ten thoufand corporeal eyes, and ` 
which not only participates of a mercurial gift, (preferving us from - 
the incantations and delufions of this material abode, which is fimilar 
to the facinating realms of Circe,) but alfo of the more divine arts of € 
Minerva, He likewife every where calls it by the name of fcience, . 
and afferts that it is the caufe of the greate felicity to thofe who are - 
exercifed in its contemplation, But I will briefly explain why, in the - 
Republic he takes from it the fürname of fcience: for my‘prefent ' 
difcourfe is addreffed to the learned. Plato, indeed, in moft places, ° 
calls all the knowledge (as 1 may fay) of ‘univerfals by the name of“ 
{cience, oppofing it in a divifion to fenfe which apprehends only par- 


ticulars, whether fuch a. mode -of cognition. is accomplifhed by art 
l or’ 
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or experience. And in this fenfe, as it appears to me in the Civi? 
Dialogue, and in the Sophifta, he feems to ufe the name of {cience; 
- placing likewife the illuftrious Sophiftic {cience, which Socrates in 
the Gorgias, fays, 18 a certain experience : alfo, the adulatory,,and 
many others, which are experiences, but not true fciences. But 
again, dividing this knowledge of univerfals into that which knows 
= caufes, and into that which underftands without a caufe, he thinks 
that the one fhould be called {cience, but the other experience. And 
hence, to arts he fometimes attributes the name of f{cience, but to ex- 
perience never. Fer how (fays he in the Banquet) can a thing which 
poffeffes no reafon be fcience? All knowledge, therefore, which con- 
tains the reafon and caufe of the things known, is a certain {fcience. 
Again, therefore, he divides this {cience which is endued with a 
‘ power from the caufe of knowing, by the peculiarity of its fubjects, 
and he places one, conjectural of things divifible; but the other of 
fuch as fubfift by themfelves, and are ever knowable after the fame 
manner. And according to this divifion he feparates from fcience, 
medicine, and every faculty which-is converfant with material con- 
cerns, But he calls mathematical knowledge, and whatever poffeffes 
a power of contemplating eternal obje&ts, by the name of {cience. 
Lafily, dividing this fcience, which we diftinguifhed from arts, he 
confiders one part as void of fuppofition; but the other as flowing 
from fuppofition. And that the one which is void of fuppofition, 
has a power of knowing univerfals: that it rifes to good, and the 
fupreme caufe of all; and that it confiders good as the end of its 
elevation: but that the other, which previoufly fabricates for itfelf 
definite and determinate principles, from which it evinces things con- 
fequent to fuch principles, does not tend to the principle, but to the 
conclufion, And hence he afferts, that mathematical knowledge, 
becaufe it makes ufe of fuppofition, falls fhort of that fcience which 
is without fuppofition, and is perfect. For there is one true fcience, 
‘by means of which we are difpofed to know all the things which are, 
and from which alfo principles emerge to all fciences; to fome, indeed, 
conftituted more proximately, but to others more remotely. We 
muft not fay, therefore, that Plato expels mathematical knowledge 
from the number of the fciences, but that he afferts it to be the fe- 
: | cond 
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cond from that one fcience, which poffeffes the fupreme feat of all z- 

nor muft we affirm, that he accufes it as ignorant of its own princi-- 

ples, but that receiving thefe from the mafter fcience diale@tic, and* 

poflefiing them without any demonftration, it demonftrates from- 
thefe its confequent propofitions. For, indeed, he fometimes allows: 
the foul, which is conftituted’ from mathematical reafons, to be the’ 
principle of motion: and fometimes he affirms, that it receives its- 
-motion from genera which aré fubject to intelligence. And thefe~ 
variations accord among themfelves. For to fuch things as are moved‘ 
by another, the foul’ is a certain caufe of motion, but it is not the’ 
caufe of every motion. After the fame manner, the mathematical! 
{cience is indeed the fecond from the firt of all ftiences, and, with 

reference to it, imperfe&: but it is, nevertheléfs, a: fcience, not as- 
being free from fuppofition, but as knowing the peculiar reafons 
refident in the foul, and as bringing the caufes of conclufions, and: 
containing the reafon of fuch things as are fubje& to its knowledge,- 
And thus much for the opinion of Plato refpecting mathematics. 


C HAP XI. 


UT let us now.confider what are the things -which may be. re=- 

quired of a mathematician, and how.any one may rightly judge- 
concerning his diftinguifhing peculiarities. For * Ariftotle indeed,.. 
féys, that he whois fimply learned.in all difciplines,.is adapted to: 
jadge of all: but that he. who is alone fkilled.in.the mathematical - 
{ciencés, can alone determine concerning the magnitude. of. reafons - 
inherent in thefe: Jt is-requifite, therefore, that we fhould previoully. 
affume the terms of judging, and that. we fhould know, in the. firft.. 
place, in what things it is proper.to:.demonftrate generally, and in. 
what to regard the peculiarities of fingulars.. For-many of the fame - 
properties refide in things differing in fpecies; as-two right angles in~ 
all triangles: but many have indeed the fame predicament, , yet differ - 
in their individuals in a common {pecies,, as fimilitude in figures and- 
nembers. But one demonftration.is. not to. be fought-for by the: 


» In. I. De Partib. Animalium, .et.in primo Ethic. cap, ille - | 
mathe-. 


- 
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mathematician in thefe, for the principles of figures and numbers are 


not the fame, but differ in their fubject genus. And if the effential 
accident is one, the demonftration will alfo be one *: for the pof- 
feflion- of two right angles is the fame in all triangles, and that 
general fomething to which this pertains is the fame in all, I mean 


triangle, and a triangular reafon. In the fame manner, likewife, the 


pofleflion of external angles to four right ones, not only pertains to 
triangles, but-alfo to all right-lined figures; and the demonflration, fo 
far as they are right-lined, agrees in all. For every reaion brings 
with it, at the fame time, a certain property and paflion, of which all 
participate through that reafon, whether triangular, or rectilinear, 
or univerfally figure. But the fecond limit by which a mathematician 
is to be judged, is, if he demonftrates according to his fubje€t-mat- 
ter, and renders neceffary reafons, and fuch as cannot be confuted, 
but are at the fame time neither probable, nor replenifhed with a 
fimilitude of truth. For, fays Ariftotle, it is juft the fame to require 


demonttrations from a‘rhetorician, and to affent to a mathematician 
difputing probably; fince every one, endued with fcience and art,’ 


ought to render reafons adapted to the fubjects of his inveftigation. 
In like manner alfo, Plato in the Timzus, requires credible reafons 


of the natural philofopher, as one who is employed in the refem- 
blances of truth: but of him who difcourfes concerning intelligibles, . 


and a ftable effence, he demands reafons which can neither be con- 
futed nor moved. For fubjects every where caufe a difference in 
{ciences and arts, fince, if fome of them are immoveable, others are 
converfant with motion; and fome are more fimple, but others more 
.compofite; and fome are intelligibles, but others fenfibles. Hence 
we muft not require the fame certainty from every part of the 
mathematical fcience. For if one part, after a manner, borders upon 
fenfibles, but another part is the knowledge of intelligible fubjedts, 
they cannot both be equally certain, but one muft inherit a higher 
degree of evidence than the other. And hence it is, that we call 
arithmetic more certain than the fcience of harmony. Nor muft we 
think it juft that mathematics and other fciences fhould ufe the fame 


demonftrations ; for their fubjeCts afford them no fmall variety. In., 


* See more concerning.this in the Differtation. i 
l the 
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the third place, we muft affirm, that he who rightly judges mathe- 
matical reafons, muft confider famenefs and difference, what fubfifts © 
by itfelf, and what is accidental, what proportion is, and every con- 
fideration of a fimilar kind. For almoft all errors of this fort happen 
to thofe who think they demonftrate ‘mathematically, when at the 
fame time they by no means demonftrate, fince they either demon- 
{trate the fame thing as if different in each fpecies, or that which is 
different as if it were the fame: or when they regard that which is. 
accidental, as if it were an effential property; or that which fubfifts 
by itfelf, as if it were accidental. For inftance, when they endeavour 
to demonftrate that the circumference of a circle is more beautiful than 
a right line, or an equilateral than an ifofceles triangle. For the de- 
termination of thefe does not belong to the mathematician, but to the 
fir philofopher alone. Laftly, in the fourth place, we muft affirm, 
that fince the mathematical fcience obtains a middle fituation between 
intelligibles and fenfibles, and exhibits in itfelf many images of — 
divine concerns, and many exemplars of natural reafons, we -may 

behold in it three kinds of demonftration *, one approaching nearer 
to intellect, the fecond more accommodated to cogitation, and the 
third bordering on opinion. _ For it is requifite that demonftrations 
fhould differ according to the varieties of problems, and receive a 
divifion correfpondent to the genera of beings, fince the mathematical 
{cience is connected with all thefe, and adapts its reafons to the 


univerfality of things. And thus much for a difcuffion of the fubje&t 
propofed. | | | 


è Since number is prior to maguitude, the demonftrations of arithmetic muft be more intel- 
Jeétual, but thofe of geomctry more accommodated to the rational power. And when either 
arithmetic or geometry is applicd to fenfible concerns, the demonftrations, from the nature of 
the fubjects, muf participate of the obfcurity of opinion. If this is the cafe, a true mathe. 
matician will value thofe parts of his fcience moft, which participate meft of evidence; and 
will-confider thermas degraded, when applied to the common purpofes of life. 


Vor. J. | L CHA P. 
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C H A P. XIL 


What and how many the Spectes of the whole Mathematical Science aren 
according to the Opinion of the Pythagoreans. 


UT after thefe confiderations, it is requifite to determine con- 
cerning the parts of the mathematical f{cience, what, and how 
many they are. For it is juft, after fpeculating its whole and entire 
genus, to confider the differences of its more particular fciences, 
according to their fpecies. The Pythagoseans *, therefore, thought 
that the whole mathematical fcience fhould receive a fourfold diftri- 
bution, attributing one of its parts-to the how-many, but the other 
to the how-much ; and they afffgned to each of thefe parts.a twofold 





divifion. For they faid, that difcrete quantity, or the how-many,, 
either fubfifts by itfelf, or muft be confidered with relation to fome: 
other; but that continued quantity, or the how-much, 1s either 


ftable or in motion. Hence they affirmed, that arithmetic contem- 
plates. that difcrete quantity which fubfifts by itfelf, but mufic that 


which is related to another; and that geometry confiders ‚continued: ) 


quantity fo far as it is immoveable; but fpherics contemplates conti- 
nued quantity as moving frdm itfelf, in confequence of its union. 
with a felf-motive nature. They affirmed. befides, that thefe two. 
. {eiences, difcrete and continued quantity, did not confider either. 
magnitude or multitude abfolutely, but that alone which in each of 


thefe is definite from the participation of bound. For fciences alone: 


fpeculate the definite, rejeGting as vain the comprehenfion of infinite 


quantity. But when thefe wife men affigned this diftribution, we muft. 


* This divifion of the mathematical {cience, according to the Pythagoreans, which is nearly- 
coincident with that of Plato, is blamed by Dr. Barrow in his Mathematical Lectures, p. 15.- 
as being confined within too narrow limits :. and the reafon he affigns for fo partial a divifion, . 
is, **becaufe, in Plato’s time, others were either not yet invented, or not fufficiently cultivated, - 
or at leat were not yet received into the number of. the mathematical fciences.”’* But I muf. 


beg leave to differ from this moft illuffrious mathematician in this affair ; and to affert that the 
reafon of fo confined a diftribution (as it is conceived by the moderns) arofe from the exalted 


conceptions thefe wife men entertained of the mathematical fciences,. which they confidered as- 


fo many preludes to the knowledge of divinity, when properly purfued; but they reckoned 


them degraded and perverted, when they became mixed with fenfible objects, and were applicd 
30 the common purpofes of life. 


3 not 


~ 


COMMENTARIES OF PROCLUS. »3 


mot fuppofe they underftood that difcrete quantity which is found 
in fenfible natures, nor that continued quantity which fubfifts about 
the fluctuating order of bodies. For, I think, the contemplation of 
thefe pertains to the natural and not to the mathematical fcience. 
But becaufe the demiurgus of the univerfe, employed the union, di- 
vifion, and identity of general natures, together with difference, 
ftation, and motion, for the purpofe of completing the effence of the 
foul, and compofed it from thefe genera, as Timzus informs us, we 


muft affirm, that cogitation, abiding according to its diverfity, its 


divifion of reafons, and its multitude, and underftanding itfelf to be 
both one and many, propofes indeed to itfelf, and produces numbers, 
together with an arithmetical knowledge of thefe: but it provides for 


- itfelf mufic according to an union of its multitude, and a communi- 


cation and junétion with itfelf; and hence it is that arithmetic excels 
mufic in antiquity; fince, according to the narration of Plato, the 
demiurgus firft divided the foul, and afterwards colleéted it in har- 
monical proportions. Again, thought eftablifhing its energy accord- 
ing to the {ability which it contains, draws from its inmoft retreats 
geometry, together with one effential figure, and the demiurgical 
principles of all figures *: but, according to its inherent motion, it 


produces the fpherical fcience. For it is moved alfo by circles, but 


we" 


abides perpetually the fame from the caufes of circles. Hence, like- - 


wife,- geometry precedes fpherics, in the fame manner as {tation is 


prior to motion. But becaufe cogitation itfelf produces thefe fciences, 
not by looking back upon its convolution of forms, endued with an 
infinite power, but upon the inclofure of bound according to its definite 
genera; hence they fay, that the mathematical fciences take away in- 
finite from multitude and magnitude, and are only converfant about 
finite quantity. Indeed, intellect has placed in cogitation all the 
principles both of multitude and magnitude. For fince it wholly 
confifts, with reference to itfelf, of fimilar parts, and is one and indi- 
vifible, and again divifible, educing the ornament of forme, it par- 
ticipates of bound and infinite, from intelligible effences themfelves. 
But it underftands, indeed, from its participation of bound, and gene- 


© That is, a right and circular line. 
La rates 
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rates vital energies, and various.reafons from the nature of infinite. 
The intellections, therefore, of thought, conflitute thefe fciences ac- 
cording to the ound which they contain, and not according to an 
infinity of life; fince they bring with them an image of intelle@, 
but not of life. Such then is the opinion of the Pythagoreans, and 
the divifion of the four mathematical fciences, 


C H A P. XIIL 


Another Divijion of the Mathematical Science, according to Geminus. 


GAIN, fome think (among whom is Geminus) that the 

mathematical {cience is to be divided in a different manner 
from the preceding. And. they confider that one of its parts is con- 
verfant with intelligibles only, but the other with fenfibles, upon 
which it borders; denominating as intelligibles whatever infpections 
the foul roufes into energy by herfelf, when feparating herfelf from 
material forms. And of that which is converfant with. intelligibles 
they eftablifh two, by far the firt and moft principal parts, arithmetic 
and geometry: but of that which unfolds its office and employment 
in fenfibles, they appoint fix parts, mechanics, aftrology, optics, 
geodzfia, canonics, and logiftics, or the art of reckoning. But they 
do not think that the military art, or tactics, fhould be called any one 
part of mathematics, according to the opinion of fome *; but they. 
confider it as ufing at one time the art of reckoning, as in the num- 
bering of legions; but at another time geodefia, as in dividing and 
meafuring the fpaces filled by a field of camps. As, fay they, neither 
the art of writing, nor the art of healing, are any part of mathematics, 
though frequently both the hiftorian and phyfician ufe mathematical 
theorems. This is the cafe with hiftorians indeed, when. relating the 


-fituation of climates, or colle&ting the magnitudes and dimenfions of 


* Tam afraid there are few in the prefent day, who do not confider tactics as one of the moft 
principal parts of mathematics ;. and who would: nct fail to cite, in defence of their opinica, 
that great reformer of philofophy, as he is called, Lord Bacon, commeading purfuits which 
come- home to men’s bufineffes and bofoms. Indeed, if what is loweft in the true order: of: 
things, and beft adminifters to the vileft part of human ra‘ure, is to have the prefercnce, their. 
opinion is right, and Lord Bacon is a shilofeph.r ! 


cities, 
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cities, or their compafs and circuit: but with phyficians, when elu- 
cidating by ways of this kind, many things in their art. For Hippo- 
crates himfelf thews the utility derived to medicine from aftrology, 
and almoft all who fpeak of opportune times anc places. By the 
fame reafon he alfo, who accommodates his work to taétics, ufes 
indeed mathematical theorems, yet rs not on this account a mathe- 
matician, although he is fometimes wiling that a numerous camp 
fhould exhibit a very {mall multitude, and forms his army according 
to a circular figure; but fometimes in a quadrangular, quinquangular, 
or fome other multangular figure, when he defires it to appear nu- 
merous. But fince thefe are the fpecies of the whole mathematical 
{cience, geometry is again divided into the contemplation of planes, 
and the dimenfion of folids, which is called ftereometry. For there 
is not any peculiar treatife about points and lines, becaufe no figure 
can be produced from thefe without planes or folids. For geometry. 
treats of nothing elfe in every one of its parts, than that it may 
conftitute either planes or folids: or that when conftituted, it may 
compare and divide them among themfelves. - In like manner, arith- 
metic is diftributed into the contemplation of linear, plane, and folid 
numbers, For it confiders the fpecies of numbers feparate from 
fenfible conneétions, proceeding from unity, and the origin of plane 
numbers ; I mean of the fimilar, diffimilar, and folid, even to the third 
increafe. But geodefia, and the art of reckoning, are divided fimilarly 
to arithmetic and geometry, as they do not difcourfe concerning in- 
telligible numbers or figures, but of fuch as are fenfible alone. Fer | 
neither is it the office of geodefia to meafure the cylinder or the cone, 
but material maffes as if they were cones, and wells as if they were 
cylinders. Neither does it accomplifh this purpofe by intelligible 
right lines, but by fuch as are fenfible,, fometimes indeed. by a more 
eertain means, as by the folar rays: but at other times by groffer ones, 
as by a line and perpendicular. In like manner, the reckoner does: 
not furvey the paflions of numbers by themfelves, but as they are 
refident in fenfible objets. From whence he alfo impofes'a name 
upon. thefe derived from the things. which. he reckons,. calling them 
pnrias, 8 Qiarsrasx Befides this, he does not. admit of any leaft,. 
hke the arithmetician, who receives: that minimum, as a genus cf 
relation, - 
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‘relation. For:fome one man is confidered by him as the meafure of 
the whole multitude of men, as unity alfo is the common meafure of 
all numbers. Again, optics and canonics are ‘produced from geome- 
try and arithmetic. And optics ufes the vifual rays which are 
.conflituted by the rays of the eyes, as lines and angles. But iit is 
‘divided into that whichis properly called optics (becaufe it renders 
the caufe of thafe appearances, which are accuftomed to préfent them- 
felves to us .different from their reality, on account of the different 
fituations and -diftances of vifible objects, as the coincidence of parallel 
lines, or the appearance af quadrangles as if they were circles); and 
into univerfal catoptrics, which is .converfant about various and ma- 
nifold refractions, and is connected with imaginative or conjectural 
knowledge: as alfo into that which is called fciography *, or the 
delineation of fhadows, which fhews how appearances in images 
may feem neither inelegant nor deformed, on account of the diftances 
and altitudes of the things defigned. But canonics (mufic) or the 
regular art, confiders the apparent reafons of harmonies, finding out 
the feGtions of rules, every where uftng the afliftance of fenfe, and, as 
Plato fays, feeming to prefer the teftimony of the ears to intellect 
itfelf. But to the parts we have hitherto enumerated, mechanics 
muft be added, as it is a certain part of the whole fcience, and of the 
knowledge of fenfible objeéts, and of things united with matter. 
But under this exifts the art effective of inftruments, which is called 
(ceyavoramrixy’) I mean of thofe inftruments proper for the purpofes 
of war: fuch, indeed, as Archimedes is reported to have conftructed, 
relifting the befiegers of fea and land; and that which is effetive of 
miracles, and which is called (Savporomomriny.) One part of this con- 
ftru€ts with the greateft artifice pneumatic engines, fuch as Ctefibius and 
. Heron fabricated : but another operates with weights, the motion of 
which is reckoned to be the caufe of inequilibrity ; but their ftation of 
equiltbrity,.as Timzus alfo has determined: and again, another part imi- 
tates animate foldings and motions by ftrings and ropes. Again, under 
mechanics is placed the knowledge of equilibriums, and of fuch 
inftruments as arc called centroponderants : alfo (cpaspomoue) or the 

# By this is to be underftood the art new called Perfpective : from whence it is evident that 


this art was not unknown to the ancients, though it is queftioned by the moderns, 
art 
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art effective of {pheres, imitating the celeftial revolutions, fuch as 
Archimedes fabricated ; and laftly, every thing endued with a power. 
of moving. matter. But the laft of all is aftrology, which treats of 
the mundane motions, of the magnitudes of the celeflial bodies, their: 
figures and illuminations, their diftances from the earth, and every. | 
thing of this kind; aluming many things indeed to itfelf from fenfe, 
But communicating much with the natural {peculation. One part of 
this is. gnomonics,, which is exercifed in fettling the dimenfion of 
hororary gnomons: . but the other. is metheorofcopies, which finds- 
eut the differences of elevations, and the diftances of:the ftars, and alfo 
teaches many other and various aftrological theorems. The third part is- 
dioptrics, which: afcertains by dioptric’ inftraments of this kind the di- 
ftances of the fun and moon, and'of the five other ftars. And fuch» 
is the account of the parts of the mathematical fcience, delivered by- 


the ancients, and tranfmxted to-our memory by the informing hand; 
ef time. 


C H A P. XIV. 


How Dialectic is the Top of the Mathematical Sciences,, and what: 
their Conjunction is,. aceording to Plato.. 


ET us.again confider after. what manner Plato, ia his Republic,, 
calls diale&tic the top of the mathematical.difciplines; "and what 

their conjundtion is, according to the. tradition of the author of the: 
Epinomis *. And in order to this we muft affert, that as intellect. 
i$ fuperior to cogitation, fupplying it with fupernal. principles,. 


_ and from itfelf giving perfection to cogitatign; in the‘fame manner: 


diale€tic alfo; being the pureft part of philofophy, excels in fimplicity. 
the mathematical difciplines, to which. it is proximate, and with: 
which it is conjoined. Indeed it embraces the. complete circle. of: 


* From hence it appears, that it is- doubtful whether Plato is the author-of the dialogue: 
called Epinomis;:and I think it may with great propricty be queftioned. For though it bears 
ev:dent marks of high antiquity, and is replete with genuine: wifdom, it does not feem.to be 
perfectly after Plato’s manner; nor to contain that great depth of thought with which the- 
writings of this phtlofépher abound. Fabricius: (in his Bibliotheca Græca; lib. i. ps 27+} 
wonders that Suidas theuld aferibe this work 10 a philofopher who diftributed Plate’s laws into 
twelve books, becaufe it was an ufual . opinion; from. whenoe it feems,. that accurate critic had ' 


thefe. 
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thefe fciences, to which it elevates from itfelf various energies, endued 
with a power -of caufing perfection, judgment, and intelligence. 
And thefe energies confift in refolving, dividing, defining, and de- 
monfirating; by which mathematics itfelf, receiving affiltance and 
perfection, invents fome things by refolution, but others by compo- 
fition: and fome things it explains by divifion, others by definition : 
but colles other fubje&s of its inveftigation by demonftration ; 
accommodating, indeed, thefe ways to its fubje&ts, but ufing each of 
them for the purpofe of beholding its middle enquiries. From- 
wherice indeed, both the refolutions, definitions, divifions, and demon- 
{trations which it contains, are peculiar, and adapted to its nature, 
and revolve according to the mode of mathematical cognition. Not 
undefervedly, therefore, is dialectic the vertex as it were, and fummit 
vof mathematics. Since it perfets all which mathematics contains of 
intelligence; renders its certainty free from reprehenfion, preferves 
the flability of its immoveable effence, and refers what it contains 
deflitute of matter and pure to the fimplicity of intelleé, and a nature 
feparated from material conneétions. Befides, it diftinguifhes the 
firk principles of thefe fciences, by definitions: exhibits the fepara- 
_ tions of genera and forms contained under the genera themfelves: 
and befides this, teaches the compofitions, which, from principles, 
produce things confequent to principles: and the refolutions which 
rife and mount up to things firft, and to principles themfelves. But 
with refpect to what remains, proportion itfelf is not to be confidered 
{as Eratofthenes thought it was) as the conjunction of the mathe- 
matical difciplines. Since proportion is faid to be, and indeed is one 
ef thofe things common to the mathematics. But in fhort, ‘many 
ather things befides proportion regard ali the mathematical difciplines, 
which are effentially inherent in the common nature of the mathe- 
matics. But as it appears to me, we fhould fay, that there is one 
proximate conjunétion of thefe, and of the whole mathematical 
fcience, which efpecially embraces in itfelf, in a more fimple manner, 
the principles of all fciences; which confiders their community and 
difference; teaches whatever is found in thefe the fame; together 
with what things are inherent in a many, and what ina few. So 
f that 
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that to thole who aptly learn there is a reverfion from many other. 
fciences to this alone *. But dialeétic is a conjunGion of the 
mathematical, difciplines fuperior to the preceding; which Plato, as 
I have already obferved, calls in his Republic their vertex : for,. 
indeed, it perfects the whole of mathematics, brings: it back to intellect: 
by its powers, fhews it to be a true {cience, and caufes it to be certain: 
and obnoxious. to no reproof. But, intelle@ obtains the third order 
between thefe conjungtions, which comprebends in itfelf uniformly 
all the diale&tic powers, contratts their variety by its fimplicity, their- 
partition | by its indivifible knowledge, and their multitude by its- 
occult union. Hence, intelle@ itfelf congregates indeed the invo-- 
lutions and deviations of the dialetic paths, into an intelligible effence, 
but it colleés fapernally ; all the progreffion of mathematical. dilcourfes: 
and it is the beft. end both of. the élevating power of the foul,’ and of,’ 
the energy confifting i in cognition. And fuch are the fentiments de 
clared by me.on 1e prefent. in ab i 


E 2 
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From whence i Name Mathematics originated.. 


GAIN, from whenee fhall we: fay this name of mathematics,- 
and mathematical’ difciplines, was affigned by the ancients, and 
what apt reafon can we render of its’ pofition ? Indeed, it appears to’. 
me, that. fuch an appellation of a cience which re{pects cogitative. 
but’ (as ‘the ay of the cafe is, and according to nee by the Py- 
thagoreans alone. And’ this, when they perceived, that’ whatever is- ` 
calléd mathefis or difcipline, is nothing more than reminifcence; which 
does not approach the foul extrinfically, like the images which rifing. 
from fenfible objets are formed in the phantafy:-nor is it adven-- 
titious and foreign, like the knowledge conlifting in opinion, but it 
* This proximate conjunétion of the mathematical fciences, which Proclus confiders as fub- 
ordinate to dialectic, feems.to differ from that vertex of fcience in this, that the former merely 
embraces the principles of all fcience, but the latter comprehends-the univerfal genera of being, . 
and fpeculates the principle of all. . 


Vor. I. M: . lS- 
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Gs excited, indeed, from apparent abjeds, and is perfeted within, "by 
thought intimately converted .to itfelf. And when they likewile 
perceived that though reminifcence might ‘be fhewn from many parti- 
culars, yet-it was evinced.in a more eminent manner (as Plato alfo 
fays *) from -the mathematical difciplines. For if any one, fays he, 
is led into the defcriptions, he will there eafily prove that difcipline 
is reminifcence. “From whence Socrates alfo, in the Meno, fhews by 
this method of arguing, that learning is nothing elfe than the foul’s 
‘recolleftion of her inherent reafons. And this, becaufe that which 
-recollects, is alone the cogitative part of the foul; but this perfects 
“her. effence in-the reafons of .the mathematical difciplines, the fciences 
of which the previoufly received into herfelf, though fhe does not 
.always energize.on their fair variety. Indeed, fhe contains them all 
effentially.and occultly ; but fhe produces each of them when fhe is 
freed from the impediments originating from fenfe. For fenfe unites 
her with -divifible objefts: the phantafy fills her with forming mo- 
‘tions, and appetite bends her to an indulgent and luxurious life. 
But every thing divifible is an ‘obftacle to our felf-converfion. And 
whatever invefts with form, difturbs and offends that knowledge 
which is deéflitute-of form. And whatever is obnoxious to pertur- 
bations is an impediment to that -energy which is unimpaired by 
affe@ions. When, therefore, we have removed all thefe from the 
cogitative power, then Shall we be able to underftand by thought 
itfelf, the reafons which thought contains: then fhall we become - 
{cientific.in energy; and unfold our effential knowledge. But whilft 
we are captive and bound, and winking with the eye of the foul, we _ 
cannot by.any means attain to.a perfection convenient to our nature. 

Such then is.mathefis or difcipline: a reminifcence of the eternal rea- 
fons contained in the foul. And the mathematical or difciplinative 
{cience, is on this account particularly denominated that knowledge 
which efpecially confers to our reminifcence of thefe effential reafons. 
Hence, the bufinefs and cffice of this {cience f, is apparent from its 
| name. 


® In the Meno. 

+ This ts certainly the true or philéfophical employment of the mathematical fcience; for 
by this means we fhall be enabled to afcend from fenfe to intellect, and rekindle in the foul that 
divine light of truth, which, previous to fuch an energy, was buried in the obfeurity of a 

corporeal 
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mame. For its duty is to move the inherent knowledge of the foul; - 
to awaken its intelligence; to purify its cogitation; to call forth its. 
effential forms from their dérmant retreats; to remove that oblivion 
and ignorance, which are congenial with our birth; and to diffolve 
the bonds arifing from our union with an irrational nature. It 
plainly leads us to a fimilitude of that divinity who pretides over this 
feience, who manifefts intelleCtual- gifts, and fills the. univerfe with 
divine reafons ; who elevates fouls to intelle, wakens them as from 
a profound fleep, converts them by enquiry to themfelves; and by a 
certain: obftetric art, and invention of. pure intelle&, brings them te 
__ableffed life. To whom indeed, dedicating the prefent work, we 
here conclude our contemplation of the mathematical fcience. | 


corporeal nature. But by a contrary procefs, [ mean, by applying mathematical fpeculations, 
to experimental purpofes, we hall blind the liberal eye of the foul, and leave -nothing in. is 
ftead but the-dacknefs of corporeal vifion, and the phantoms of a degraded imagination. . 


M: 2 BOOK. 
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B O O K 1f, 


-CHAP L 
What Part Geometry 1s of Mathematics, and what the Matter is 
| of which it confifis. 

YN the preceding difcourfes we have confidered thofe common pro- 
perties which refpe& the whdle of the mathematical fcierice; and 

this we have done agreeable to the doctrine of Plato; at the fame 

time collecting fuch particulars as pertain to our prefent defign. But 

confequent to this it is requifite that we fhould difcourfe on geometry 

itfelf, and on the propofed inftitution of the elements, for the fake 


of which we have undertaken the whole of the prefent work. That 
. geometry then, is a part of the whole of mathematics, and that it 


obtains the fecond place after arithmetic, fince it is perfefted and 
bounded by this, (for whatever in geometry may be expreffed and 
known, is determined by arithemetical reafons) has been afferted by 
ithe ancients, and requires no ‘long difcuffion in the prefent enquiry. 
But we alfo may be able to relate our opinion on this particular, if 


we confider what place, and -what eflence its fubje& matter * is 
| allotted 


* The defign of the prefent chapter is to prove that the figures which are the fubjects of 
geometric fpeculation, do not fubfift in external and fenfible matter, buein the receptacle of 
imagination, or the matter of the phantafy. And this our philofopher proves with his ufual 
elegance, fubtilty, and depth. Indeed, it muft be esident to every attentive obferver, that fen- 
fible figures fall far fhort of that accuracy and perfection which are required in geumetrical 
„definitions : ‘for there is no fenfible circle perfectly round, fince the point from which it is 
defcribed is not without parts; and, as Voffius well obferves, (de Mathem. p. 4.) there is not 
„any fphere in the nature of things, that only touches in a point, for with fome part of its 
fuperficies it always touches the fubjected plane in a line, as Ariftotle fhews Protagoras to have 
objected againft the peometricians. Nor muft we fay, with that great mathematician Dr. Barrow, 
in bis Mathematical Lectures, page 76, ‘ that all imaginable geometrical figures, are really in- 
herent in every particle of matter, in the utmoft perfection, though not apparent to fenfe; juft 
as the effigies of Cæfar lies hid in the unhewn marble, and is no new thing made by the ftatuary, 
but only is difcovered and brought to fight by his workmanfhip, i.e. by removing the parts of 
matter by which it is overfhadowed and involved. Which made Michael Angelus, the moft 
famous carver, fay, that fculpture was nothing but a purgation from things fuperfinous. For 
take all that is fuperfluous, (fays he) from the wood or fione, and the ref will be the figure you 


intend, So, if the hand of an angel (at leaft the power of God) fhould think fit to polifh any 
particle 
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allotted’among the univerfality of things. For from a proper furvey 
of this, the power of the fcience which knows this fubje& matter, the 
utility arifing from it, and the good acquired by its learners, will 
immediately appear. Indeed, fome one may doubt in what genus of 
things he ought to place geometrical matter, fo as not to deviate from 
the truth it contains. For if the figures concerning which geometry 


difcourfes,' exift in fenfible natures, and cannot be {eparated from the — 


dark receptacle of matter; how can we affert that geometry frees us 
from fenfible objects, that it brings us to an incorporeal effence, that it 
accuftoms us to an infpetion of intelligibles, and prepares us for 
intelleQual energy? Where thall we ever furvey among fenfiple ob- 
jects a point without parts, or a line deftitute of breadth, or a fuper- 
ficies without profundity, or the equality of lines from the centre to 
the circumference; or the multangles, and all the figures of many 
bafes, concerning which geometry informs us? Laftly, after: what 
mariner can the reafons of fuch a fcience remain free from all poffible 
confutation ; fince, indeed, fenfible forms and figures are fulceptive 
_ of the more and the lefs, are all moveable and mutable, and are full 
_ of material variety; among which equality fubfifts mixt and confufed 
with its contrary inequality, and into which things without parts have 


_ proceeded into partition, and interval, darkened with the fhades of 
. matter, and loft in its infinite folds? But if the fubje@s of geometry 


are removed from matter, are pure forms, and are feparated from 


particle of matter, without vacuity, a fpherical fuperficies would appear to the eyes, of a figure 
‘exadlly round ; not as created anew, but as unveiled and laid open from the difguifes and covers 
of ‘its circumjacent matter.” For this would be giving a petfection to fenfible matter, which it 
As natuyally incapable of receiving: fince external body is effentially full of pores and irregula- 
rities, which muft eternally prevent its receiving the accuracy of geometrical body, though 
polifhed by the hand of an angel. Befides, what polifhing would ever produce a point without 
parts, and a line without breadth? For though body may be reduced to the greateft exility, 
‘it will not by this means ever pafs into an incorporeal nature, and defert its triple dimenfion, 
Since external matter, therefore, is by no means the receptacle of geometrical figures, they 
muft neceffarily refide in the catoptric matter of the phantafy, where they fubfift with an accu- 
racy fufficient for the energies of this fcience. It is true, indeed, that even in the purer matter 
of imagination, the point does not appear perfectly impartible, nor the line without latitude : 
but then the magnitude of the point, and the breadth of the line is indefinite, and they are, at 


- 


the fame time, unattended with the qualities of body, and exhibit to the eye of thought, mag- 


mitude alone, Hence, the figures in the phantafy, are the proper recipients of that univerfal, 
which is the object of geometrical fpeculation, and reprefent, as in a mirror, the participated 
fubfiftence of thofe vital aad immaterial forms which effentially refide in the foul. 


fenfible 
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fenGble objets: they will be all of them, without doubt, void. of 
parts, incorporeal, and deftitute of magnitude. For extenfion, tumor, 25° 
and interval, approach to forms, on account.of the material: receptaele - 
in which they are involved, and which. receives. things deftitute of 
parts, diftributed into parts; things void of dimenfion, extended into 
dimenfion; and immoveable natures accompanied with motion.. 
How then, if this is the cafe, fhall:we cut a right line, triangle, and. 
circle? How can we {peak of the diverfities of angles, and the in- 
crements and decrements of triangular and quadrangular figures? Or. 
_ how exhibit the contacts of circles or right lines? For all thefe evince 
that the geometric matter. confifts of parts, and does not refide among 
Andivifible reafons. Such then are the doubts.concerning the matter 
of geometry, to which we may add, that Plato confiders. the forms of 
geometry as placed in cogitation ; and grants, that we advance from 
fenfiblés to forms. of this kind, and that we rife from fenfibles te 
intelle&, though-(as we have previoufly obferved) the reafons fubfift- 
ing in cogitation are indivifible; are feparated by no interval, and 
fabfift according to the pecyliarity of the: foul. But if reafons are to 
be rendered agreeable to things- themfelves, and to the do@rine of 
Plato, the following divifion muft be. adopted. * Every univerfal, 


* This divifion is elegantly explained by Ammonius, (in Porphyr. p. 12.) as foltows, 
*¢-Conceive a feal-ring, which has the image of fome particular perfon, for inftance, of Achilles, 
engraved in its feal, and let there be many portions of wax, which are impreffed by the. 
ying. Afterwards conceive that fome one approaches, and perceives all the portions of .wax, 
{ftamped with the imprefhan of this onc.ring, and keeps the impreffion of the ring in his mind: - 
the feal engraved in the ring, reprefents the univerfal,. prior to the-mary : the impreffion in the 
portions of wax, the uoiverfal in the many: but that which remains in the intelligence of the. 
beholder, may be called the univerfal, afer and. pofterior to the many.. The. fame. muft we 
conceive in genera and fpecies, For that beft and moft excellent artificer of the world, poffcflés 
within himtelf the forms and exemplars of all things: fo that in the fabrication of man, he looks 
back upon the form of man refident in his effence, and fafhions all the reft according to ita 
exemplar. But if any one fhould oppofe this doctrine, and affert that the forms of things do 
not refide with their artificer, let him attend to the following arguments... The artificer either 2 
knows, or is ignorant of that which he produces: but he who is ignorant will never produce 
any thing. For who will attempt.to do that, which he is ignorant how to'perform ? fince he 
cannot ad from an irrational power like nature, whofe operations are not attended with animad- 
verfion, But if he produces any thing by a certain reafon, he muft poffefs a knowledge of ` 
every thing which he preduces. If, therefore, it is not impious to affert, that the operations of 
the Deity, like. thofe of men, are attended with knowledge, it is evident that the forms of things 
muft refide in hie effence: but forms are in the demiurgus, like the feal in the ring; and thefe . 
forms axe faid to be prior to the many, and feparated from matter. But the fpecies man; is 

; contained 
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and one thing containing many, is either naturally difpofed to be 
thought of in’ particulars, or to appear fuch, becaufe it poffeffes its 
exiftence in thefe; is infeparable from them; is difpofed and diftri- 
buted in them; and together with thefe is either moved, or firmly 
and immoveably abides. Or it is adapted to fubfift prior to many, 
and to poffefs a power of generating multitude, affording to many. 
things images from itfelf, being furnifhed with a nature deftitute of 
parts, from the effences which it participates, and raifing various 
participations to fecondary natures: or it is difpofed to be formed by 
thought, from the many, to poffefs a generating exiftence, and to refide 
in the laft place in the many. For, according to thefe three modes of 
fubfiftence, we fhall find, I think, that fome fubfift before the many, 
others in the many, and others from the relation and predication 
which they poffefs to thefe. But, that I may abfolve all in one word, 
univerfal forms being threefold, we fhall confider the differences of 
that form which many partictpate,. which exis in many, and fills 


particular natures according to its fubje€t matter. Befides this, efta- —~ 


blifhing a twofold order of participants, one fubfifting in -fenfible 
objets, but the other in the phantafy, (fince matter is twofold; one 
indeed, of things united with fenfe, but the other of fuch as fall under 
the infpeGion of phantafy, as Ariftotle afferts, in a certain place *) 
we muft allow that the univerfal, which is diftributed in the many, 
is likewife twofold. The one, indeed, fenfible, as being that which 
fenfible objets participate ; but the other imaginative, as that which 
{ubfifis in the many of the phantafy. For the phantafy, on -account 
of its forming motion, and becaufe it fubfifts with, and in body, 
always receives impreffions which are both divided and figured. -So 


contained in each particular man, like the impreffion of the feal in the wax, and is faid to fubfift 
in the many, without a feparation from matier. And when we behold particular mon, and 
perceive the fame form and effigy in each, that form feated in our foul, is faid to be after the 
many, and to have a pofterior generation: juft as we obferved in him, who beheld many feals 
impreffed in the wax from one and the fame ring. And this one, pofterior to the many, may 
be feparated from body, when it is conceived as not inherent in body, but in the foul: but is 
incapable of a real feparation from its fubject.” .We muft here, however, obferve, that when 
Ammonius fpeaks of the knowledge of the Deity, it muft be conceived as far fuperior to ours. 
For he pofffles a nature more true than all effence, and a perception clearer than all knowledge. 
And as he produced all things by his unity, fo by an ineftable unity of apprehenfion, he knows 
the univerfality of things. $ 
* In lib. vii, Metaphyf. 35 & 39. 
that 
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oe that whatever is known by it, is allotted a correfpondent exiftence:: 
a ee co on which account, Ari:totle * does not hefitate to call it paffive in- 
wiwiitt AGS  tele@&. But if it is intellect, why is it not impaffive, and deftitute of 
matter? And. if it operates with pafon, how can it with propriety: 
be called intelle&? For impaffivity, indeed, properly belongs to in- 
gelleét and an intelligent nature: but paflivity is very remote from 
. fuch. an effente: But (unlefs I am deceived) Ariftotle being willing 
to explain its middle nature between cognitions the moft primary, 
and fuch as are the laft, calls it at the fame time intelle@, becaufe 
ý fimilar to primary cognitions, and paflive from that alliance which it 
poflefes with. fuch.as are pofterior. For firft cognitions are indeed. 
deftitute of figures and forms; comprehending in themfelves, intelli- 
gible natutes, energizing abaut themfelves, united with the objects. of 
knowledge, and free from all extrinfical impreffion and paffion. But 
i lat cognitions exercife themfelves through the medium of inftru= — 
ments, are rather paffions than energies, admit extrinfical. knowledge, 
and move themfelves together with their various fubje@ts. For fuch 
(fays Plato) are the fenfations which arife from violent paffions. But 
the phantafy, obtaining a middle centre in. the order of cognitions, 
is excited, indeed, by itfelf, and produces that which falls under coa 
gitation: but becaufe it is not feparate from. body, it deduces into 
partition, interval, and figure, the objedts of its knowledge, from the 
indivifibility of an intelleGtual life. Hence, whatever it knows, is 
a certain impreffion and form of intelligence. For it underftands the- 
- circle, together with its interval, void, indeed, of external matter, but 
poflefiing intelligible matter. On this account, like fenfible matter, 
it does-not contain one circle only: for we behold in its receptacle, 
diftance, together with the more. and the lefs, and a multitude of. 
circles and triangles. If then an univerfal nature is diftributed in. ` 
fenfible circles, fince each of thefe completes a circular figure, and. 
they are all mutually fimilar, fubfifting in one reafon, but differing: 
in magnitudes or fubjeéts: in like manner, there is a common fome- 
thing in the circles, which fubfift in the receptacle of the phantafy,,, 
of which all its circles participate, and according to which they all. 


e In lib. iit, de Anima, tex. 20.. 


noffels 
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poffefs the fame form; but in the phantafy they poffefs but one dif- 
ference only, that of magnitude.. For when. you imagine: many 
circles about the fame centre, they all of them exift in one immaterial 
{fubje& and life, which is infeparable from a fimple body, which, by 
the poffeffion of interval, exceeds an effence deftitute of parts; but 
they differ in magnitude and parvitude, and becaufe they are con- 
tained and contain. Hence, that univerfal is two-fold, which is 
underftood as fubfifling in the many: one, indeed, in fenfible forms ; ; 
but the other in fuch as are imaginative. And the reafon of a cir- 
cular and triangular figure, and of. figure univerfal, is twofold. The 
ene fubfifting in intelligible, but the: other in fenfible matter. But 
prior to thefe is the reafon which refides in cogitation, and that. - 
which is feated in nature herfelf. The former being the author of- 
imaginative circles, and of the one form which they contain; bat 
the other, of. fuch as are fenfible. For there are circles exifting in the 
heavens, and univerfally thofe produced by nature, thé reafon of which + 
does not fall. under a cogitative diftcibytion. For in incorporeal. 
caufes, things poffefling interval, are diftinguifhed by no intervals:: 
fuch as are endued with. parts, fubfift without parts: and magnitudes - 
without the diffufion of magnitude, as on the contrary in corporeal: 
caufes, things without parts fubfift divifibly, and fuch as are void of. 
magnitude with the extenfion of magnitude. Hence, the circle re- 
fident in cogitation, is one, fimple and free from interval: and mag- 
nitude itfelf is there deftitute of magnitude; and figure expreffed by. 
no figure: for fuch are reafons feparate from matter. But the circle » 
fublifting in the phantafy, is divifible, figured, endued with interval, | 
not one only, but one and many, nor form alone, but diftributed 
with form. And the circle, in fenfible obje@s, is compofite, diftant 
with magnitude, diminifhed by a certain reafon, full of ineptitude, - 
and very remote from the purity of immaterial natures. We mutt 
therefore fay, that geometry, when it. afferts any thing: of circle 
and diameter, and of the paffions and affeGions which regard the 
circle; as of contaéts, divifions, and the like: neither teaches nor 
difcourfes concerning fenfible forms, (fince it endeavours to feparate. 
us from thefe), nor yet concerning the. form refident in cogitation, 
(for here the circle is one, but geometry difcourfes of many, propofing 
VoL. I. N fome- 
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fomething of each, ‘and contemplating the fame of all: and here it 
is indivifible, but the geometric circle is divifible); but we muft con- 
fefs, that it confiders univerfal itfelf; yet as diftributed in imaginative 
circles. -And that it beholds, indeed, one circle *: and by the me- 
dium of another, contemplates the circle refident in the depths of 
cogitation: but by another, different from the preceding, fabricates 
the fair variety of its demonftrations. . For fince cogitation is endued 
with reafons, but cannot behold them contractedly, feparated from 
material figure ; it diftributes and removes them, and draws them 
forth feated in the fhadowy bofom of the phantafy, and placed in the 
veftibules of primary forms; revolving in it, or together with it, the 
knowledge of thefe: loving, indeed, a feparation from fenfibles, but 
finding imaginative matter proper for the reception of its univerfal 
forms. Hence, its intelleGtion does not fubfift without the phantafy. 
And. the compofitions and divifions of figures are imaginative; and 
their knowledge is the way which leads us to that effence purfued by 
` cogitation: but cogitation itfelf, does not yet arrive at this ftable 
-@ffence, while it looks abroad to externals, contemplates its internal 
forms according to thefe, ufes the impreffions of reafons, and is moved 
from itfelf to external and material forms, But if it fhould ever be 
able to return to itfelf, when it has contracted intervals and impref- - 
fions, and beholds multitude without impreffion, and fubfifting uni- 
formly; then it will excellently perceive geometrical reafons, void 
of divifion and interval, effential and vital, of which there is a copious 
wariety. And this energy will be the beft end of the geometric 
ftudy; and truly. the employment of a Mercurial gift, bringing it 
back as from a certain Calypfo, and her detaining charms, to a more 
intelleQual knowledge; and freeing it from thofe forming apprehen- 
fions with which the mirror of the phantafy is replete. Indeed, it is 
requifite that a true geometrician fhould be employed in this medi- 
tation, and fhould :eftablith, as his proper end, the excitation and 
tranfition from the phantafy to cogitation alone; and that he fhould 


* That is, geometry firft fpeeulates the circle delineated on paper, or in the duft: but by 
the medium of the circular figure in the pbantafy, contemplates the circle -refident iu cogitation ; 
and by that univerfal, or circular reafon, participated in the ciscle.of the phantafy, frames its 
deinanfrations. 


accom= 
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accomplith this by feparating himfelf from intervals, and the paffive 
intelle& to that energy which cogitation-contains. For by-this means 
he will perceive all things without an interval, the circle and diameter 
without a part, the polygons in the circle, all in all, and yet every. 
one feparate and a-part. Since, on this account, we exhibit alfo in 
the phantafy, both circles: inferibed in polygons, and polygons in 
cireles ; imitating. the alternate exhibition of reafons deftitute of parts. 
Hence, therefore, we defcribe the conftitutions, the origin, divifions, 
pofitions, and applications of figures: becaufe we ufe the phantafy, : 
and diftances of this kind proceeding from its material nature; fince - 
form itfelf is immoveable, without generation, indivifible, and free’ 
from every fubje&. But whatever form contains occultly, and in an. 
indiftant manner, is produced into the phantafy fubfifting with inter- 
vals, divifibly and expanded. And that. which, indeed, produces the’ 
forms of geometric {peculation, is cogitation: but that from whieh: 
they are produced, is the form refident in cogitation: and that in: 
which the produced figure refides is what is called the paffive intelled. - 
Which folds itfelf about the impartibility of true intelle@, feparates : 
from itfelf the power of pure intelligence free from interval; conforms - 
itfelf according to all formlefs fpecies, and becomes perfectly every thing’ | 
from which cogitation itfelf, and our indivifble reafon confifts; And: 
thus much concerning the geometric matter, aS we are not ignorant’ 
of. whatever Porphyry the Philofopher has-obferved im his mifcellanies, 
and whatever many of the Platonifts defcribe. But we think that the 
prefent difcuffions are more agreeable to geometric differtations, and 
to Plato himfelf, who fubje&s to geometry the obje&ts of: cogitation? 
For. thefe mutually agree among themfelves;° becaufe the caufes, 
indeed, of geometrical forms, by which cogitation produces.demon- 
Rrations, pre-exift in demonftration itfelf: but the particular figures 
which are divided and-compounded, are fituated-m. the. receptacle: of 
the phantafy. 
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“hie Gan Sis C H A P. IL 
What kind of Science Geometry t6. 


UT let us now fpeak of that fcience which pofleffes a power of 
contemplating the univerfal forms participated by imaginative 
‘matter. Geometry, therefore, is endued with the knowledge of mag- 

_ Mitudes and figures, and of the terms and reafons fubfifting in thefe ; 
together with the paffions, various pofitions and motions which are 
contingent about thefe. For it proceeds, indeed, from an impartible 
point, but defcends even to folids, and finds out their multiform 
diverfities. And again, runs back from things more compofite, to 

things more fifùple, and to the principles of thefe: fince it ufes com- 
pofitions and refolutions, always beginning from fuppofitions, and 

 affuming its principles from a previous fcience; but employing all 
the dialectic ways. In principles, by the divifions of forms from 
their genera, and by defining its orations. But in things pofterior 
to principles, by demonftrations and refolutions. As likewife, it 
exhibits things more various, proceeding from fuch as are more — 
fimple, and returning to them again. Befides this, it feparately dif- 
courfes of its fubjects; feparately of its axioms; from which it rifes 
to demonftrations; and feparately of effential accidents, which it 
fhews likewife are refident in its fubje&ts. For every fcience has, — 
andeed, a genus, about which it is converfant, and whofe paffions it 
propofes to confider: and; helides this, principles, which it ‘ufes in 
demonftrations ; and effential accidénts. Axioms, indeed, are com- 
moan to all feiences (though each employs them in its peculiar fub- 
je& matter), but genus and effential accident vary according to the 

{ciential variety. ‘The fubje&ts of geometry are therefore, indeed, 

triangles, quadrangles, circles, and univerfally figures and magnitudes, , es 

and the, houndaries of thefe. But its effential accidents are ve TA vi H > 
ratios, “contads, equalities, applidations, excefles, defedis, and the like. 

But its ‘petitions and axioms, by which it demonftrates every parti- 

cular are, this, to draw a right line frem any point to any point; 

and that, if from equals you take away equals, the remainders will 


be 


A . 
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be equal ; together with the petitions and axioms confequent to thefe. 
Hence, not every problem nor thing fought is geometrical, but fuch 
only as flow from geometric principles. And he who is reproved 
and convicted from thefe, is convinced as a geometrician. But who- 
ever is convinced from principles different from thefe, is not — 

a geometrician, but is foreign from the geometric contemplation. 
But the objects of the non-geometric inveftigation, are of two kinds. 
For the thing fought for, is either from entirely different principles, 
as we fay that a mufical enquiry is foreign from geometry, becaufe it 
emanates from other fuppofitions, and not from the principles of 
geometry : or it is fuch as ufes, indeed, geometrical principles, but at 
the fame time perverfely, as if any one fhould fay, that parallels 
coincide. And on this account, geometry alfo exhibits to us inftru- 
ments of judging, by which we may know what things are con- 
fequent to its principles, and what thofe are which fall from the 
truth of its principles: for fome things attend’ geometrical, but 
others arithmetical principles. And why fhould we fpeak of others, 
fince they are far diftant from thefe? For one fcience is more certain 
than another (as Ariftotle fays *) that, indeed, which emanates from 
more fimple fuppofitions, than that which ufes more various prin- 
ciples; and that which tells the why, than that which knows only the 
fimple exiftence of a thing; and that which is converfant about 
intelligibles, than that which touches and is employed about fenfibles. 
And according to thefe definitions of certainty, arithmetic is, indeed, 
more certain than geometry, fince its principles excel by their fim- 
plicity. For unity is void of pofition, with which a point is endued. 
And a point, indeed, when it receives pofition, is the principle of © 
geometry: but unity, of arithmetic., But geometry is more certain 
than {pherics; and arithmetic, than mufic. For thefe render univer- 
fally the caufes of thofe theorems, which are contained under them. 
Again, geometry is more certain than mechanics, optics, and catop- 
trics. Becaufe thefe difcourfe only on fenfible objeéts. The prin- 
ciples, therefore, of geometry and arithmetic, differ, indeed, from 
the principles of other fciences; but the hypothefes of thefe. two, 


* In his firt Analytics, t.42. See the Differtation to this work. : 


. _ alternately 
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“alternately: differ. and. agree: according to the difference: we have: 
already-defcribed, Hence; alfo, with refpe@&:to the:theorems which 
ane.demonftrated in thefe fciences, fome are, indeed, common to them, 
but others peculiar, For the.theorem. which fays, every proportion | 
may be. exprefed, alone belongs. to. arithmetic; but by no means to. 
i geometry; fince -thijs laft fcience contains things which cannot be- 
exprefled.*; That theorem alfo, which affirms, that the gnomons of 
quadrangles. are terminated according to the leaff +,.is the property of - . 
arithmetic: for in-geometry, a minimum cannot be given. But thofe 
things are peculiar to. geometry, which are converfant about pofitions; . 
for numbers : haye- no pofition: which refpect contacts; for contact 
A is found. in continued quantities: and which are converfant about . 
< ~ineffable proportions; for where divifion proceeds to infinity, there- 
,alfo that which is ineffable is found f, But things common to both 
=” thefe fciences, are fuch as refpe& divifions, which Euclid treats of 
in the fecond book; except that propofition which divides a right line - 
' into @xtreme and: mean proportion §. Again, of thefe common 
theorems, fome, indeed, are transferred from geometry into arith- 
metic; but others, on the contrary, from arithmetic into geometry: 
and others fimilarly accord with both, which are derived into them 
from the whole mathematical fcience. For the permutation, indeed, 


© Such as the proportion of the diagonal of a fquare to its fide; and that of the diameter of 
a circle, to the periphery. 

$+ The gnomons, from which fquare numbers are produced, are odd numbers in a natural 
feries from unity, i. € 1, 3) 5) 7» Ọs 11, &c. for thefe, added to each other continually, . 
produce fquare numbers ad infinitum. But thefe gnomons continually decreafe from the highelt, 
and are at length terminated by indivifible unity. 

t This doétrine of ineffable quantities, or fuch whofe proportion cannot be exprefled, is 
largely and accurately difcuffed by Euclid, in the-tenth book of his Elements: but its ftudy 
is neglected by modern mathematicians, Jecaufe it is of no ufe, that is, becaufe it contributes 
to nothing mechanical. ; 

§ This propofition is the 11th of the fecond book: at leaft, the method of dividing a line 
into extreme and mean proportion, is immediately deduced from it; which is done by Euclid, 
in the goth, of the fixth book. Thus, Euclid fhews (11. 2.) how to divide the line 


Ge e i) A B, fo that the rectangle under the whole A B, and the fegment 
G B, may be equal to the fquare made from A G: for when this is done, it follows, that -as 
AB is to AG, fo is AG to GB; as is well known. But this propofition, as Dr. 
Barrow obferves, cannot be explained by numbers; becaufo there is not any number which 
can be fo divided, that the produ& from the wholc into onc part, may be equal to the {quare 
irom the other part. , , 





` 


3 converfions, 
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- ¢onverfions, compofitions, and :divifions of ratios. are, after this man- 


ner, common to both. Bat fuch things as are commenfurable, 
arithmetic firft beholde; but afterwards geometry, imitating arith- 


‘metic. From whence, alfo, it determines futh things to be commen- 


furables of this kind, which have the fame mutual ratio to one another, 


as number to number; becaufe commenfurability principally fubfifts 


in numbers. For where number is, there alfo that which is com, 
menfurable is found ; and where commenfurable is, there alfo number. 
Lafily, geometry firft infpe&s triangles and quadrangles: but, arith- . 
metic, receiving thefe from geometry, confiders them according to 
proportion. For in numbers, figures refide in a caufal manner. 
Being excited, therefore, from effects, we pafs to their caufes, which - 
are contained in numbers. And at one time, we indifferently behold 
the fame accidents, as when every polygon is refolved by us into 
triangles *: but, at another time, we are content with what is neareft 
to the truth, as when we find in geometry one quadrangle the double 
of another, but not finding this in numbers, we fay that one {quare 
is double of another, except by a deficience of unity. As.for in- 


_ * All polygonous figures, may, it is well known, be refolved into triangles ; and this is no lefs 
true of polygonous numbers, as the following obfervations evince. All number originates from 
indivifidle unity, which correfponds to a point: and it is either linear, correfponding to a line ; 
or fuperficial, which correfponds to a fuperficies; or folid, which imitates a geometrical folid. 
After unity, therefore, the firft of linear numbers is the duad; juft as every finite line is allotted 


“two extremiucs. The triad is the firft of fuperficial numbers; as the triangle of ‘geometrical 


figures. ‘And the tetrad, is the firft of folids; becaufe a triangular pyramid, is the firt among 
folid numbers, as well as among folid figures. As, therefore, the monad is alfimilated to the 
point, fo the duad to the line, the triad to the foperkcies, and the tetrad to the folid,. Now, 
of fuperficial numbers, fome are triangles, others fquares, others pentagons, hexagons, hep- 
tagons, &c. Triangular numbers are generated from the continual addition of numbers in a 
natural feries, beginning from unity. Thus, if the numbers 1, 2, 3, 4, 5, &c. be added to 
each other continually, they will produce the triangular numbers 1, 3, 6, 80, 15, &c. and if 
"every triangular number be added to its preceding number, it will produce a fquare number. 
Thus 3 added to 1 makes 4; 6 added to 3 is equal tog; 10 added to 6 is equal to 16; and fo 
of the refs Pentagons, are produced from the junction of triangular and fquare numbers, as 
follows. Let there be a feties of triangular numbers 1, 3, 6, 10, 15, &c. 
And of fquares 1,4) 9, 16, 25, &c.- 

Then the fecond iquare number, added to the firft triangle, will produce the firt pentagon 
from unity, is e. 5. The third fquare added to the fecond triangle, will produce the fecond 
pentagon, i. ¢. 12; and fo of the reft, by a fimilar addition. In like manner, the fecond 
_ pentagon, added to the firû triangle, will form the firft hexagon from unity ; the third pentagon 
and the fecond triangle, will form the fecond hexagon, &c. And, by a fimilar proceeding, all 
the other polygons may be obtained. | 


~ 


{tance, 
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ftance, the fquare from 7, is double the fquare from 5, wanting one. 
But we have produced our difcuffion to this length, for the purpofe 
of evincing the communion and difference in the principles of thefe 
two fciences. Since it belongs to a geometrician to furvey from what 


common principles common theorems are divided ; and from what © 


principles fuch as are peculiar proceed; and thus to diftinguifh be- 
tween the geometrical, and non-geometrical, referring each of them 


“to different {ciertces.. 


E C€ H A P. II 


From whence the whole of Geometry originated, how far it proceeds, 


and in what its Utility confifts. 


U T, beginning ftill higher, let us contemplate the whole of 

geometry, from whence it originated, and how far it proceeds 
in its energies: for thus we {hall properly perceive the ornament 
which it contains. Indeed, it is neceflary to underftand that it is. 
extended through the univerfality of things: that it accommodates 
its animadverfions * to all beings; and contains in itfelf the forms of 
all things: that, according to its fupreme part, and which is endued 


with the higheft power of intelligence, it furveys.true beings; and 


teaches by images the properties of divine ornaments, and the powers. 
of intelletual forms: for it contains the reafons of thefe alfo in 
its peculiar contemplations. And it exhibits what figures are conve- 
nient to the god, to primary effences, and to the natures of fouls. 


- But, according to.its middle cognitions, it evolves cogitative reafons ; 


explains and beholds the variety which they contain; exhibits their 
exiftence, and inherent paffions; as alfo, their communities.and di- 


® IntelleGtions are uniyerfally correfpondent to their objects, and participate of evidénce or 
the contrary, in proportion as their fubjects are lucid or obfcure. Hence, Porphyry, in his 
fentences, juftly obferves, that ‘*-we do not underftand-in a fimilar manner with all the 
powcrs of the foul, but according to the particular effence of each. For with the intellect 
we underitand intellectually ; and with the foul, rationally: our knowledge of plants is accord- 
ing to a feminal conception ; our underftanding of bodies is imaginative; and our intellection 
of the divinely folitary principle of the univerfe, who is above all things, is in a manner fupe- 
rior to intellectual perception, and by a fuper-effential energy.” "Agogual wz; tà Nonta,-{10-) 
So that, in confequence of this reafoning, the fpeculations of geometry are then moft true, 
when mof abĝraĝed from fenfible and material natures. 


verfities, 
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, verfitiés. From which, indeed, it comprehends, in terminated bounds, 
the imaginative formations of figures, and reduces them to the effential 
fubftance of reafons. But, according to the third propagations of 
cogitative intelligence, it confiders nature, and delivers the manner 
in which the forms of fenfible elements, and the powers which they 

' contain, are previoufly received according to caufe, in the reafons 
themfelves. For it poffeffes, indeed, the images of univerfal intelli- “ 
gible genera; but the exemplars of fuch as are fenfible: and com- | 
pletes its own effence, according to fuch things as are fubje&t to 
cogitation. And through thefe, as through proper mediums, it 
afcends and defcends to thofe univerfals which truly are, and to _ 
fenfible forms which are in a ftate of perpetual formation. But ` 
always geometrically philofophiling concerning the things which are, ` 
it comprehends in al] the proportions of virtues, the images of in- 
telleCtual, animal, and natural concerns. And it delivers, in an or- 
derly manner, all the ornaments of republics: and exhibits in itfelf 
their various mutations. Such then are its energies arifing from a 
certain immaterial power of cognition: but when it touches upon | 
matter; it produces from itfelf a multitude of fciences;' fuch. as 
geodefia, mechanics, and perfpetive: by which it procures the 
greateft benefit to the life of mortals, For it conftrudts by thefe 
{ciences, war-inftruments, and the bulwarks of cities; and makes 
known the circuits of mountains, and the fituations of places. 
Laftly, it inftru&s us in meafures: at one time of the diverfified ways 
of the earth; and at another, of the reftlefs paths of the deep. Add 

too, that it conftruéts balances and fecales, by which it renders to 
cities a fure equality according to the invariable ftandard of number. 
Likewife, it clearly expreffes, by images, the order of the whole orb 
of the earth; and by thefe, manifefts many things incredible to man- ./ 
kind, and renders them credible to all. Such, indeed, as Hiero of 
Syracufe is reported to have faid of Archimedes *, when he had 
fabricated a fhip furnifhed with three fails, which he had prepared 

_to fend to Ptolemy king of Egypt. For when all the Syracufians 
together, were unable to draw this fhip, Archimedes enabled Hiero 


* See Plutarch, in the life of Marcellus. 
Vou. I. O OU to 
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to draw it himfelf, without -any affiftance from others. -But he, 
being aftonifhed, faid, From this day, Archimedes fhall be believed 
in whatever he {hall affirm. They alfo report, that Gelo faid the 
fame, when Archimedes difcovered the weight of the feveral mate- 
rials from which his crown was compofed, without diffolving their 
union. And fuch are the narrations which many of the ancients 
have delivered to our memory, who were willing to fpeak in praife 
of the mathematics: and, on this account, we have placed before the 
reader, for the prefent, a few out of the many, as not foreign from 
our defign of exhibiting the knowledge and utility of geometry. 


C H A P. TV. 


ma CH On the Origin of Geometry, and its Inventors. 


TD UT let us now explain the origin of geometry, as exifting in 

the prefent age of the world. For the demoniacal Ariftotle * 
obferves, that the fame opinions often fubfift among men, according 
to certain orderly revolutions of the world: and that fciences did not 
receive their firft conftitution in our times, nor in thofe periods which 
are known to-us from hiftorical tradition, but have appeared and 
vanifhed again in other revolutions of the univerfe; nor is it poffible 
to fay how often this has happened in paft ages, and will again take 
place in the future circulations of time. But, becaufe the origin of 
arts and fciences is to be confidered according to the prefent revolution 
of the univerfe, we muft affirm, in conformity with the moft gene- 
ral tradition, that geometry was firft invented by the Egyptians, 
deriving its origin from the menfuration of their fields: fince this, 


indeed, was neceflary to them, on account of the inundation of the - 


Nile wafhing away the boundaries of land belonging to each. Nor 
ought it to feem wonderfuly that the invention of thts as well as of 
other {ciences, fhculd receive its commencement from convenience 
and opportunity. Since whatever is carried in the circle of genera- 


* In lib. i. de Calo, tex. 22. ct lib. i. Mcteo. cap. 3.: Ariflotle was called demoniacal by the 


Platonic philofophers, in conf quence of the encomium beftowed on him by kis matter, Plato, 


“ That he was the dæmon of nature.” Indeed, his great knowledge in things fubject to the 
dominion of sature, well deferved this encomium ;“ atid the epithet divine, has teen univer filly 
afcsibed to Plato, from his profound knowledge of the intelligible world. 

tion, 


& 
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tion, proceeds from the imperfect to the perfe&.. A tranfition, 
therefore, is not undefervedly made from fenfe to confideration, and 
from this to the nobler energies of intelle& *. Hence, as the certain 
knowledge of numbers received its origin among the Phoenicians, on 
account of merchandife and commerce, fo geometry was’ found out 
among the Egyptians from the diftribution of land. When Thales, 
therefore, firt went into Egypt, he transferred this knowledge from ` 


. thence into Greece: and he invented many things himfelf, and com- 


Mamercus, 


municated to his fucceffors the principles of many. Some of which 
were, indeed, .more univerfal, but others extended to fenfibles. 
After him Ameriftus, the brother of Stefichorus the poet, is cele-. 
brated as one who touched upon, and tafted the ftudy of geometry, 
and who is mentioned by Hippias the Elean, as reftoring the glory of 


_ geometry. But after thefe, Pythagoras changed that philofophy, 


which is converfant about geometry itfelf, into the form of a liberal. 
doGrine, confidering its principles in a more exalted manner; and 
inveftigating its theorems immaterially and intelletually ; who like- 
wife invented ¿a treatife of fuch things as cannot be explained t in 


` geometry, and difcovered the conftitution of the mundane figures. 


After him, Anaxagoras thé. Clazomenian fucceeded, who undertook 
many things pertaining to geometry. And Ocenopides the “Chian, 
was fomewhat junior to Anaxagoras, and whom Plato mentions in his. 
Rivals, as one who obtained mathematical glory. To thefe, fucceeded, 
Hippocrates, the Chian, who invented the quadrature of the lunula $, 


and 

* Elç sur, 18 wanting in the original, but is fupplied by the excellent tranflation of Barocius. 
+ Ariyur, in the printed Greek, which Fabricius, in his Bibliotheca Græca, vol. i. page 
395, is of opinion, fhould be read dsaaréyav; but I have rendered the word according to the 
tranflation of Barocius, who is likely to have obtained the true reading, froth the variety of 


- manufcripts which he confulted. 


t The quadrature of the Lunula is as follows. 





Let 
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and Theodorus .the Cyrenean, both of them eminent in geometrical 
Knowledge. For the firft of thefe, Hippocrates compofed geometrical 
elements: but Plato, who was pofterior to thefe, caufed as well 


geometry itfelf, as the other mathematical difciplines, to receive 


a remarkable addition, on account of the great tudy he beflowed in 
their inveftigation. This he himfelf manifefts, and his booke, replete 
with mathematical difcourfes, evince; to which we may add, that he 
every where excites whatever in them is wonderful, and extends to 
philofophy. But in his time alfo lived Leodamas the Thafian, 
Archytas the Taréntine, and Theztetus the Athenian; by whom theo- 


-rems were ircreafed, and advanced to a more fkilful conftitution. 


But Neoclides wag junior to Leodamas, and his difciple was Leon; 
who added many things to thofe thought of by former geometricians. 
So that Leon alfo conftru€ted elements more accurate, both on account 
of their multitude, and on account of the ufe which they exhibit: 
and befides this, he difcovered a method of determining when a pro- 
blem, whofe inveftigation is fought for, is poffible, and when it is 


impoffible, But Eudoxus the Cnidian,: who was foméwhat junior to © 


Leon, and the companion of Plato, firft of all rendered the multitude 
of thofe theorems which are called univerfals more abundant; and to 
three proportions added three others; and things relative to a fedtion, 


which received their commencement from Plato, he diffufed into a _ 


richer multitude, employing alfo refolutions in the profecution of 


' thefe. Again, Amyclas the Heracleotean, one of Plato’s familiars, 


and Menzchmus, the difciple, indeed, of Eudoxus, ‘but converfant 
with Plato, and his brother Dinoftratus, rendered the whole of 
geometry as yet more perfe@. But Theudius, the Magnian, appears 


Let ABC bea right-angled triangle, and BAC a femi-circle on the diameter BC: BNA 


-a femi-circle defcribed on the diameter AB; AMC a femi-circle defcribed on the diameter 


AC. Then the femi-circle B AC is equal to the femi-circles BN A, and AMC 


together: (becaufe circles are to each other as the fquares of their diameters, 31, 6.) If,’ 


therefore, you take away the two fpaces B A, AC common on both fides, there will remain 


. the two lunulas B N A, A MC, bounded on both fides with circular lines, equal to the 


right-angled triangle BAC. And if the line B A, be equal to the line AC, and you lee 
fall a perpendicular to the hypothenufe BC, the triangle B AO wil! be equalto the lunular 
fpace B N A, and the triangle COA will be equal to the lunula C M A. Thofe who 
are curious, may fee a long aecount of an attempt of Hippocrates to fquare the circle, by the 
iuveution of the lunulas, in Simplicius on Ariftotle’s Phyfics, lib. i. 

2 to 
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to have excelled, as well in mathematical difciplines, as in the reft of 
philofophy. For he conftruéted elements egregioufly, and rendered 
many particulars more univerfal. Befides, Cyzicinus the Athenian, 
flourifhed at the fame period, and became illuftrious in other 
mathematical difciplines, but efpecially in geometry. Thefe, there- 
fore, reforted by turns to the Academy, and employed themfelves in 


" propofing common queftions. But Hermotimus, the Colophonian, 


t 


rendered more abundant what was formerly publifhed by Fudoxus 
-and Theætetus, and invented a multitude of gJements, and wrote con- 
‘cerning fome geometrical places. But Philippus the Mendzan *, a 





t, 
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difciple of Plato, and by him inflamed in the mathematical difciplines, . 


both compofed queftions, according to the inftitutions of Plato, and - 


propofed as the object of his enquiry whatever he thought conduced 
to the Platonic philofophy. And thus far hiftorians produce the per- 
feétion of this {cience. But Euclid was not much junior to thefe, 
who collected elements, and conftru€ted many of thofe things which 


` were invented by Eudoxus; and perfe&ted many which were difco~ 


vered by Theztetus. Befides, he reduced to invincible demonftrations, 
fuch things as were exhibited by others with a weaker arm. But he 


lived in the times of the firt Ptolemy: for Archimedes mentions ' 


Eyclid, in his firt book, and alfo in others.’ Befides, they relate that 
Euclid was afked by Ptolomy, whether there was any fhorter way to 
the attainment of geometry than by his. elementary inftitution, and. 


- that he anfwered, there was no other royal path which led to geome- 


try. Euclid, therefore, was junior to the fgmiliars of Plato, but 
more ancient than Eratofthenes and Archimedes (for thefe lived at 
one and the fame time, according to the tradition of Eratofthenes) 
but he was of the Platonic fect, and familiar with its philofophy: 


. and from hence he appointed the conftitution of thofe figures which 


are called Platonic +, as the end of his elementary inftitutions. 


° So Barocius reads, but Fabricius Msduasos. 
+ i. e. The five regular bodies, the pyramid, cube, octaedron, dodecaedron and icofaedron ; 


A 


concerning which, and their application to the theory of the univerfe, fee Kepler’s admirable. 


work, De Harmonia Mundi. 
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C HAP. V. 

E E. 2, 23 l What Mathematical Volumes Euclid compofed. 
- % HERE are, therefore, many other mathematical volumes of 
| -= this man, full of admirable diligence, and fkilful confideration : 
for fuch are his Optics *, and Catoptrics: and fuch alfo, are his 
elementary inftitutions, which conduce to the attainment of mufic f; 
and his book concernin#divifions f. But his geometrical inftitution 
of the Elements is efpecially admirable, on account of the order and 
eleGtion of thofe theorems and problems, which are diftributed 
through the Elements. For he does not affume all which might be 
faid, but that only which could be delivered in an elementary order. 
Befides this, he exhibits modes of fyllozifms of every kind; fome, 
indeed, receiving credibility from caufes, but others proceeding from 
certain figns; but all of them invincible and fure, and accommodated 
to {cience. But, befides thefe, he employs all the dialectic ways, 
dividing, indeed, in the inventions of forms; but defining in effential 
reafons: and again, demonftrating in the progreffions from principles 
to things fought, but refolving in the reverfions from things fought 
to principles. Befides this, we may view in his geometrical elements, 
the various fpecies of converfions, as well of fuch as are fimple as 
of fuch as are more compofite. And again, what wholes may be 
converted with wholes: what wholes with parts; and on the other 
hand, what as parts with parts §. Befides this, we muft fay, that 
in the continuation of inventions, the difpofitions and order of things 
preceding and following, and in the power with which he treats 


* It may be doubted whether the optics and catoptrics, afcrited to Euclid in the editions of 
his works are genuine: for Savil, and Dr. Gregory, think them fcarcely worthy fo great a man. 
+ There are two excellent editions of this work, one by Meibomius, in his collection of 
aie authors on harmony; and the other by Dr. Gregory, in his colleClion of Euclid’s 
works. | - 
t This work is moft probably loft. See Dr. Gregory’s Euclid, 
i § All this is fhewn by Proclus in the following Commentaries ; and is furely moft admirable 
and worthy the inveftigation of every liberal mind; but I am atraid modern mathematicians 
very little regard {fuch knowledge, becaufe it cannot be applied to practical and mechanical 


purpofes. 
every 
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every particular, he is not deceived, as if falling from {cience, and 
carried to its contrary, falfehood and ignorancé. But becaufe we may 
imagine many things as adhering to truth, and which are confequent 
to principles producing fcience, which neverthelefs tend to that error 
which flows from the principles, and which deceives ruder minds, 
he has alfo delivered methods of the perfpicacious prudence belonging 
to thefe.- From the poffeffion of which, we may exercife thofe in the 
invention of fallacies, who undertake this infpection, and may pre- 
ferve ourfelves from all deception. And this book, by which he 
procures us this preparation, is infcribed weevdepios, or, concerning 
fallacies *. Becaufe he enumerates in order their various modes, and 
in each exercifes our cogitation with various theorems. And he 
compares truth with falfehood, and adapts the confutation of decep- 
tion to experience itfelf. This book, therefore, contains a purgative 
and exercifing power. But the inftitution of his’ elementary, fkilful 
contemplation of geomettical concerns, poffeffes an invincible and 
perfect narration. 


C H A P. VL 


E R s 
YA E CHA a) . Concerning the Purport of Geometry. 


UT, perhaps, fome one may enquire in what the defign of this 
treatife confits? To this I .anfwer, that its defign ‘is to be 


diftinguifhed as well according to the objects of enquiry, as according ` 
tothe learner. And, indeed, regarding the fubje@t, we muft affirm, — 


that all the difcourfe of geometry is concerning the mundane figures. 
Becaufe it begins from fuch things as are fimple, but ends in the 


variety of their conflitution. And, indeed, it conftitutes each of 


them feparately, -but at the fame time delivers their infcriptions in 4 
{phere, and the proportions which they contain. On which account 
fome have thought, that the defign of each of the books is to be 
referred to the world; and they have delivered to our memory, the 
utility which they afford us in the contemplation of the univerfe. 


* This work is unfortunately loft. 


But 
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- But diftinguifhing the defign with refpect to the learner, we muft 


affirm, that its purpofe is the inftitution.of elements; and the per- 


fection of the learners cogitative powers in univerfal geometry. For. 
beginning from thefe, we are enabled to underftand the other parts 


of this fcience, and to comprehend the variety which they contain. 
And, indeed, without thefe, the difcipline of the reft, is to us im- 
poffible and incompreheafible. For fuch theorems as are moft prin- 
cipal and fimple, and are moft allied to firft fuppofitions, are here 
colle&ted in a becoming order. And the demonftrations of other 


mathematicians, ufe thefe as moft known, and advance from thefe in _ 
‘their moft complicated progreffions. For thus Archimedes, in what 


he has writ concerning the {phere and cylinder, and Apollonius, and 
the ret of mathematicians, ufe, as evident principles, the things 
exhibited in this treatife. Its purpofe, therefore, is the inftitution 
of learners in the whole geometric fcience, and to deliver the deter- 


- mipate conftitutions of the mundane figures. 


C H A P. VI. 


From whence the Name of Elementary Inftitution originated, and why 
Euclid is called the Inftitutor of Elements, 


TD UT what gave rife to the name of elementary inftitution, and 

of element itfelf, from which elementary inftitution was de- 
rived? To this we fhall reply, by obferving, that of theorems fome 
are ufually called elements, but others elementary, and others again 


are determined beyond the power of thefe. Hence, an element is . 


that whofe confideration paffes to the fcience of other things, and 


from which we derive a folution of the doubts incident to the particular ` 


{cience we inveftigate. For as there are certain firt principles of 
{peech, moft fimple and indivifible, which we denominate elements, 
and from which all difcourfe is compofed; fo there are certain prin- 
cipal theorems of the whole of geometry, denominated elements, 
which have the refpe& of principles to the following theorems; which 
regard all the fubfequent propofitions, and afford the demonftrations 
of many accidents effential to the fubje&s of geometric {peculation. 


But | 
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But things elementary are fuch as extend tbemfelves to a multitude 
of propofitions, and poffefs_a certain fimplicity and fweetnefs, yet 
are not of the fame dignity with elements; becaufe their contem- 
plation is rot common to all the f{cience to which they belong, as is 
the cafe in the following theorem, that in triangles, perpendiculars, 
drawn from their angles to their fides, coincide in one point *. 
Laftly, whatever neither poffeffes a knowledge extended into multi- 
tude, nor exhibits any thing fkilful and elegant, falls beyond the 
elementary power. Again, an element,-as Menachmus fays, may 
have a twofold definition. For that which confirms, is an element of 
that which is confirmed ; as the firt propofition of Euclid with re- 
{pect to the fecond, and the fourth with regard to the fifth. And 
thus, indeed, many things may be mutually called elements one of 
another; for they are mutually confirmed. ‘Thus, becaufe the exter- 
nal angles of right-lined figures, are equal to four right angles, the 
multitude of internalones equal to right angles; and, on the contrary, 
that from this is exhibited +. Befides, an element is otherwife called 


that into which, becaufe it is more fimple, a compofite is diffolved. 


But it muft be obferved, that every element cannot be called the 
element of every thing: but fuch as are more principal are the 
elements of fuch as are conftituted in the reafon of the thing effected 
as petitions are thé elements of theorems, And, according to this 
fignification of an element, Euclid’s elements are conftructed. Some, 
indeed, of that geometry which is converfant about planes ; but others 


of flereometry. In the fame manner, likewife, in arithmetic and . 


aftronomy, many have compofed elementary inftitutions, But it is 
difficult, in each {cience, to chufe and conveniently ordain elements, 
from which all the peculiarities of that fcience originate, and into 
which they may be refolved. And among thofe who have under- 
taken this employment, fome have been able to colle& more, but 
others fewer elements. - And fome, indeed, have ufed fhorter demon- 
{trations ; but others have extended their treatife to an infinite length. 
And fome have omitted the method by an impoffibility ; but others 


* Becaufe this is true only in ifofceles and equilateral triangles. 


+ This follows fromthe 32d propofition of the firt book of Euclid; and is demonftrated 


by Dr. Burrow, in his fcholium to that propofition. 
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that by proportion; and others, again, have attempted preparations 
againft arguments deftroying principles. So that many methods of 
elementary inftitutton have been invented by particular writers on this 
fabje&. But it is requifite that this treatife fhould entirely remove 
every thing fuperfluous, becaufe it is an impediment to f{cience. But 
every thing fhould be chofen, which contains and concludes the thing 
propofed; for this is moft convenient and ufeful in fcience. The 
greateft care, likewife, fhould be paid to clearnefs and brevity; for 
the contraries to thefe, difturb our cogitation. Laftly, it fhould vin- 
dicate to itfelf, the univerfal comprehenfion of theorems, in their 
proper ‘bounds: for fuch things as divide learning iato particular 
fragments, produce an incomprehenfible knowledge. But in-<all 
thefe modes, any one may eafily find, that the elementary inftitution 
ef Euclid excels the inftitutions of others. For its utility, indeed, 
efpecially confers to the contemplation of primary figures: but the 
tranfition from things more fimple to fuch as are more various, and 
alfo that perception, which from axioms pofleffes the beginning of- 
knowledge, produces clearnefs, and an orderly tradition: and the 
migration from firft and principal theorems to the objeéts of enquiry, 

effets the univerfality of demonftration. For whatever he feems to — 
omit, may either be known by the fame ways, as the conftruction 
of a fcalene and ifofceles triangle *: or becaufe they are difficult, and 
eapable of infinite variety, they are far remote from the election of 
elements, fuch as the dodrine of perturbate proportions, which 
Apollonius has copioufly handled: or, laftly, becaufe they may be 
eafily conftructed from the things-delivered, as from caufes, fuch as 
many fpecies of angles and lines. For thefe, indeed, were omitted 
by Euclid, and are largely difcourfed of by others, and are known 
from fimple propofitions. And thus much concerning the univerfal 


elementary inftitution of geometry. | 


_* The method of conftruting thefe is fhewn by our philofopher, in his comment on the firft 
propofition, as will appear in the fecond volume of this work. 


a 
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C H A P. VIII 
Concerning the Order of Geometrical Difcourfes. 


UT let us now explain the untverfal order of the difcourfes 

contained in geometry. Becaufe then, we affert that this fcience 
confifts from hypothefis *, and demonftrates its confequent propo- 
fitions from definite principles (for one {cience only, I mean the firft 
philofophy, is without fuppofition, but all the reft affume their prin- 
ciples from this) it-is neceffary that he who conftructs the geometrical 
inftitution of elements, fhould feparately deliver the principles of the 
fcience, and feparately the conclufions which flow from thofe prin- 
ciples; and that he fhould render no reafon concerning the nature or 
truth of the principles, but fhould confirm by reafons, the things 
confequent to thefe geometric principles. For no fcience demonftrates 
its own principles, nor difcourfes concerning them; but procures to 
itfelf a belief of their reality, and they become more evident to the 
particular fcience to which they belong than the things derived from 


them as their fource. And thefe, indeed, fcience knows by them- ` 


felves; but their confequents, through the medium of thefe. For 
thus, alfo, the natural philofopher propagates his reafons from a de- 
finite principle, fuppofing the exiftence of motion. Thus too, the 
phyfician, and he who is fkilled in any of the other fciences and arts. 


For if any one mingles principles, and things flowing from principles ` 


into one and the fame, he difturbs the whole order of knowledge, and . 


conglutinates things which can never mutually agree; fince a prin- 
ciple, and its emanating confequent, are naturally diftiné from each 
other. In the firft place, therefore (as I have faid), principles in the 
geometric inftitution are to be diflinguifhed from their confequents, 


which is performed by Euclid in each of his books; who, before 


every treatife, exhibits the common principles of this fcience; and 
afterwards divides thefe common principles into hypothefes, petitions, 
and axioms. For all thefe mutually differ; nor is an axiom, petition, 


® The reader will pleafe to obferve, that the definit‘ons are, indeed, hypothefes, accord. 
ing to the dodirine of Plato, as may be feen in the nore to chap, 1. book I, of this work. 
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and hypothefis the fame, ‘according to the demoniacal Ariftotle ; but 


when that which is afflumed in the order of a principle, is indeed 
Known to the learner, and credible by itfelf, it is an axiom: fuch as, - 
that things equal to the fame, are mutually equal to each other. But 
when any one, hearing another fpeak concerning that of which he 
has no felf-evident knowledge, gives his affent to its aflumption, 
this is hypothefis. For that a circle is a figure of fuch a particular 
kind, we prefume (not according to any common conception) without 
any preceding dorine. But when, again, that which is afferted was 
neither known, nor admitted by the learner, yet is aflumed, then 
(fays he) we call it petition; as the aflumption that all right angles 
are equal. But the truth of this is evinced by thofe who ftudy to 
treat of fome petition, as of that which cannot by itfelf be admitted 
by any one. And thus, according to the dottrine of Ariflotle *, are 
axiom, petition, and f{uppofition diftinguifhed. But oftentimes, fome 
denominate all thefe hypothefes, in the fame manner as the Stoics 
call every fimple enunciation an akiom. So that, according to their . 
opinion, hypothefes alfo will be axioms; but, according to the opinion 


of others, axioms will be called fuppofitions. Again, fuch things as 


flow from principles are divided into problems and theorems. The 
firt, indeed, containing the origin, feGtions, ablations, or additions 
of -figures, and all the affe@ions with which thcy are converfant; 
but the other exhibiting the accidents effential to each figure. For, 


as things effective of fcience, participate of contemplation, in the 


fame manner things contemplative previoufly aflume problems in 
the place of operations. But formerly fome of the ancient mathe- 


-maticians thought that all geometrical propofitions fhould be called 


theorems, as the followers of Speufippus and Amphinomus, believing, 
that to contemplative fciences, the appellation of theorems is more 
proper than that of problems ; efpecially fince they difcourfe concern- 
ing eternal and immutable objets. For origin does not fubfift among 
things eternal: on which. account, problems cannot have any place 
in thefe {ciences ;. fince they enunciate origin, and the production of 
that which formerly had no exiftence, as the conftrudtion of an equi-. 


` In his lat Analytics. See the preceding Difertation. . 
lateral. 
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lateral triangle, or the-defcription of a fquare on a.given right line, 
or the pofition of a right line at a given point. It is better, therefore 
(fay they), to affert that all propofitions are of the fpeculative kind: 
but that we perceive their origin, not by production, but by know- . 
ledge, receiving things eternal as if they were generated ; and on this 
account we ought to conceive all thofe theorematically, but not pro- 
blematically. But others, on the contrary, think that all. fhould De- 
called problems: as thofe mathematicians who have followsd Me- 
nechmus. But that. the office of problems is two-fold, fometimes, . 
indeed, to procure the thing fought; but at other times when they 
have received the determinate object of enquiry, to fee, either what 
it is, or of what kind it is, or what affection it poffeffes, or what its 
relation is to another. And, indeed, the affertions of each are rights 
for the followers of Speulfippus well perceive. Since the problems. 
of geometry are not of the fame kind, with fuch as are mechanical. — 
For thefe are fenfibles, and are endued with origin, and mutation of © 
every kind. And, on the other hand, thofe who follow Menxchmus 
do not diffent from truth: fince the inventions of theorems cannot by 
any means. take place without an approach into matter; I mean in- 
telligible matter. Reafons, therefore, proceeding into this, and 
giving form to its formleds nature, are. not undefervedly faid to be 
affimilated to generations. For.we.fay that the motion of our cogi- 
tation, and the produion of its inherent reafons, is the origin of 
the figures fituated in the phantafy, and of the affeGtions with which 
they are converfant: for there conftru@ions and fedtions, pofitions 
and applications, additions and ablations, exift: but every thing re- 
fident in cogitation, fubfiifts without: origin and mutation. There 
are, therefore, both geometrical problems and theorems. But, be- 
caufe contemplation abounds in geometry, as production in mechanics, 
all problems participate of contemplation; but every thing contem- 
plative is not problematical. For demonftrations are entirely the — 
work of contemplation; but every thing in geometry pofterior to the 
principles, is aflumed by demonftration. Hence, a theorem is more 
common: but all theorems do not require problems; for there are 
fome which poflefs from themfelves the demonftration of the thing | 
fuucht. But others, difinguithing a theorem from a problem, fay,. 

that. 


- 
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that indeed every problem receives whatever is predicated of its mat- 


ter, together with its own oppofite: but that every theorem receives, 
indeed, its fymptom predicate, but not its oppofite. But I call the 


-matter of thefe, that genus which is the fubject of enquiry; as for 
Anftance, a triangle, quadrangle, or a circle: but the fymptom pre- 


dicate, that which is denominated an effential accident, as equality, — 
of feftion, or pofition, or fome other affection of this kind. When, 
therefore, any one propofes to infcribe an equilateral triangle in a 
circle, he propofes a problem: for it is poffible to infcribe one that. 
is not equilateral. But when any one afferts that the angles at the 
bafe of an ifofceles triangle are equal, we muft affirm that he propofes 
a theorem; for it is not poffible that the angles at the bafe of an 
ifofceles triangle fhould be unequal to each other. On which account, 
if any one forming problematically, fhould fay that he withes to in- 
fcribe a right angle in a femi-circle, he muft be confidered as ignorant 
of geometry; fince every angle in a femi-circle is neceffarily a right 
one. Hence, propofitions which have an univerfal fymptom, attend-° 
ing the whole matter, muft be called theorems; but thofe in which 


_ the fymptom is not univerfal, and does not attend its fubje@, muft 


be confidered as problems. As to bife& a given terminated right — 
line, or to cut it into equal parts: for it is poffible to cut it into 


_ unequal parts. To bifect every rectilinear angle, or divide it into 


equal parts; for a divifion may be given into unequal parts. On a 
given right line to defcribe a quadrangle; for a figure that is not 
quadrangular may be defcribed. And, in fhort, all of this kind -be- 
long to the problematical order. But the followers of Zenodotus, 
who was familiar with the doétrine of Oenopides, but the difciple of 
Andron, diftinguifh a theorem from a problem, fo far as a theorem 
enquires what the fymptom is which is predicated of the matter it 
contains; but a problem enquires what that is, the exiftence of which 
is granted. From whence the followers of Poffidonius define a 
thecrem a propolition, by which it is enquired whether a thing exifts 
or not; but a problem, a propofition, in which it is enquired what 
a thing is, or the ‘manner of its exiftence. And they fay that we 
ought to form the contemplating propofition by enunciating, as that 
every triangle has two fides greater than the remaining one, and that 

3 | the 
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the angles at the bafe of every ifofceles triangle are equal: bat we ~ 


muft form the problematical propofition, as if enquiring whether a 


difference, fay they, abfolutely and indefinitely, to enquire. whether 
the thing propofed is from a given point to ere& a right line at’ right 
angles to a given line, and to behold what the perpendicular is: 
And thus, from what has been faid, jt is manifeft there is fome dif- 
ference between a problem and atheorem. But that the elementary 
inftitution of Euclid, alfo, confifts partly of problems, and partly of 
theorems, will be manifeft from confidering the feveral propofitions: 


‘Since, in the conclufion of his demonftrations, he fometimes adds 
(which was to be fhewn) fometimes (which was to be done) the latter 


triangle is to be conftru@ted upon this right line. For there is a . 


fentence being the mark or fymbol of problems, and the former of © 


theorems. For. although, as we have faid, demonftration takes place 
in problems, yet it is often for the fake of generation; for we aflume 
demonftration in order to fhew, that what was commanded is accome 
plifhed: but fometimes it is worthy by itfelf, fince the nature of the 
thing fought after may be brought into the midft. But you will 


find Euclid:fometimes combining theorems with problems, and ufing 
‘them alternately, as in the firft book; but fometimes abounding 


with the one and not the other. For the fourth book is wholly pro- 
blematical; but the fifth is entirely compofed from theorems. And 
thus much concerning the order of geometrical propofitions. 


C H A P. IX, 


Goncerning the Defign of the firf Book,—its Divifion—and a previous 
Admonition to the Reader. . 


UT, after thefe confiderations, when we have determined the l 
defign of the firft book, and have exhibited its divifion, we- fhall : 
_ enter upon the treatife of the definitions. The defign, then, of this 


book, is to deliver the principles of the contemplation of right lines. 


For though a circle, and its confideration, is more excellent than the ` 
effence and knowledge of right lines, yet the do@rine concerning . 


f 


thefe is more adapted to us, who are haftening to transfer our cogi- _ 


tation : 
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tation from more imperfect and fenfible natures, to fuch as are intelfi- 
gible. For, indeed, right lined figures are proper to fenfibles, but a 
circle to intelligibles. Becaufe that which is fimple, uniform, and 
definite, is proper to the rature of the things which are: but that 
which is various, and which increafes indefinitely from the numter 
of its containing fides, regards the fluctuating effence of fenfible 
particulars. Hence, in this book, the firft and moft principal 
of right lined figures are delivered ; I mean the triangle and parallel- 
logram. For in thefe, as under their proper genus, the caufes of 
the elements are contained: viz. the ifofceles and f{calene, and thofe 
which are formed from thefe, the equilateral triangle, and the qua- 
drangle, from which the four figures of the elements are compofed. 
We fhall find, therefore, as well the origin of the equilateral triangle 
as of the quadrangle; of the laft, indeed, upon, but of the firft from 
a given right line. [* An equilateral triangle, therefore, is the 
proximate caufe of the three elements, fire, air, and water: but a 
quadrangle is “annexed-to earth. And laly, the defign of the firft 
book -is adapted to the whole treatife, and confers to the univerfal 
knowledge of the mundane elements. Befides, it inftructs learners 
in the fcience concerning right-lined figures; fince it rightly invents, 
and accurately collects, the firft principles of thefe. 
But this book is divided into three’ greateft parts, of which the firft. 
declares the origin and properties of triangles, as well according to 
angles, as alfo according to fides. Befides,; it makes mutual com- 
parifons of thefe, and beholds every one by itfelf. For receiving 
one triangle, fometimes it confiders the angles from the fides; but. 
fometimes the fides from the angles: and this according to equality 
and inequality. And fuppofing two triangles, it difcovers the fame 
Property again, by various methods. But the fecond part combines 
the contemplation of parallelograms, defcribing their properties and - 
generations. And the third part fhews the communication of triangles 


~ * That part of this work enclofed within the brackets, is wanting in the original; which I 
have retlored trom the excellent verfion of Barocius. The ph:lofophical reader, therefore, of 
the original, who may nor have Barocius in his poffetfion, will, I hope, be pla‘ed, to fee fo 
great a vacancy fupplied ; efpecially, as it contains the beginn'ng of the commentary on the 
wdchaition of a puint. 


and l 
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and parallelograms, both in fymptoms and mutual comparifons. 
For it fhews that triangles and parallelograms conftituted on the fame 
and on equal bafes, are affeted with the fame paffions; and by 
complication, when both ftand upon one bafe : and again, after what 
manner a parallelogram may be made equal to a triangle; and laftly, 
concerning the proportion which in right angled triangles, the fquare 
made from the fide ‘fubtending, has to the fquares containing the 
right angle. And fuch is the divifion of the firft Book. : 

But, previous to our enquiry into each of thefe parts, we think it 
Fequifite to admonifh the reader, that he muft not require of us, thofe 
{mall affumptions, and cafes, and whatever elfe there may be of that 
kind, which has been divulged by our predeceffors. For we are 
fatiated with thefe, and fhall, therefore, but rarely adopt them in 
our difcourfe. But whatever has a more difficult contemplation, and 
regards univerfal philofophy, of this we fhal}. make a particular 
relation: imitating the Pythagoreans, with whom this enigma was 
common, “ a * figure and a ftep: but not a figure and three oboli.” 
` fhewing by this, that it is requifite to purfue that philofophy which 
afcends every theorem by a ftep, and raifes the foul on high; but 
does-not fuffer it to remain among fenfibles, to fill up the ufe attendant 
on mortals, and, confulting for this, to neglect the elevation which 
rifes from hence to an intelligible eflence. 

* I do not find this enigma among the Pythagoric fymbols which are extant; fo that it is 


probably no where mentioned but in the prefent work. And I am forry to add, that a fgure 
aid three oboli, is too much the general cry of the prefent times.. 
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DEFINITIONS 
DEFINITION L 


A Point is that which has no PARTS. 


HAT geometry, according to the tranfition which takes place 

from things more compofite to fuch as are more fimple, runs 

from body, which is diffufed into diftance by three dimenfions, to a 
{fuperficies by which it is bounded ; but from fuperficies to a line, the 
boundary of fuperficies; and from a line to a point deftitute of all 
dimenfion, has been often faid, and is perfe&ly manifeft. But becaufe 
thefe terms, in many places, on account of their fimplicity, appear 
to be more excellent than the nature of compofites; but in many, as 
e when they fubfift in things which they terminate, they are fimilar to 
accidents, it is neceflary to determine in what genera of beings each 
of thefe may be beheld *. I fay then, that fuch things as are deftitute 
of matter, which fubfift in feparate reafons, and in thofe forms which 
are placed under themfelves, are always allotted a fubfiflence of more 
fimple effences, fuperior to the fubfiftence of fuch as are more com- 
polite. On this account, both in intellect, and in the ornaments, as 
well of the middle kind as among thofe peculiar to the foul, and in 
natures themfelves, the terms which proximately vivify bodies, excel 
according to effence the things which are terminated ; and are more 
impartible, more uniform, and more primary than thefe. For in 
immaterial forms, unity is more perfect than multitude; that which 


* The prefent Comment, and indeed moft of the following, eminently evinces the truth of 
 Kepler’s obfervation, in his excellent work, De Harmonia Mundi, p. 118. For, fpeaking of our | 
author’s compofition in the prefent work, which he every where admires and defends, he 
remarks as follows, ‘oratio fluit ipfi torrentis inftar, ripas inundans, et ceca dubitationum vada 
gurgitefque occuleans, dum mens plena majeftatis tantarum rerum, ludtatur in angufliis linguæ, 
et conclufio nunquam fibi ipfi verborum copia fatisfaciens, propofitionum fimplicitatem excedir.” 
But Kepler was fkilled in the Platonic philofophy, and appears to have been no lefs acquainted 
with the great depth of our author’s mind than with the magnificence and fublimity of his 
language. Perhaps Kepler is the only inflance among the moderns, of the philofophical and 
mathematical genius being united in the fame perfon. 


is 
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is impartible, than that which is endued with unbounded progreffion; 
and .that which terminates, than that which receives bound from 
another. But fuch things as are indigent of matter, and abide in 
others, and degenerate from the perfe@tion of their effence, which are 
- feattered about fubjects, and have an unnatural union, are allotted 
“more compofite reafons, prior to fuch as are more fimple. Hence, 
things which appear in the phantafy invefted with form, and the 
matter of .the figures which the phantafy contains, and whatever in 
fenfibles is generated by nature, have, in a preceding order, the reafons 
of the things terminated ; but the reafons which terminate, in a fol- 
lowing and adventitious rank *,] For left that which is diftributed into 
three dimenfions, fhould be extended into infinite magnitude, either 
according to intelligence or fenfe, it was every way terminated by 
fuperficies. And left a plane fuperficies fhould conceal itfelf in an 
infinite progreffion, a line approaching oppofed its diffufion, and gave 
bound to its indefinite extenfion. And, in like manner, a point 
limited the progreffions of a line; compofite natures deriving their 
fubfiftence from fuch as are fimple. For this alfo is again manifett, 
that in feparate forms the reafons of terms fubfiftin themfelves, but 
not in thofe which are terminated; and abiding fuch as they are in 
reality, poflefs a power of conftituting fecondary natures. But, in 
infeparable forms they give themfelves up to things which are termi- 
nated, refide in them, become, as it were, their parts, and are reple- 
nifhed with bafer natures. On which account, that which is. impartible 
is there endued with a rfartible effence, and that which is void of 
latitude is diffufed into breadth. And terms are no longer able to 
preferve their fimplicity and purity. For fince they abide in another, 
they neceflarily change their own nature into the matter of their 
containing fubje&. Matter, indeed, difturhs the perfection of thefe, 
and caufes the reafon of a plane to become a profound plane; but 
obfcuring the one dimenfion of a line, caufes it to be every way part- 
ible; and gives corporeity to the indivifibility of a point, and fepa- 
rates it fogether with the natures which it terminates. For all thefe 
reafofis falling into matter, the one kind from cogitation into intelli- 


* That is, the reaʻon of a triangular figure (for inftance) in the phantafy, or as itfelf, 
is fuperior to the triangular nature participated in that figure. 
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gible matter, but the other from nature into that which is fenfible, 
are replenifhed with their containing fubjedts; and depart from their 
own fimplicity, into foreign compofitions and intervals. But here a 
doubt arifes how all thefe, exifting in intelle& and foul in an impartible 
manner, and without any dimenfion, are diftributed into matter, fome 
indeed, principally, but others on account of its nature? Shall we 
fay that there is a certain order in immaterial forms, fo that fome are 
allotted the firft, fome the middle, and others the laft place; and 
that of forms fome are more uniform, but that others are more mul- 
tiplied ; and that fome have their powers collected together, but others 
tending into interval; and that fome, again, border upon bound, but 
that others are proximate to infinity? For though all participate of 
thefe two principles, yet fome originate from bound, but others from 
infinity, of which they more largely participate. Hence, a point is 
entirely impartible, fince it fubfifts according to bound, yet it occultly 
contains an infinite power, by which it produces every interval, and 
the progreffion of all intervals, unfolds its infinite power. Eut body, 
and the reafon of body, participates more of an infinite nature; on 
which account it is among the number of things terminated by an- 
other, and divifible in infinitum, according to all dimenfions, But the 
mediums between thefe, accordihg to the diftance of the extremes, 
are either among the number of things which have an abundance of 
bound; or among fuch as have an affluence of infinity: on which 
account they both terminate and are terminated. . For, indeed, fo far 
as they confift from bound, they are able to terminate others; but fo 
far as they participate of infinity, they are indigent of termination 
from others, Hence, fince a point is alfo a bound, it preferves its 
proper power in participation: but dnce it likewife contains infinity 
occultly, and is compelled to be every where prefent with the natures 
which it terminates, it refides with them infinitely. And, becaufe 
among immaterial forms there was a certain infinite power capable 
of producing things diftant from each other by intervals, a point is 
prefent with its participants in capacity. For infinity in intelligibles 
is the primary caufe and prolific power of the univerfe; but in ma- 
terial natures it is imperfect, and is alone all things in dormant 
capacity. And in fhort, thofe forms which, on account of their 

fimplicity 
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fimplicity and impartibility, hold a fuperior rank among principles, 
preferve, indeed, (in conformity to their nature,) their own property 
in their participations, but become worfe than more compofite reafons. ' 
For matter is able to participate thefe more clearly, and to be prepared 
for their reception, rather than that of the moft fimple caufes of 
beings. On which account, the veftigies of feparate principles de- 
{cend into matter; but the participations-of thofe in a fecond and 
third order, become more confpicuous. Hence, matter participates 
more of the caufe of body, than of a plane; and of this more than the 
form of aline; and of this ftill more than that of a point, which con- 
tains all thefe, and is the boundary of them all. For the reafon of a _ 
point prefides over this whole feries, unites and contains all partible 
natures, terminates their progreflions, produces them all by its infinite 
power, and comprehends them in its indivifible bound. a On ‘which 
account alfo, in the images of immaterial forms, fome are the bound- 
aries of others; but a point is the limit of them all. But that we 
muf not think with the Stoics, that thefe boundaries of bodies alone 
fubGift from cogitation; but that there are certain natures of this kind 
among beings, which previoufly contain the demiurgical reafons of 
things, we fhall be enabled to remember, if we regard the whole 
world, the convolutions of its parts, the centres of thofe convolutions, 
and the axes which penetrate through the whole of thefe revolving 
circles. For-the centres fubfift in energy, fince they contain the 
fpheres, preferve them in their proper ftate, unite their intervals, and 
bind and eftablifh to themfelves the powers which they poffefs. But 
the axes themfelves being in an immoveable pofition, evolve the 
fpheres, give them a circular motion, and a revolution round their 
own abiding nature. And the poles of the {pheres, which both ter- 
minate the axes, and bind in themfelves the other convolutions, do 
they not perfpicuoufly evince, that points are endued with demuiurgical 
and capacious powers, that they are perfeCtive of every thing diftant 
by intervals, and are the fources of union, and an unceafing motion? 
From whence, inceed, Plato * alfo fays, that they have an adamantine 
fubhftence; fhewing by this, the immutable, eternal, and ftable power 


* In the tenth book of his Republic. 
of 
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of their effence, ever preferving itfelf in the fame uniform mode of 
exiftence. He adds too, that the whole fpindle of the Fates, is turned 
about thefe, and leaps round their coercive union. But other more 
recondite and abftrufe difcourfes affirm, that the demiurgus prefides 
over the world, feated in the poles, and, by his divine love, converting 
the univerfe to himfelf. But the Pythagoreans thought that the pole 
fhould be called the Seal of Rhea *; becaufe the zoogonic, or vivific 
goddefs, pours through thefe into the univerfe, an inexplicable and 
efficacious power. And the centre they called the prifon of Jupiter ; 
becaufe, fince Jupiter has placed a demiurgical guard in the bofom of 
the world, he has firmly eftablifhed it in the midft. For, indeed, the . 
centre abiding, the univerfe poffeffes its immoveable ornament, and 
unceafing convolution: and the gods who prefide over the- poles, 
obtain a power collective of divifible natures, and unific of fuch as are 
multiplied: and thofe who are allotted the government of the axes, 
reftrain and eternally evolve their perpetual convolutions. And, if it 
is lawful to offer our own opinion on this fubje&, the centres and 
poles of all the fpheres are the fymbols of the conciliating gods, 
fhadowing forth their imperceptible and unifying compofition.. But 
the axes exprefs the coherencies of the univerfal ornaments; and are 
endued with a power of comprehending the mundane integrities and 
periods, in the fame manner as their prefiding deities, of fuch as are 
intelle€tual. But the fpheres themfelves are images of the gods, call- 
ed perfectors of works, copulating the principle with the end, and 
‘excelling all figures in fimplicity, fimilitude, and perfe€tion. But 
we have been thus prolix, that we might evince the power of impar- 
tibles, and of the terms which the world contains, and that fo far as 
they bear an image of primary and moft principal caufes, they are 
allotted the moft excellent order in the univerfe. For centres and 
poles are not of the fame kind with things which are terminated ; but . 
they fubfift in energy, and poffefs an effence, and perfec& power, 
which pervades through all partible natures. But many beholding 
thofe terms which imperfectly fubfiit in terminated effences, confider 
them as endued with a flender fubfiftence ; and fome indeed fay, that 


* See the Hymn to the Mother ofahe Gods, in my tranflation of the Orphic Initiations. 
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they are alone feparated from fenfibles by thought; but others, that 
they have an effence no where but in our thoughts. However, fince 
the forms of all thefe are found both in the nature of intellect, in the 
ornaments of foul, in the nature of things, and in inferior bodies, let 
us confider how, according to the order they contain, they fubfift in 
the genera of beings. And indeed, all of them pre-exift in intellect, 
but in an impartible and uniform manner: fo that they all fubfiit 
according to one form, the reafon of a point, which exifts occultly 
and impartibly. But they all fubfift in foul according to the form of 
a line: on which account Timzus alfo compofes the foul from right 
and circular lines: for every circle is a line alone *. But they all 
fubfift in natures, according to the reafon of a plane; and on this 
account, Plato commands us to manifeft thofe natural reafons, which 
are endued with a power of conftituting bodies by a plane. And 
the refolution of bodies into planes leads us‘to the proximate caufe 
of appearances, Laftly, they all fubfift in bodies, but in a corporeal 
manner ; fince all forms have their being in thefe, according to the 
partible nature of bodies. Hence,'all of them appear every where, 
and each according to its proper order ; and diverfity arifes from pre- 
dominating power. The point, indeed, is every where impartible, 
and when that which is divifible into parts, excels according to the 
‘diminution of beings, it vindicates to itfelf, an illuftrious fubfiftetice 
of partible natures. And fometimes the point is entirely fuperior, 
according to the excellence of caufe; but fometimes it is connedted 
_ with divifibles, and fometimes it is allotted in them an adventitious 
exiftence ; and, as if {wallowed up by the. partition of the loweft na- 
tures, lofes its own proper impartibility. As, therefore, with refpect 
to the monad, one + is the mother of number, but the other is as 

* The philofopher here feems to contradi&t what he sfferts in the end of his comment on 
the :3th Definiticn: for there he afferts, that the circle is a certain plane fpace. Perhaps he 
may be reconciled, by confidcring, that as the circle fubfifts moft according to bound, when 
we fpeculate its fence in this refpect we may define it according to the circumference, which 


-is the caufe of its bound. But when we confider it as participating of infinity alfo, though not 
in fo eminent a degree, and view it from its emanations from the centre as well as in its 
reg-effions, we may define it a plane fpace. 

4 That is, the effential one of the foul is the mother of number; but that which fubfifts in 
opinion ts nothing more than the receptacle of the former; juft as matter is. the feat of all 
forms. For a farther account of the fublitt. nce of numbers, fee the firi fection of the preced- 
jag Differtation. 

matter 





27200 COMMENTARIES OF PROCLUS. 


matter {pread under, and the receptacle of numbers; and each of them 
fs a principle, (yet neither of them is number), but in a different re- 
fpect: inthe fame manner a point alfo, is partly the parent and author 
of magnitudes; but is partly a principle in another refpe@, and not 
according to a generative caufe. But is a point, then, the only im- 
partible? Or may we affirm this of the now in time, and of unity in 
numbers? Shall we not fay, that to the philofopher, indeed, dif- 
courfing concerning the univerfality of things, it is proper to behold 
every thing, however falling under diftribution; but that to him who 
is endued with the {cience of particulars, who produces his. contem- 
plation from certain definite principles, and runs back even to thefe, 
but very little {crutinizes the progreffions of beings, it is requifite to 
attempt, confider, and treat concerning that impartible nature alone, 
which regards his firft principles; and to behold that fimplicity which 
prefides over all the particular fubjeQs of his knowledge? In confe- 
quence of this reafoning, therefore, a point alone, according to the 
geometric matter, is deftitute of partition; but unity according to that 
which is arithmetical. And the reafon of a point, however in fome 


other refpedts it may. be imperfed, yet is perfe& in the prefent fcience., 


For, indeed, the phyfician alfo fays, that the elements of. bodies are 
fire and water, and things fimilar to thefe; and as far as to thefe the 
refolution of bodies proceeds. But the natural philofopher paffes on 
to more fimple elements; and the one defines an element fimple as to 
fenfe, but the other fimple as to reafon; and both of them properly as 
to their peculiar fcience. We muft not, therefore, think that the 
definition of a point is faulty, nor determine it as imperfe& ; for fo 
far as pertains to the geometric matter, and its principles, it is fuf- 


ficiently delivered. This alone, indeed, is wanting to its eompletion, 


that the definition does not clearly fay, that which ts impartible with 
- meis a point; and my principle, and that which I contain as mof fimple, 
îs nothing elfe than this. And after this manner it is proper to hear 


the geometrician addreffing us. Euclid, therefore, from a negation - 


of parts, declares to us a principle, leading to the theory of its whole 
fubje& nature. For negative difcourfes are proper to principles, as 
Parmenides teaches us, who delivers the doctrine concerning the firft 


and laft caufe, by negations alone. Since every principle confilts of 
an 
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an effence different from its flowing confequents; and the negations 
of thefe exhibit to us the property of their fource. For that it is, 
indeed, the caufe of thefe, yet at the fame time has nothing in eommor 


with thefe, becomes perfpicuous from a do@rine of this kind. But 


here a doubt may arife, how, fince the phantafy receives afl things 


invefted with forms, and in a partible manner, the geometrician be- 


holds in it the point deftitute of parts? For it ts not becaufe they are 
reafons exifting in cogitation, but the phantafy receives the refem- 
blances of intelle€tual and divine forms according to its own proper 
nature, exhibiting in its fhadowy bofom the forms of formlefs natures, 
and clothing with figure things entirely free from the affections of ° 
figure. To this ambiguity we muft fay, that the fpecies of imagi- 
native motion is neither alone partible, nor impartible; but that it- 
proceeds from the impartible to the partible, and from the formlefs 
nature to that which is expreffed by form. For if it was partible 
alone, it could not preferve in itfelf many impreffions of forms, fince 
the fubfequent would obfcure the pre-exiftent figures: for no body tan 
contain at once, and according to the fame fituation, a multitude of 


‘figures; but the former will be blotted out by the fuccéflion of the 


latter. But if it was alone impartible, it would not be inferior to 
cogitation, and to foul, which furveys all things in an impartible man- 
ner. Hence, it 1s neceflary that it fhould indeed begin from an im- 
partible according to its motion, and from thence draw forth the 
folded and fcattered form of every thing falling under cogitation, and 
penetrating to its fhadowy receptacle: but, that it fhould at length 
end inform, figure, and interval. And if it be allotted a nature of 
this kind, it will, after a certain manner, contain an impartible effence: 
and a point, according to this, muft be faid to have its principal fub- 
fiftence: for the form of a line is contraéted in the phantafy according 
to this. Hence, becaufe it poffeffes a twofold power, impartible and — 
partible, it will indeed contain a point in an impartible, and intervals. — 
in a partible manner. But as the Pythagoreans define a point to be 
unity having pofition, let us confider what they mean. That num- 
bers, indeed, are more immaterial and more pure than magnitudes, 
and that the principle of numbers is more fimple than the principle 
of magnitudes, is manifeft to every one: but when they fay that a 
Vor. IL | R point 
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point is unity endued with pofition, they appear to me to evince that 
unity and number fubfift in opinion: I mean monadic number *. On 
which account, every number, as the pentad and the heptad, is one 
in every foul, and not many; and they are deftitute of figure and 
adventitious form. . But a point openly prefents itfelf in the phantafy, 
fubfifts, as it were, in place, and is material according to intelligible 
matter. Unity, therefore, has no pofition, fo far as it is immaterial, 
and free from all interval and place: but a point has pofition, fo far 
as it appears feated in the bofom of the phantafy, and has a material 
fubfiftence. But unity is ftill more fimple than a point, on account 
of the community of principles. Since a point exceeds unity accord- 
ing to pofition; but appofitions in incorporeals produce diminutions 
of thofe natures,’ by which the appolitions are received. 


DEFINITION I. 
A Line is a Length without Breadth. 


Line obtains the fecond place in the Definitions, as it is by far 


the firt and moft fimple interval, which the geometrician 


calls a length, adding alfo without breadth; fince a line, in refpe& of 
a fuperficies, ranks as a principle. For he defines a point, as it is 
, the principle of all magnitudes, by negation alone; but a line, as 
well by affirmation as by negation. Hence it is a length, and by 
this exceeds the impartibility of a point; but it is without breadth, 
becaufe it is feparated’ from other dimenfions. For, indeed, every 
thing which is void of breadth, is alfo deftitute of bulk, but the con- 
trary 18 not true, that every thing void of bulk is alfo deftitute of 
breadth. Since, therefore, he has removed breadth from a line, he 
has alfo removed at the fame time bulk.. On which account he does 
not add, that a line alfo has no thicknefs, becaufe this property is 
confequent to the notion of being without breadth. But it is defined 
by others in various ways: for fome call it the flux of a point, but 


others a magnitude contained by one interval. And this definition, 


© That is, number com; ofed from units. 


indeed, 
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indeed, is perfect, and fufficiently explains the effence of a line; but 
that which calls it the flux of a point, appears to manifeft its nature 
from its producing caufe; and does not exprefs every line, but alone: 
that which is immaterial. For this is produced by a point, which 
though impartible itfelf, is the caufe of being to partible natures. 
But the flux of a point, fhews its progreflion and prolific power, 
approaching to every interval, receiving no detriment, perpetually 
abiding the fame, and affording effence to all partible magnitudes. 
However, thefe obfervations are known, and manifeft to every one. 
But we fhall recall into our memory, difcourfes more Pythagorical, 
which determine a point as analogous to unity, a line to the duad, a 
fuperficies to the triad, and body to the tetrad. [* Yet when we 
compare -thofe which receive interval together, we {hall find a line 
monadic; but a fuperficies dyadic, and a folid body triadic.] From _ 
whence alfo, Ariftotle t fays, that body is perfected by the ternary 
number. And, indeed, this is not wonderful, that a point, on account 
of its impartibility, fthould be aflimilated to unity; but that things 
fubfequent to a point, fhould fubfift according to numbers proceeding 
from unity, and fhould preferve the fame proportion to a point, as 
numbers to unity; and that every one fhould participate of its proxi- 
mate fuperior, and have the fame proportion to its kindred, and 
following degree, as the fuperior to this, which is the immediate 
confequent. [t For example, that a line has the order of the duad 
with refpeé to the point, but of unity to a fuperficies ; and that this 
laft has the relation of a triad to the point, but of the duad to a folid. ] 

And on this account, body is tetradic, with refpe& to a point, but | 
triadic as to a line. Each order, therefore, has its proportion; but 
the order of the Pythagoreans is the more principal, which receives 
its commencement from an exalted fource, and follows the nature of 
beings. For a point is indeed twofold; fince it either fubfifts by itfelf, 
or in a line; in which laft refpe@ alfo, fince as a boundary it is alone 
and one, neither having a whole nor parts, it imitates the fupreme: 


* This fentence within the brackets, is wholly one in its printed Greck. 

t Ini. De Calo. 

t This fenrence within the brackets, which is very imperfect in- the Gieek, I have fupplied 
from the excellent tranflation of Barocius. In the Greck there is nothing more than Alyw di 
eror Tn? yeapuny Suades argos TO Sigtór, l 
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nature Of beings. On which account too, it was placed in a corre» 
{pondent proportion to unity. * For as the oracle fays, Unrty is there 
frh, where the paternal unity abides. But a line is the firt endued 
with parts and a whole, and it is monadic becaufe it is diftant by 
one interval only; and dyadic on account of its progreffion: for if it 
be infinite, it participates of the indefinite duad; but if finite, it re- 
quires two terms, from whence and to what place; fince, on account: 
of thefe it imitates totality, and is allotted an order among totals. For 
unity, according to the oracle, is extended +, and generates two; and 
this produces a progreffion into longitude, together with that which is 
diftant extendedly, and with one interval, and the matter of the duad. 
But fuperficies, fiùce it is both a triad and duad, as alfo the recep- 
tacle of the primary figures, and that which receives the firft form 
and fpecies, is in a certain refpect fimilar to the triadic nature, which 
firft terminates beings; and to the duad, by which they are divided 
and difperfed. Buta folid, fince it has a triple diftance, and is dif- 
tinguifhed by the tetrad, which is endued with a power of compre- 
hending all reafons, is reduced to that order in which the diftinGion 
of corporeal ornaments appears ; as alfo the divifion of the univerfe 
into three parts, together with the tetradic property, which is gene- 
rative-and female. And thefe obfervations, indeed, might be more 
largely difcuffed, but for the prefent, muft be omptted.. Again, the 
difcourfe of the Pythagoreans, not undefervedly, calls a line, which 
is the fecond in order, and is conftituted according to the firft motion 
from an impartible nature, dyadic. And that a point is pofterior to 
unity, a line to the duad, and a fuperficies to the triad, Parmenides 
himfelf thews, by firt of all taking’ away multitude from one -by 
negation, and afterwards the whole. Becaufe, if multitude is before 
that which is a whole, number ało will be prior to that which is 
continuous, and the duad to the line, and unity to the point: fince 
the epithet ot many, belongs to unity which generates multitude, but 


* In the Greek, yag H poras ix? mouton, Sere waleh poraç isi Qno? rd acyiore ‘The latter part 
only of this oracle, is to be found in all the printed editions of the Zoroaftrian oracles ;- though 
it is wonderful how this omiffion could efcape the notice of fo many able critics, and learned 
men. It feems probable, from hence, that it is only to be found perfect in the prefeat work. 

+ The word taran, is omitted in the Greek, © 
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to the point, the term not a whole, is proper, becaufe it produces a 
whole; for this is faid to have no part. And thefe things are afirmed. 
of a line, while we more accurately contemplate its nature. But we 
fhould alfo admit the followers of Apollonius, who fay, that we 
obtain a notion of a line, when we are ordered to meafure the lengths. 
alone, either of ways or walls; for we do not then fubjoin either 
breadth or buik, but only make one diftance the objet of our cone 
fideration, Im the fame manner we perceive fuperficies, when we 
- meafure fields; and a folid, when we take the dimenfions of wells. 
For then, colleGting all the diftances together, we fay, that the {pace. 
of the well is fo much, according to length, breadth, and depth. But 
a line may become the object of our fenfation, if webehold the divi- 
fions of lucid places from thofe which are dark, and furvey the mioon 
when dichotomized: for this medium has no diftance with refpe@ to 
latitude ; but is endued with longitude, which is extended together 

with the light and fhadow. l 


DEFINITION TII 


But the Extremities of a Line are Points. 


VERY compofite receives its bound from that which is fimple,, 

and every thing partible from that which is impartible; and the 
images of thefe openly prefent themfelves in mathematical principles. 
For when it is faid that a line is terminated by points, it feems mani- 
feftly to. make it of itfelf infinite, becaufe, on account of its proper 
progreffion, it has no extremity. As, therefore, the duad.is terminated. 
by unity, and reduces its own intolerable boldnefs under bound, when 
it is reftrained in its comprehenfive embrace : fo a line alfo is limited 
by the pointa which it contains. For, fince it is fimilar to the duad, 
it participates of a point haying the relation of unity, according to the 
nature of the duad. Indeed, in imaginative, as weH as in fenfible 
forms, the points themfelves terminate the lines in which they relfide.. 
But in immaterial forms, the reafon of the impartible point. pre-exitts. 
{eparate and. apart ; but when proceeding: from ‘thence by far the firt. . 


of all, by determining itfelf with interval, moving itfelf, and flowing. 
ini 


s 
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in infinite progreffion, and imitating the indefinite duad, it is refrained 
indeed, by its proper principle, is united by its power, and on every 
fide feized' by its coercive bound. Hence it is, at the fame time, both 
infinite and finite: infinite, indeed, according to its progreffion; but 


finite according to its participation of a terminating caufe. So that, 


when it approaches to this caufe, it-is detained in its comprehenfion, 
and is terininated according to its union. Hence too, in the images 
of incorporeal forms, a point is faid to terminate a line, by occupying 
its beginning and end. Bound, therefore, in immaterials, is feparated 
from that which is bounded: but here it is twofold; for it fubfifts in 
that which is terminated. And this affords a wonderful fymptom, 
that forms, indétd, abiding in themfelves, precede their participants 
according to caufe; but when giving themfelves up to their fubordi- 
nate - natures, -fubfift according to their diverfified properties: fince 
they.are multiplied and diftributed together with thefe, and receive the 
divifion of their fubje@ts. Befides, this alfo muft be previoufly received 
concerning a line, that our geometrician ufes it in a threefold accep- 
tation. As terminated on both fides, and finite; as in the problem * 
‘which fays, Upon a given terminated right line to conftru& an equi- 
lateral triangle. And as partly infinite and partly finite; as in the 
problem which commands us from three right lines, which are equal 
to three given right lines, to conftru& a triangle; for in the con- 
ftruction of the problem, he fays, Let there be placed a certain right 
line, on one part finite, but on the other part infinite. And again, 
a line is received hy Euclid as on both fides infinite; as in the pro- 
blem which fays, Upon a given infinite right line, from a given point, 
which is not in that line, to let fall a perpendicular. But, befides 
this, the foHowing doubts, fince they are worthy of folution, mutt 


* This and the following problems, are the 1ft, 22d, and 12th propofitions of the firit book. 
But in the two laft, inftead of the word azagas or infinite, which is the term employed by Euclid, 
Mr. Simfon, in his edition of the Elements, ufes the word unlimited. But it is no unufual 
thing with this great geometrician, to alter the words of Euclid, when they convey a philofo- 
phical meaning; as-we fhall plainly evince.in the courfe of thefe Commentaries. He certainly 
deferves the greateft praife for his zealous attachment to the ancient gcomerry : but he would 
(in my opinion) have deferved {till more, had he been acquainted with the Greek phi!ofophy ; 
and fathomed the depth of Proclus; for then he would never Lave attempted to reftore Euclid’s 
Elements, by depriving them of fome very confiderable beautica. 


not 
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not be omitted. How are points called the extremities of a line? and 
of what line, fince they can neither be the bounds of one that is 
infinite, nor of every finite? For there is a certain line, which is both 
finite, znd has not ‘points for its extremities. And fuch isa circular 
line, which returns into itfelf, and is not bounded by points, like a 
right line. And fuch alfo is the ellipGis, or line like a fhield. ‘Is it. 
therefore requifite to behold a line, confidered as a line? for we muft 
receive a certain circumference, which is terminated by points, and a 
part of the elliptic line; having, in like manner, its extremities bounded 
by points. But every circular and eliptic line, affumes to itfelf an- 
other certain property, by which it is not line alone, but is alfo endued 
with a power of perfeting figure *. Lines, themfelves, therefore, 
have their extremities terminated by points; but thofe which are 
effeGtive of fuch like figures, return into themfelves. And, indeed, 
-if you conceive them to be defcribed, you will alfo find how they are. 
bounded by points; but if you receive them already defcribed, and 
connect the end with the beginning, you can no longer behold their — 
extremes. 


DEFINITION IV. 


A Right, Line, is that which is equally fituated between 
its bounding Points. 


pier: eftablifhing two moft fimple and principal fpecies of lines, 
the right and the circular, compofes all the reft from the mixture 
of thefe; I mean fuch as are called curve lines, fome of which are 
formed from planes; but others fubfift about folids; and whatever 
fpecies of curve lines are produced by the fe&ions of folids. Andit 
feems, indeed, that a point (if it be lawful fo to fpeak) bears an image 
of the one itfelf, according to Plato: for unity has no part, as he alfo 
fhews in the Parmenides. But, becaufe after unity itfelf there are 
three hypoftafes, or fubftances, bound, infinite, and that which is 


* This is doubtlefs the reafon why the proportion between a right and circular line, cannot 
be exactly obtained in numbers: for on this hypothefis, they muft be incommenfurable quan- 
tities; becaufe the one contains a property effentially different from the other. 


mixed — 
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mixed from thefe, the fpecies of lines, angles, and figures, which 
fubfift in the nature of things originate from thence. And, indeed, 
a‘circumference and a circular angle, and a circle among plane figures, 
and a {phere among folids, are analogous to bound. But a right line 
correfponds to infinity, according to all thefe; for it properly be- 
longs to all, if it is beheld as exifting in each. But that which is 
mixed in all thefe, is analogous to the mixt which fubfifts among 
intelligibles. For lines are mixed, as thofe which are called fpirals. 
And angles, as the femi-circular and cornicular *. And plane figures, 
as fegments and apfides ; but folids, as cones and cylinders, and others 
of that kind. Bound, therefore, infinite, and that which is mixed, 

are 


* The comicular angle is that which is made from the periphery of a circle and its tangent; 


G 





that is, the angle comprehended by the arch L A, and the right line F A, which Euclid in 
(16. 3+) proves to be lefs than any right-lined angle. And from this admirable propofition it 


- follows, by a legitimate confequence, thar any quantity msy te continually and infinitely in- 


creafed, but another infinitely diminifhed ; and yet the augment of the firft, how great foover 
it may be, fliall always be lefs than the decrement of the fecond: which Cardan demonftrates 
as follows. Let there be propofed an angle of contact B A E, and an acute angle HG I. 
Now if there be other leffer circles defcribed A C, AD, the angle of contaét will be evidently 
increafed. And if between the right lines G H, G 1, there fall ather right lines G K, GL, 
the acute angle fhall be continually diminifhed: yet the angle of contact, however incrcafed, is 
always lefs than the acute angle, however diminithed. Sir Ifaac Newton likewife ob/erves, in 
his Treatife on Fluxions, that there are angles of contaét made by other curve lines, and their 
tangents infinitely lefs than thofe made by a circle and right line; all which is demonflrably 
certain: yet, fuch is the force of prejudice, that Mr. Simfon is of opinion, with Vieta, that 
this part of the 16th propofition is adulterated; and that the fpace made by a circular line and 
its tangent, is no angle. Ar leaft his words, in the note upon this propofition, will bear fuch 
aconftruction. Pecletarius was likewile of the fame opinion ; but is claborately confuted by the 
excellent Clavius, as may be feen in his comment on this propofitian. But all the difficulties 
and paradoxes in this affair, may be eafily folved and admitted, if we confider, with our philo- 


fopher 
8 
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are participated by all thefe. But Ariftotle * likewife affents to Plato; 
for every fpecies of lines, fays he, is either right or circular, or mixed 
from thefe two. From whence alfo there are three motions, one 
according to a right line; the other circular; and the third mixed. 
But fome oppofe this divifion, and fay that there are not two fimple 
lines alone, but that there is a certain third line given, i. e. a helix 
or {piral, which is defcribed about a cylinder t, when, whift a right 
line is moved round the fuperficies of the cylinder, a point in the line 
is carried along with an equal celerity. For by this means, a helix, 
or circumvolute line, is produced, which adapts all the parts of itfelf 
to all, according to a fimilitude of parts, as Apollonius fhews in his 
book concerning the Cochlea ; which paflion, among all {pirals, agrees 
to this alone. For the parts of a plane helix are difimilar among 
themfelves; as alfo of thofe which are defcribed about a cone and 
fphere. But the cylindric fpiral alone, confifts of fimilar parts in the 
fame manner as a right and circular line. Are there, then, three 
fimple lines, and not two only? To which doubt we reply, that a 
helix of this kind is, indeed, of fimilar parts, as Apollonius teaches, 
but is by no means fimple; fince among natural produtions, gold 
and filver are compofed of fimilar parts, but are not fimple bodies. 
But the generation of the cylindric helix evinces that its mixture is 
from things fimple; for it originates while a right line is circularly 
moved round the axis of the cylinder, a point at the fame time flowing 
along in the right line. Two fimple motions, therefore, compofe its 
nature; and, on this account, it is among the number,of mixt lines, 
and not among fuch as are fimple: for that which is compofed from 
diffimilars is not fimple, but mixt. Hence, Geminus, with great 
propriety, when he admits that fome. fimple lines may be produced 
from many motions, does not grant that every fuch line is mixt; but 
that alone, which arifes from diflimilar motions. For if you conceive 


fopher, that the effence of an angle does not fubfift in either quantity, quality, or inclination, 
taken fingly, but in the aggregate of them all. For if we regard the inclination of a circular 
line to its tangent, we fhall find it poflefs the property, by which Euclid defines an angle: if we 
ref{pect its participation of quantity, we fhall find it capable of being augmented and diminifhed ¢ 
and if we regard it as poffeffing a peculiar quality, we fhal! account for its being incommenfurable 
with every right-lined angle. See the Comment on the 8th Definition. 

° Int. De Calo. 

+ It is from this cylindric fpiral that the fcyew is formed, 


Vor. I. So = a fquare, 
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a fquare, and two motions which are performed with an equal celerity, 
one according to the length, but the other according to the breadth; 


a right line or the diameter will be produced; but the right line will 


not, on this account, be mixed: for no other line precedes it, formed 
by a fimple motion, as we afferted of the cylindric helix. Nor yet, 
if you fuppofe a right line, moving in a right angle, and by a bifeCtion 
to defcribe a circle *, is the circular line, on this account, produced 
with mixture: for the extremities of that whichis moved after this 
manner, fince they are equally moved, will defcribe a right line; and 
the bifeCtion, fince it is unequally devolved, will delineate a circle ; 
but the other points will defcribe an ellipfis. On which account, the 


* The prefent very obfcure paflage, may be explained by the following figure. Let ABC, 


A. 





be aright angle, and D E the line to be moved, which is bifected in G.. Now, conceive it to 


be moved along the lines A B, B C, im fuch a manner, that the point D may always remain - 
in AB, and the point E inBC. Then, when the line D E, is in the fituations d e, de, the 
- point G, fhall bein g, y, and thefe points G, g, y, hall be in a circle. And any other point. 


F in the line DE, will, at the fame time, defcribe an ellipfis ; the greater axis being in tle 


line AB, when the point F is between D and G; and in the line BG, wher the point'F is 
between G and E, l 


generation 


eee ee ee w 


COMMENTARIES OF PROCLUS. nı 


' generation of a circular line is the confequence of that inequality of 
ation arifing from the bifection ; becaufe a right line was fuppofed to 


be moved ina right angle, but not ina natural manner. And thus 
much concerning the generation of lines. Put it feems, that of the 
two fimple lines, the right and the circular, the right line is the more 
fimple; for in this, diffimilitude cannot be conceived, even in opinion. 
But in -the circular line, the concave and the convex, indicate diffimi- 
litude. And a right line, indeed, does not infer a circumference 
according to thought; but a circumference brings with it a right line, 
though not according to its generation, yet with refpe& to its centre. 
But what if it fhould be faid that a circumference requires a right line 
to its confiruGtion! For if either extreme of a right line remains fixt, 
but the other is.moved, it will doubtlefs defcribe a circle, whofe centre 
will be the-abiding extreme of the right line. Shall we fay that the 
generator of the circle is the point which is carried about the abiding 
point, but not the right line itfelf? For the line only determines the 
diftance, but the point compofes the circular line, while it is moved 
in a circular manner: but of this enough. Again, a circumference 
appears to be proximate to bound, and to have the fame proportion to 
other lines, as bound to the univerfality of things. For it is finite, and 
is alone among fimple lines perfeCtive of figure. But a right line is 
proximate to infinity ; for its capacity of infinite extenfion never fails : 
and as all the reft are produced from bound and infinite, in the fame 
manner from the circular and right line, every mixt genus of lines 
is compofed, as weil of planes as of thofe which confift in folid 
bodies. And on this account, the foul alfo * previoufly affumed into 
herielf the right and circular according to her effence, that fhe might 


-= moderate all the co-ordination of infinite, and all the nature of bound, 


which the world contains. By a. right line, indeed, conftituting the 
progreffion of thefe principles into the univerfe ; but by a circular line, 
their return to their original fource: and by the one, producing all 
things into multitude; but by the other, colle@ing them into one. 
And not only the foul, but he allo who produced the foul, and endued 
her with thefe powers, contains in him{elf both thefe primary caufes. 


E That is, the foul of the world. 


S 2 i For 
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For when he previoufly affumed the beginning, middle, and end of 
all things, he terminated right lines (fays Plato *), by a circular pro- 
greflion according to nature. And proceeding to all things by provi- 
dent energies, and returning to himfelf, he eftablifhed himfelf, fays 
Timezus, after his own peculiar manner. But a right line is the mark 
or fymbol of a providence, indeclinable, incapable of perverfion,. 
immaculate, never-failing, omnipotent, and prefent to all beings, and. 
to every part of the univerfe. But a circumference, and that which 
environs, is the fymbol of an energy retiring into union with itfelf, 
and which rules over all things according to one intelleQual bound. 
When, therefore, the demiurgus of the univerfe had eftablifhed in 
himfelf thefe two principles, the right and the circular line, and had 
given them dominion, he produced from himfelf two unitics; the one, 
indeed, energizing according to the circular line, and being effeCtive 
of intellectual effences ; but the other according to the right line, and 
affording an origin to fenfible natures. But becaufe the foul is allotted 
a middle fituation between intelleQuals and fenfibles, fo far, indeed, 
as fhe adheres to an intelle€tual nature, fhe energizes according to the 
circle; but fo far as fhe prefides over fenfibles, fhe provides for their 
:- welfare according to the right line: and thus much concerning the 
fimilitude of thefe forms to the univerfality of things. But Euclid, 
indeed, has properly delivered the prefent definition of a line; by 
which he fhews that a right line alone occupies a {pace equal to that 
which is fituated between its points: for as much as is the diftance- 
of one point from another, fo great is the magnitude of the lines ter- 
minated by the points. And this is the meaning of being equally 
fituated between its extremes. For if you take two points in a cif- 
eumference, or in any other certain line, the fpace of line which is. 
included between thefe, exceeds their diftance from each other; and 
every line, befides a right one, appears to fuffer this property. Hence; 
according to a common conception, the vulgar alfo fay, that he who. 
walks by aright line, performs-only a neceflary journey: but that they 
neceflarily wander much, who do not proceed in a right line. But — 
_ Plato thus defines it; aright line is that whofe middle parts darken its. 


* In Timzo, 
extremes. 
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extremes. For this paffion neceffarily attends things which have a 
dire pofition ; but it is not neceflary that things fituated in the cir- 
cumference of a eircle, or in another interval, fhould be endued with 
this property. Hence, the aftrologers alfo fay, that the fun then fuffers 
an eclipfe when that luminary, the moon, and our eye are in one right 
line; for it is then darkened through the middle pofition of the moon 
between us and its orb. And perhaps, the paflion of a right line will 
evince, that in the things which are, according to proceffions emanat- 
ing from caufes, the mediums are endued with a power of dividing 
the diflance of the extremes, and their mutual communication with 
each other. As allo, according to regreflions, {fuch things as are 
diftant from the extremes, are converted by mediums to their primary 
eaufes. But Archimedes defines a right line the leaft of things having 
the fame bounds. For fitice, according to Euclid, a right line is 
equally fituated between its points, it is on this account, the leaft of 
‘things having the fame bounds: for if a lefs line could be given, it. 
would not lie equally between its extremes: but all the other detinitions 
of a right line, fall into the fame conclufions; as for inftance, that it 
is conftituted in its extremities, and that one part of it is not in its 
fubjeQ plane, but another,. in one more fublime: and that all its parts 
fimilarly agree to all: and that its extremes abiding, it alfo abides. 
Laftly, that it does not perfect figure, with one line fimilar in fpecies 
to itfelf: for all thefe definitions exprefs the property of a right line, 
which it poffefles from the fimplicity of its effence, and from its hav- 
ing one progreffion the fhorteft of all from one extremity to another. 
And thus much concerning the definitions of a right line. But again, 
Geminus divides a line firft into an incompofite and compofite; calling 
a compofite, that which is refracted, and forms an angle; but all 
the reft of thent, he denominates incompofites. Afterwards, he di- 
_vides a compofite line into that which produces figure, and that: 
which may be infinitely extended. And he calls that which produces 
figure, a circular line, and the line of a fhield*, and that which is- 
fimilar to an ivy leaf; but that which is not effective of figure, the 
fe€lion of a rectangular and obtufe angular cone, the line fimilar to a. 

* The ellipfs.. 

t The cifluid. For the properties of this curve, fee Dr. Wallis’s treatife on the cycloid, p. S1. 
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fhell *, the right line, and all of that kind. And again, after another 
manner, of the incompofite line, one fort is fimple, but the other 
mixt. And of the fimple, one produces figure, as the circular; but 
the other is indefinite, as the right line. But of the mixt, one fubiifts 
in planes, but the other in folids. And of that which is in planes, 
one coincides in itfelf, as the figure of the ivy leaf, which is called the 
eiffoid; but the other may be produced in infinitum, as the helix. 
But of that which is in folids, one may be confidered in the fe€tions 
ef folids; but the other as confifting about the folids themfelves. For 
the helix, indeed, which is defcribed about a fphere or a cone, con- 
fifts about folids ; but conic, or fpirical feCtions are generated from a 
particular fection of folids. But, with refpec& to thefe fections, the 
conic were invented by Menechmus, which alfo Eratofthenesr elating, 
fays, 
“ Nor in a cone Mznechmian ternaries divide.” 


But the {piric by Perfeus, who compofed an epigram on their inven- 
tion, to this purpofe, “ When Perfeus had invented three {piral lines 
in five fe€tions, he facrificed to the gods on the occafion.” And the 
three fections of a cone, are the parabola, hyperbola, and ellipfis: 
but of fpiral fections, one kind is twifted and involved, like the 
fetlock of a horfe; but another is dilated in the middle, and deficient 
in each extremity: and another which is oblong, has lefs {pace in the 
middle, but is dilated on each fide. But the multitude of the other 
mixt lines is infinite. For there is an innumerable multitude of 
folid figures, from which there are conflituted multiform fe&tions. 
For a right line, while it is circularly moved f, does not make a cer- 
tain determinate fuperficfes, nor yet conical, nor conchoidal lines, nor 
circumferences themfelves. Hence, if thefe folids are multifarioufly 
cut, they will exhibit various fpecies of lines. Laftly, of tlrofe lines 
which confift about folids, fome are of fimilar parts, as the helixes 


® The conchoid. 

¢ Thus, a right Jine, when confidered as the fide of a parallelogram, moving circularly, 
generates a cyl'ndrical fuperficies ; when moving circularly, as the fide of a triangle, a conical 
furface; and fo in other lines, the produced fuperficies varying acco:ding to the diffrent 
pofitions of their gencrative lines. - 


about 
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about a cylinder; but others of diffimilar parts, as all the ret. From 
thefe divifions, therefore, we may collect, that there are only three 
lines of fimilar parts, the right, the circular, and the cylindric helix. 
The two fimple ones, indeed, exifting in a plane, but the one mixt, 
about a folid. And this Geminus evidently demontftrates, when he 
fhews, that if two right lines are extended from one point, to a line 
of fimilar parts, fo as to make equal angles upon that line, they fhall 
be equal to each other. And the demonftrations of this may be re- 
ceived by the ftudious, from his volumes; fince in thefe he delivers 
the origin of fpiral, conchoidal, and cifloidal lines. But we have | ' 
barely related the names and divifions of thefe lines, for the purpofe 
of exciting the ingenious to their inveftigation ; as we think, that an 
accurate enquiry after the method of dete€ting the properties of each, 
would be fuperfluous in the prefent undertaking: fince the geome- 
trician only unfolds to us in this work, fimple and primary lines; 
i e. the right line, in the prefent definition; but a circular line, in 
the tradition of a circle. For he then fays, that the line terminating 
the circle, is the circumference. But he makes no mention of mixt 
lines, though he was well acquainted with mixt angles, I mean, the 

femicircular and cornicular: as alfo with plane mixt figures, i. e) feg- ` 
ments and fectors; and with folids, viz. cones and cylinders. Of each 
of the reft, therefore, he delivers three fpecies; but of lines only two, ` 
i. e. the right and circular: for he thought it requifite in difcourfés 
concerning things fimple, to aflume fimple fpecies; and all the reft 
are more compofite than lines, Hence, in imitation of the geome- 
trician, we alfo fhall terminate their explanation with fimple lines. 


DEFINITION. V.. 
A SUPERFICIES is that which has only Length and Breadth: 


FTER a point and a line, a fuperficies is’ placed, which is 
diftant by a twofold interval, length and breadth. - But this 

allo remaining deflitute of thicknefs or bulk, pofféffes‘a nature more 
fimple than body, which is diftant by a triplé dimenfion. On which: 


account the geometrician adds to the two intervals the particle on/y, 
becaufe 
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becaufe the third interval does not exift in fuperficies. And this is 
equivalent to a negation of bulk, as here aifo he fhews the excellency 
of fuperficies compared to a {olid with refpect to fimplicity, by nega- 
tion, or by an addition equivalent to negation: but the diminution 
which it poffeffes, if compared with the preceding terms, by the 
affirmations themfelves. ‘But others define a fuperticies to ‘be the 
_- boundary of body, which is almoft affirming the fame as the defini- 
tion of Euclid; fince that which terminates is exceeded in one dimen- 
fion, by that which is terminated, / And others, a magnitude differént 
by two intervals. Laftly, others declaring the fame affeétion, form 
its affignation in a fomewhat different manner. But they fay we have 
a knowledge of fuperficies when we meafure fields, and diftinguifh 
their extremities according to length and breadth; but that we re- 
ceive a certain fenfation of it, when we behold fhadows, For as they 
are without bulk, becaufe they cannot penetrate into the interior part 
of the earth, they have only length and breadth. But the Pythago- 
reans fay, that it is affimilated to the triad; becaufe the ternary is by far 
the firt caufe to all the figures; which a fuperficies contains. Fora 
circle, which is the principle of orbicular figures, occultly pofleffes the 
ternary, by its centre, interval, and circumference. But a triangle, 
which ranks as the firt among all right-lined figures, on every fide 
evinces that it is enclofed by the nad and receives its form from its 
perfe& nature. 


DEFINITION VI. 
The Extremities of a SUPERFICIES are Lines. 


, ROM thefe alfo, as images, we may underftand, that things 
more fimple procure bound and an end to every one of their 
proximate natures: for foul perfects and determines the operations of 
nature ; and nature the motion of bodies. And prior to thefe, in- 
telle meafures the convolutions of foul; and unity the life of intellect; 
for that is the meafure of all. Juk as in thefe alfo, a folid is termi- . 
nated by a fuperficies ; but a fuperficies by a line; and a line by a 
point; for that is the boundary of them all, Hence) the line exift- 
ing 


COMMENTARIES OFPROCLUS. 137 


ing uniformly in immaterial forms and impartible reafons, terminates — 
and reftrains the various motion of a fuperficies in its progreffion, and 
proximately unites its infinity. But in the images of thefe, when 
that which bounds fupervenes that which is bounded, it caufes, by 
this means, its limitation and bound. But if it fhould be enquired 
how lines are the extremities of every fuperficies, fince they are not 
the extremes of every finite figure; for the fuperficies of a {phere is 
‘ terminated indeed, yet not by lines, but by itfelf? In anfwer to this, 
we muft fay, that by receiving a fuperficies fo far as it is diftant by a 
two-fold interval, we fhall find it terminated by lines according to 
length and breadth. But if we behold a fpherical fuperficies, we muft: 
receive it as that which is endued with figure; which poffeffes another 
quality, and conjoins the end with the beginning; and lofes its two- 
extremities in the comprehenfive embraces of one: and this one: 
extremity fubfifts in capacity only, and not in energy. 


DEFINITION VIL. 


A Plane SUPERFICIES is that which is equally fituated 
between its bounding Lines. 


T was not agreeable to the ancient philofophers to eftablifh a plane 

E fpecies of fuperficies; but they confidered fuperficies in general, 
as the reprefentative of magnitude, which is diftant by a two-fold 
interval. For thus the divine Plato * fays, that geometry is contem- 
plative of planes, oppofing it in divifion to ftereometry, as if a plane 
and a fuperficies were the fame. And this was likewife the opinion 
of the demoniacal Ariftotle +. But Euclid and his followers confider. 
fuperficies as a genus, but a plane as its fpecies, in the fame manner 
as rectitude of a line. And on this account he defines a plane feparate 
from a fuperficies, after the fimilitude of a right line. For he defines 
this laft as equal to the fpace, placed between its points. And in like 
manner, he fays, that two right lines being given, a plane fuperficies 
occupies a place equal to the {pace fituated between thofe two lines. 


* Inv ii. De Reps + In multis locis. 


Vor, I. | T | | | For 
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For this is equally fituated between its lines; and others alfo explain- 
ing the fame boundary, affert that it is conftituted in its extremities. - 
But others define it as that to all the parts of which a right line may 
be adapted *. But perhaps others will fay, that it is the fhorteft of 
fuperficies, having the fame boundaries; and that its middle parts 
darken its extremities ; and that all the definitions of a right line may 
be transferred into a plane fuperficies, by only changing the. genus: 
fince a right, circular, and mixt line, commencing from lines, arrive . 
even at folids, as we have afferted above ; for they are proportionally, 
both in fuperficies and folids. Hence alfo, Parmenides fays, that 
every figure is either right, or circular, or mixt. But if you with to 
confider the right in fuperficies, take a plane, to which a right line 
agrees in various ways ; but if a circular receive a fpherical fuperficies;. 
and if a mixt, a conic or cylindric, or fome one of that genus.. But 
it is requifite (fays Geminus) fince a line, and alfo a fuperficies ig 
called mixt, to know the meafure of mixture, becaufe it is various. 
For mixture in lines, is neither by compofition, nor by temperament 
only: fince, indeed, a helix is mixed, yet one part of it is not flraight, 
and another part circular, like thofe things which are mixed by com- 
pofition: nor if a helix is cut after any manner, does it exhibit an 
image of things fimple, fuch as thofe which are mixed through tem- 
perament ; but in thefe the extremes are, at the fame time, corrupted 
and confufed. Hence, Theodorus the mathematician, does not rightly 
perceive, in thinking that this mixture is in lines. But mixture in 
fuperficies, is neither by compofition, nor by confufion ; but fubfifts 
rather by a certain temperament. For conceiving a circle in a fubje& 
plane, and a point on high, and producing a right-line from the 
point to the circumference of the circle, the revolution of this line 
will produce a conical fuperficies wht is mixt. And we again re- 
folve it into its fimple elements, by a parallel fection: for by drawing 


'* This definition is the fame with that which Mr. Simfon has adopted inftead of Euclid’s, 
expreffed in different words: for he fays, ‘a plane fuperficies is that in which any two points. 
being taken, the ftraight line between them lies wholly in that fuperficies.” But he does not 
mention to whom he was indebted for the definition ; and this, doubtlefs, becaufe he confidered’ 
st was. not worth while ta relate the trifles of Proclus at full. length ; for thcfe are his own words, . 
in his note to propofition 7, book i ie Nor has he informed us in what refpeét Euclia’s definition. 


is indiffindl. 
a.fec- 
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a feCtion between the vertex and the bafe, which fhall cut the plane of the 
generative right line, we effect a circular line. But the idea of lines, 
fhews that the mode. of mixture is not by temperament; for neither 
does it fend us back to the fimple nature of elements: on the con- 
trary, when fuperficies are cut, they immediately exhibit to us their 
producing lines The mode of mixture, therefore, is not the fame in 
lines and fuperficies. But as among lines there were fome fimple; 
that is, the right and circular, of which the vulgar alfo poffefs an 
anticipated knowledge without any previous inftru@ion ; but the {pe- | 
cies of mixt lines require a more artificial apprehenfion: fo among 
fuperficies, we poffefs an innate notion of thofe which are efpecially 
elementary, the plane and fpherical; but fcience and its reafon invefti- 
gates the variety of thofe which are compofed through mixture. But 
this is an admirable property of fuperficies, that their mixture in ge- 
neration is oftentimes produced from a circular hne; and this alfo 
happens to a fpiral fuperficies. For this is inderiiond by the revo- 
lution of a circle remaining erect, and turning itfelf about the fame: 
point which is not its centre. And on this account, a fpiral alfo is 
threefold; for its centre is either in a circumference, or within, or 
external to a circumference. If the centre is in the circumference, 
a continued fpiral is produced: if within the-circumference, an in- 
tangled one; if without, a divided one. And there are three fpiral. 
fe€tions correfponding to thefe three differences. But every fpiral- 
line ts mixt, although the motion from which it is produced is one 
and circular. And mixt fuperficies are produced as well from fimple 
lines, (as we have faid,) while they are moved with a motion of this 
kind, as from mixt lines. Since, therefore, there are three conic 
lines, they produce four mixt fuperfictes, which they call conoids. For 
a rectangular conoid, is produced from the revolution of the parabola 
about its axis: but that which is formed by the ellipfis, is called a- 
fpheroid ; and if the revolution is made about the greater axis, it is 
an oblong; but if about the leffer a broad fpheroid. Laftly, an ob- - 
tufe-angled conoid is generated from the revolution of the hyper bola 
But it is requifite to know, that fometimes we arrive at the knowledge 
of fuperficies from lines, and fometimegs the contrary ; for from coni- » 
cal and fpiral fuperfices, we apprehend conical and fpiral lines. Be- : 
T2 | fides, 
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. fides, this alfo muft be previoufly received concerning the difference 
of lines and fuperficies, that there are three lines of fimilar parts (as 
we have already obferved), but only two fuperficies, the plane and the 
fpherical. For this is not true of the cylindric, fince all parts of the 
cylindric fuperficies cannot agree to all, And thus much concerning 
the differences of {uperficies, one of which the geometrician having 
¢hofen (I mean the plane), this alfo he has defined ; and in this, as a 
fubje&t, he contemplates figures, and their attendant paffions: for his 
difcourfe is more copious in this than in other fuperficies: fince, 
indeed, we may underftand right lines, and circles, and helixes in a 
plane; alfo the feCtions of circles and right lines, contacts, and appli- 
cations, and the conftructions of angles of every kind. But in other 
fuperficies, all thefe cannot be beheld. For how in one that is {phe- 
rical, can we apprehend a right line, or a right-lined angle? How, 
laftly, in a conic or cylindric fuperficies, can we behold feGions of 
circles or right lines? Not undefervedly, therefore, does he both 
define this fuperficies, and difcufs his geometrical concerns, by exhi- 
biting every thing in this as in a fubje@t; for from hence he calls the 
. prefent treatife plane. And, after this manner, it is requifite to under- 
ftand that which is plane, as projected and conftituted before the eyes: 
but cogitation as defcribing all things in this, the phantafy corre- 
fponding to a plane mirror, and the reafons refident in cogitation as 
dropping their images .* into its fhadowy receptacle. 


DEFINITION VIL 


+ A PLANE ANGLE, is the inclination of two Lines to each 
other in a Plane, which meet together, but are not in. 
the fame direction. | 


S Sie E of the ancient philofophers, placing an angle in the pre- 
dicament of relation, have faid, that it is the mutual inclination. 


of lines or planes to each other. But others, including this in quality,. 


ad 


© In the Greek swoias, but it fhould deoubrlefs be read sixorus,. images, asin the tranflation. 


ef Barocius. 


+ Mr. Simfon, in: his note on this definition, fuppofes it to be the addition of fome lefs. 


Skilful editor ; on which account, and becaufe it ix quite ufelefs (in his opinion) he diitinguithes 


it 
3 


ee a 


COMMENTARIES OF PROCLUS. rat 


ae well as reCtitude and obliquity, fay, that it is a certain pafon of x 
| fuperficies or a folid. And others, referring it to quantity, confefs’ 
that it is a fuperficies or a folid. For the angle which fubfifts in 
fuperficies is divided by a line ; but that which is in folids, by a 
fuperficies. But (fay they) that which is divided by thefe, is no other 
than magnitude, and this is not linear, fince a line is divided by a 
point; and therefore it follows that it muft be either a fuperficies or 
a folid. But if it is magnitude, and all finite magnitudes of the fame 
kind have a mutual proportion; all angles of the fame kind, i. é. 
which fubfift in fuperficies, will-have a mutual proportion. And hence, 
the cornicular will be proportionable to a right-lined angle. But 
things which have a mutual proportion, may, by multiplication, ex- 
ceed each other; and_therefore it may be poffible for the cornicular 
to exceed a right-lined angle, which, it is well known, is impoffible,. 
fince it is fhewn to be lefs than every right-lined angle. But if it is. 
quality alone, like heat and cold, how is it divifible into equal. parts? 
For equality, inequality, and divifibility, are not lefs refident in angles 
than in magnitudes; but they are, in like manner, effential. But if 
the things in which thefe are effentially inherent, are quantities, and. 
not qualities, it ts manifeft that angles alfo are not qualities. Since: 
the more and the lefs are the proper paflions of quality *, but not 
equal and unequal. On this hypothefis, therefore, angles ought. not 
to be called unequal, and this greater, but the other lefs; but they 
ought to be denominated diffimilars, and one more an angle, but the 
other lefs. But that thefe appellations are foreign from the effence of: 
mathematical concerns, is obvious to every one: for every angle re- 
ceives the fame definition, nor is this more an angle, but that lefs. 
Thirdly, if an angle is inclination, and belongs to the category of 


it from the reft by inverted double commas. But it is furely ftrange that the definition of angle 
in general fhould be accounted ufelefs, and the work of an unfkilful geometrician. Such an- 
affertion may, indeed, be very fuitable to a profeffor of experimental philofophy, who confiders- 
the ufeful as infeparable from practice ; but is by no means becoming a reftorerof the liberal 
geometry of the ancients. Befides, Mr. Simfon feems continually to forget that Euclid was of 
the Platonic fect ; and confequently was a philofopher as well as a mathematician. I only addy. 
that the commentary on the prefent definition is, in my opinion, remarkably fubtle and accuratey. 
and well deforves the profound attention of the greateft geometricians. 
e For a philofophical difcuffion of the nature of quality and quantity, confult the Commen- 

taries of Ammonius, and Simplicius on Ariftorle’s Categories, Plotinus on the genera of beings,- 


and Mr. Harris’s Philofophical Arrangements. i 
relation, 
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relation, it muft follow, that from the exiftence of one inclination, 
there will alfo be one angle, and not more than one: For if it is no- 
thing elfe than the relation of lines or planes, how is it poffible there 
can be one relation of lines or planes, but many angles? If, therefore, 
we conceive a cone cut by a triangle from the vertex to the bafe, we 
fhall behold one inclination of the triangular lines in the femicone to 
the vertex; but two diftiné angles: one of which is plane, I mean 
that of the triangle ; but the other fubfifts in the mixt fuperficies of 
the cone, and both are comprehended by the two triangular lines. 
The relation, therefore, of thefe, do not make the angle. Again, it 
is neceflary to call an angle either Guality or quantity, or relation; for 
figures, indeed, are qualities, but their mutual proportions belong to 
relation. It is neceflary, therefore, that an angle fhould be reduced 
under one of thefe three genera. Such doubts, then, arifing concern- 
ing an angle, and Euclid calling it inclination, but Apollonius the 
collection of a fuperficies, or a folid in one point, under a refracted 
line or fuperficies (for he feems to define every angle univerfally), 
we fhall affirm, agreeable to the fentiments of our preceptor Syrianus, 
that an angle is of itfelf none of the aforefaid ; but is conftituted from 
the concurrence of them all. And that, on this account, a doubt 
arifes among thofe who regard one category alone. But this is not 
peculiar to an angle, but is likewife the property of a triangle., For 
this, too, participates of quantity, and is called equal and unequal ; 


becaufe it has to quantity the proportion of matter. But quality alfo, 


ig prefent with this, in confequence of its figure (fince triangles are 
called as well fimilar.as equal) ; but it poffeffes this from one category, 
and that from another. Hence, an angle is perfe@tly indigent of 
quantity, the fubject of magnitude. But it is alfo indigent of quality, 
by which it poffefles, as it were, its proper form and figure. Laftly, 
it is indigent of the relation of lines terminating, or of fuperficies 
comprehending its form. So that an angle confifts from ail thefe, yet 
is not any one cf them in particular. And it is indeed divifible, and 
capable of receiving equality and inequality, according to the quantity 
which it contains. But it is not compelled to admit the proportion of 
magnitudes of the fame kind, fince it has alfo a peculiar quantity, by 
which angles are alfo incapable of a comparifon with each other. Nor 

can 
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ean one inclination perfect one angle: fince the quantity alfo, .which. 
is placed between the inclined lines, completes its effence. If then. 
we regard thefe diftinctions, we fhall diffolve all abfurdities, and dif- 
cover that the property of an angle is not the collection of a fuperficies 
or folid, according to Apollonius (fince thefe alfo complete its effence, ) 
but that it is nothing elfe than a fuperficies itfelf, colle@ed into one 
point, and comprehended by inclined lines, or by one hne inclined. 
to itfelf: and that a folid angle is the colleGtion of fuperficies mu-- 
tually inclined to each other. Hence, we fhall find that a. formed- 
quantum, conftituted in a certain relation, fupplies its perfe@ defini- 
tion. And thus much we have thought requifite to affert concerning. 
the fubftance of angles, previoufly contemplating the common effence. 
of every triangle, before we divide it into fpecies. But fince there. 
are three opinions of an angle, Eudemus the: Peripatetic, who com- 
pofed a book concerning an angle, affirms that it is quality. For, con- 
fidering the origin of an angle, he fays that it is nothing elfe than the: 
fraction of lines: becaufe, if rectitude is quality, fraction alfo will. 
be quality. And hence, fince its generation is in quality, an angle. — 
will be entirely quality. But Euclid, and thofe who call it inclination, 
place it in the category of relation. But they call. it quantity, who- 
fay that it is the firft interval under a point, that is immediately fub- 
fifting after a point. In the number of which is Plutarch, who con- 
ftrains Apollonius alfo into the fame opinion. For it is requifite (fays- 
he), there fhould be fome firft interval, under the inclination of con- 
taining lines or fuperficies. But fince the interval, which is under a . 
point, is continuous, it is not poflible that a firft interval can be affumed 3. 
fince every interval is divifible in infinitum. Befides, if we any how 
diftinguifh a firft interval, and through it draw a right line, a triangle. 
is produced, and not one angle. But Carpus Antiochenus fays, that 
an angle is quantity, and is the diftance.of its comprehendinglines, . 
or fuperficies; and that this is diftant by one interval, and yet an. 
angle is not on that account a line: fince it.is not true. that every 
thing which is diftant by only one interval, is a line. But this furely. 
is the moft abfurd of all, that there fhould be any magnitude except. 
a. line, which is diftant only by one interval. And thus much cone 
cerning the nature of an angle. But with refpe@ to the divifion of 


anglesy. 
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angles, fome confift in fuperficies, but others in folids. And of thofe 
which are in fuperficies, fome are in fimple ones, but others in fuch 
as are mixt. For an angle may be produced in a cylindric, conic, 
{pherical, and plane fuperficies. But of thofe which confift in fimple 
fuperficies, fome are conftituted in the fpherical; but others in the 
plane. For the zodiac itfelf forms angles, dividing the equinoétial in 
two parts, at the vertex of the cutting fuperficies. And angles of 
this kind fnbfift in a fpherical fuperficies. But of thofe which are in’ 
planes, fome are comprehended by fimple lines, others by mixt ones; 
and others, again, by both. For in the fhield-like fizure *, an angle 
is comprehended by the axis, and the line of the fhield: but one of 
thefe lines is mixt, and the other fimple. But if a circle cuts the 
fhield, the angle will be comprehended by thé circumference, and the 
ellipfis, And when ciffoids, or lines fimilar to an ivy leaf, clofing in 
one point like the leaves of ivy (from whence they derive their appel- 
lation) make an angle, fuch an angle is comprehended by mixt lines. 
Alfo, when the hippopeda, or line fimilar to the foot of a mare, which 
is one of the fpirals, inclining to another line, forms an angle, it is 
comprehended by mixt lines. Laftly, the angles contained by a cir- 
cumference and a right line, are comprehended by fimple lines. But 
of thefe again, fome are contained by fuch as are fimilar in fpecies, 
but others by fuch as are diffimilar. For two circumferences, mutually 
cutting, or touching each other, produce angles: and thefe triple, for 
they are either on both fides convex, when the convexities of the 
circumferences are external: or on both fides concave, when both the 
concavities are external; which they call fiftroides; or mixt from 
convex and concave lines, as the lines called lunulas. But befides 
this, angles are contained in a twofold manner, by a right line and a 
circumference: for they are either contained by a right line, and a 
concave circumference, as the femicircular angle; or by a right line 
and a convex circumference, as the cornicular angle. But all thofe 
which are comprehended by two right lines, are called reétilinear ` 
angles, which have likewife a triple difference t. The geometrician, 
therefore, in the prefent hypothefis, defines all thofe angles which are 
conflituted in plane fuperficies, and gives them the common name of 


© Thatis, the e!lipfis.] "4 That is, they are either right, acute, or cbtufe. 
a plane 
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a plane angle. - And the genus of thefe he denominates inclination: 
but the place, the plane itfelf, for angles have pofition: but their 
origin fuch, that it 1s requifite there fhould be two lines at leaft, and 


not three as in a folid.. And that thefe fhould touch each other, and. 


by touching, muft not lie in a right line, as an angle is the inclination 
and comprehenfion of lines: but is not diftance only, according to one 
interval. But if we examine this definition, in the firft place it 
appears that it does not admit, an angle can be perfected by one line; 
though a cifloid, which is but one, perfects an angle.. And, in like 
‘manner, the hippopeda. For we call the whole a ciffoid, and not its 


portions (left any one fhould fay, that the conjun&ion of thefe forme - 


an angle) and the whole a fpiral, but not its parts. Each, therefore, 
fince it is one, forms an angle to itfelf, and not to another. But 
after this, he is faulty, in defining an angle to be inclination. For 
how, on this hypothefis, will there be two angles, from one inclina- 
tion? How can we call angles equal and unequal? And whatever elfe 
is ufually obje@ed againft this opinion. Thirdly, and laftly, that part 
of the definition, which fays, and not placed in a right ine, is fuper- 
fluous in certain angles, as in thofe which are formed from orbicular 
lines. For without the affiftance of this part, the definition is perfed ; 
fince the inclination of one of the lines to the other, forms the angle.: 
And it.is not poffible that orbicular angles fhould be placed ina right 
line. And thus much we have thought proper to fay concerning the 
definition of Euclid; partly, indeed, interpreting, and partly doubt- 
ing its truth. 


DEFINITION IX. 


But when the Lines containing the Angle, are right, the 


Angle is called RECTILINEAR. 


N angle is the fymbol and image of the conne&ion and com- 

preffion, which fubfifts in the divine genera, and of that order 
- which colleéts divifibles into one, partibles into an impartible nature, 
and the many into conciliating community. For it is the bond of a. 


multitude of lines and fuperficies, the collector of magnitude into the - 


Vor. L >- U impartibilty 
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impartibility of points, and the comprehender of every figure which 
is conipofed by its confining nature. On which account, the oracles * 
call the angular junctions of figures, knots, fo far as they bring with 
them an image of connecting union, and divine conjunctions, by which 
difcrete natures mutually cohere with each other. The angles, there- 
. fore, fubfifting in fuperficies, exprefs the more immaterial, fimple, 
and perfe& unions which fuperficies contain: but thofe which are in . 
folids, reprefent the unions, which proceed even to inferiors, and 
fupply a community to things disjun@, and a conftruction of the fame 
nature, to things which on every fide receive a perfe& partition. But 
of the angles.in fuperficies, fome fhadow forth primary and unmixt 
unions; but others, fuch as comprehend in themfelves, an infinity of 
progreffions. And fome, indeed, are the fources of union to intel- 
le€tual forms; but others, to fenfible reafons; and others, again, are 
copulative of thofe forms which obtain between thefe, a middle fitua- 
tion. Hence, the angles which are made from circumferences, imitate 
thofe caufes which envelop intelle€tual variety in coercive union; for 
circumferences, haftening to coalefce with each other, are images of 
intellect, and intelleGtual forms. On the contrary, rectikineal angles, 
are the fymbols of thofe unions which prefide over fenfibles, and 
afford a-conjundtion of the reafons fubfifting in thefe: but mixt angles 
reprefent the prefervers. of the communion, as well of fenfible, as of 
inteHeCual forms, according to one immoveable union. It is-requifite, 
therefore, by regarding thefe paradigms, or exemplars, to render the 
caufes of each. For among the Pythagoreans we {hall find various 
angles dedicated to various gods. .Thus, Philolaus, confecrates to 
fome a triangular, but to others a. quadrangular angle ; and to others, 
again, different angles. Likewife, he permits the fame to many gods, 
and many to the fame god, according to the different powers whick 
they contain. And with a view to this, and to the demiurgic triangle, 
whitch is the primary caufe of all the ornament of the elements, it 
appears to me, that Theodorus Afineus the philofopher; conftitutes 
fome of the gods, according to fides; but others, according to angles. 
The firt, indeed, fupplying progreffion and power; but the fecond, 
the conjunction of the univerfe, and the colleCtion of progreffive na- 


© This oracle is not mentioned by any of the colleétoss of the Zoroafirian aracies. 
tures 
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teres again into one. But thefe, indeed, dire& us to the knowledge of - 


to contain an angle. For the one and impartible nature which is 


- the things which are. And we muft not wonder that lines are here faid - 


found in thefe, is adventitious: but in the gods thenifelves, and in- 


true beings, the whole, and impartible good, precedes things many, 
and divided. 


DEFINITION X. 


When a Right Line ftanding on a Right Line, makes the 
fucceffive Angles on each fide equal to one another, 
each of the equal Angles, is a Right Angle; and the 
infifting Right Line, is called a PERPENDICULAR to that 
upon which it ftands. | 


DEFINITION XI. 


An OBTUSE ANGLE is that which is greater than a Recut 
ANGLE. 


DEFINITION XII 


But an ACUTE ANGLE, is that which is lefs than a 
RIGHT: ANGLE. 


HESE are the triple fpecies of angles, which Socrates {peaks of- 

in the Republic, and which are received by geometricians from 
hypothefis; a right-line conftituting thefe angles, according to a 
divifion into fpecies; I mean, the right, the obtufe, and the acute. 
The firft of thefe being defined by equality, identity and fimilitude ; 
but the others being compofed through the nature of the greater and 
the leffer; and laftly, through inequality and diverfity, and through 
the more and the lefs, indeterminately. affumed. But many geome- 
tricians, are unable to render a reafon of this divifion, and ufe the 
aflertion, that there are three angles, as an hypothefis:**: . So that, 
* This, indeed, muft always be the cafe tvith thofe geometricians, who are not at the fame 


time, philofophers; a conjunction no lefs valuable than rare. Hence, from their ignorance of 
principles and intellectual concerns, when any contemplative enquiry is propofed, they imme- 


- diately afk, io what its utility confifts ; confidering every thing as fuperfluous, ee does mot 


contribute to the folution of lomce practical problem. 


U 2 Do hen: 
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when we interrogate them concerning its caufe, they anfwer, this is 
` net to be required of them as geometricians. However, the Pytha- 
goreans, referring the folution of this triple diftribution to principles, 
are not wanting in rendering the caufes of this difference of right- 
lined angles. For, fince one of the principles fubfifts according to 
bound, and is the caufe of limitation, identity, and equality, and laftly, 
of the whole of a better co-ordination: but the other is of an infinite 
= nature, and confers on its progeny, a progreffion to infinity, increafe, 
and decreafe, inequality, and diverfity of every kind, and entirely 
prefides over the worfe feries; hence, with great propriety, fince the 
principles of a right-lined angle are conftituted by thefe, the reafon 
proceeding from bound, produces a right angle, one, with refpect to 
the equality of every right angle, endued with fimilitude, always 
finite and determinate, ever abiding the fame, and neither receiving 
increment nor decreafe. But the reafon proceeding from infinity, 
fince it is the fecond in order, and of a dyadie nature, produces two- 
fold angles about the right angle, diflinguifhed by inequality, accord- 
ing to the nature of the greater and the leffer, and poffefling an in- 
finite motion, according to the more and the lefs, fince the one becomes 
more or lefs obtufe ; but the other more or’ lefs acute. Hence, in 
confequence of this reafon, they afcribe right angles to the pure and 
immaculate gods of the divine ornaments, and divine powers which 
‘proceed into the univerfé, as the authors of the invariable providence 
of inferiors; for re€titude, and an inflexibility and immutability to 
fubordinate natures accords with thefe gods: but they affirm, that the 
ebtufe and acute angles fhould be-afcribed to the gods, who afford 
progreffion, and motion, and a variety of powers. Since obtufenefs 
is the image of an expanded progreffion of forms; but acutenefs: pof- 
feles a fimilitude to the caufe dividing and moving the univerfe. But 
likewife, among the things which are, rectitude is, indeed, fimilar to’ 
effence, preferving the fame bound of its being; but the obtufe and. 
acute, fhadow forth the nature of accidents, For thefe receive the 
more and the lefs, and are indefinitely changed without ceafing. 
Hence, with great propriety, they exhort the foul to make her defcent 
into generation, according to this invariable fpecies of the right angle, 
by not verging to this part more than to that; and by not affecting 

fome 
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fome things more, and others lefs. For the diftribution of a certain 
convenience and fympathy of nature, draws it down into material 
error, and indefinite variety *. A perpendicular line is, therefore, 
the fymbol of inflexibility, purity, immaculate, and invariable power, 
and every thing of this kind. But it is likewife the fymbol of divine 
and intellectual meafure: fince we meafure the altitudes of figures by 
a perpendicular, and define other retilineal angles by their relation 
to a right angle, as by themfelves they are indefinite and indeterminate. 
For they are beheld fubfifting in excefs and defect, each of which is, 
by -itfelf, indefinite. Hence they fay, that virtue alfo ftands accord- 
ing to rectitude ; but that vice fubfifts according to the infinity of the 
obtufe and acute, that it produces excefles and defects, and ‘that the 
more and the lefs exhibit its immoderation, and inordinate ‘nature. 
‘Of re&ilineal angles, therefore, we muft eftablifh the right angle, as 
the image of perfection, and invariable energy, of limitation, intel- 
Je€tual bound, and the like; but the obtufe and acute, as fhadowing 
forth infinite motion, unceafing progreffion, divifion, partition and 
infinity. And thus much for the theological {peculation of angles. 
But here we muft take notice, that the genus is to be added to the 
definitions of an obtufe and acute angle; for each is right-lined, and 
the one is greater, but the other lefs than a right-angle. But it is not ' 
abfolutely true, that every angle which is lefs than a right one, is 

acute. For the cornicular is lefs than every right-angle, becaufe lefs 
than an acute one, yet is not on this account an acute angle. Alfo, | 
a.femi-circular is lefs than any right-angle, yet is not acute. And the 
caufe of this property is becaufe they are mixt, and not rectilineal 
angles. Befides, many curve-lined angles appear greater than right- 
lined angles, yet are not on this account obtufe ; becaufe it is requifite 
that an obtufe fhould be a right lined angle. Secondly, as it was the 
intention of Euclid, to define a right-angle, he confiders a right-line 
ftanding upon another right-line, and making the angles on each fide 
equal. But he defines an obtufe and acute angle, not from the inclin- 
ation of a right line to either part, but from their relation to a right- 


* Cc ncerning thé feul’s defcent into body, fee lib. ix. Ennead iv. of Plotinus; and for the 
method by w hich fhe may again retnra to her priftine felicity , Rudy the firt book of Porphyry’s 


Treatife on Abttinence. | 
3 angle. 
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angle. For this is the meafure of angles deviating from the right, 
in the fame manner as equality of things unequal. But lines inclined 
to either part, are innumerable, and not one alone, like a perpendi- 
cular. But after this, when he fays, (the angles equal to one another ) 
he exhibits to us a fpecimen of the greateft geometrical diligence; 
fince it is poffible that angles may be equal to others, without being 
right. But when they are equal to one another, it is neceflary they 
fhould be right. Befides, the word /uccefive appears to me not 
to be added fuperfluoufly, as fome have improperly confidered it; 
fince it exhibits the reafon of reGtitude. For it is on this account that 
each of the angles is right; becaufe, when they are /ucce/ive, they are 
eyual. And, indeed, the infifting right-line, on account of its in- 
flexibility to either part, ts the caufe of equality to both, and of reéti- 


tude to each. The caufe, therefore, of the reGtitude of angles, is not ` 


abfolutely mutual equality, but pofition in-a confequent order, toge- 
ther with equality. But, befides all this, I think it here neceflary 
to call to mind, the purpof of our author ; I mean, that he difcourfes 
m this place, concerning the angles confifting in one plane. And 
hence, this definition is not of every perpendicular; but of that which 
is in one and the fame plane. For it is not his prefent defign to define 
afolid angle. As, therefore, he defines, in this place, a plane angle, 
fo likewife a perpendicular of this kind. Becaufe a folid perpendi- 


cular ought not to make right angles to one right-line only; but to — 


‘all which touch it, and are contained in its fubject plane: for this is 
its neceflary peculiarity. | 


DEFINITION XI 


A Bounp is that which is the Extremity of any thing *. 


. Bound, in this place, is not to be referred to all magnitudes, 


, for there is a bound and extremity of a line ; but to the fpaces 
which are contained in fuperficies, and to folid bodies.. For he now 
calls a bound, the ambit which terminates and diftinguifhes every 

* This Definition too, is marked by Mr. Simfon with inverted commas, as a fymbol of irs 


‘being interpolated. But for what reafon I know not, unlefs becaufe it is ufelefs, that is, becaufe 
it is philofophical ! | 


{pace. | 


Fm 
> 
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fpace. And a bound of this kind, he defines to be an extremity: but 
not after the manner in which a point is called the extremity of a 
Nne, but according to its property of including and excluding from 
circumjacent figures. But this name ‘is proper to geometry in its 
mfant ftate, by which they meafured fields, and preferved their bound- 
aries diftinét and without confufion, and from which they arrived at 
the knowledge of the prefent f{cience. Since, therefore, Euclid calls 
the external ambit, a bound, it is not without propriety that he, by. 
.this means, defines the extremity of {paces. For by this, every thing. 
comprehended is circumfcribed. I fay, for example, in a circle, its 
bound and extremity is the PAEO ES but itfelf, a- certain plane 
fpace: and fo of the reft. : | 


DEFINITION. XIV. 


A FIGURE is that which is comprehended by one or more. 
Boundaries. | 


ECAUSE figure is predicated in various ways, and is divided 
into different fpecies, it is requifite, in the firft place, to behold’ 

its differences; and afterwards to difcourfe concerning that figure 
which is propofed i in this Lefinition. There is, then; a certain figure 
which is conftituted by mutation, and is produced from pafon, while 
the recipients of the figure are difturbed, divided, or taken away; while _ 
they receive additions, or are altered, or fuffer other various affections. . 
There is alfoa figure, which is produced by the potter’s, or ftatuary’s 
art, according to the pre-exiftent reafon, which art itfelf contains: art, 
indeed, producing the form, but matter receiving from thence, form,and 
beauty, and elegance. But there are {till more noble and more illuftrious’ 
figures than thefe, the fkilful operations of nature. Some, indeed, exift- 
ing jn the elements under the moon *, and having a power of com- 
prehending the reafons thofe elements contain : but others are fituated: 
in the celeftial regions, diftinguifhing thetr powers, and endlefs revo- 
lutions. For the heavenly bodies, both when confidered by them- 
felves, and with relation to each other, exhibit an abundant and ad- 
mirable variety of figures; and at different times they prefent to our 
-view different forms, bringing with them a {plendid image of intellec=e 


* That is, the various fpecies of forms, with which the four elements are replete, 
7 tual’ 


” 
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tual fpecies; and, by their elegant and harmonious revolutions, de 
feribing the incorporeal and immaterial powers of figures. But there 
are, again, befides all thefe, moft pure and perfect beauties, the figures 
ef fouls, which, becaufe they are full of life, and felf-motive, have 
an exiftence prior to things moved by another ; and which, becaufe 
they fubfift immaterially, and without any dimenfion, excel the forms | 
«which are endued with dimenfion and matter. In the nature of which 
we are inftru@ted by Timzus, who has explained to us the demiurgic, 
and effential figure of fauls *. But again, the figures of intelle@s are 

_ by far more divine than the figures of fouls; for thefe, on every fide, 
excel partible effences; are every where refplendent with impartible 
and intelle@ual light; are prolific, effective, and perfective of the 
univerfe; are equally prefent, and firmly abide in all things; and 
procure union to the figures of fouls; but recall the mutation of fenfible 
figures to the limitation of their proper bound. Laftly, there are, 
feparate from all thefe, thofe perfe&, uniform, unknown, and in- 

' effable figures of the gods, which are refident, indeed, in the figures 
{ of intelleéts; but jointly terminate all figures, and comprehend all 
= things in their unifying boundaries. The properties of which the 
theurgic art, alfo exprefling, furrounds various refemblances of the 
gods, with various figures. And fome, indeed, it fafhions by charac- 
ters, in an ineffable manner; for charaéters of this kind, manifeft the 
unknown powers of the gods: but others it imitates by forms and 
images ; fafhioning fome of them erect, and others fitting; and fome 
fimilar to a heart, but others fpherical, and others expreffed by dif- 
ferent figures. And again, fome it fabricates of a fimple form; but 
others it compofes from a multitude of forms; and fome are facred and 
venerable; but others are domeftic, exhibiting the peculiar gentlenefs 
of the gods. And fome it conftruéts of a fevere afpe& ; and laftly, 
attributes to others, different fymbols, according to the fimilitude and 
fympathy pertaining to the gods +. Since, therefore, figure derives 
its 


* That ia, the circle. 

+ An admirer of the moderns, and their purfuits, will doubtlefs confider all this as thé 
relics of heathen fuperttition and ignorance; and will think, perhaps, he makes a great con- 
ceffion in admitting the exiftence of one fupreme god, without acknowledging a multitude of 
deities fubordinate to the firt. For what the ancients can urge in defence of this obfolete - 
opinion, I muft beg leave to refer the reader to the differtation prefixed to my tranflation of 


Orpheus; in addition to which lct him attend to the following confiderations. Is it poilible 
| thas 


3 


a 


COMMENTARIES OF PROCLUS, 153 

Rs origin from. the gods themfelves, it arrives, by a gradual proe 
grefion, even to inferiors, .in thefe alfo appearing from primary. 
caufes. Sincė it is requifite to fuppofe the perfe& before the imper- 
` feQ, and things fituated in the ftability of their own effencé, prior ta 
thofe which fubfift in others, and previous to things full of their own 
privation, fuch as preferve their proper nature fincere. Such figures, 
therefore, as are material, participate of material -inelegance, and do 
not poflefs a purity convenient to their nature. But the celeftial 
figures are divifible, and fubfift in others. And the figures of fouls 
are endued with divifion, and variety, and involution of every kind ; 
but the figures of intelledts, together with immaterial union, poffefs 
a progreffion into multitude. And laftly, the figures of the gods are 
‘free, uniform, fimple, and generative ; they fubfif{ hefore all things, 


containing all perfeCtion in themfelvés, and extending from themfelves, 


to all things, the completion of forms. We muft not, therefore, liten 
to, and endure the opinions of many, who affirm, that certain addi- 
tions, ablations, and ‘alterations, produce fenfible figures, (for motions, 
fince they are imperfect, cannot poffefs the principle and primary, 
caule of effects; nor could the fame figures often be produced from 
contrary motions; for the fame form is fometimes generafed from 
addition and detraction,) but we mu& confider operations of this kind 
as fubfervient to other purpofes in generation, and derive the perfedtion, 


‘that the machinery of the gods in Homer could be fo beautiful, if fuch beings had’ no exiftence F 


Or can any thing be beautifulwhich is defticute of all reality ? Do not things. univerfally pleafe . 


iu proportion as they refemble reality ? Perhaps ic will be anfwered, that :he reverfe of this 
is true, and that fiction more generally pleafes than truth, as is evident from the great avidity 
with which romances are perued. To this I reply, that fiction itfelf ceafes to be plerfing,’ 


when it fuppotes abfolute impoffibilitics : for the exiftence of genii and fairies cannot be proved. 


impoffible ; and thefe compole all the marvellous of romance. This- obfervation is verified 
‘in Spencer’s Fairy Queen: for his allegories, in which the paffions are perfonified, are tedious’ 
and unpleafunr, becaufle they are not difguifed ander the appearance of reality: while tha; 
-magic of Circe, the bower of Calypfo, the rocks of Scylla and Charybdis, and the melody. 
-of the Syrens, in the Odyflty of Homer, though nothing but allegories, univerfally enchant 
and delight, becaufe they are covered with the femblance of truth. It is on this account 
that Mitkon’s battles in; heaven are barbarous and ridiculous in the. extreme; for: every one 
fees the impoffib:liry of fuppofing gun-powder and eannons in the celcftial regions: the ma- 
chinery is forced and’ unnatural, contains no elegance of fancy, and is nor replete with 
-any ‘myftical information. On the contrary, Homer’s machinery is natural aud pcffidle, is 
~ full of dignity and elegance, and is pregnant with the fublimeft truths; it delights aud enobles 
‘the mind of the reader, aflonifhes him with its magnificence and propriety, and animates him’ 
with the fury of peejic infpisation. And this, becaufe it is poflible and trues, ; 
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of figure from. other primogenial caufes. ‘Nor muft we fubfcribe to 
their opinion, who affert that figures deftitute of matter can have no 
fubfiftence, but thofe only which appear in matter. Nor to theirs, 
who acknowledge, indeed, that they are external to matter, but con- 
fider them as fubfifting alone, according to thought and abftraction. 
For where fhall we preferve in fafety, the certainty, beauty, and order 
of figures, among things which fubfift by abftraction? For, fince they 
are of the fame kind with fenfibles, they are far diftant from indubit- 
able and pure certainty. But from whence do they derive the cer- 
tainty, order, and perfection which they receive? For they either 
derive it from fenlibles (but they have no fubfiftence in thefe), or from 
intelligibles (but in thefe they are more perfect), fince, to fay from. 
that which is not, is the moft abfurd of all. For nature does not pro- 
duce imperfe& figures, and leave the perfe& without any fubfiftence.. 
Nor is it lawful, that our foul fhould fabricate more certain, perfea, 
and orderly figures, than intellect and the gods themfelves. There 
are, therefore, prior to fenfible figures, felf-moving, intelle@ual, and 
divine reafons of figures. And we are excited, indeed, from the 
obfcurity of fenfible forms, but we produce internal reafons, which are- 
the lucid images of others. And we poffefs a knowledge of fenfible 


figures, by their exemplars refident in foul (wapadsyparmas), but we 


comprehend by images (exovxws) fuch as are intelleQual and divine. 
For the reafons we contain, emerging from the dark night of oblivion, 
and propagating themfelves in fciential variety, exhibit the forms of. 
the gods, and the uniform bounds of the univerfe, by which they in- 
effably convert all things into themfelves. In the gods, therefore, 


there is both an egregious knowledge of univerfal figures, and a power: 


of generating and conftituting all inferiors. But in natures, figures. 
are endued with a power generative of apparent forms; but are defti-. 
tute of cognition and intellectual perception. And, in particular fouls, 
there is, indeed, an immaterial intellection, and a felf- energizing, 
knowledge ; but there is wanting a prolific, and efficacious: caufe, 
As, therefore, nature, by her. forming. power. prefides over fenfible 
figures, in the fame manner, foul, by her gnoftic. energy, drops in the: 
phantafy as in a mirror, the reafons of figures. But the phantaly 


seceiying thefe in her fhadowy forms, and poffefling images: of the: 
inherent . 


a 
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inherent reafons of the foul, affords by thefe the means of inward 
converfion to the foul, and of an energy dire@ed to herfelf, from the 
fpetres of imagination. Juft as if any one beholding his image in a 
mirror, and admiring the power of nature, and his own beauty, fhould 
defire to fee himfelf in perfe€tion, and fhould receive a power of 
becoming, at the fame time, the perceiver, and the thing perceived. 
For the foul, after this manner, looking abroad into the bright mirror 
of the phantafy, and furveying the fhadowy figures it contains, and 
admiring their beauty and order, purfues, in confequence of. her 


admiration, the reafons from which thefe images proceed; and being 


wonderfully delighted, difmiffes their beauty, as converfant about 
{pectres alone ; but afterwards feeks her own purer beauty, and defires 
to pafs into her own profound retreats, and there to perceive the circle 
and the triangle, and all things fubfifting together, in an impartible 
manner, and to.infert herfelf in the obje@s, to contract her multitude 
into one; and laftly, to behold the occult and ineffable figures of the 
gods, feated in the moft facred and divine receffes of her nature. She 
is likewife defirous of bringing into light, from its awful concealment, 
the folitary beauty of the gods, and of perceiving the circle, fubfifting 
in its true perfection, more impartible than any centre, and the tri- 
angle without interval; and laftly, by afcending into an union with 


herfelf, of furveying. every objet which is fubje& to'the power of © 


cognition. The figure, therefore, which is felf-motive, precedes that 


which is moved by another; and the impartible that which is felf. 


motive: but that which is the fame with one, precedes the impartible 
itfelf. For all things are bounded, when they return to the unities of 
their nature; fince all things pafs through thefe as a divine entrance 
into being. And thus much for this long digreffion, which we have 
delivered according to the fentiments of the Pythagoreans. /But the 
geometrician, contemplating that figure which is feated in the phan~ 
tafy, and defining this, in the firft place, (fince this definition agrees 


with fenfibles, in the {fecond place) fays, that figure is that which is 


comprehended by one or more boundaries. For, fince he receives it 


~ together with matter, and conceives of it as diftant with intervals, he 


does not improperly call it finite and terminated *. [Since every thing 


* The fentence within the brackets is omitted in the Greek. 


X2 which 


\ 
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which contains either intelligible or fenfible matter, is allotted an adver 
titiows bound; and is not itfelf bound, but that which is bounded.] Nor- 
#3 it the bound of itfelf; but one of its powers is terminating, and the 
other terminated. Nor does it fubfift in bound itfelf, but is contained. 
by bound. For figure is joined to quantity, and fubfifts together with. 
it; and, at the fame time, quantity is fubjected to figure; but the rea- 
fon and afpe&t cf that quantity is nothing elfe than figure and form.,. 
Since, indeed, reafon terminates quantity, and adds to it a particular. 
eharacter and bound, either fimple or compofite. For, fince this alfo 
exhibits the two-fold progreffion of bound and infinite in its proper 
forms, (in the fame manner as the reafon of an angle,) it invefts the: 
objets of its comprehenfton with one boundary and fimple form, 
according to dound, but with many, according to infinity *. Hences. 
= every thing figured, vindicates to itfelf either one boundary, or a 
many. Euclid, therefore, denominating that which is figured and 
material, and annexed to quantity figure, does not improperly fay,. 
that it is contained by one or more terms. But Poffidonius defines: 
r figure to be concluding bound, feparating the reafon of figure from 
quantity ; and confidering it as the caufe of terminating, defining, and. 
comprehending quantity. For that which enclofes, is different from 
that which is enclofed; and bound from that which is bounded. And 
Poffidonius, indeed, feems to regard the external furrounding bound; 
but Euclid, the whole fubject. Hence, the one calls a circle a figure, 
with relation to its whole plane, and exterior ambit; but the other. 
with relation to its circumference only. And the one defines that: 
which is figured, and which is beheld together with its fubje€t: but 
the other defires to define the reafon of the circle; I mean that which 
terminates and concludes its quantity. But if any logician, and cap- 
tious perfon, fhould blame the definition of Euclid, becaufe he defines. 
genus from {fpecies (for things contained by one or more terms, are 
the fpecies of figure,) we {hall affert, in oppofition to fuch an objec-. 
tion, that genera alfo pre-occupy in themfelves the powers of fpecies, 
And when men of ancient authority, were willing to manifeft genera. 
themfelves, from thofe powers which genera contain, they appeared, . 
indeed, to enter on their defign from fpecies, but, in reality, they: 


? igus 
‘ys et THQ, 


T niais 


* Thatis, the circular form proceeds from suud, but right-lined figures from i2fni'y. 
exp'ained 
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explained genera from themfelves, and from the powers which they’ 
contain. / The reafon of figure, therefore, fince it is one, comprehends- 
the differences of many figures, according’ to the bound and infinity 
refiding in its nature. And he who defined this reafon, was not void. 
ef underftanding, whilft he comprehended in a definition, the diffe~ 
rences of the powers it.contained. But you will afk, From whence. 


does the reafon of figure originate, and by what caufes is it perfected? 


I anfwer, that it firft arifes from bound and infinite, and that which is 
mixed from thefe. Hence it produces fome fpecies from bound, 
others from znfimite, and others from the #xt. And this it accom- 


plifhes by bringing the form of bound to circles; but that of infinite; — 
to right-lines: and that of: the mixt to figures compofed from right, ` 


and circular lines. But, in the fecond place, this reafon is perfected 
from that totality. which is feparated into diffimilar parts.. From 
whence, indeed, it occafions a whole to every form, and each figure is. 
eut into different fpecies. For a circle, and every right-lined- figure `- 
may be divided, by reafon or proportion, into diffimilar figures; which 


is the bufinefs of Euclid in his book of divifions, where he divides. 
one figure into figures fimilar to fuch as are given; but another into’ 
fuch as are diffimilar. In the third place, it is invigorated from accu- . 
mulated multitude, and, on account of this, extends forms of every 
kind, and produces the: multiform reafons of figures; Hence, in. 
propagating itfelf, it does not ceafe till it arrives at fomething lå, and 
has unfolded all the variety of forms. And, as in the intelligible - 
world, ove is fhewn to abide in that which zs; and, at the fame time, 
that which 4s in ove, fo likewife, réafon exhibits circular in right-lined: 


figures; and, on the contrary, rectilinear comprehended in circular 


, figures. And it peculiarly manifefts its whole nature in each, and’ 
all thefe in all. Since the whole fubfifts in all: collectively, and in: 
each feparate and apart. From that order, therefore, it is endued with: 
_this power. In the fourth place, it receives. from the firt of num-- 
ters *, the meafures of the progreffion of forms. From whence it- 
conftitutes all figures according to numbers; fome, indeed, according. 


to the more Aple, but others according to the more compofite. For 
triangles, quadrangles, quinquangles, and all multangles, proceed in: 


a: 


* That is, the number three. . 


infis- 


~ 
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infinitum, together with the mutations of numbers. But the caufe of 


this is, indeed, unknown to the vulgar, though, to thofe who under- - 


ftand where number and figure fubfift, the realon is manifeft. Fifthly, 
at is replete with that divifion of forms, which divides forms into other 


fimilar forms, from another fecond totality, which is alfo diftributed - 


into fimilar parts. And by this, a trianglar reafon is divided into tri- 
angles, and a quadrangular reafon into quadrangles. And hence, 
exercifing our inward powers, we effect what I have faid in images, 
fince it pre-exifted by far the firftin its principles. But by regarding 
 thefe diftributions, we may render many caufes of figures, reducing 
them to their firft principles. And the mere common, or geometrical 


figure, is allotted an order of this kind, and from fo many caufes, re- 


ceives the perfetion of its nature. But, from hence it advances to the 
= genera of the gods, and is varioufly attributed according to its various 
forms, and energizes differently in different gods. To fome, indeed, 
affording more fimple figures ; but to others, fuch as are more com- 
pofite. And to fome, again, affigning primary figures, and thofe 


which are produced in fuperficies; but to others (entering the tumor ` 


of folid bodies) fuch figures, as in folids are convenient to themfelves. 
For all figures, indeed, fubfift in all, fince the forms of the gods are 
accumulated, and full of univerfal powers: but, by their peculiarity, 
they produce one thing according to another. For one poffeffes ali 
things circularly, another in a triangular manner, but another accord- 
ing to a quadrangular reafon. And ina fimilar manner in folids. 


DEFINITION XV. 


A CIRCLE is a Plane Figure, comprehended by one Line, 
which is called the Circumference, to which all Right 
Lines falling from a certain Point within the Figure, 
are equal to each other. 


DEFINITION XVL 
And that Point is called the CENTRE of the CIRCLE. 
Circle is the firft, moft fimple, and moft perfect of figures. 


For it excels all folids, becaufe it exifts in a more fimple place; | 


but it is fuperior to the figures fubfifting in planes, on account of its 
fimilitude 
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fimilitude and identity. And it has a corréfponding proportion to 
bound, and unity, and.a better co-ordination of being. Hence, in a’ 
diftribution of mundane and fuper-mundane figures, you-will-always- 
find that the circle is of a diviner nature. For if you make-a divifion: 
into the heavens, and the univerfal regions of generation,. you muft’ 
aflign to the heavens a circular fofm ; but to generation, that of a. 
right line. For whatever among generable natures is-circular, defcends 
from the heavens; fince generation revolves into itfelf, through their. 
circumvolutions, and reduces its unftable mutation to a-regular and 
orderly continuance. - But if you diftribute incorporeal natures into 
foul and intelle@, you will fay, that the circle belongs to mtelle@, and: 
the right line to the foul. And on this account, the foul, by its con-- 
verfion to intelleét, is faid to be circularly moved; and it poffeffes the: 
fame proportion to intellect, as generation-to the heavens. For. it is: 
‘circularly moved, (fays Socrates *,) becaufe it imitates intelle@. But- 
the generation and progreflion of. foul is made according to a right- 
line. For it is the property. of. the foul to apply herfelf at different” 
times to different forms. But if you wifh to divide into body and: 
foul, you muft conftitute every:.thing corporeal, according to the right- 
line ; but you muft affign to every animal a participatién of the iden-- 
tity and fimilitude of. the circle. For body. is a compofite, and is. 
endued with various powers, fimilar to right-lined figures: but foul- 
is imple and intelligent; felf-motive, and felf-operative ; converted: 
into, and energizing in herfelf. From whence, indeed, Timæus alfo, 
when he had compofed the elements of the univerfe from right-lined - 
figures, afligned to them a circular motion and. formation, from that: 
divine foul which is feated in the bofom of .the world. And thus,- 
- that the circle every where holds. the firft rank, in refpect of other- 
figures, is fufhiciently evident from the preceding obfervations. But: 
it is requifite.to furvey its whole feries, beginning fupernally, ending . 
in inferiors, and perfecting all things, according.to: the aptitude of. 
the natures which receive its. alliance. To the. gods, therefore, it. 
affords a converfion to their caufes, and ineffable:union: it occafions - 
_ their abiding in themfelves, prevents their departing from. their ‘own : 
_beatitude, ftrengthens their. higheft unions, as centres defirable -to + 


* In Timao, 
inferior" 
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‘inferior natures, and ftably places about thefe the multitude of the 
powers which the gods -poffefs, containing them in the fimplicity of 
their effences. But the circle affords to intelleQual natures, a perpe- 
tual energy in themfelves, is the caufe of their being filled with know- 
ledge from themfelves, and of poffeffing in their effences, intelligibles 
contrattcdly ; and of perfecting intelleétions in themfelves. For every 
‘intelle@, propofes to itfelf that which is intelligible; and this is as a 
centre to intelle&t, about which it continually revolves : for intelle& 
folds itfelf, and operates about this, and is united within itfelf on all 
fides, by .univerfal intelleGtuat energies. But it extends to fouls by 
illumination, a felf-vital, and felf-motive power, and an ability of 
turning, and leaping round intelle, and of returning according to 
proper convolutions, unfolding the impartibility of intelle@&. Again,’ 
the intelle€tual orders excel fouls after the manner of centres, but 
fouls energize circularly about their nature. For every foul, accord- 
ing to its intellectual part, and the fupreme one, which is the very 
flower of its effence, receives a centre: but, according to its multi- 
tude, it has a circular revolution, defiring, by this means, to embrace 
the intellect which it participates. But, to the celeftial bodies, the 
circle affords an affimilation to intelle&, equality, a comprehenfion 
of the univerfe, in proper limits, revolutions which take place in de- 
terminate meafures, a perpetual fubfiftence, a nature without begin- 
ning and end, and every thing of this kind. And to the elements 
under the concave of the moon’s orb, it is the caule of a period, 
.converfant with mutations; an affimilation to the heavens; that which 
is without generation, in generated natures; that which abides in things 
which are moved; and whatever is bounded in partible effences. For- 
_ .all things are perpetual, through the circle of generation; and equa- 
bility is every where preferved on account of the reciprocation of cor- 
ruption, Since, if generatior did not return, in a circular revolution, 
in a fhort fpace of time, the order, and all the ornament of the ele- 
ments would vanifh. But again, the circle procures to animals and 
‘plants, that fimilitude which is found in generations; for thefe are 
produced from feeds, and feeds from thefe. Hence, generation here, 


and a circumvolution, alternately takes place, from the rmperfcét to . 
the perfect, and the contrary ; fo that corruption fubfifts together with « 


gencration. 


f 
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generation. “But, befides this, to unnatural produiions it impofes 
order, and reduces their indeterminate variety to the limitation of 
bound; and, through this, nature herfelf is gracefully ornamented 
in the laft veftiges of her powers. Hence, things contrary to nature 
have a revolution according to determinate numbers, and not only 
fertility, but alfo fterility, fubfifts according to the alternate convo- 
lutions of circles (as the difcourfe of the Mufes evinces), and all evils 
though they are difmiffed from the prefence of the gods, into the 
place of mortals, yet thefe roll round, fays Socrates, and to thefe 
there is prefent a circular revolution, and a circular order; fo that 


nothing immoderate and evil is deferted by the gods; but that pro- | 


vidence, which is perfective of the univerfe, reduces alfo the infinite 
variety of evils, to bound, and an order convenient to their nature. 
The circle, therefore, is the caufe of ornament to all things, even to 
the laft participations, and leaves nothing deftitute of itfelf, fince it 
fupplies beauty, fimilitude, formation, and perfeGtion to the univerfe. 
Hence too, in numbers it contains the middle centres of the whole 
progreffion of numbers, which revolves from unity to the decad (or 
ten). ‘For five and fix exhibit a circular power, becaufe, in the pro- 
greflions from themfelves, they return again into themfelves, as is 
evident in the multiptication of thefe numbers. Multiplication, there- 
fore, is an image of progreffion, fince it is extended into multitude ; 
but an ending ih the fame fpecies, is an image of regreffion into 
themfelves. But a circular power affords each of thefe, exciting, 
indeed, as from an abiding centre, thofe caufes which are produGive 
of multitude ; but converting multitude after the produdtions to their 
caufes. Two numbers, therefore, having the properties of a circle, 
poffefs the middle place between all numbers: of which one, indeed, 
precedes every convertible genus of males and an odd nature; but the 
other, recalls every thing feminine and even, and all prolific feries, to 
their proper principles, according to a circulat power. And thus 
much concerning the perfeGiion of the circle. Let us now contem- 
plate the mathematical definition of the circle, which is every way 
perfect. In the fir place, therefore, he defines it a figure, becaufe, 
inleed, it is finite, and every where comprehended by one limit, 
and is not of an infinite nature, but affociated to bound. Likewife 

VoL. I. Y plane, 


A 
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plane, becaufe,. fines figures are either beheld in fuperficies, or in foli 
bodies, a circle is the firft of plane figures, excelling folids in fimpli- 


city, but poffeffing the proportion of unity to planes. But compre- 
hended by one line, becaufe it is fimilar to one, by which it is defined, 


yand becaufe it does not extrinfically receive a variety of furrounding 


terms. And again, that this line makes all the lines drawn to it from. 


a certain point within equal, becaufe of the figures which are bounded: 
by one line, fome have all the lines proceeding from the middle equal ;. 
but others not at all. For the ellipfis is comprehended by one line, 
yet all the lines iffuing from the centre, and bounded by its curvature, 


ace not equal, but only two. Alfo the plane, which is included by: 


the line.called a ciffoid, has one containing line, yet it does not con- 


tain a centre, from which all the lines are equal. But, becaufe the 
eentre in a circle is entirely one point (for there are not many centres- 
of one circle), on this account, the geometrician adds, that lines falling ` 


from one point to the bound of the circle, are equal. For there are 
infinite points within it, but of.all thefe, one only has the power of a 
centre. And becaufe this one point, from which all the lines drawn: 
to the circumference of the circle are equal, is either within the circle, 
or without (for every circle has a pole, from which all the lines drawn. 
to its circumference are equal), on this account he adds, of the points 
within the figure, becaufe, here he receives the centre alone, and not 
the pole. For he wifhes to behold all its properties in one plane, but 
the pole is more elevated than the fubje&t plane. Hence, he neceflarily 
adds, in the end of the definition, that this point, which is placed 
within the circle, and to which all right lines drawn from it to the 
circumference, are equal, is the centre of the circle. For there are 
only two points of this kind, the pole and the centre. But the former 
1s without, and the other within the plane. Thus, for inftance, if 
you conceive a perpendicular ftanding on the centre of a circle, its 
fuperior extremity is the pole: for all lines drawn from ìt to the cir- 
cumference of the circle, are demonftrated to be equal. And, in like 
manner, in a cone, the vertex of the whole cone, is the pole of the 
circle at the bafe.: And thus far we have determined what a circle 
is, and its centre, and what the nature is of its circumference, and 
the whole circular figure. Again, therefore, from thefe, lct us return 

to 
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‘to the fpeculation of their exemplars, contemplating in them the cén-- 
‘tre, according to one impartible and ftable excellence. But the diftances 
from the centre, according to the progreffions which are made from 
-one, to multitude infinite in capacity. And the circumference of the 
circle, according to the regreflion of the progreffions to the centre, by 
means of which the multitude of. powers are rolled round their union, 
and all of them haften to its comprehenfion, and defire to energize 
about its indivifible embrace. And, as in. the circle itfelf, all things 
 fubfift together, the centre, intervals, and external circumference; fø 
in thefe which are its image, one thing has not an eflence pre-exiftent, » 
and another confequent in time; but all things are, indeed, together, 
permanency, progreflion, and regreflion. But thefe differ from thofe, 
/becaufe the former fubfift indivifibly, and without any dimenfion; but 
the latter with dimenfion, and in adivifible manner ; the centre exift- 
ing in one place, the lines emanating from the centre, in another; 
and the external circumference terminating the circle, having a fill 
different fituation. But there all things abide in one: for if you 
regard that which performs the office of a centre, you will find it the 
receptacle of all things. If the progreffion diftant from the centre, 
_ in this, likewife, you will find all things contained. And, ina fimi- 
lar manner, if you- regard its regreflion. When, therefore, you are 
able to perceive all things fubfifting together, and have taken away 
the defect-proceeding from dimenfion, and have removed from your 
inward vifion, the pofition about which partition fubfifts, you will 


find the true circle, advancing to itfelf, bounding, and energizing in: 


itfelf, exiting both one-and many, and abiding, proceeding, and 
returning; likewife firmly eftablifhing that part of its effence which is 
moft impartible, and efpecially fingular; but advancing from this 
according to rectitude, and the infinity which it contains; and rolling 
itfelf from itfelf to one, and exciting itfelf by fimilitude and identity 
to the impartible centre of its nature, and to the oceult power of the 
one which it contains. But this one, which the circle contains, and 
environs in its bofom, it emulates according to the multitude of its 
own nature. For that which is convolved, imitates that which abides, 
and the periphery is as a centre which is diftant with interval, and - 

| Y 2 nods 
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nods to itfelf, haftening to receive, and to become one with the centre, 
and to terminate its regrefs where it received the principle of its pro- 
greffion. For tiie centre is every where in the place of that which is 
lovely, and the obje@ of defire, prefiding over all things which fubfift 
about its nature, and exifting as the beginning and author of all pro- — 
greffions. And this the mathematical centre alfo exprefles, by termi- ` 
nating all the lines falling from itfelf to the circumference, and by 
affording to them equality, as an image of proper union.. But-the 
oracles likewife define the centre, after this manner: The centre is 
that from which and * to which all the lines to the circumference are 
equal. Indicating the beginning of the diftance of the lines, by the 
particle from which; but the middle of the circumference by the par- 


o ticle to which: for this, in every part, is joined with the centre. 


But if it be neceffary to declare the firt caufe, through which a cir- 
cular figure appears and receives its perfeCtion, I affirm, that it is the 


fupreme order of intelligibles. For the centre, indeed, is affimilated 


to the caufe of bound; but the lines emanating from this, and which 
are infinite, with refpe& to themfelves, both in multitude and mag- 
nitude, reprefent infinity ; and the line which terminates their exten- 
fion, and conjoins the circular figure with the centre, is fimilar to 
that occult ornament, confifting from the intelligible orders; which 
Orpheus alfo fays, is circularly borne, in the following words, But it 
zs carried with an unwearied energy, according to an infinite circle. For, 
fince it 1s moved intelligibly, about that which is intelligible, having 
it for the centre of its motion, it is, with great propriety, faid to 
energize in a circular manner. Hence, from thefe alfo, the triadic 
god f proceeds, who contains in himfelf the caufe of the progreffion 
of right-lined figures. For on this account, wife men, and the moft 


wmyftic of theologifts, have fabricated his name. [f Hence too, it is 


manifeft, that a circle is the firft of all figures :] but a triangle is the 


® wets ð, OF, 20 which, is wanting in the ariginal, and in all the publifhed coll:Aions of the 
Zoroaftrian oracles, 

+ That is Jupiter, who is called triadic, becaufe he proceeds from Saturn and Rhea; and 
becaufe his government is participated by Neptune and Pluto, for each of thefe is ca'led Jupiter 
by Orpheus. | | 

$ This fentence, within the brackets, is omitied in the printed Greek. 
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firk of fuch as are right-lined. Figures, therefore, appear. firft in the 
regular ornaments of the gods;. but they have a latent. fubfiftence, 
according to. pre-exitent caufes, in intelligible effences. 


DEFINITION XVIL 


A DIAMETER of a Circle is. a certain ftraight. Line, drawn 
through the Centre, which is terminated both ways. 
by the Cireumference of the Circle, and, divides the 
Circle into two equal Parts. 


UCLID.- here perfpicuoufly fhews, that he does not define every 
diameter, but that which belongs to a circle only. Becaufe 

there is a diameter of quadrangles and all parallelograms, and like- 
wife of a fphere among folid figures. But in the firft of thefe, it is 
denominated a diagonal: but ina {phere, the axis; and in:circles the 
diameter, only. Indeed, we are accuftomed. to fpeak of the axis of 
an ellipfis, cylinder, and cone; but of a circle, with propriety, the 
diameter. This, therefore; in its genus, is a right-line; but as there 
are many right-lines in a circle, as likewife infinite points, one of 
which is a centre, fo this only is called a diameter, which paffes 
through the centre,. and neither falls within the: circumference, nor 
tranfcends its boundary; but is both ways terminated by its com- 
prehenfive bound. And thefe obferyations exhibit its origin. But: 
that which is added in the end, that. it alfo divides the circle into two. 
equal parts, indicates: its proper energy in the. circle, exclufive ofall: 
ether lines drawn through the centre, which are not terminated both: . 
ways by the circumference. But: they report, that Thales firft de- 
monftrated, that the circle was bifefled by the diameter. And the 
caufe of this bifeGion, isthe indeclineable tranfit of the right line, 
through the centre. For, fince it is drawn through the middle, and 
always preferves the fame inflexible motion, according to all its parts, 
rm cuts off equal portions on both fides to the circumference of. the 
circle. But if you defire to exhibit the fame mathematically, con- 
ceive the diameter drawn, and one part of. the circle placed on the 
other. 
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other *. Then, if it is not equal, it either falls within, or without; 
but the confequence either of thefe ways muft be, that a lefs right-line 
will be equal to a greater. Since all lines from the centre to the cit- 
cumference are equal. The line, therefore, which tends to the 
exterior circumference, will be equal to that which tends to the inte- 
rior. But this is impoflible. Thefe patts of the circle, then, agree, | 
and are .on this account equal. But here a doubt arifes, if twe 
femicircles are produced by one diameter, and infinite diameters may 
be drawn through the centre, a double of infinities will take place, 
according to number. For this is objected f by fome againft the fec- 
tion of magnitudes to infinity. But this we may folve by affirming, 
that magnitude may, indeed, be divided infinitely, but not into in- 
finites. For this latter mode produces infinites in energy, but the 
former in capacity only. And the one affords effence to infinite, but 
the other is the fource of its origin alone. . Two femi-circles, there- 
. fore, fubfift together with one diameter, yet there will never be infinite 
. diameters, although they may be infinitely affumed. Hence, there 


* Thus let a part A E B cut off by the diameter AB (fig. 1.) of the circle AEB D be 


A A 





B | B 


placed on the other part A D B, as in fig. II. Then, if it is not equal to the other part, 
either A EB will fall within ADB, or ADB within AE B: but in either cafe, CE will 
be equal to C D, which is abfurd. | 

~ -$-This objection is urged by Philoponus, in his book againft Proclus on the eternity of the 
world; but not, in my opinion, with any fuccefs. See alfo Simplicius, in his third digreffion 
againft Philoponus, in his commentary on the 8th book of Ariftorle’s Phyfics.. 


can 
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oan never be doubles of infinites; but the doubles which are conti- 
nually produced, are the doubles of finites ; for the diameters which 
are always aflumed, are finite in number. And what reafon can be 
affigned why every magnitude fhould not have finite divifions, fince 
number is prior to magnitudes, defines all their feCtions, pre-occupies 


infinity, and always determines the parts which rife into energy from 


dormant capacity? 


DEEINITION XVIIL 


A SEMICIRCLE is the Figure contained by the Diameter. 
and that Part of the Circumference which is cut off by 
the Diameter. | 


DEFINITION XIX * 


But the Centre of the Semi-circle, is the fame with that 
of the Circle,. 


“ROM the definition of a circle Euclid finds out the nature of 


the centre, differing from all the other points: which the circle 
contains. But from the centre he defines the diameter, and feparates 
it from the other right lines, which are defcribed within the circle. 


And from the diameter, he teaches the nature of the femi-circle; and 


informs us, that it is contained by two terms, always differing from 
each other, viz. a right-line and a circumference: and that this right- 


line is not any one indifferently, but the diameter of the circle. E or 


both a lefg and a greater fegment of a circle, are contained by a right- 
line and circumference; yet thefe are not femi-circles, becaufe the 
divifion of the circle is not made through the centre. All thefe figures, 
therefore, are biformed, as.a-circle was monadic, and are compofed 


* This definition is no where extant but in the commentaries of Proclus. - Inftead of ir, in 
almoft all the printed editions of Enclid, the following is fubftituted.. 4 fegment of a circle is 
the figure contained by adtamcter, and the part of the circumference cut off by the diameter. ‘This 
Mr. .Simfon has marked with commas, as a fymbol of its being interpolated: but he has taken 
no notice of the different reading in the commentaries of Proclus.. And what is flill more 
remarkable, this variacion is not noticed by any editor of Euclid’s Elements, cither ancient or 
modern. 


3. — from 


ft 
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from diffimilars. For every figure which is comprehended by two 

terms, is either contained by two circumferences, as the lunular: or 
by a right-line and circumference, as the above mentioned figures; 
or by two mixt lines, as if two ellipfes interfe& each other (fince they 
enclofe a figure, which is intercepted between them), or by a mixt line 
and circumference, as when a circle cuts an ellipfis; or by a mixt and 

right-line, as the half of an ellips. But a femi-circle is compofed 

from diffimilar lines, yet fuch as are, at the fame time, fimple, and 
touching each other by appofition. Hence, before he defines triadic 
figures, he, with great propriety, paffes from the circle to a biformed 
figure. For two right-lines can, indeed, never comprehend fpace. Bat 
this may be effe&ed by a right-line and circumference. Likewife by 
two circumferences, either making angles, as in the lunular figure; 

or forming a figure without angles, as that which is comprehended by 
concentric circles. For the middle {pace intercepted between both, is 
comprehended by two circumferences ; one interior, but the other ex- 
terior, and no angle is produced. For they do not mutually interfed, 
as in the lunular figure, and that which is on both fides convex. But 
that the centre of the femi-circle is the fame with that of the circle, 
is manifeft. For the diameter, containing in itfelf the centre, com- 
plees the femi-circle, and from this all lines drawn to the femi-circum- 

ference are equal. For this is a part of the circumference of the 
circle. But equal right lines proceed from the centre to all parts of 
the circumference. The centre, therefore, of the circle and femi- 
circle is one and the famé. And it muft be obferved, that among all 
figures, this alone contains the centre in its own perimeter, I fay, 
among all plane figures. Hence you may colle&, that the centre 
has three places. For it is either within a figure, as in the circle; or 
in its perimeter, as in the femi-circle; or without the figure, as in 
_certain conic lines *. What then is indicated by the femi-circles, 
having the fame centre with the circle, or of what things does it bear 
an image, unlefs that all figures which do not entirely depart from 
fuch as are firft, but participate them after a manner, may be concen- 
tric with them, and participate of the fame caufes? For the femicircle 
communicates with the circle doubly, as well according to the diame- 


* As in every hyperbola. 
ter 
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ter, as according to the circumference. Ore this account, they poffefs 


a centre alfo in common. And perhaps, after the moft fimple prin- 
ciples, the femi-circle ts affimilated to the fecond ¢b-ordinations, 
which participate thofe principles; and by their relation to them, af- 
though imperfedly, and by halves, they are, eiicieuns —_— 


' to that which zs, and to their ai original caufe. 
> 7 


DEFINITION. XX. 


RECTILINEAR FicurREs are thofe which. are comprehended 
by Straight Lines. 


DEFINITION XXI 


TRILATERAL FIGURES, or TRIANGLES, by three Straight 
Lines. 


| DEFINITION XXIL 
| QUADRILATERAL, by four Straight Lines. 


DEFINITION XXHI. 


MULTILATERAL FIGURES, Or Potycons, by more than four 
Straight Limes. 


| FTER the monadic figure having the relation of a principle to | 


all figures, and the. biformed femi-circle, the. progreffion of 
right: lined figures im infinitum, according to numbers, is delivered. 
For ‘on this account alfo, mention was made of the femi-cirgle, as 
communicating according to terms or boundaries; partly, indeed, with 
the circle, but partly with right-lines : jaft as the duad is the medium 


between unity and number. For unity, by compofition, produces’ 


more than by multiplication; but number, on the contrary, is more 
increafed by multiplication than compofition: and the duad, whether 


multiplied into, or compounded with itfelf, produces an equal quan- 
tity. As, therefore, the duad is the middle of unity and number, fo. 


likewife, a femi-circle communicates, according to its bafe, with right- 
Vor. Í. Z ~ lines; 


M 
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fines ; but according to its circumference, with the circle. But right. 
lined figures proceed orderly to infinity, attended by number and. its 
bounding power, which begins from the triad. On this account, 
Euclid alfo begins from hence *. For he fays, trilateral. and quadri- 
lateral, and the following figures, called by the common name of 
multilateral : fince trilateral figures are allo multHaterals; but they 
have likewife a proper, befides a common denomination. But, as we 
are but little able to purfue the reft, on account of the infinite pro- 
greffion of numbers, we muft be content with a common denomination, 
But he only makes mention of trilaterals and quadrilaterals, becaufe the 
triad and tetrad are the firft in the order of numbers ; the former being 
a pure odd among the odd; but the latter, an entire even among even 
numbers. Euclid, therefore, aflumes both in the origin of right- 
lined figures, for the purpofe of exhibiting their fubfiftence, accosding 
to all even and odd numbers. Befides, fince he is about to teach con- 
cerning thefe in the firt book, as efpecially elementary (I mean tri- 
angles and parallelograms) he does not undefervedly, as far as to thefe, 
eftablifh a proper enumeration: but he embraces all other right-lined 
figures by a common name, calling them multilaterals: bat of thefe 
enough. Again, aluming a more elevated exordium, we muft fay, 
that of plane figures, fome are contained by fimple lines, others by 
fuch as are mixt, but others again by both. And of thofe which are 
comprehended by fimple lines, fome are contained by fimilars in fpe- 
cies, as right-lines; but others by diffimilars in fpecies, as femi-circles, 
and fegments, and apfides, which are lefs than femi-circles. Likewife 
of thofe which are contained by fimitars in fpecies, fome are compre- 
hended by a circular line ; but others by a right-lme. And of thofe 
comprehended by a circular line, fome are contained by one, others 
by two, but others by more than two. By one, indeed, the circle 
itfelf. But by two, fome without angles, as the crowns + terminated 
by concentric circles; but others angular (ysywviwuéva) as the lunuhk. 

* The Platonic reader muf doubticfs be pleafed to find that Euclid was deeply fkilled in the 
philofophy ot Plato, as Proclus every where evinces. Indced, the great accuracy, and elegant 
dithibution of tbhefe Elements, fufficiently prove the truth of this affertion. And it is no in- 
confiderable teftimony in favour of the Platonic philofophy, that its afliftance enubled Euclid 
to produce fuch an adinirable work. 


$ Concerning thefe crowns, or annular fpaces, confult the great work of that very fubtle 
and elegaut mathematician Tacquet, entitled Cylindrica et Aanalaria. 
And 
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And of thofe comprehended by more than. two, there is an infinite 
proceffion. For there are certain figures contained by three and four 
and fucceeding circumferences. Thus, if three circles touch each 
other, they will intercept a certain trilateral fpace; but if four, one 
terminated by four circumferences, and in like manner, by a fucceffive 
progreffion. But of thofe contained by right lines, fome are com- 
prehended by three, others by four, and others by a multitude of 
lines, For neither is fpace comprehended by two right-lines; nor 
much more by one right-line. Hence, every {pace comprehended by © 
one boundary, or by two, is either mixt or circular. And it is mixt 
in a twofold manner, either becaufe the mixt lines comprehend it, as 
the fpace intercepted by the ciffoidal line; or becaufe it is con- 
tained by lines diffimilar in fpecies, as the apfis: fince mingling is 
two-fold, either by appofition or confufion. Every right-lined figure, 
therefore, is either trilateral, or quadrilateral, or gradually multilateral ; 
but every trilateral, or quadrilateral, or multilateral figure, is not 
right-lined; fince fo great a number of fides is alfo produced from 
circumferences. And thus much concerning the divilion of plane 
figures. But we have already afferted *, that re€titude of progreffion 
is both a fymbol of motion and infinity, and that it is peculiar to the 
generative co-ordinations of the gods, and to the producers of diffe- 
rence, and to the authors of mutation and motion. Right-lined 

figures, therefore, are peculiar to thefe gods, who are the principles of - 
the prolific energy of the whole progreflion of forms. On which 
account, generation alfo, was principally adorned by thefe figures, and 
is allotted its effence from thefe, {fò far as it fubfifts in continual motion 
anc mutation without end. i 


* In the preceding tenth commentary. 


Z 2 | DEFI- 
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/ DEFINITION XXIV. 


Of three-fided FIGURES: an EQUILATERAL TRIANGLE Is 
that which has three equal Sides. | 


DEFINITION XXV. 


An IsoscELES TRIANGLE, is that which has only two Sides 
equal. 


DEFINITION XXVI 


A SCALENE TRIANGLE, is that which has three unequal 
Sides. 


DEFINITION XXVII 


A RIGHT-ANGLED TRIANGLE is that which has a Right 
Angle. | 


DEFINITION XXVII 


An OBTUSE-ANGLED TRIANGLE is that which has an 
Obtufe Angle. 


DEFINITION XXIX. 


An ACUTE-ANGLED TRIANGLE is that’ which has three 
Acute Angles. 


HE divifion of triangles fometimes commences from angles, 

but fometimes from fides. And that, indeed, which originates — 

from fides, precedes as known; but that from angles follows as a 
proper diftribution. For thefe three angles alone belong to right- 
lined figures, viz. the right, the obtufe, and the acute: but the equa- 
hty and inequality of fides fubfift alfo in non-reQilinear figures. 
Euclid fays, therefore, that of triangles, fome are equilateral, others 
*ifofceles, 
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ifofceles, and'othars fealene : for they have either all their fides equal, 
or all unequal, or only two equal. And again, that of triangles fome 
are right-angled, others obtufe-angled, and others acute-angled. And 
be defines a right-angled triangle, that which has one right angle, as 
hkewife an obtufe-angled triangle, that which has one obtufe angle: 
for it is impoffjble that a triangle can have more.than one right, or 
obtufe angle *. But he defines an acute-angled triangle, that which 
has all its angles acute. For here it is not fuffictent that it fhould 
have only one acute; fince, in this cafe, all triangles would be acute- | 
angled, as every triangle has neceffarily two acute angles +. But, to 
poflefs three acute angles, is the property of an acute-angled triangle 
dione. But Euclid appears to me to have made a feparate divifion 
into angles and fides, from confidering this alone, that every triangle 
is not alfo trilateral. ‘For there are quadrilateral triangles, which are 
called by mathematicians them{elves (cxsdoedq) that is, fimilar to the 
point of a fpear $: but by Zenodorus (xo:Acywna) that is, having an 
hollow angle. For on one of the fides of a trilateral figure, conftitute 
two right-lines inwardly; by this means a certain {pace will be en- 
elofed, which is comprehended by external and internal right-lines, 
and which has three angles; one, indeed, contained by the external 
lines; but two comprehended by thefe and the internal lines, at the 
extremities in which thefe lines are conjoined. A figure of this kind, 
therefore, is a quadrilateral triangle. .And hence, it does not im- 
mediately follow, that becaufe a figure has three angles (whether they 


© This in confequence of every triangle pofleffing angles alone equal to two right. 
4 This too, follows from the fame caufe as above. 
4 Thus EA ERS E ABDC has four ai amd bat thee ogles, 





are 
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are all acute, or one right, or one obtufe), we fhall find it trilateral ; 
for it may be, perhaps, quadrilateral. In hke manner, you may alfo 
find quadrangles having more than four fides. And therefore, we 
muft not raíhly determine the number of fides from the multitude of 
angles. But of this enough. But the Pythagoreans affirm that the 
triangle is fimply the principle of generation, and of the formation of 
generable natures. On which account, Timzus fays, that natural 
redfons, as.well as thole df the conftruction of the elements, are tri- 
angular. For they are diflant by a triple interval, are on all fides col- 
Jeétive of partible, and varioufly mutable natures, are replete with mae. 
terial infinity, and bear before themfelves the conjunctions of material 
hodies, loofened and free: as, indeed, triangles alfo are comprehended 
by three right-lines, but they poffefs angles which collect the multi- 
tude of lines, and afford to them an adventitious angle and conjunction, 
With great propriety, therefore, Philolaus has confecrated the angle 
Of a triangle to four gods, Saturn, Pluto, Mars, and Bacchus, com- 
prehending in thefe the whole quadripartite ornament of the elements 
-defcending from the heavens, or from the four fegments of the zodiac, 
For Saturn conftitutes an effence wholly humid and frigid; but Mars 
a nature totally fiery; and Pluto contains the whole terreftrial lifes 
but Bacchus governs a humid and hot generation; of which wine alfo 
is a fymbol, for this is humid and hot. Hence, all thefe gods differ 
. according to their operations in inferior concerns: but they are mu- 
tually united according to their proper natures. And on this account, 
Philolaus collects their union according to one angle. But if the 
differences of triangles contribute to generation, we fhall'very properly 
-confefs that a triangle is the principle and author of the canftitution 
of fublunary natures. ‘For a right angle, indeed, affords them effence, 
and determines the -meafure of being ; and the reafon of a right-angled 
triangle produces the effence of the elements of generable natures; 
but an obtufe angle affigns to them univerfal diftance; and the rea- 
fon of an obtufe-angled triangle increafes material forms in magni- 
tude, and m mutation of every kind. But an acute angle effects their 
diviible nature; and the reafon of an acn‘e-angled triangle prepares 
them to receive infinite divifion.. But fimply, a triangular reafon 
conftitutes the effence of material bodies diftant with interval, aad on 

7 all 
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all fides divifible. And thus much fhould we fpeculate concerning. 
the nature of triangles. But from thefe divifions you may underfland,, 
that-all the fpecies of triangles are neither more nor lefs than feven.. 
For the equilateral triangle is one, fince it is acute-angled only; but — 
each of the reft is triple. For the ifofceles {s either right-angled, or 
obtufe-angled, or acute-angled; and, in like manner, the {calene tri~ 
angle poffeffes this triple difference. If then, thefe have a triple 
diftinQion, but the equilateral has but one mode of exiftence, all-the- 
fpecies of triangles will be feven.. But again, you will underftand the 
proportion of triangles to the things which are, according to the di- 
vifion of fides ; for the equilateral, entirely excelling in equality and: 
fimplicity, is allied to divine fouls ; fince it is the meafure and equality 
of things unequal, in the fame manner as divinity- of all inferior con- 
‘cerns. But the ifofceles triangle is allied to the better genera, which 
govern a material nature, the greater part of which genera.is held by 
the limitation of meafure; but their extremes extend to inequality and 
material immoderation ; for the two fides of an ifofceles triangle are 
equal, but the bafe is unequal. But a fcalene triangle fymbolizes with 
partible lives, which are on all fides lame and defective, which pre- 
pare themfelves for generation, and are replete with matter and ma- 
terial imperfection. 


DEFINITEON XXX. 

Of Quadrifateral Figures, a QUADRANGLE or SQUARE is 
that which has all its Sides equal, and all its Angles - 
Right Angles. | 

| DEFINITION XXXI. 

An OBLONG is that which has all its Angles. right Angles, 

but has not all its Sides equal... 

$ DEFINITION XXXII. 


A RHomBys, is that which Has all its Sides equal, but its 
Angles are not right Angles.. i 


DEFI- 
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DEFINITION XXXII. 
A Ruomsorp is that. which has its oppofite Sides equal to 


one another, but all | its Sides’ are not equal, nor its 
Angles Right Angles | 


DEFINITION. XXXV. 


All other Quadrilateral Figures befides thefe, are called | 
- TRAPEZIUMS. 


T is wail that the frf divifion of quadrilateral iaie fhould 
. take place in two numbers; and that fome of them fhould be called 
parallelograms, but others’ non-parallelograms. But.of parallelograms 
fome are rectangular and equilateral, as quadrangles; but others nei- 
ther of thefe, as rhomboids: others again, are rectangular, but not 
equilateral, as oblongs: but others,'on the contrary, are equilateral, 
but not reétangular, as the rhombufes. For it is requifite ‘either to 
poffefs both, viz. equality of fides and-reétitade of angles, or neither ; 
or one of thefe, and this in a twofold refpet. Hence a parallelogram 
has a quadruple fubfiftence. But of non-parallelagrams, . fome have 
_ only two parallel fides, and not the reft; but others have none of their 
' fides parallel. And thofe are: called Tyapéziums, hut thefe Trape- 
zoids. But of Trapeziums, fome, indeed, have the fides, equal, by 
which the parallel fides of this kind are conjoined but others unequal. 
and the former of thefe are called ifofceles trapeziums ; ‘but the latter 
{calene trapeziums. A quadrilateral figure, therefore, is ‘conftituted by 
us according to a feven-fold ditribution. For one is a quadrangle ; 
but the other an oblong ; the third a rhombus ; ‘the fourth a rhom- 
boides ; the fifth an ifofceles trapezium; the fixth a'fcalene trapezium ; 
the feventh a trapezoid. But Poffidonius makes a perfect divifion of 
_right-lined quadrilateral figures into fo many members; for he efta- 
blifhes feven {fpecies of thefe;. as likewife of triangle. But Eucli¢ 
could not divide into parallelograms and non parallelograms, becaufe 
de neither mentions parallels, nor teaches us concerning the parallelo- 


gram itfelf. But trapeziums, and all trapezoids, he calls by a common 
I name, 
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name, defcribing trapeziums themfelves, according to the difference: 
of thole four figures *, in which the property of parallelograms is 
verified. And this is to: have the oppofite fides and angles equal. 
For. a quadrangle and an oblong, and a rhombus, have their oppofite 
fides. and angles equal. But in a rhomboides-he only adds this, zbat 
sts oppofite fides are equal, left he fhould define it by negations alone,, 
fiance he neither calls it equilateral, nor reCtangular. For where we 
want proper appellations, it is neceffary to ufe fuch as are common.. 
But we fhould hear Euclid fhewing that this is common. to all paralle- _ 
tograms. Buta rhombus appears to be a quadrangle having its fides. 
moved, nnd a rhomboides. a moved oblong, Hence, aceording to» 
fides, thefe do not differ from thofe; but they vary only according to 
the obtufenefs and acutenefs of angles; fince the quadrangle and the: 
eblong are retangular. For if you conceive a quadrangle or an ob- 
Yong, having its fides drawn in fuch a manner, that. while two ofits: 
—eppofite angles are dilated, the other two are contracted; then the 
dilated angles will appsar obtufe, and the contra&ed, acute. And the 
appellation of rhombus f feems to have been impofed from motion, 
For if you conceive a quadrangle moving after the manner of a rhom- 
bus, it will appear to you changed in order, according to its angles :: 
Juft as if a circle is moved after the manner of a fling, it will imme— 
diately exhibit the appearance of an ellipfis. But. here you may 
perhaps enquire concerning the quadrangle, why it has this denomi- 
nation ò and why the appellation of quadrangle may not be applied to- 
ether quadrilateral. figures, as the name of triangle is common to all: 
thofe which are neither equiangular nor. equilateral,. and in like man~ 
ner of quinquangles or pentagons; for the geometrician, in thefe,. 
adds only the particle an equilateral triangle, or a quinquangle, which 
1s equilateral and equiangular,. as if thefe could not be otherwife than: 
fuch as they are? But when he mentions a quadrangle, he immediately 
indicates that it muft be equilateral. and rectangular. But the reafon 
ef this is as follows: a quadrangle alone has the beft fpace,. both 


* The Greek in: this place is very erroneous, which I. have reftored from the verfion of: ` 


Barcotus.. 
+ Forthe Greek word g&u€c¢ is derived from the verb si.€w, which Ggaifies to have a circum- 


wolute motion. 


Vou. I. | ) Aa. _ according: 


~ 
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according to its fides and angles. For each of the latter is right, im- 


‘tercepting a meafure of angles, which neither receives intention nor 


remiflion. As it excels, therefore, in both refpedts, it. defervedly 
obtains a common appellation.: But a triangle, though it may have 
equal fides, yet will in this cafe have all its angles acute, and a quin- 
quangle all its angles obtufe. Since, therefore, of all quadrilateral 
figures, a quadrangle alone is replete with equality of fides, and ređi- 
tude of angles, it was not undefervedly allotted this appellation: for, 
to excellent forms, we often dedicate the name of the whole. But it 
appeared alfo to the Pythagoreans, that this property of quadrilateral 
figures, principally conveyed an image of a divine eflence. For they 
particularly fignified by this, a pure and immaculate order. Since 
rectitude ‘imitates ‘inflexibility, but equality a firm and permanent 
power: for motion emanates from inequality, but quiet from equality 


_itfelf. The gods, therefore, who are the authors to all things of ftable 


difpofition, of pure and uncontaminated order, and of indeclinable 
power, are defervedly manifefted as from an image, by a quadran- 


gular figure. But, befides thefe, Philolaus alfo, according to another 


apprehenfion, calls a quadrangular angle, the angle of Rhea, Ceres and 
Vefta. For, fince a quadrangle conftitutes the earth, and is its proxi- 
mate element, as we learn from Timzus, but the earth herfelf-receives 
from all thefe divinities, genital feeds, and prolific powers, he does 
mot unjuftly confecrate the angle of a quadrangle to thefe goddeffes, 
the beftowers of life. For fome call both the earth and Ceres, Vefta *, 
and they fay that Rhea totally participates her nature, and that all gene- 
Yative caufes are contained in her effence. Philolaus, therefore, fays 
that a quadrangular angle comprehends, by a certain terreftrial power, 
one union of the divine genera. But fome affimilate a quadrangle to 
univerfal virtue, fo far as every quadrangle from its perfection has 
four right angles. Juft as we fay that each of the virtues is perfec, 
content with itfelf, the meafure and bound of life, and the middle of 
every thing which, in morals, correfponds to the obtufe’ and acute. 
But it is by no means proper to conceal, that Philolaus attributes a 


sa 


triangular angle to four, but a quadrangular angle to three gods, ex- - 


* See the Orphic Hymns of Onomacritus to thefe de‘ties; my tranflation of which I muĝ 
rcecmpmend to the Enclifh reader, becaule there is no other. . 
hibiting 


ms — _. 
a -æ n 
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Iibiting their alternate tranfition, and the community of all things in: 
all, of odd natures in: the even, and of even in the odd. Hence, the: 
tetradic ternary, and the triadic quaternary, participating of prolific and. 
efficacious goods, contain the whole ornament of generable natures, 
and preferve them in their proper ftate. From which the duodenary,, 
or the number twelve, is excited to a fingular unity, viz. the govern- 
ment of Jupiter." For Philolaus fays, that the angle of a dodecagon 
(er twelve-fided figure) belongs to Jove, fo far as Jupiter contains and- 
preferves, by his fingular union, the whole number of the duodenary.. 
For alfo, according to Plato, Jupiter prefides over the duodenary * 

and governs and moderates the univerfe with abfolute fway. And. 
thus much we have. thought proper to difcourfe concerning quadrila- 
teral figures, as well declaring the fenfe of our author, as likewife. 
affording an occafion of more profound. infpe@ions to fuch as defire. 
the naenenes of intelligible and occult effences. 


DEFINITION XXXV. 


N 


PARALLEL Ricut LINEs are fuch as being’ in, the fame 
Plane, and produced both ways infinitely,. will. in nọ 
part mutually coincide. 


HAT the elements of parallels are, and by what accidents in- 

thefe they may be known, we thall afterwards learn: but: 

what parallel right lines are, he defines in thefe words :.** It is requifite,- 
therefore (fays he), that they fhould be in one plane, and while they. 
are produced both ways have no co-incidence,: but be extended in in- 
finitum.” For non-parallel lines alfo, if they are produced to a certain: 
diftance, will not coincide. But to be produced infinitely, without. 
coincidence, .expreffes the property of parallels. Nor. yet this abfo-- 
lutely, but to be extended both ways infinitely, and not coincide.. 


* Thefe twelve diviniries, of which Jupiter is the head, are, Jupiter, Neptune, Vulcan, ` 
Pe fay Minerva, Mars, Cores, Juno, Diana, Mercury, Venus, and Apollo. The firft triad of 
theic is demiuryic, the fecond comprehkends guardian deities, the third is vivific, or zoogonic, - 
and the fourth contanis elevating gods. But, for a particular theological account of thele diwi- 
mities, ftudy Proclus on Plito’s Theology, and you will find their nature unfolded, in page 4035 
of that admirable work. 


A.a.2 | For: 
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For it is poffible that non-parallel lines may alfo be produced one way: - 
infinitely, but not the other; fince, verging in this part, they are far 
diftant from mutual coincidence in the other. But the reafon of this 
is, becaufe two right-lines cannot comprehend {pace ; for if they verge 
to each other both ways, this cannot happen. Befides this, he very 
properly confiders the right-lines as fubfifting in the fame plane. For 
if the one fhould be in a fubje& plane, but the other in one elevated, 
they will not mutually coincide according to every pofition, yet they. are 
mot on this account parallel. The plane, therefore, fhould be one, and 
. they fhould be produced both ways infinitely, and not coincide in either — 
part. Fer with thefe conditions, the right-lines will be parallel. And 
-agreeable to this, Euclid defines parallel right-lines. But Poffidonius 
fays, parallel lines are fuch as neither incline nor diverge in one plane; 
but have ail the perpendiculars equal which are drawn from the points 
of the-one to the other. But fuch lines as make their perpendiculars 
always greater and lefs, will fome time or other coincide, becaufe they 
anutually verge to each other. For a perpendicular is capable of 
bounding the altitudes of {paces, and the diftances of lines. On which 
accguint, When the perpendiculars are equal, the diftances of the right 
lines are alfo equal; but when they are greater and lefs, the diftance 
alfo becomes greater and 'lefs, and they mutually verge in thofe parts, 
in which the lefler perpendiculars are found. But it is requifite to 
know, that non-coincidence does not entirely form parallel lines. 
For the circumferences of concentric circles -do not coincide: but it is 
likewife requifite that they fhould be infinitely produced. But this 
property is not only inherent in right, but alfo in other lines: for it. 
as poffible to conceive fpirals defcribed in order about right lines, which 
if produced infinitely together with the right lines, will never coin- 
cide *, Geminus, therefore, makes a very proper divifion in this 
place, affirming from the beginning, that of lines fome are bounded, 
and contain figure, as the circle and ellipfis, likewife the cifloid, and 
many others; but others are indeterminate, which may be produced 
infinitely, as the right-line, and the fection of a right-angled, and 


* For it is eafy to conceive a cylindric fpiral defcribed about a right-line, fo as to preferve 
an equal diftance from it in every part; and in this cafe the fpiral and right-line me never 
coincide though infinitely produced, 


obtufe 
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obtule angled cone; likewife the conchoid itfelf. But again, of thofe 
which may be produced in infinitum, fome comprehend no figure, as 
the right-line and the conic fe&tions; but others, returning into them- 
felves, and forming figure, may afterwards be infinitely produced. 
And of thefe fome will not hereafter coincide, which refift coincidence, 
how far foever they may be produced; but others are coincident, which 
will fome time of other coincide. But of non-coincident lines, fome 
are mutually in one plane; and others not. And of non-coincidents 
fubfifting in one plane, fome are always mutually diftant by an equal 
interval; but others always diminith the interval, as an hyperbola in 


its inclination to a right-line, and likewife the conchoid*. For thefe, 
though 


* As the choncoid is a curve but little known, I have fabjoined the following account of its 
generation and principal property. In any given right line A P, call P the pole, A the vertex, 





`N ‘ 

and any intermediate point C the centre of the choncoid: likewife, conceive an infinite right 
line C H, which is called a rule, perpendicular to AP. Then, if the right line Ap continued 
at p as much as is neccflary, is conceived to be fo turned about the abiding pole p, that the 
point C may perpetually remain in the right line C H, the point A will defcribe the curve Ao, 
which the ancients called a conchoid. | 

In this curve it is manifeft (on account of the right line P O, cutting the rule in H that 
the point o will never arrive at rule CH; but becaufe LO is perpetually equal to C A, 
and the angle of feétion is continually more acute, the diftance of the point O from CH 
will at length be lefs than any given diftance, and confequently the right line C,H will be an 
afly mptote to the curve A Q. l 


When 
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though they always diminifh the interval, never coincide. And they 
mutually converge, indeed, but never perfe€tly nod to each other; 
which is indeed a theorem in geometry efpecially admirable, exhibiting. 
certain lines endued with a non-aflenting nod. But the right-lines,. 
which are always diftant by an equal interval, and which never dimi- . 


nifh: 


When the pole is at P, fo that PC is equal to C A, the choncoid A O defcribed by the 
revolution of P A, is called a primary conchoid, and thofe defcribed from the poles , and x, 
or the curves Ao, Aw, fecondary conchoids; and thee are either contracted or protratted.. 

-= as the excentricity P C, is greater or lefs than the generative radius C A, which is called the 
altitude of the curve. 

Now, from the nature of the conchoid, it may be eafily inferred, that not only the exterior 
conchoid Aw will never coincide with the right line C H, but this is likewife true of the 
conchoids- A O, Ao; and by infinitely extending the right-line Aw, an infinite numbcr of 
conchoids may be defcribed between the exterior conchoid A w, and the line C H, no one of 
which fhall ever coincide with the affymptote C H. And this paradoxical property of the 
conchoid which has net been obferved by any mathematician, is a legitimate confequence of the 
infinite divifibility of quantity. Not, indeed, that quantity admits of an actual divifion in 
infinitum, for this is abfurd and impoffible ; but it is endued with an unwearied capacity of 
divifion, and a power of being diffufed into multitude, which can never be exhaufted. - And 
this infinite capacity which it poffeffes arifes from its participation of the indefinite duad; the- 
fource of boundlefs diffufion, and innumerable multitude.. 

But this fingular property is not confined to the chencoid, but is found in the following 
curves. Conceive that the right line A.C which is perpendicular to the indefinite line X Y, is 


B 





C | =- Y 


equal to the quadrantal arch H D, defcribed from the centre C, with the radius C D: thew 
from the fame centre C, with the feverak diflances C E, CF, CG, defcribe tbe arches E 4 ' 
F 2, G f, each of which muft be conceived equal to the firt arch H D, and fo on infinitely. 
Now, if the points H, 2, J, #, p, be joined, they will form a curve line, approaching conti-- 
nually nearer to the right-line A B (parallel to C Y) but never effeling a perfet coincidence. 

' ‘This will be evident from confidering that’ each of the fines of the arches H D, / E, x F, &c. 
being lefs than its refpective arch, muft alfo be lefs than.the right-line AC, and confequently 
can never coincide with the right-line A B. 


But 
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nifh the {pace placed between them in one plane, are parallel lines. 
And thus much we have extracted from the ftudies of the elegant 
Geminus, for the purpofe of explaining the prefent definition. 


But if other arches D^ Em, Fo, &c. each of them equal to the right-line A C, and de- 
fcribed from one centre, tangents to the former arches H D, ZE, n F, &c. be fuppofed; it 
is evident th«t the points H, 7, m, o, &c. being joined, will form a curve line, which fhall 
país beyond the fo:mer curve, and converge fill nearer to the line A B, without a poffibility 
of ever becoming coincident: for fince the arches Ds, Em, F 0, &c. have lefs curvature than 
the former arches, but are equal to them in length, it is evident that they will be fubtended 
by longer fines, and yet can never touch the right-line AB. In like manner, if other tangent 
arches be drawn to the former, and fo on infinitely, with the fame conditions, an infinite num- 
ber of curve-lines wil be formed, ezch of them palling between Hp and A B, and continually 
diverging from the latter, without a poffibility of ever coinciding with the former. This curve, 
which I invented fome years fince, I fuf peeves to be a parabola; but I have not yet had opportunity 
to determine it with ccainty. 


END OF THE FIRST VOLUME. 
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P R E E A C E 


” Now prefent the reader with the remaining part of the Com- 
mentaries of Proclus on Euclid: with the addition of his Theolo- 
gical Elements, and a Hiftory of the Reftoration of the Platonic 
Theology, by the latter difciples of Plato. Should my defign be en- 
quired into, in combining works which the fuperficial obferver will 
confider as oppofite and heterogeneous, I anfwer that it is no lefs 
novel than certain, no lefs important than appofite and connected. 
Its novelty will be evident by affuring the reader, that a vindication 
of philofophical Polytheifm, as embraced by the wifdom, and fup- 
ported by the general voice of antiqujty, is the ultimate tendency of 
its execution. Its connection too with geometry will be manifeft to 
every Tyro in Platonifm, and has been fo copioufly proved in the 
former volume, that it would be fuperfluous to repeat the demonftra- 
tion in the prefent. I am well aware that nothing has been fo much 
the fubje@ of ridicule and declamation, of ignorant afperfion and 
impotent contempt, as the theology of the ancients. It has fupplied 
the harangues of the pulpit with an endlefs variety of popular argu- 
ment, and an exhauftlefs {ource of priefily elocution. It has been 
equally derided by the man of learning and the merchant, by the no- 
ble and the vulgar, by the peafant and the prieft. But it ftill lives 
in the works of the ancients, it is {till capable of being fupported by 
found reafoning, and fublime philofophy ; and its intrinfic excellence 
and truth will extend its exiftence beyond the wreck of modern 
fyftems, and the defolation of ages. Like a ftrong and capacious 
fhip it fails with majeftic fecurity through the ocean of time; and 
fuftains with carelefs dignity the ftorms of oppofition that roar round 
its well-compacted fides. The blafts of calumny may indeed im- 
: pede 
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pede its progrefs, but are unable to fhatter its indiffoluble fabrics ; and 
the profperous gales of philofophy will always fucceed the tempetfts 
of folly, and waft it with rapidity to the ex/gétned regions of man- 
kind. The time perhaps is not far diftant, when this fortunate 
change may commence. Above twelve hundred years have elapfed 
fince the veffel of ancient wifdom vifited the civilized parts of the 
world, and the nations were bleft with its inyaluable contents: and 
during this dreadful interval, ignorance aad delufion, jargon and 
reverie, have held an undifturbed and univerfal reign. The depravity 
ofthe times is the fubje& of general complaint: genius no longer 
foars ; learning has evaporated into words; and philofophy is but a 
name. Yet, though the reftoration of ancien: theology is the ob-~ 
jet of my moft ardent defires, 1 much fear that a period fill more 
barbarous, with refpe@& to philofophy; that an age ftill darker and 
more debafed muft precede its eftablifhment on the earth. Prodigies 
and deftruGtion attended, as we fhall obferve in the enfuing hiltory, 
its departure from mankind; and defolation will doubtlefs be the 
harbinger of its future appearance. The orb of viciflitude produces 
renovation and deeay in regular fucceflion ; and marks, as it revolves, 
the dormant events of future periods with the ruinous characters af 
the paft. Let us, therefore, patiently wait for, and joyfully expe@ 
the happy moment when the breezes of philofophy fhall arife with 
abundance and vigour; and impel the veffel of theology:laden with 
the riches of wifdom, on our natal coaft. The revolution is certain, 
however remote: and the profped ‘is of itfelf fufficient to increafe the 
vigour of exertion, and animate the expectations of hope; to enable 


us to brave the ftorms of ecclefiaftical perfecution, and vanquith the 
refiftance of folly. 
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Concerning Petitions and Axioms. 


# INCE the principles of geometry are triply divided into Hypo- 
thefes, Petitions, and Axioms, the difference between thefe 
we have explained in the preceding books, But we now intend _ 

to difcourfe more accurately of petition and axiom, as efpecially necef- 

fary to our prefent defign. For hypothefes, which are alfo called 

definitions, we have already explained. It is common, therefore, as, 

well to axioms as to petitions, to require no demonftration, and no ` 
: f geome- 


* In the two preceding books ofthis work our author has difplayed an uncommon degree of 
philofophic elegance, and depth ; and in the prefept two, he no lefs manifefts the greateft geo- 
metrical accuracy and fkill. In the former he elevates us from participated truth to truth itfelf ; 
and from the glimmering light of univerfals reflected in the catoptric bofom of the phantafy, to 
the bright refalgence of ideas. Jn the latter he combines geometry and philofophy, occafionally 
cloathes the rigid accuracy of demonftration with the enchanting imagery of divine imagi- 
nations, and unites the graces of diction with the precifion and fan@tity of truth. Yet his genius, 
though rapid 3s q torrent, never paffes beyond the bounds of propriety ; and though his thoughts 
are vehement and vaft, they are at the fame time orderly and majeftic. For my own part I 
confefs myfelf enamoured with the grandcur of his diction, aftonifhed with: the magnificence 
of his conceptions, and enlightened by the irradiations-of his powerful genius. And I defire 
nothing fo much as that others may experience fimilar effects from this admirable work. I only 
add, that the ftudy of this fecond part is abfolutely neceffary to a perfect comprehenfion of Eu- 
clid’s method and meaning ; and tothe underitanding geometry completely and philofophically. 
Ic is eafy indeed to learn a fcience in a manner fufficient for mechanical purpofes ; for this is 
accomp! fhed by the many: but it is arduous to learn it with a view to the perception of truth ; 

Vor. IL B for 
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geometrical faith : but to be received as manifeft, and to become the 
principles of the ret. But they differ mutually from each other, in 
the fame manner in which we have diftinguifhed theorems from prob- 
lems. For as in theorems we propofe to perceive and know that 
which follows a fubje{t; but in problems we are ordered to compare 
and do fomething: in the fame manner alfo in axioms, we muft re- 
ceive whatever is manifeft‘of itfelf, and eafily apprehended by our un- - 
taught conceptions ; but in petitions we muft receive whatever is eafy 
to be done and compared, (fince in admitting thefe, thought is not 
fatigued) and whatever requires no variety, and no kind of conftruc- 
tion. Hence evident and indemonftrable cognition, and unconftru@ed 
affumption, diftinguith petitions from axioms. Juft as demonftrative 
cognition, and an aflumption of things fought, together with con- 
ftruction, feparates theorems from problems. For it is every where 
requifite,.that principles in fimplicity, indemonftrability, and: felf- 
evidence, fhould excel things pofterior to principles. For univerfally 
(fays Speufippus) of the things which cogitation purfues, fome of its 
energies it produces without a various progreffion, prepares them for 
future enquiry, and has a more evident apprehenfion of thefe than of 
vilible objects: but others which it is not able immediately to follow, 
by a tranfition proceeding from. their nature, thefe it endeavours by 
confequence to purfue. Thus for example, to draw a right line from 
one point to ansther, it receives as evident, and eafy to be done. For 
fince in this cafe the line is compofed from the indeclinable flux of a 
point, and at the fame time advances in an orderly progreflion, be- 
caufe it no where more or lefs declines, it neceffarily falls in another 
point. Again, if one extremity of a right line abiding, the other is 
moved about it, it will defcribe a. circle without any labour. But if 
any one withes to defcribe a helix of one revolution, it requires a 


for this is alone the province of a fewe It is eafy to be knowing in effects, for thefe are obvious 
and common ; but it is difficult to inveftigate caufes, for thefe are occultand rare. In fhort, a 
general and confufed apprehenfion of a fcience may be readily obtained, without much labour 
and toil ; but a particular and accurate knowledge requires literal application, and patient en- 
du:anee. For the one is like the diftant profpect of a country, in which the larger parts are 
alone confpicuous to the vbferver’s eye; but the other refembles a near and diftinct view, in 
which every thing 13 recognized éilential to the perfection ot the whole. 


mors. 
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‘more various operation. For it is generated by various motions. 
Likewife if any one wifhes to conftruct an equilateral triangle, he 
will require a certain method for its conftruStion. For the geome- 
trical intelle& fays, when I underftand a right line, which abides ac- 
cording to one of its extremities, but is moved about it according to 
‘the other, and at the fame time conceive a point, which is moved in 
the line from the abiding extreme, I have defcribed a helix of one 
revolution. For when at the fame time both the extremity of the 
right line, which defcribes the circle, and the point which is moved 
in the right line, arrive at the fame point, and coincide, they produce 
for me fuch a helix. And again, when I defcribe equal circles, and 
draw right lines from the common fe¢tion to the centre of the circles, and 
a right line from one centre to the other,. I fhall have an equilateral 
triangle. ‘The produdion of thefe, therefore, is very remote from a 
fimple apprehenfion, and primary notion. For we are content to pur- 
fue the progreffions of their origin. Hence it happens that thefe are 
compared with greater eafe or difficulty, and are exhibited with many 
or fewer mediums, according to the habit of thofe who enter on this 
undertaking: but that they require demonftration and conftruction, 
on account of the property of the things fought, which wants the 
evidence of petitions and axioms. 

Petition, therefore, and axiom, are fimple and eafy to be appre- 
hended. But petition, indeed, commands us to fabricate, and pro- 
vide a certain matter, in order to the affignation of the /yptom, which 
_ poffeffes an eafy and fimple apprehenfion: but axiom pronounces a 
certain effential accident, of itfelf known to the hearers. As that fre 
is hot, or any other of thofe manifeft truths, he who doubts of which, - 
we confider as either wanting fenfe or punifhment. Hence, petition 
and axiom are of the fame genus; but they differ in the above-men- 
tioned manner. For each is an indemonftrable principle, but this 
after one mode, and that after another, as we have already obferved. 
But fome think that all thefe fhould be called petitions, in the fame 
manner as all problems, things fought. For Archimedes beginning his 
book of Equiponderants, we defire it may be granted (fays he) that 
things equally heavy, from equal lengths, will equally ponderate ; though 

B2 | fome 
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fome would rather chufe to call this an axiom. But others call alf 
thefe axioms, in the fame manner as they denominate every thing a 
theorem, which requires demonftration. For, according to the fame 
proportion, as it feems they pafs from proper names’ to fuch as are 
common. Neverthelefs, as a problem differs from a theorem, fo pe- 
tition from axiom : though both thefe laft are indemonftrable, and the 
former require demonftration. And the one, indeed, is affumed as 


‘eafy to be done, but the other is granted as eafy to be known by the 


common confent of all men. After this manner, therefore, Geminus 


diftinguifhes petitions from axioms. 

But others will perhaps fay, that petitions are mdeed proper to the 
geometrical matter : but that axioms are common to the univerfal the- 
ory, which is converfant about the Jow-much, and the how-many. 
For the geometrician knows ¢hat which requires that all right 
angles are equal, and that every finite right line may be produced ftraight 
forwards: but that which fays, things equal to one and the fame are 
equal to each other, is a common conception, which not only the arith- 
metician employs, but every one endued with fctence, accommodating 
that which is common to his own particular matter. But Arftotle (as 
` we have before obferved*) fays, that petition, fince it is demonftrable,; 
is not granted. by the hearer, yet is received as-a principle: but that 
axiom is of itfelf indemonftrable, and that this is confeffed by all, ac- 
cording to habit, though fome, for the fake of difputation, have 
- doubted its evidence. Since then, there are thefe three differences, 
according to the firlt, which by operating, and knowlege only dif- 
tinguifhes petition from axiom, it is manifeft that that which fays. 
all right angles are mutually equal, ts not a petition. Nor the fifth, 
which fays, zf a right line falling on two right lines makes the internal 
angles towards the fame parts lefs than two right, thofe right lines infinitely 
produced, feall coincide towards the parts in which the angles lef than: 
two right fubjiR. For thefe are neither affumed in conftru@tion, nor 
do they command any thing to be done: but they exhibit a certain 
fymptom, inherent in right angles, and in right lines, departing from: 


* See the fecond fection of the. Differtation, Vol. L 
angles. 
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angles lefs than two right, But, according to the- fecond difference, 
that will not be an axiom. which fays, that two right lines cannot com- 
prebend fpace, which fome at prefent confider as an axiom. For this 
is proper to the geometric matter, as likewile that which affirms ¢/at 
all right angles are equal. But according to the third difference, which 
is Ariftotelic, all thofe which produce their own credibility b; a cer- 
tain demonftration, are petitions; but whatever are indemonftrable, 
are axioms. Apollonius, therefore, in vain endeavours to deliver the 
demonftrations of axioms: for Geminus very properly obferves, that’ 
fome have attempted demonftrations of indemonftrables, and have en-. 
deavoured from more unknown mediums, to ptove things manifeft to- 
all, into which error Apollonius. has fallen, who-withes to prove the 
axiom true, which fays, tbat things equal to onc, and the fame, are equal 
to each other : but that others affume in the place of indemontftrables,. 
things requiring demonttration. As is the cafe with Euclid. himfelf,. 
in the fourth and fifth petition. For fome fay, that this laft, as am- 
biguous, requires demonftration, Indeed, is it not. ridiculous, that 
theorems fhould be :ffigned as indemonftrable,, the converfe of which. 
are demonftrable? For that the internal angles: of coincident right 
lines are lefe than two right, Euclid himfelf thews in. the theorem,. 
which fays, that two angles of every triangle, however taken, are lefs 
than two right: befides, it may be perfpicuoufly thewn, that not 
every thing equal to.a right angle isa right angle. Hence, fays Ge- 
minus, the converfe of thefe are not to be granted indemonftrable. It 
feems therefore, according tothe ordination of this man, that there- 
are, indeed, three pefitions.: but that the other two, and the con- 
verfe of thefe, require demonftrating fcience : and that in the axioms, 
the one which fays, that. two right lines cannot comprehend fpace, is- 
fuperfluoufly added, fince its credibility muft. be derived from demon- 
ftration. And thus much concerning the difference of petitions and: 
axioms. Again, of axioms, fome are proper to arithmetic, but others. 
to geometry ;. and others are common to both: for that which fays,. 
every number ıs meafured by unity, is an arithmetical axiom. But that: 
which fays equal right lines agree among themfelves, as alfo this which. 
affirms that every magnitude is dsvifible in infinitum. are geometrical: 
axioms.: 
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axioms : but the one which fays that things equal to the fame, are mu- 
tually equal, and all of this kind are common to both. However, it 
muft be obferved, that each fcience ufes fuch as the laft, according to 
its proper fubje&t ; as geometry in magnitudes, but arithmetic in 
= numbers. In like manner of petitions, fome are peculiar to particular 
{ciences, but others are. common to all. For you mut call the pe- 
tition which requires to be granted, that a number may be divided into 
_ the leaf parts, peculiar to arithmetic :- but this, that every finite fraight 
line may be produced firaight forwards, peculiar to geometry ; and the ` 
one which defires us to grant, that quantity may be infinitely increafed, 
common to both; for this paffion is equally found to refide in number 
and magnitude. ` ` 


PETITIONS o POSTULATES. 
| I. 
Let it be granted that a ftraight line may ‘be drawn from 
any one point to any other point. 
II. | 
That a terminated ftraight line may be produced to any 
length in a ftraight line. 
| I. 
And that a circle may be-defcribed from any centre, at any 
diftance from that centre. 

According to the opinion of Geminus, thefe three are neceffarily 
placed among petitions, as well on account of their facility, as becaufe 
they command us to do fomething. For this, to draw a right line 
from every point, to every point, follows the definition, which fays, 
that a line is the flux of a point, and aright lme an indeclinable and 
_ inflexible flow. If then we conceive a point to be moved with an un- 
inclined, and the fhorteft motion, we fhall fall upon another point, 
and the firft petition will be produced, and we fhall underftand nothing 
various or difficult. But if when the right line itfelf is terminated by 


a-point, we conceive its extremity moved with the fhorteft indeclinable 
motion, 
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motion, the fecond petition will arife from. an. eafy and fimple ap- 
prehenfion. But if we again imagine that the terminated right line 
abides according to its other extreme, but that it moves about that ` 
which abides according to the reft, the third petition will be produced ; 
. for the centre is the point which abides, but the interval the right 
line. Since the diflance of the centre, from all parts of the circum- 
ference, is always equal to the quantity of this interval: But if any 
one fhould doubt how we apply motion in geometrical concerns, which 
have an immoveable exiftence; and how we can move impartibles, 
‘(fince this is impoffible) we requeft him to call to mind what we have 
demonftrated in the beginning of thefe Commentaries. I mean that 
the reafons of things fubfifting in the phantafy, defcrite there all the 
images of cogitation, of which cogitation itfelf poffeffes. the reafon: 
for an intelle& of this kind is an unwritten, ultimate, and paflive 
tablet. Hence, it receives forms from another, accompanied with mo- 
tion; but we muft not underftand a corporeal but imaginative motion, 
and muft by no means admit that impartibles are moved with corporeal 
motions, but that they fuffer imaginative progreflions. For intelled,,. 
though impartible, is moved, yet not according to place, and the phant- 
afy has a proper motion according to the impartible which it contains : 
but we only regarding corporeal motions, neglect thofe which are made 
in things deftitute of interval. Impartibles, therefore, are pure from. 
corporeal place, and external motions : but another fpecies of motion, 
and another place congenial to fuch motions, is confidered in their pro-- 
greflions. For, indeed; we fhould fay, that a point alfo has pofition in. 
the phantafy, and fhould not enquire how an impartible can abide,. 
which is at the fame time moved elfewhere, and comprehended by 
place. Since the place of things, with dimenfion, poffefies itfelf di- 
menfion; but the place of impartibles is deftitute of all dimenfion. 
The proper fpecies therefore of geometrical concerns, are different 
from the things they produce; and the motion of bodies is different 
from that of the forms in the phantafy ; andthe place of partible is 
different from that of impartible natures ; and it is requifite, by diftin- 
guifhing thefe, neither to confound nor difturb the effences of things.. 


But it appearsthat the firft of thefe three petitions declares to us in- 
images,. 


U 
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images, how the things which are, are contained in their own impar- 
tible caufes, and are terminated by their immaterial bound; and that 
previous to their conftitution, they are on all fides comprehended in 
their indivifible embrace : for the points exifting, a right line is drawn 
from the one to the other, is terminated by, and received between 
them. But the feeond indicates how the things which are by poflefling 
proper caufes proceed to all things, preferving in them a continu- 
ation not derived from the natures into which they proceed; but 
that through. a caufe of infinite power, they endeavour to permeate 
every where, with a never-failing progreflion. And the third petition 
fhadows forth the manner in which thefe progreffions return again to 
their proper principlese for the convolution of a point producing a 
circle, by moving about an abiding point, imitates a circular regref-_- 
fion. But it is requifite to know, that every line cannot be infinitely 
produced, for the circle and cifloid, and all fuch as defcribe figure, 
are incapable of this property; as likewife fome which produce no 
figure. For the helix of one revolution cannot be infinitely produced, 
fince it is conftituted between two points ; nor any other lines fimilarly 
formed. But neither is it poflible to extend every line from every 
point, to every point ; for every line cannot fubfift between all points: 
and thus much for the three firft petitions ; let us now proceed to the 


reft. 
IV. 
All right angles are equal to each other. 

If the prefent petition is confidered by us as manifeft, and as re- 
quiring no demonftration, it is not a petition according to the opinion 
of Geminus, but an axiom; for it affirms a certain eflential accident 
of right angles, not commanding us to perform any thing according 
to a fimple conception. But neither is it a petition according to the 
divifion of Ariftotle: for petition, according to his opinion, requires 
{ome demonftration. But if we fhould fay it is demonftrable, and en- 
quire after its demonftration, yet according to the opinion of Gemi- 
nus, it ought not to be placed among petitions. The equality, there- 
fore, of right angles, appears from our common conceptions ; for fince 
a right angle has the relation of unity or bound to the infinite increafe. 

6 : and 
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and decreafe of the angles om each fide, it is equal with refpe& to 
every right angle, fince we conftitute the firft right angle after this- 
manner, by a right line making angles on each fide of the right line 
on which it ftands equal'to each other; but if it be requifite to produce’ 
a linear demonftration of this, let there be two right angles, one: 
abc. the other de f- 


a 





s. 


I fay that they are equal; for if they are not equal, one of them: 
muft be greater, fuppofe the angle at 4. If then the line de be adapted” 
to the line ø 4, the line e f fhall fall within. Let it fall as ó g, and 
let the line 4 c be produced to 4; becaufe, then æ 4c is a right angle, 
a b halfo thall be a right angle, and they fhalt be mutually equal to 
each other, from the tenth Definition: the angle a 4 b therefore, is 
greater than the angle a'b g. Let again the line’g 4 be produced to 
k, becaufe, therefore a b g is a right angle, the fucceffive angle a 4 
fhall be a right one, and confequently equal toa 4g. Hence, the 
angle a å b, thall be lefs than-the angle a 4 g; but it was-alfo greater, 
which is: impoffible: but this has been fhewn by other expofitors, 
and requires no great cenfiderationi But Pappus very properly ad- 
monifties us, that the converfe of this Petition:is not true; I mean, 
that every thing equal to` a right angle, is a right angle; though if 
it be rectelinear, itis without doubt a right: angle. But a curvilinear 
angle may alfo be. exhibited KE to one that is right: for. let there 

Vor. IL G: | be: 
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be conceived two equal right lines, 24, and 4c, making the angle 
at the point 4, right; | 
; “ a 





C 
b 


and on them let the femicircles a e b, 6 f c, with a proper centre and 
interval be defcribed ; becaufe, therefore, the femicircles are equal, 
they fhall have a mutual congruence, and the angle e ba, is equal 
to the angle f b c, and a 4 fis common: the whole right angle, there- 
fore, is equal to the lunular, i.e. to e4/, and yet the lunular is not 
aright angle. Inthe fame manner, if the angle æ 4 c fhould be ob- 
tufe or acute, a lunular angle may be fhewn equal to it (for this is 
that genus of curvilinear angles which agrees with {uch as are re@i- 
linear), only this is tobe obferved, that in a right and obtufe angle, 
it is requifite to add the middle angle, which is contained by the line 
ab, and the circumference 4 f; but in an acute angle to take this 

away: for the right line c 4, in thefe cafes, cuts the circumference 
b e. Thetruth of which, will be evident from the following figures : 


a a 





And 
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And hence, it appears, that all-right angles are mutually equal to 
each other, and that not every thing equal to a right angle, is con- 
fequently a right ang'e : for if it be not ređilinear, how can it be 
called right. But it is alfo manifeft from this Petition, that angular 

reCtitude is allied to equality, inthe fame manner as acutenefs and ob- 
tufenefs are related-to inequality. For re@titude and equality, as alfo 
fimilitude, are of the fame co-ordination, (for each exifts under 
bound); but acutenefs and obtufenefs, as alfo diffimilitude, are of 
the fame feries with inequality. For they are all produced from bound 
and infinite. Hence fome, regarding the quantity of angles, fay, 
that a right angle is equal to a right: but others, confidering their qua- 
lity, affirm that one is fimilar to another. For fimilitude in qualities 
is the fame as equality in quantities. 


| Vv. | 
If a right line falling upon two right lines, makes the 


internal angles towards the fame part lefs than two right, 
thofe right lines, if infinitely produced, fhall coincide in that 
part, in which the angles lefs than two right, are placed. 


This ought to be entirely blotted out fromthe numberof Petitions, 
for it is a theorem including many doubts, which Ptolemy in one of 
his books propofes to folve; but it requires in its demonftration both 
many definitions and theorems ; and Euclid alfo exhibits its converfe 
as a theorem. But perhaps fome, from an erroneous conception, may 
_ think that this fhould be placed among the petitions, as that which 
produces credibility of itfelf, refpeéting the inclination of right lines, 
on account of the diminution of two right angles. To fuch as thefe, 
Geminus rightly anfwers, that from the authors of this. fcience, we 
learn not entirely to give credit to imaginative probabilities, for the 
purpofe of accomplifhing geometrical reafons: for it is fimilar (fays 
Ariftotle) to require demronftrations from a rhetorician, and patiently 
liten to a geometrician, difputing from probability. And Simmeas 
in the Phædo of Plato, fays, “I know that thofe who demonftrate 
_ from appearances, are vain.” Hence, in the prefent inftance, it is 
true and neceflary that right lines fhould incline, while right angles 
are diminifhed; but this, that the inclining lines, while they are more 

— C2 : and 
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more produced, fhould at length coincide, is probable, but not né- 
.ceflary, unlefs fome reafon demonftrates that this is true in right lines : 
for there are certain lines infinitely inclining, and never coinciding, and 
though this appears incredible and admirable, yet it 1s true, and has 
been obferved in other forms of a line. Is it therefore poffible that 
this can be accomplifhed in right lines which takes place in others? 
For before we procure conviction of this, from demonfteation, the 
‘properties exhibited in other lines moleft the phantafy by the contrary 
4mages they produce. But if the reafons doubting againft the coin- 
cidence of lines are very ftrong, ought we not much mere to expel 
this improbable and irrational fuppofition from our deétrine? And 
‘thus it appears that a demonftration is to be fought for of the prefent 
‘theorem, and that it is foreign from the preperty of Petitions: but 
chow it is to be demonitrated, and by what reafons the objeCtions 
urged againft it are to be removed, we fhall fhew in our comment on 
the propofition, where it is ufed by the inftitutor of the elements as 
‘manifeft, For then it will be,neceflary to exhibit its evidence, fince 
rit does not prefent itfelf to our view with indemonftrable clearnefs, 
but becomes manifeft through the medium of demonftration alone. 


AXIOMS. 
: i J, 
‘Things which are equal to the fame, are equal to òne 
another. 
| M. ) 
If equals ‘be added to equals, the wholes are equal. 
II. 
Tf equals be taken from equals, the remainders are equal. 
. TV. 
If equals are added to unequals, the wholes are unequal. 
NVa 
df equals be.taken from unequals, the remainders are unequal. 
VI. 
Things which are double of the fame, are coua to one 


another. 
VII. 


-— = 


. 
= daing a ae 
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| Vil. 
Things which are halves of the fame, are equal to one 
| another. 
VIII 
Things w ich coincide with each other, are mutually equal. 
IX. > 
The whole R greater than its part. 
| X. 


Two right lines, cannnot comprehend fpace. 


Thefe are the things which, according to the opinion of all men, 
are called indemonftrable axioms, fo far as their certainty is admitted 
by all, and no one difputes their evidence. For propofitions alfo are 
often fimply called axioms, of whatever kind they "may be, whether 
they are immediately proper, or require fome declaration; and the 
Stoics, indeed, are accuftomed to call every fimple enunciative fpeech 
an axiom: and when they write on dialettic arts, they fay that they 
difcourfe on axioms. But fome, diftinguifhing more accurately axioms 
from other propofitions, give this appellation to a propofition imme- 
diate, and producing credibility of itfelf, on account of its evidence: 
as alfo Ariftotle and geometricians themfelves affirm. For, accord- 
ing to the opinion of thefe, an axiom is the fame as a common con- 
ception. By no means, therefore, muft we praife Apollonius the geo- 
metrician, who writ (as it appears) demonftrations of axioms, becaufe 
he performs the very oppofite to Euclid: for he, indeed, enumerates 
that which is demonftrable among Petitions ; ; but Apollonius endea- 
vours to find out demonftrations of indemonftrables. But thefe na- 
turally differ from each other, and the genus of the fciences is differ- 

nt: I mean of the things which take place about immediate propofi- 
tions, which are entirely fubje&t to our knowlege, on account of 
their evidence; and of things which ufe demonflrations, which re- 
ceive principles from them; and which, when received, they orderly 
employ in their proper conclufions. But that the demonftration of 
the firft axiom, which Apollonius perfuades himfelf he has invented, 
poffetles a medium, not more known, but more dubious than the con- 
i '  clufion 
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clufion may be known by any one from a flight infpe&ion. For let: 
(fays he) a be equal to 4, and å to c, I fay that a alfo is equal to c. 


-_ 


C 

For fince a is equal to 4, it occupies the fame place as 4. And be- 
caufe 4 is equal toc, it occupies the fame place as c; and fo a occu- 
pies the fame place as c, they are therefore equal. Now in this de- 
monftration it is requifite that two things muft be previoufly affumed; 
one, that things occupying the fame place, are mutually equal; but 
the other, that things occupying the fame place, with the fame thing, 
mutually occupy the fame place: but thefe are evidently more obfcure 
than the prefent axiom. For it is proper to enquire how are thing, 
which fill the fame place equal, according to the whole, or according 
to a part; or according to a figure of fpeech: hence we muft by 

no means admit a tranfition to place,* which is more unknown than 
the 


* The nature of place has been a fubject of much curious and deep fpeculation to the Peripa- 
tetic and Platonic philofophers, as may be feen in the very valuable Commentaries of Simplicius 
onAriftotle’s Phyfics ; fo that Proclus does not affirm without reafon, that place is more obfcure 
than the natures it contains. But as the opinion of our philofopher, concerning place, is fo ad- 
mirably profound, fubtle, and remarkable, I perfuade my felf the following tranflation from the 
fourth book of Simplicius on the Pnyfics, containing his fentiments at large on this fubject, will 
not be unacceptable to the liberal Englith reader. +s Proclus (fays Simplicius) having proved 
from the arguments of Ariftotle, that place is neither matter nor form, concludes, that it is a 
certain interval :” after which, he reafons as follows. + This interval then, is either, nothing or 
fomething ; and if nothing, local motion will confift in a tranfition from nothing to nothing ; 
but all motion fubfifts according 10 fomething. But rf it ought to be called fomething, it is 
either corporeal or incorporeal ; and if incorporeal, an abfurdity will enfue ; for it is neceflary 
that place fhould be equal to the thing placed. But how can body, and that which is incor- 
poreal be equal? For equal is found in quaotittes, and efpecially in thofe of a fimilar kind, as 
lines are equal to lines, fuperficies to fuperficies, and bodies to bodics: place, therefore, is 
- body, if it be a certain interval; but if body, it is either moveable or immoveable; and if 
moveable, in whatever manner it may be moved, it muft neceffurily be moved according to place, 

10 
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the natures it contains ; for the invention of its effence is difficult and 
ambiguous. That we may avoid prolixity, therefore, all axioms are 
to be delivered as things immediate and felf-manifeft, fince they are of 
themfelves known and credible; for he who brings demontftration to 
things the moft manifeft, does not confirm their truth, but diminithes 
the evidence we poffefs in the untaught and innate conceptions of the 
foul: but this is to be received concerning axioms, as a judgment of 
their peculiarity; and that all of them are of the common kind of the 
mathematical fciences; and that each of them is faid to be verified, 


fo that place again will require another place, which is impoflible, as was alfo evident to Ariftotle 
and Theophrattus; for Ariftotle fays, that a vefiel is a moveable place, but place an immove- 
able veffet, becaufe place is naturally immoveable. But if it be immoveable, it is either indi vifi- 
ble, which cannot be divided by the bodies entering its receptacle, fince one body cannot pene- 
trate another ; or it is divifible, as air and water are divided by the bodics entering into their 
yielding naturcs ; but if it be divifible, the whole being diffected or divided, the divided parts 
will be moved on each fide, and place will be the firft mutable, fince its parts are moved; but 
we have demonftrated that it is immoveable. Again, the parts being feparated, we alk where 
that which is divided betakes itfelf; for there muft be again given or inveftigated another inter- 
val, intervening between the divided parts, which may receive and be placed together with 
that which is divided ; and this will be the cafe, in nfinitum. Place, therefore, is an indi- 
vifible body ; and if an indivifible body, either material, or deftitute of matter : but if material 
it will not be indivifible, for it is requifite that all material bodies, when permeated by other 
material bodies, fhould be divided by them, as is the cafe with our bodies when they fall into 
water. Butimmaterials alone refift all divifion and this from a neceflity of nature ; fur every 
body deftitute of matter is void of paffion; but every thing which is divided likewife fuffers. 
Since divifion is a certain affection of bodies, which extirpates and deftroys their unity and con- 
nection; for that which is continuous, fo far as continuous fuffers no other affection or molefta- 
tion than fection, which deftroys and takes away its continuity. That we may therefore collect 
together what we have feparately demonftrited, place is an immoveable indivifible body, defi- 
tute of matter. And if this be admitted, it is evident that it isa body by. far lefs material thin 
the reft, and indeed lefs than the matter contained in things which are moved. Hence, if 


\ 


light is the moft fimple of thefe (for fire is more incorporeal than the other e!ements, and fire ig . 


lucid) ic will be manifeft, that fince light is the pureft among the reft, light will be place. 
Conceive, therefore, two fpheres, of which one is compofed from many bodies, and the other 
of light alone, and let both be of equal bulk ; then, by eftablithiny the fphere of light, to- 
gether with the centre, and giving the compofite fphere a revolution in the circumfciibing 
{phere of light, you will perceive the world moved in immoveable light, and according to its 
whole extenfion, immoveable, fimilarto place, but moved according to its parts, becaufe thefe 
are lefs than place.” Now, from this demonftration of Proclus, it follows by a neceflary con- 
fequence, fince contraries are contained under the fame genus that darknefs, if it be any thing 
pofitive, is the moft material of all bodies; and hence, the molt material natures wil] partici- 
pate the moft of darknefs, as indeed, is evident in the elements of earth and water. It likewife 
follows that whatever exifts in perfect darknefs, exits out of corporeal place, which, however 
paradoxical, is perhaps, no lefs true than wonderful to conceive. 


2 l not 
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not only in magnitudes, but alfo in numbers, and motions, and 
times : and this indeed is neceffary. For equal and unequal, the 
whole and part, and the more and the lefs, are common to difcreet and 
continued quantities. ‘The contemplation, therefore, which is con- 
verfant with times and motions, numbers and magnitudes, requires 
all thefe, as things evi ‘ent by their own intrinfic light; andin all of 
them both that ts true, which fays, ¢4ings equal to the fame, are egual 
to cne another ; as likewife each of the axioms we have affumed : but as. 
théy exift in common, each fcience ufes them according toits proper 
matter, and one indeed, as in magnitudes; but another, as in numb- 
ers; and another, as in times; and after this manner in each {cience, 
the conclufions become peculiar and appofite, though the axioms are 
/ common. Befides, it is likewife requifite not to contract the number 
of thefe to the leat, as is done by Heron, who only eftablifhee three 
axioms ; for this alfo is an axiom, the whole is greater than its part, 
and the geometrician every where aflumes this in his demonftrations ; 
as alfo, that things which mutually coincide, are equal; for this is em- 
ployed with advantage in the folution of the fourth Propofitioa. Nor 
is it proper to join fome with others, of which fome are proper to the 
geometric matter, as that two right lines cannot compreberd fpace, 
(fince axioms are, as we have faid, of a common kind); but others 
are confequent to things eftablithed, as that which fays, things double 
cf the fame, are equal. For this is confequent to the axiom, affirm- 
ing, that if to equals you add equals, the wholes are equal, Ance things 
equal to the half, becaufe they aflume the half, become double to the 
fame, and mutually equal, on account of an equal addition: and ac- 
“ cording to this reafon, not only the doubles, but alfo the triples, and 
all multiples of the fame quantity will appear equal. But with thefe 
axioms, Pappus fays, that certain others are tobe claffed, as zf unequals: 
are added to equals, the excefs of the whole, wik be equal to the excefs of 
the adjunéis. And onthe contrary, if equals are added to unequals, the 
excefs 6f the wholes is equal to the excefs or difference of the unequals 
thvmfelues. And thefe alfo are manifeft from themfelves, yet they 


may 
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may be made manifeft as follows. Leta be equal to 4, and add, to 
e 


C f al 


a b 


each the unequals ¢ d, but let c be greater than d by e, and the re- 
‘mainder be /; becaufe, therefore, æ is equal to 4, and alfo fto d; af 
will -be equal to 4 ¢. For if equals are added to equals, the wholes 
are equals: a c, therefore, exceeds 4 d, by e only, by which alone 
c exceeds d. Again, c and dare unequals, to which, let the equals 
a and 4 be added, and let e be the excefs of c, above d, and the re- 
mainder be f; becaufe, therefore, a is equal to 4, and fto d af will 
‘be equal to b d; the whole, therefore, ac, will exceed 4d, by e | 
only, by which c alfo exceeds d. Thefe, therefore, are confe- 
quent to the aforefaid axioms, and are, not undefervedly, in many 
copies, omitted. But whatever others he adds to thefe, have been 
previoufly affumed by definitions, to which they are confequent. As 
for example: that all the parts of a plane anda right line mutually 
agree ; for things placed in their extremities, poffefs a nature of this. 
kind ; and that a point divides a line, but a line a fuperficies, and a fu- 
perficies a folid. For all things are divided by the natures by which 
they are proximately bounded ; and that infinite fubfi/ts in magnitudes, 
by addition and diniinution, but according to capacity only, in both thefe 
refpects : for every thing continuous may be infinitely divided and in- 
creafed. But, as we have fummarily fpoken concerning thefe, it re- 
mains that we confider things confequent to principles; for thus far 
principles extend themfelves. But of thofe who oppofe geometry, 
fome very much doubt concerning principles, endeavouring to fhew 
that the terms have no fubliftence, whofe arguments, indeed, afe 
Vou. If. a D known 
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known in common, who endeavour to take away all fcience, and, 
like hoftile foes from a foreign region, demolifh the fruits and fe- 
cundity of philofophy, as is the cafe with the Pyrrhonian philofophers ; 
but others only propofe to themfelves the fubverfion of geometrical 
principles, as the Epicureans. Others, again, admitting the princi- 
ples, afirm, that things confequent to the principles cannot be de- 
monftrated, unlefs fomething elfe is granted, which was not pre- 
vioufly affumed in the principles. Zeno exercifed this mode of con- 
tradiction, who was a Sidonian by birth, but of the Epicurean fe@, 
againft whom Poffidonius wrote an entire book, exhibiting the whole 
of his imbecile opinion ; and thus much may fuffice for the difference 
of ovinions concerning principles. We fhall fhortly confider the 
troublefome objection cf Zeno: but now, after we have briefly re- 
fumed the confideration of theorems and problems, their difference, 
and the divifions they receive, we fhall proceed to an expofition of 
the things exhibited by the inftitutor of the elements, gathering the 
more beautiful obfervations upon the propofitions found in the writ- 
ings of the antients, and contra@ing the infinite prolixity of their dif- 
courfes ; but delivering fuch things as are more artificial, and full of — 
methods producing fcience, dwelling more on an accurate treatife of 
things than on the variety of cafes and aflumptions, to which young 
men, for the moft part, eagerly incline. 


PROPOSITION I. Prostem. 


Upon a given terminated right line to defcribe an equila- 
= teral triangle. 


Since all fcience is two-fold, and one is converfant about immediate 
propofitions, but another about things, which are exhibited and pro- 
vided from the propofitions, and univerfally about. the confequents to 
principles; this, again, divides itfelf in geometrical difcourfes, into 
the folution of problems, and the invention of theorems. And prob- 
lems, indeed, geometry denominates things in which it propofes to 
procure, manifeft, and fabricate that, which, in a certain refpedt, 
has no exiftence ; but it calls theorems, things in which it appoints to 

perceive, 
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perceive, know, and demonftrate that which either exifts, or does not 
exit. For problems command us to undertake the origin, pofitions, 
applications, defcriptions, in{fcriptions, circumf{criptions, coaptations, 
and contacts of figures, and every thing of this kind: but theorems 
endeavour ‘to procure our aflent to fymptoms, and things effentially 
inherent in the fuljects of geometry, and to convince by demonftra- 
tions. For geometry difcourfes concerning every objet of enquiry, 
which is poflible to be effected, referring fome things to problems, 
but others to theorems ; fince it enquires concerning the wat, ina 
two-fold refpe& : for it either feeks for the reafon and intelligence of 
the thing ; or for intelligence, and the eilence of the fubje@.. I fay, 
for example, as when it requires what a line of fimilar parts may be =. 
for in an enquiry of this kind, it either defires to find the definition 
of fuch a line, as, that a line of fimilar parts is that which has all its 
parts agreeing with all; or to receive the fpecies of lines of fimilar 
parts, as that it is either right, or circular, or a cylindric helix. Be- 
fides, prior to this, it enquires, by itfelf, concerning the 7/; and this 
efpecially in its determinations, agitating, whether the object of its 
enquiry is pofflible or impoffible, what place it poffefles, and in how 
many ways. It likewife feeks concerning the what kind; for when it 
confiders the effential accidents of a triangle, circle, and parallels, it 
is manifeft, that in fuch cafes it feeks after the what kind; but many 
have thought that geometry very little contemplated the cau/e, and 
the why. And of this opinion is Amphinomus, led by the decifions 
of Ariftotle : but (fays Geminus) an enquiry into thefe may be found 
in geometry. For does it not belong to geometry to enquire for what 
caufe infinite equilateral multangles may be infcribed in circles, bur 
to defcribe folid equilateral -and equiangular multangles, and con- 
ftructed from fimilar planes, in Ypheres, is impoffible? To whom 
does an inveftigation of this kind belong, except to a geometrician ? 
When, therefore, to geometricians the fyllogifm is by an impoffibility, 
they alone defire to find the fymptom; but when by a principal de- 
monftration, then again if the demonftrations are in that which is 
particular or partial, the caufe is not yet manifeft; but if in that 
which is univerfal, and in all fimilars, the why becomes immediately 

jnanifeft; and thus much concerning objects of enquiry. 
| Da But 
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But every problem and theorem- which receives its completion from 


its own perfect parts, ought to poffefs in itfelf all the following parts: 
propo ition, expofition, determination, conftruchion, demonjftration, and 
conclufion. But of thefe, propo/tion informs us what the object of en- 
quiry is from a given datum; for a perfec propofition is compofed 
from both; but expofition receiving the datum effentially, prepares for 
the queftion. Again, determimatin feparately explains the thing 
fought for according to the wat; but con/fruétion adds to the datum 
what is wanting to the inveftigation of the thing fought; and demon- 


ftraticn tkilfully collé&s the propofition from the conceffions, But 


the cpihgue, or conclufion, is again converted to the propofition, by 
confirming that which is exhibited. And fo many, indeed, are all 
the parts of problems and theorems; but propoftion, demonjftration, 

and conclujion, are efpecially neceflary, and exift in all; for it is re- 

_ guifte that the thing fought for fhould be previoufly known, and that 
this fhould be fhewn by proper mediums, and that what is exhibited 
fhould be concluded ; and it is not poffible that any one of thefe three 
can be wanting; but the reft are, indeed, received in many places; 
but in many, becaufe they produce no utility, are omitted. For de- 
termination and expofition are not found in the problem, which fays, 
to confiruct an tfofceles triangle, which will have each of the angles at the 
bafe double of the other ; but contruction has frequently no fubfiftence 
in many theorems, the demonflration being fufficient to exhibit the 
thing propofed from the data, without any addition. When, there- 
fore, fhail we fay that expz/ition fails, when no datum is given in a 
propofiiion? Becaufe, though prcpij:ion, for the moft part, is di- 
vided into datum, and the thing fought for, yet this is not always the 
cafe; but fometimes the thing fcught for, alone affirms that which 
it is requifite to know or effect, as in the aforefaid problem; for it 
does not previoully fay from what datum it is requifite to conftru@ 
an ifofceles triangle, which fhall have cach of the angles at the bafe, 
double of the remaining'one; but that it is required to effet this. 
And here, indeed, the admiffion of the propofition takes place from 
things previoufly known; for we muft know the meaning of the 
terms z/ofceles, equal and double (fince this, as Ariftotle obferves, is 
. the 
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the property of all ratiocinative difcipline*), yet nothing is fubjeQed 
to us as in other problems, as in that which fays, zo ¿ret a given ter- ` 
minated right line. For here the right line is given, but we are or- 
dered to divide it into two parts; and the datum is feparately deter- 
mined:from the obje& of enquiry. When, therefore, a propofition 
has both of thefe, then alfo determination and expiiticn are found; 
but when the datum is deficient, thefe alfo fail, fince rxpofition and 
determination belong to the datum: for this will be the fame with the 
propofition. Indeed, what elfe do we fay, when determining inthe 
aforefaid problem, unlefs that it is requifite to find an ifofceles of this 
kind? But fuch was the propofition: if then the propofition has 
neither this datum, nor thing fought, expofition will, indeed, be filent, 
becaufe there is no datum ; but determination will be neglected, left 
it fhould become the fame with the propcftzon: but you may find 
many other problems of this kind, efpecially in. arithmetic, and in 
the tenth book of thefe Elements, as, to find a medium comprehending 
two right lines commenfurable in power, and every thing of this kind, 
But every datum may be given in thefe four modes, either in po- 
„fition, or proportion, in magnitude or form; for a point, indeed, is 
given in pofitron only, but a line and the reft in all the four. Thus, 
when we fay, fo bi/ect a given reċłilineal angle, we declare the fpecies © 
of the angle given, as that it is right lined, left we fhould alfo feek 
to bifect a curvilinear angle by the fame methods. But when we fay, 
from the greater of two unequal right lines, to cut off a part equal tothe 
_ Jefs, the lines are given in magnitude; for the lefs and the more, © 
finite and infinite, are the proper predications of magnitude. But 
when we fay, that ¿f four magnitudes are proportional, they fhall be 
alfo alternately proportional, the fame proportion is given in the four 
magnitudes: but when it is requifite, from a given point to place a 
right line equal to a grven right linc, then the point is given in po- 
fition, From whence, fince pofition may be various, conftruétion 
alfo receives variety ; for the point is given either without the right 
line, or in the right line, and in the extremity, or without the ex- ` 


© See Seétion fecond, of the Differtatiop, in Vol. I. of this work. 
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tremity of the right line. Since, therefore, a datum has a four-fold 
acceptation, it is manifeft, that expofition afo is four-fold; but 
fometimes it connects’two or three modes. Again, we find that de- 
monitration fometimes poffeffes things proper to demonftration, ex- 
hibiting the thing fought for from -mediate definitions; for this is the 


perfe&ion of demonftration, but that fometimes it argues from certain 


figns. Andit ought not to be concealed, that geometrical difcourfes 
have every where that which is neceflary, on account of the fubject 
matter, but are not every where perfected by demonftrative methods. 
For when, becaufe the external angle of a triangle is equal to the two 
internal and oppefite ones, itis fhewn, that the three internal angles of 
the triangle are equal to two right, how is this demonftration from the 
caufe? And is not a fign the medium in this cafe? For the external 


angle not yet exifting, fince the internal angles exit, they are equal 


to two right, fince it isa triangle, though the fide is not produced ; 
but when, by a defcription of circles, the triangle, which is confti- 
tuted, is fhewn to be equilateral, the apprehenfion takes place from 
the caufe. For we fay, that the fimilitude and equality of the cir- 
cles is the caufe of the triangles equality with refpe& to its fides. 

But geometrical difcourfes are likewife accuftomed to make the con- 
clufion, in a certain refpet, two-fold. And this, when they ex- 
hibit things agreeable to the data, and reafon univerfally, recurring 
from a particular conclufion to that which is univerfal ; for when they 
do not ufe the property of the fubjects, but placing the data before 
our eyes, defcribé an angle or right line, they think that which is 
concluded in this, is to be concluded in every thing fimilar: they 
país on therefore to wnzver/a/, left we fhould think that the conclufion 
is particular. But their tranfition is effected in the beft manner, fince 
they employ, in demonftration, the things placed, not conlderéd as 
fuch, but confidered as fimilar to others : for it is not becaufe fuch a 
particular angle is propofed that they effe& a bipartite fe&ion, but 
becaufe it is re&tilineal only. But quantity, is indeed, proper to the 
propofed angle; but 'reétilineal is common to all right lines: let then 
the given angle be a right one. If therefore, we receive rectitude in 
the demonftration, we cannot pafs to every fpecies of right lines ; but 
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if we do not fubjoin its reftitude, or being right angled, but alone. 
confider its being rectilineal, the difcourfe may be adapted to all right 
lined angles; and all that we have previoufly obferved we may con- 
template in this firft problem. For that it is a problem, is evident, 

{ince it commands us to conftru& an equilateral triangle : but propof- 
tion in this, confiits from a datum and thing fought., For a terminated 
right line is given, but it is ezguzred how an equilateral triangle may 
be conftructed upon it, and the datum indeed precedes, but the thing 
fought follows; fo that we may fay, by conjoining the two, if there 
be a terminated right line, it is poffible to confiruct upon it an equilateral 

triangle; for a triangle cannot be conftru€ted without the exiftence of 
a right line, fince it is comprehended by right lines; nor upon an un-. 
limited line, for an angle cannot be conftructed unlefs it is made on 
One point, but in an infinite line there can be no extremity or bound- 
ing point. But after propofition, expoftion follows, as, æt there be 
given a terminated right line. And here we may fee that expoftion 
alone pronounces the datum, but by no means fubjoins the thing 
fought ; but after this we fhall find determination : it is required upon 
the given ter-ninated right line to conftruct an equilateral triangle; and 
here we may obferve that determination is in a certain refpe@, the 
caufe of attention, for it makes us more attentive to the demonftra- 
tion, by pronouncing the thing fought, as expofition caufes us to be 

more docile, by placing the datum before our eyes. Again, after de- 
termination, con/truction follows, from one extremity of the right line, 
as a centre, but with the remainder as an interval, let a circle be de~ 
feribed. And again, with the other extremity, as a centre, and with 
the fame interval, let a circle be defcribed;. and from the common point 

of the fettions of the circles, to the extremities of the right line, let right 
lines be continued’ And here we may obferve, that Petitions are ufed 
in the conftruction, this for one, from every point to every point, fo 
draw a right line; and alfo this, with every centre and interval 

to defcribe a circle; for univerfally Petitions are the fources of 

utility to conffruétions, but Axioms to demonffrations ; demonjftration — 

therefore follows, decaufe, then each extremity of the given right line ts 

the centre of the circle furrounding it, the right line which reaches to the 

common 
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common fection 1s equal to the given right line; bence, becaufe the other 
extremity of the right line ts the centre of its containing circle, the right 
line reaching to the common fection of the circles, is alfo equal to the given 
line. And the admonition of thefe, is derived from the definition of 
the circle, which fays, that al! Lines rom the centre to the circumfererce 
are equal, Each of thefe lines, therefore, is equal to the fame; but 
things equal to the fame, are equal amang themfelves, by the firft axiom. 
The three right lines, therefore, arc mutually equal; hence, upon. 
this given right linę an cguilateral triangle ts confiruéted; and this, in- 
deed, is the firt coxc/ufron which follows the expofition. But-after 
this, that univerfal one, fon a given rigot line, therefore an equilateral 
triangie ts conprudied : for whether you make the line double of the 
one now propofed, or triple; or receive any one greater or lefs, the 
fame confiruQions and demonftrations wil accord But to thefe he 
adds the particle which was required to be done, fhewing from hence, 
that the conclufion is problematical ; for in theorems, he adds the 
particle which was required to be fhewn; the former announcing the 
production of fomething, but this the oftenfion and invention of a 
thing required. He therefore fubjoins this to the conclufions, for the 
‘purpofe of thewing that every part of the propofition is accomplithed 
by this means, uniting the end with the beginning, and imitating in- 
telle&t convolved, and again returning to its principle. But he does 
not always add the fame, but fometimes the pariicle wich was re- 
guired £3 be coxe, and fometimes the particle- which was required to be 
fhewn, on account of the difference between problems and theorems : 
and thus, m this one problem, we have exercifed and made perfpicu- 
ous all this varicty of confiderations. But the reader ought to make 
a fimilar enquiry in the reft; inveftigating what propofitions receive 
thefe leading properties, and in what they are omitted. Likewife in 
how many ways a ¢vli.7 1s given, and from what principles we re- 
ceive either conflructions or demonftrations; for a perfpicacious con- 
templation of thefe adoris no fmall cxercife and meditation of geo- 

metrical difcourfes. | 
But here it is neceffary that we fhould bricfly determine the nature 
of ajumpiton, cif, carohary, mfarte, (sasis) and induciisn, They 
: fay 
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fay therefore that afumption is often predicated of every propofition 
afflumed in the conftruGion of another propofition, affirming at 
` the fame time that the demonftration of fuch a propofition is com- 
pofed from fo many afumptions. But affumption, properly confidered 
by thofe who are converfant in geometry, is a propofition indi- 
gent of credibility ; for when either in conftruction or demonftration 
we affume any thing which has not been exhibited, but requires a reafon 
for its admiffion, then that which is aflumed, as of itfelf ambiguous, 
being confidered as worthy of enquiry, we call an a/umption; and 
this differs from Petition and Axiom, becaufe it is demonftrable, but 
they are aflumed without demonftration, for the purpofe of giving 
credibility to others. But the beft aid in the invention of afumptions, 
is an aptitude of cogitation ; for we may fee many naturally acute in 
folutions, and difcovering them without any method, as was the cafe 
with our Cratiftus, who was adapted to the inveftigation of a thing 
_ fought from the firft and fhorteft methods poffible ; and had a na- 
tural promptitude for invention; but there are neverthelefs certain 
moft excellent methods delivered, one which reduces the thing fought, 
by refolution to its explored principle, which, as they fay, Plato de- 
livered to Leodamas, and from which he is reported to have been the 
inventor of many things in geometry : but the fecond is that which 
has a power of divifion ; becaufe it diftributes the propofed genus into 
articles, but affords an occafion of demonftration, by an ablation of 
other things from the propofed conftru€tion, And this likewife is 
praifed by Plato, as that which affords affiftance to all fciences ; but 
the third is that which by a dedu&ion to an impcffibility, does not of 
itfelf thew the thing fought, but confutes its oppofite, and difcovers 
the truth by accident; and thus far is the contemplation of affumption 
extended. But ca/e enunciates different modes of conftrution, and 
the mutation of .pofition, points, or lines, fuperficies, or folids be- 
ing tranfpofed ; and in fine, all its variety is beheld about defcription : 
hence, itis alf called cafe, becaufe it is the tranfpofition of conftruc- 
tion. Again, Corollary is affirmed, indeed, of certain problems, as 
the Corollaries which are afcribed to Euclid ; but Corollary is properly 
predicated, when, from the things demonftrated, a certain unexpected 
theorem appears, which on this account they hawg denominated Co- 
VoL. H E rall :ry,, 
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rollary, as a certain gain, exceeding the intention af demonttrative fci- 
ence ; but i/fance impedes the whole paffage of the difcourfe, either 
oppofing the conftruGion or the demonftration : and here it is not ne- 
ceffary, that as he who propofes a cafe, ought to fhew the propofition 
true ; fo he who propofes an im/fance: but itis requifite to deflroy the 


infiance, and convict its emp loyer of falfehood. Laftly, ‘wducfion is a 


tranfition froin one problem or theorem to another, which being 
known orcompared, the thing propofed is alfo perfpicuous. For ex- 
ample: when the duplication of the cube is inveftigated, geometri- 
cians transfer the queftion into another to which this is confequent, 


i. e. the invention of two mean prop:rtionals, and afterwards they en- 


quire how between two given right lines two means may be ‘found. 
But Hippocrates Chius is reported to have been the firft inventor of 
geometrical induction; who alfo made a quadrangle equal to a lunula, 
and invented many other things in geometry, and excelled all in his 
ingenuity refpeCting appellations ; and thus much for thefe. 

But let us return to the propofed problem: that an equilateral tri- 


' angle, therefore, is the beft among trianzles, and is particularly al- 


lied to a circle, having all lines from the centre to the circumference 
equal, and one fimple line for its external bound, is manifeft to every 
one; but the partial comprehenfion of two circles in this problem, 
feems to exhibit in images how things which depart from principles, 
receive from them perfection, identity, and equality. For after this 
manner, things moving in a right line, roll round ina circle, on ac- 
count of continual generation ; and fouls themfelves, fince they are 
indued with tranfitive intelle€tions, refemble by reftitutions and cir- 
cumvolutions, the ftable energy of intelle&t. The zoogonic or vivific 
fourttain of fouls too, is faid to be contained by two intelledts. If, 
therefore, a circle is an image of the effence of intelle&, but a tri- 
angle of the firft foul, on account of the equality and fimilitude of 
angles and fides; this is very properly exhibited by circles, fince an 
equilateral triangle is included in their comprehenfion. But if alfo 
every foul proceeds from intellect, and to this finally returns and par- 
ticipates intelle& in a two-fold refpe&; on this account alfo it will be 
proper that a triangle, fince it is the fymbol of the triple eflence of 

I fouls, 
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fouls, fhould receive its origin comprehended by two circles. But 
fpeculations of this kind, as from bright images in the mirror of 
phantafy, recall into our memory the nature of things. And here, 
becaufe fome obje& to the conflitution of an equilateral triangle, 
thinking by this means to overthrow the whole of geometry, Ict us 
briefly anfwer and confute them. Zeno then, whom we have men- 
tioned before, fays, that if any one admits the principles of geometry, 
yet he will not obtain from common confent, things confequent to 


=` the principles, while this is not admitted, -that there are not the fame . 


fegments of two right lines: for unlefs this is given an equilateral tri- 
angle cannot be conftruted. For let there be (fays he) a right line 
a b, upon which an equilateral — is to be conftructed. 


N, 
O 


`- But let circles be defcribed, and from their common fe&tion let the 
right lines c ea, c e b, be extended, having the common fegment c e. 
It will therefore happen, that the lines extended from the common 
 fe&ion, will be equal to the given line a 4, and yet the fides of the 
triangle will not be alfo equal, but-two will be lefs than the remainder, 
that is, than a 6. And fo this not being conftitutéd, neither can the 
reft be conftructed. Can then (fays Zeno) the reft follow, though the 
principles are given, unlefs this alfo is previoufly received, that there 
are no common fegments either of circles or of right lines? Againft 
this objection then, we muft affirm in the firft place, that it was in a 
certain refpe&t previoufly underftood, that two right lines have, no 
common fegment. For the definition of a right line comprehends. 
this property, fince that is a right line which is equally fituated between 
1ts bounding points; and the equality of the interval between the 
points to the right line, caufes that which joins the points to be one, 
and the thorteft line; fo that if any one adapts it to another line, 
E 2 accord- 
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according to one of its parts, it muft alfo agree with the line accord- 
` iog to its remaining part; for fince it is conftituted in its extremities, 
becaufe it is the fhorteft line, it is neceflary that the whole fhould 


fall on the whole. But again, this was manifeftly received in the Pe- . 


titions: for the Petition which fays, that a terminated right line may 
be produced firaight forwards, perfpicuoufly fhews that the produced 
liné ought to be one, and produced by one motion; but if any one 
- is defirous to receive a demonftration of this affumption, let, if pof- 
fible, a 4 be the common fegment of a c anda d, and with the cen, 





tre 5, and interval 4 d, let the circle acd be defcribed ; becaufe there- 
fore the right line a 4c, is drawn through the centre, a fc isa fe- 
‘micircle ; and becaufe the right line a 4 d likewife is drawn through 
the centre, aed isa femicircle. The femicircles, therefore, afc, 
aed, are equal to each other, which is impoffible. But againft this 
ddemonftration Zeno will perhaps fay, that it is likewife requifite to 
demonftrate that the diameter bifects the circle, becaufe we previoufly 
affume that there is not a common fegment of two circumferences. 
Thus too we take for granted, that one circumference coincides with 
another, or if it dees not coincide, that it either falls externally or in- 
ternally. But nothing hinders (he will fay) that the whole may not 
coincide with the whole, but according to fome part. But to this 
Poffidonius rightly anfwers, who laughs at the acute Epicurean, as 
if confcious that though the circumferences do not coincide according 
to a part, yet the demonftration will fucceed ; for accerding to that 
part in which they do not coincide, the one will fall within, and the 
other without, and the fame abfurdities will follow when right lines 
are extended from the centre to the external circumference; for thofe 

from 
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from the centre will be equal, as well the greater which is drawn to 
the external, as the lefs which is extended to the internal circle: 
either therefore the whole will coincide with the whole, and they will 
be equal; or coinciding according toa part, it will alternately vary 
according to the remainder, or no part will coincide with no part; 
and in this cafe it either falls within or without : but of this, enough. 
But Zeno alfo condemns the following demonftration of this particu- 
lar: Let a 4 be the common fegment of two right lines a c, a d, and 
let 5 e be erected at right angles to æ c, the angle e 4 c, therefore, is a 


F 





right one. Hence, if the angle e `d is alfo right, they fhall be equal, 
which is impoffible ; but if not, let of be erected at right angles to 
' ad. Theangle fb a, therefore, is right; but the angle e 4 a was 
alfo right; and they are therefore mutually equal, which is impoffible. 
This is the demonftration which Zeno oppofes, as affuming that 
which is to be exhibited ‘afterwards ; I mean froma given point to 
raife a right line, at right angles, toa given right line. However, 
Poffidonius obferves, that indeed, a demonftration of this kind is 
never to be introduced into elementary inftitutions; but that Zeno 
calumniates-Geometricians ufing therr own as a flagitious demonftra- 
tion; though there is fome reafon in their condu@. For there are 
right lines exifting at right angles; fince any two right lines are ca- 
pable of forming a right angle ; and this is previoufly affumed in 
our definition of a right angle. For we alone conftitute a right angle 
from fuch an inclination; and it may perhaps be this which we havé ` 
erected. Indeed, Epicurus himfelf, and all other philofophers admit, 

that 
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that not only many things poffible may be fuppofed, but likewife © 


many of un impoffible. matter, for the purpofe of contemplating fome- 
thing confequent ; and thus much concerning an equilateral triangle. 
But it is requifite to conftru& other triangles, and in the firft place 


an ifofceles. Let a4, therefore, be a right line; upon which it is re- 





quired to conftruct an ifofceles triangle. Defcribe circles as in the 
conftruGtion of an equilateral triangle, and produce the line a $ on 
each fide to the points ¢ d; the line c 4, therefore, is equal to a d. 
Again, with the centre 4, and interval c 4, let the circle c e be de- 
{cribed ; and with the centre a, and the interval d a, the circle de; 
atid from the point ¢, in which the circles interfect each other, to the 
points a and 4, let the lines e a, eb, be extended. Becaufe therefore, 
eaisequaltoad; but eb to dc, and ad is equal to 4¢, e a will alfo 
be equal to ¢4; but they are alfo greater than a 4. The triangle 


a b e, therefore, is ifofceles, which it was required to conftitute. But 


let it be ordered to conftru& a fcalene triangle upon the given right 
line æ $. Defcribe circles with centres and intervals, as before, and 


~ 
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let there be taken in the circumference of the circle, whofe centre ts 
a, the point f, and let the right line a f be extended and produced to 
the point g; and likewife let the right line g 4 be extended. Becaufe, 
therefore, a is a centre, a f is equal to æ d; and hence, a g is greater 
than a d, that is, thang 4. Eut 4 alfo is a centre, g 4, therefore, is 
equal toc 4; and hence, g 4 is greater than ġa: but ga is greater 
than g 4; the three lines therefore g b, b a, ag, are unequal; and 
hence, the triangle a 4 g 1s fcalene. Hence too, three triangles are 
-conftructed ; but thefe ‘hing: are commonly known: however, this 
is beautiful in thefe triangles, that the equilateral exifling on all fides 
equal, is conftruated by one mode alone; but the ifofceles, endued 
with equality in two fides only, has a two-fold conftruStion: for the 
given right line is either lefs than both the equal ones (according to 
our prefent conftruction), or it is greater than both; but the fealene 
being unequal in all its fides, receives a triple conftruction ; for the 
given right line is either the greateft of the three,- or the leaft; or 
greater than the one, and lefs than the other; ahd indeed, it is pro- 
per to be exercifed in each fuppofition, either by enlarging or contratt- 
ing; but to us, what is already delivered, is fufficient. Let us now 
contemplate problems univerfally, fome of which are produced fim- 
ply, but others manifoldly, and others according to infinite modes. 
But (as Amphinomus obferves) thofe which are fimply conftructed are. 
ordinate: but thofe which receive a manifold compofition, and aie 
conftru@ted according to number, are m:dile; and thofe which are | 
varied, in infinite ways, are inordinate. ‘The manner, therefore, in 
which problems are conftruéted, fimply or manifoldly, becomes ma- > 
nifeft in the preceding triangles ; for the equilateral is conftituted 
fimply ; but of the other two, the one receives a two-fold, and the 
other a triple conftruction. But problems of the following kind, may 
take place in infinite modes ; I mean to divide a given right line in 
three proportional parts; for if it be divided in a duple ratio, and the 
deficient quadrangular form, refulting from the lefs,' be applied to the 
greater, it will be divided into three equal parts; but if the greater 
fegment be more than double of the lefs, as for inftance, triple, and ` 
a deficient quadrangular form, equal to that which refults from the 

lefs, 
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lefs, be applied to the greater, the line will be divided into three un- 


equa! parts. Becaufe, therefore it may be divided into two parts, in infi- 


nite ways, the greater of which is either double or triple, (for multi- 


plex proportion proceeds in infinitum), hence, it may be divided into | 


three parts, according to infinite. variations. 


But it is requifite to know, that problem alfo is manifoldly predi- 


cated ; for whatever is propofed may be called a problem, whether. it 
is propofed for the fake of learning or operating. But in mathema- 
tical difciplines, that is properly called a problem, which is propofed 
for the purpofe of contemplative energy. Since that which is per- 
formed in thefe, has contemplation for its end; and often, indeed, 
certain things, impoffible to be executed, are called problems: but 
more properly that which is poflible to be done, and neither exceeds, 
nor is deficient, is allotted an appellation of this kind ; and the problem 
exceeds, which fays, fo confirut an equilateral triangle, having its verti- 
cal angle two thirds of one right ; for thisis fuperfluous, and is added 
in vain: fince it is a-property inherent in every equilateral triangle. 
But of thofe which exceed, whatever are redundant with incongruous 
and non-exiftent fymptoms, are called zmpofidles: but whatever are 
redundant with accidents, are calied greater problems. But a defective 
problem (which is alfo called a 4/5 problem) is that which requires 
fome addition, that it may be reduced from inordination into order 
and {cientific bound, as if any one fhould fay, to conftitute an ifofceles 
triangle: for this is mutilated and indeterminate, and requires fome 
one who may fubjoin, what kind of an ifofceles triangle, whether 
that which has its bafe greater than either of the equal fides; or that 
which has it lefs. Likewile, whether that which has the vertical 
angle double of each at the bafe, as a femiquadrangle; or that which 
has each of the angles at the bafe double of the vertical angle; or that 
which poffeffes thefe angles according to fome other proportion, as 
triple or quadruple : for it is poffib'e that it may be varied in infinite 
modes. From hence, therefore, it is nfanifeft, that fuch things as 
are properly denominated problems, ought to avoid indetermination, 
- and not to be of the number of things capable of infinite variation ; 

though fuch as thefe are alfo called problems, through an equivocation 


of 
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of the word problem. ‘The firft problem, therefore, of thefe ele- 
ments, excels the reft id the manner we have explained ; for it neither 
exceeds, nor is deficient; it is neither conftrudted in a variety, nor ac~ 


cording to infinite modes ; and fuch ought to be the conditions of that. 


which is to be the element of the ret. © 


PROPOSITION II. Proscem Il. 


To a given point to place a right line equal to a given 
right line. . | 


> 


Of problems, as well as of theorems, fome are without cafe, but 


others poffefs a multitude of cafes. Whatever, therefore, have the © 


fame power acceding to many defcriptions, and when their pofitions 
are changed, preferve the fame mode of demonftration, thefe are faid 


to have cafè; but fuch as proceed according to one pofition only, and 


one conftruction, are without cafe; for fimply, cafè, appears about 


the conftruétion both of theorems and problems. The fecond prob- . 


lem, therefore, has many cafes abut a point is given in it 1% pofition, 


fince it can only be given in this manner; but a right line, both in . 


form and pofition, (for it is not fimply 4e, but of fuch a kind.) For 
it is here enquired, bow to a given point to place a right line equal to 
a given right line: But it is manifeft that the point is entirely in the 
fubje& plane, in which the right line exifts, and not in one more 
elevated. For in all problems and theorems refpeGting planes, we 
muft conceive that one plane is fubjected. But if any one fhould doubt 
how a line is to be placed equal toa given right line, for what if the 
given line be infinite? Since the prefent datum pertains both to finite 
and infinite: for every datum fignifies that which is propofed and 
{uppofed by us for the fake of inveftigation. But this Euclid himfelf 
declares, fometimes, faying, upon a given terminated right line to con- 
fruét an equilateral triangle ; but at other times, upon a given infinite 
right line tolet fall a perpendicular, In anfwer then to this doubt, we 
anuft fay, that when he orders us to place the line equal to a given 
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right line, at a given point, he fufficiently evinces that: the given 
line is finite; for every thing placed at.a poiat, is terminated accord- 
ing to that point. Hence, the line equal to that which is given, muft 
havea much prior termination. At the fame time, therefore, in which 


he {fays to a given point, he terminates both the given right line, and 


its equal which is inveftigated. 

But that the cafes of the prefent problem are formed from the va= 
rious pofition of a point, is manifeft. For the given point is either 
placed external to, or in the given right line; and if in it, it will 
either be one of its extremities, or it will be fituated within the ex- 
tremes ; and if external, it will either havea lateral pofition, {o that 
a line drawn from it to the extremity of the given line will form an 
angle, or a dire& pofition; fo that if the line were produced, it would 
coincide with the external point. But the geometrician, indeed, con- 
fiders the point as external, and receives it according to a lateral pofi- 
tion; however, for the fake of exercife, all the pofitions are to be 
affumed, the more difficult of which we fhall exhibit. For let there- 
be given a right line a 4, anda given point c, which lies between its 
extremes, and let there be conftituted according to the doétrine of 
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the elements, an equilateral triangle upon the right line's c, and let 
dc, da, be produced ; then, with the centre a, and the interval a 4, 
let the circle 4 ¢ be defcribed. And again, with the centre d, but 
with the interval de, let the circle d f be defigned. Becaufe, therefore, 
_ ais the centre, 4 ais equal to ze; andhence, de is equal to df, the 
the parts of which, d a, dt» are equal: for the triangle dac was 
. eftablifhed-as equilateral. “’Fhe remainder, therefore, a ê, is equal to 
cf; buta 4, as it was thewn, ‘is equal to a b, and hence, ¢ fis equal 
.to a 4. To a given point, therefore, cy a right line cf is placed’ 
equal to a 6. With refpect to the pofition of the point then, fo many 
cafes arife. But there are many more with refpe& to the conft itution 
of the equilateral triangte, the extenfion’ of its fides, and the de {crip- 
tion of circles. For Tet there be affumed, 43 in this element, a point a, 
and aright line å c, but let 62 be extended. The equilateral triangle, _ 


E 








therefore, will not be conftituted on ġa, with its vertex above (be- 
caufe there is no place for it), but beneath ; let it, therefore, be edb; 
a d, therefore, is either equal to c, or greater or lefs. If then it be 


_. equal that which was required is performed. But if lefs with the 


F2 centre 
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centre 4, and the interval 4c, let a circle be defcribed, and let 2 d, 
d b be produced to the points e and g ; and with the centre d, but the 
interval d g, let a circle g a be defigned. Becaufe, therefore, dg is equal 
to de, for they are drawn from the centre; and likewife becaufe a d 
is equal to d 4, for the triangle is equilateral, the remainder a e is.- 
equal to the remainder 4g. But 4g is alfo equal to 4c, for they 
proceed fromthe centre; and hence, q e is equal toc, which was 
required to be done. But if a d is greater than 4 ¢ (for this is 
the laft cafe), then with the centre 4, and the interval 4 c, let a circle: 





ec $e defcribed. The line d b, therefore, fhall cut the circle e'e.. 
Again, with the centre d, and interval de, let the circle e g bede- 
frribed. Becaufe therefore, d is the centre of: the circle g e, gdis 
equal to d e. But d a was alfo equal to d 4; the remainder,, therefore, 
a g is equal to the remainder 4 e. But 4 e is equal to-6 c, for both pro- 
ceed from the centre. Hence, a.g is equal to4¢;. and it is placed 
at the point az, as. was required to be done. And though there are 
many other cafes, the defcription of the above is fufficient for our 
prefent purpofe. For from thefe it is poffible for the more curious te 
exercife themfelves in the ret. But formerly fome deftroying the — 
. | conitruc- 
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conftruction and variety of this problem, reafoned thus. Let a bea 
given.point, but 4 e a given right line, and with the centre 2, but. 


d 





with an: interval equal to 4 e, let a circle de be defcribed.. ‘Then let- 
a certain right line æ d. be. extended -from the point a to the circum- 

ference; and this fhall’be equal to`ġ e: for: the magnitude of the 

line from the centre, was equal to that of-4 e: and fo that is done 

which was required. But he who thus reafons, degs, in the very be- 

ginning. For when he fays with the centre a, but interval 4 e defcribe 

a circle e d, he receives, in a certain manner, a line equal to de, 

placed at the extremity a; and preferving the Petition, he makes one 
extremity: of the interval a centre, but with the other defcribes a cir- 
cle: however, in this cafe, the centre isin one place, but the interval . 
ip another. Weby no means, therefore, approve: this method of de- 

monftration. 


PROPOSITION IN. Prosrem III. 


Two unequal right lines being given, from the greater to 
cut off a part equal to the lefs. 


` This third problem, likewife, has.a variety of cafes. For the given 
unequal right lines are either mutually diant from each other, as 
with the inftitutor of the elements, or they are united according to 
: oe one 
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“one extreme’; or the one-cuts the other according to one ofits extre- 
“mities, and this in a two-fold‘manner. For either the greater cuts 
the lefs, or the lefs the greater. But if they are united according to 
one extreme, the demonftrition is manifeft. For employing the com- 
.mon extremity asacentre, and the leffer of the lines for an interval, you 
will defcribe.a circle, and cut off from the greater, a part equal to the 
~ „lefs; fince gs much as the circle intercepts within itfelf, will be equal 
‘to the lefs. But if the one cuts the other according to its extreme, 
either the greater will cut the greater, or the contrary. And if they 
:mutudlly cyt cach other, they will either be mutually cut into equal 
parts, or irito unequal; or the one will be cut into equal, and the ° 
other into unequal parts, and this in a two-fold refpect. ` For all thefe 
prefent us with an admirable variety of exercife, fome of which, out 
of a many, ‘we thall-exhibit. Let there be given the unequal right 





lines 2 À, ¢ d, the greater of which is c d, and let it cut a Ż in one of 
its extremities c ; then with the centre a, but interval a 4, let a circle 
b f be defcribed, and let an equilateral triangle. a e c be conftruéted 
upon ac, and produce e a, ec. Again, with the centre e, but inter- 
val e f, let the circle g f be defcribed ; and with the centre c, and in- 
terval c 8» the circle g7. Becaufe therefore, e fis equal toe g (for the 
centre is e) of which e g is equal to e c, the remainder a f, fhall be 

equal 
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equal to the remainder cg. But a fis likewife equal to a b; for the. 
centre isz. Hence, cg will be equal to æ 4, and this is equal to cl, 
' for the centre is.the point c: ab, therefore, is equal,.ta c /, which: 
was required to be done. E E a 

But let c d be lefs than 2 4, and let it cut 2 4 according to its extre- 
mity c ;. either, therefore, it will cut it in the middle, or not in the 





| d . 
middle. Let it in the firft place cut it in the middle ; ¢ d, therefore, - 
is either the half of a 4, and ac is equal toc d, or it is lefs than half, ` 
And in this cafe with the centre c, and interval c d, defcribe a circle, | 
_ and you will cut-off from a 4 a part equal to e d: Or it is greater than 
half ; and then at the point'a, placing a f, equal to ¢ d, and deftribing 





a Cire. 


— 
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:a circle with the centre a, and interval a f, you will cut off from 23 
„a part equal toa f, thatistocd, But if ¢ d does not cut a é in the 
. middle, ¢ d thall either be its half, or greater than the half, or lefs. If 
„therefore c dis the half, or lefs than the half of a 4, employing cas a 
ccentre, and ¢ das.an.interval, you will cut off from aå, a part equal 





'to-¢ d, as -was required to be done. But if cd is greater than the 
half, again at the point a® placing a f equal to cd, you will accom- 
plith the fame. For with the centre a, but interval a f, you will de- 
{cribe.a circle, cutting off from a 4 a line equal to af, that is, to ¢ d. 





d | But 
-® See vhe thiad §gure of this problem. 
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But if they mutually interfe&, a3 cd, a b, then with the centre 4, but 
interval 4 a, defcribe the circle a f, ‘and let b c be extended to the point 
f. Becaufe therefore, f, cd, are the two unequal right lines, and 
cd cuts bf, according to its extremity, it is pofible from c d to make 
a line equal to f; for this has been fhewn in the firft cafe of this 
problem. It is therefore poffible, that a line equal to æ may be cut 
off from c d; for a band b fare mutually equal. Having, therefore, 
received thefe cafes from divifion, we have endeavoured to exhibit 
their variety. But the demonftration of the elementary inftitutor is 
admirable, fince it accords with all the preceding conftru@tions. And 
itis poffible, in every pofition, at the extremity of the greater, to 
place a line equal to the lefs, and ufing the fame extreme asa centre, - 
and placing the interval to defcribe a circle, which fhall cut off from 
the greater, a line equal to the lefs, whether they mutually interfeq, 
or one cuts the other, or they are conftituted in a ftill eee 
ponton | 


PROPOSITION IV. THEOREN I. 


If two triangles have two fides equal each to each ; and have: 
likewife the angles equal; which are comprehended by. 
the equal fides ; then they fhall have their bafes equal ;: 
and the two triangles fhal be equal; and the remaining’ 
angles oppofite to the equal fides fhall be equal. | 


This is the firft theorem in the inflitution of the elements, for all 
thofe which preceded ‘were problems. The firft, indeed, treating 
concerning the origin of triangles : but the fecond and third propofing . 
to procure one right line equal to another. And of thefe the ane pro- 
duced an. equal from an unequal line, but the other difcovered an. 
equal line by an ablation from one unequal. Since, therefore, equality, 
which is the firt fymptom in quantity, is to be conftructed by us in 
a triangle and right line, it is delivered in the following theorem. 
- For how can he who has not previoufly conftruéted triangles, and pro- 
` cured their origin, be learned in their effential accidents, and in the 
equality of angles and fides which they contain? How can he receive _ 
fides equal to fides, and right lines to other right lines, who has 

Vor. If. G | neither 
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neither problematically inveftigated thefe, nor fabricated tle inven- 
tion of equal right lines? For if he fhould fay it may happen before: 
they are fabricated, that if two triangles have tis for a /ymptom, they 
(hall likewife have this particular fymptom; would it not, in this: 
cafe, be eafy to object to bem, that we by no means know whether a. 
triangle can be conftrudied? And fhould it be afterwards inferred, 


that if there are two triangles, they may have two fides: equal to two: 


fides, may we not aÑo doubt this, whether it is poflible that right. 
lines may be mutually equal? And this. particularly in geometrical 
forms, in which inequality not entirely exiting, equality is likewile 
inherent. For we mutt learn that the cornicular is always unequal to. 
an acute angle, and the fame is true of the femiciccular angle, and the 
tranfition from the greater to the lefs does not entirely take place 
through that which is equal. The inflitutor of the elements, there- 
fore, firft of all removing thefe objeCtions, delivers alfo the conftruce- 
tion of triangles (for it is common to three. forms) and: the origin of 
equal right lines, in a two-fold order. For he produces the one, not 
yet exifting: but he acquires the other by an ablation from an un- 
equal line. But after thefe he very properly fubjoins the theorem, by. 
which it is fhewn how triangles having two fides equal to two, each. 


_to each, and the angles comprehended by the equal fides equal, have 


alfo the bafe equal to the bafe, the area equal to the area, and the re 
maining angles to the remaining angles. For there are three parti- 
culars exhibited in thefe triangles: but two data.. Hence, the equality 
of the two fides is given, or two equal fides (and it is manifeftly given. 
im proportion) and the equality of the angle contained by the equal: 


- fides: but three particulars are inveftigated, the equality of bafè to: 


bafe, of triangle to. triangle, and of the remaining angles. But becaufe- 
it is poffible that triangles may have two fides equa? to two, and yet 
the theorem not be true, becaufe the one is not equal to the other, but: 
both together, on this account he adds in. the data, that the fides are. 
equal not fimply, but one to the other.. For if one of the triangles 
fhould have one of its fides. of three units, but the other. of four; and: 
again, if the fides of the other triangle are refpectively two, and five 
units, the angle comprehended by thefe being right, the two fides of the 
one triangle, will, indeed, taken together, be equal to the two 

7 fides 
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fides of the other, or to feven units, yet the two triangles will 
not be equal. For the area of the one is fix units*, but of the 
other five. And the reafon of this is, becaufe the fides are notequal each. 
to each, Hence, many, not obferving this in the divifion of land, when 
they have received a greater, have thought juft the fame as if they had 
received an equal field; and this becaufe both the fides containing 
one field, have been together equal to both the fides containing the 
‘other field. It is requifite, therefore, to receive the one equal to the 
other, and to mark wherever the inftitutor of the elements fubjoins 
this, becaufe he does not add it without occafion. For difcourfing on 
the equality of equal angles, he adds the particle comprebended by equal 
fides, \eft by {peaking indeterminately we fhould affume fome one of 
the angles at the bafes. Befides, when in triangles no fide is previ- 
oufly named, we muft conceive the bafe to be the fide oppofite to our 
fight; but when two are previoully received, the remaining fide is ne- 
ceffarily the bafe. Hence, here too, the inftitutor of the elements 
having previoufly affumed two fides equal to two, calls the remainder 
the bafes of the triangles. Buta triangle is then faid to be equal to a 
triangle, when their areas are equal. For it is poffible, that though 
the ambits are equal, yet the areas may be unequal, on account of the 
inequality of angles. But I call the area, the {pace intercepted by the 
fides of the triangle: as alfo I denominate the ambit, the line com- 
pofed from the three triangular fides. Each, therefore, is different, 
and it is requifite, indeed, that befides the equality of the am- 
bits, according to each fide, the angles fhould alfo be equal, if alfo 
area ought to be equal to area. But it happens in certain triangles, 
that though the areas are equal, yet the ambits are wnequal ; and that 
the ambits being equal, the areas are unequal. For if there be two 
ifofceles triangles, each of whofe equal fides contains five units, but 
the bafe of the one is eight, and of the other fix units ; he who is ig- 
norant of geometry, will fay that the greater triangle is that whofe 
báfe contains dight units. For the whole ambit will be eighteen. But. 


® This is eafily proved from the menfuration of a triangular fpace, which it is well known is 
obtained by multiplying the bafe into half the altitude; aad this in the firi triangle wil bè 
equal to 3 multiplied by 2; and in the fecond, to 2 multiplied by 245 
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the geometrician will fay, that the area of each triangle contains twelve - 


= units, and this he will demonftrate, by drawing in each triangle a 
perpendicular from the vertex, and multiplying this with either part 
of the fegments of the bafe f. But it happens (as I have faid) that 
though the ambits are equal, the fpaces are unequal. Hence, cer- 
tain perfons formerly fraudulently deceived their partners in the di- 
vifion of fields, on account of the equality according to ambit, re- 
ceiving a larger field. But one bafe is faid to be equal to another, 
and one right line to another, when their extremes conjoined make 
the whole coincide with the whole. For every right line, indeed, 


agrees.with every right line ; but equal right lines mutually coincide: 


according to their extremes. Again, one right-lined angle is faid to 
be equal to another, when one of the comprehending fides of one 
angle being placed upon one of the other, the remaining fide alfo co- 


incides with the. remainder : but when one of the remaining fides falls. 


external to the other, the greater angle is that whofe fide falls ex- 
ternally ; and the lefs whofe fide falls. within. For there, indeed, the 
ene contains, but in this cafe it is contained. But we muft aflume the 
equality of angles according to the convenience of fides in right lines, 
and in alk of the fame fpecies, as in lunulars and fyftroides *, and 


+ The quantity of this perpendicular in each triangle may be eafily obtained from the 47th 
propofition of this book ; for in the firft triangle it will be three units; and in the fecond four. 
Hence, the area of each willbe 12 units; but the ambit ofthe one will be 18, and of the oe 
16 units, as is evident in ane figures: 





4 4 8 3 


* That is angles formed from the circumferences of circles- cutting or touching each other, 
when they are on both fides concave. 


figures 
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figures on both fides. convex ; becaufe, it is poflible that they may be 
equal, and-yet the fides not mutually coincide. For a right angle is 
equal to'a certain lunular angle, and. yet it is not poffible that right 
lines can coincide with circumferences. Befides, this alfo muft be 
previoufly under(tood, that the angles are faid to fubtend the oppofite. 
fides. For every triangular angle is contained by two fides of the 
triangle, but is fubtended by the remaining fide. Hence, the geo- 
metrician, when he fays that the angles are equal, adds, which are 
oppofite to the equal ft fides, left we fhould conceive it of no confequence 
whatever angle is received, and: fhould think that he denominated any 
ether two angles of the angliei equal, but we muft call thofe equal 
which fubtend equal fides For equal fides mutually fubtend equal. 
angles. And fuch are the confiderations neceffary to the declaration 
of the prefent theorem. 

But againft the objection of our adverfary * , this muft be seating 
affumed, that two right lines cannot comprehend. fpace. For this the - 
geometrician receives as evident. For if (fays he) the extremes of the 
bafes mutually coincide, the bafes alfo fhall coincide: but if not two: 
right lines, will comprehend fpace. From whence, therefore, isthe 
impoffibility of this derived? Let there then be two right lines com-. 
prehending {pace a c b, a db, and let them be infinitely produced.. 





f 


* Moft probably Zeno, the Epicurean, Then 
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. Then with the centre 4, and interval z 4, let a circle 2 e F be defcribed. | 


Becaufe, therefore, the line a ¢ $ f is a diameter, a c f is the half of 
the circumference. Again, becaufe the line æ d 4 e ie a diameter, z e, 
Kikewife, is one half of the circumference. Hence, a e, and a cf 
are equal to the circumference, which is impofhble. Two right lines 
therefore, cannot comprehend fpace; which the inftitutor of the ele- 
ments knowing faid, in the firft Petition, from every point, to every 
point, to draw a right line, becaufe one right line ts always capable of 
uniting two points, but this is impoflible for two right lines to effe&. 


Many circumferences, indeed, may conjoin two points, both in the | 


fame, and in contrary parts: for by this means the extremities of a 
. diameter conjoin two circumferences, but only one right line. But 
it is poffible that both within and withoat femicircles, infinite circum- 
ferences conjoining given points may be defcribed. And the reafon 
of this is, becaufe a right line is the leaft of lines, having the fame 
extremes. But there is every where one minimum, and this always 
becomes the meafure of the infinity of others. As therefore a right 
line, {ince it is one, becomes the meafure of the infinity of right-lined 
angles (for by this we difcover their quantity) fo likewife a right line 
procures us the greateft utility in the menfuration of fuch ag are non- 
reGtilineal. And thus much may fuffice concerning thefe. 

But that the whole demoaftration of the prefent theorem depends 
‘on common conceptions, rifing as it were {pontaneoufly, and emerg- 
ing from the evidence of hypothefes, is manifeft to every one. For 
“fince two fides are equal to two fides, each to each, they will mu- 
tually coincide. But fince the angles contained by the equal fides are 
equal, they alfo fhall mutually coincide. And when angle is placed 
on angle, and fides on fides, fo as to touch, in every part, the extre- 
mities of the fides beneath fhall alfo coincide. Fut if thefe, then 
bafe, fhall agree with Jefe. And if three with three, the whole tri- 
angle fhall accord with the whole triangle, and all fhall be equal tø 
all. Hence, therefore, equality confidered in things of the fame 
{pecies, appears tobe the caufe of the whole demonftration.- For here 
- are two axioms endued with a power of containing the whole method 
of the propofed theorem. One, indeed, affirming, that things which 

: mutual y 
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mutually coincide, are equal; and this is fimply true, requiring no li- 

mitation, and is employed by the inftitutor of the elements both in 

the bafe, and in the fpace, and in the other angles. For thefe, fays 
he, are equal, becaufe they mutually coincide. But the other afirm- 

ing that things which are equal mutually coincide. ‘This, however, is 
not true in all, but in thofe of a fimilar fpecies. But I call things 

fimilar in fpecies, fuch as a right line when compared with a right 
line, one circumference with another of the fame circle, and the 
angles comprehended by fimilar lines endued with a fimilar pofition.. 
But of thefe, I fay, that fuch as are equal, mutually coincide: fo that 
in fhort, the whole demonftration is of this kind. Thefe equals, 

therefore, are given, viz. two fides equal to two: fides, and the angles: 
which they comprehend, aad thefe accord among themfelves. But . 
if thefe mutually coincide, the bafe allo fhall agree with the bafe, and 
all coincide with alt. And if thefe accord, they are alfo equal. If 
then thefe are equal, it may at the fame time be fhewn that all are- 
equal to all. - And this appears to be the firt mode of knowing tri-. 
_ angles on alt fides. equal. And thus. much concerning the whole de- 


monitration. 
But Carpus, the mechanift, who, i: am aftrological. treatife, dif- 


courfes of problems and theorems, fays, “ that they muft not be pafi- 
ed over in filence, fince they opportunely prefent themfelves for in- 
veftigation ;” and laftly, entering om their diftinction, he obferves, 
‘¢that the problematical genus precedes theorems in:order. For in 
problems (fays he) the invention of fubjects is inveftigated prior to 
fymptoms. Likewife a problematical propodtion is fimple, and rea 
quires no artificial intelligence. For this commands us to.accomplith: 
fomething evident, as to confirud an equilateral triangle, or from two 
given unequal right lines, to cut off from the greater a part equal to the 
left. For what is therein thefe difficult and obfcure; But he affirms. 
that the propofition of a theorem is difficult, and. requires the. moft 
accuraie power, and a judgment productive of fclence, that it may 
appeai neither: to exceed, nor to be deficient from truth; fuck, indeed; 
as the prefent, which is the firft of theorems.. Add too, that.in prob- 
lems, there is one common way invented by refolution, by proceed- 

7 ing- 
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ing according to which, we can happily accomplith our purpofe. For 
after this manner the more eafy kind of problems are inveftigated. 
But the treatife of theorems is fo very difficult, that even to our time 
(fays he) no one has been able to deliver any common method of 
their invention. - Hence, on account of facility alfo, the problema- 
tical genus is more fimple. But thefe being diftingutfhed, it is on 
this account (fays he) that in the elementary inftitution problems pre- 
cede theorems, and from thefe-the inftitution of the elements begins ; 
and the. firft theorem is in order the fourth, not becaufe the fourth is 
exhibited from the preceding, but becaufe it is neceflary they fhould: 


. precede as being problems, and this a theorem, though it fhould re- 


quire none of the antecedent propofitions for its demonftration. For 
the prefent theorem entirely employs common conceptions ; and in a 
certain refpe& receives the fame triangle in a different pofition. Since 
coincidence, and its confequent equality poffefs a fenfible and manife 
apprehenfion. But fuch being the demonftration of the firft theorem, 
problems with great propriety precede, becaufe they are univerfally 
allotted.the primary place ” And perhaps, indeed, problems antecede 
theorems in order; and particularly among thofe who afcend to con- 
templation from the arts, which are converfant with fenfible particu- 
lars: but theorems excel problems in dignity of nature. And it ap- 
pears, that all geometry, fo far as it conjoins itfelf with a variety of 
arts, energizes problematically: but fo faras it coheres to the firk 
{cience, it proceeds theorematically from problems to theorems, from 
things fecondary to fuch as are firt, and from things which more re- 
gard the arts, to fuch as are endued with a greater power of pro- 
ducing fcience. It is; therefore, vain to accufeGeminus, for afhrming 
that theorems are prior to problems. For Carpus affigns a precedency 
to problems, according to order: but Geminus to theorems, according 
to a more perfe&t dignity. But of this fourth theorem, we have al-. 
ready obferved, that in a certain refpect it is indigent of the preceding 
problems, in which we learn the origin of triangles, and the invention. 
cf eguality. But we now add, that fince it is the moft fimple and. 
principle of theorems (for it is naturally, as 1 may fay, exhibited 
from primary conceptions alone), but demonftrates a certain fymptom 


appear- 
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appearing about triangles, having two fides equal to two, each to each, 
and the two angles equal contained by the equal fides, it is with great 
propriety placed the firft after problems, in which things fubje& to 
this fymptom, and the data themfelves are conftructed. 


PROPOSITION V. Tueorem II. 


The angles at the bafe of an ifofceles triangle are mu- 
tually equal; and the equal right lines being produced, 
the angles under the bafe fhall be mutually equal. 


Of theorems fome are fimple, but others compofite. I call thofe 
fimple, which, both according to hypothefes and conclufions, are in- 
divifible, poffeffing one datum, and one obje& of inveftigation. Thus 
for example, if the inftitutor of the elements had faid, every ifofteles 
triangle has the angles at the bafe equal, it would have been a fimple 
theorem. But theorems are compofite, which are compofed from 
many particulars, either having compofite hypothefes, or conclufions 
from a fimple hypothefis, or both. And of thefe, fome are complex, 
but others incomplex. The zncomplex are fuch compofites as cannot 
be divided into fimple theorems, as the fourth propofition. For in 
this, both the dztum is acompofite, and its confequent, yet it is im- 
poffible that the datum can be divided into things fimple, and become 
theorems. For if a triangle has its fides alone equal, or the angle at 
the vertex, the fame confequences will not enfue. But the complex 
are fuch as may be divided into things fimple, as the theorem which 
fays, triangles and parallelograms of the fame altitude, have the fame 
proportion as their bafes. For it is poflible to fay by divifion, that t7z- 
angles of the fame altitude, have the Jame proportion as their bafes, and 
in parallelograms after a fimilar manner. But of all compofites, fome 
are compofed according to the conclufion, being excited from the 
_ fame hypothefis : but others have their conclufion according to hypo- 
thefes, and infer the fame conclufion in all: and others, laftly, are 
compofed both according to the conclufion, and according to hypo- 
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thefes. Csmpofition, therefore, in the prefent cafe, is according to the 
conclufon, for there are three particulars concluded in this theorem, 
that the bafes are equal, that the triangles are equal, and that the re- 
maining angles, under the baf*, are equal to the remaining angles. But 
compofition, according to /ypsthefs, is found in the common theorem 
of triangles and parallelograms of the Jame altitude. And according to 
both, in the theorem that the diameters both of circles and ellip/es, bifeB ` 
as well the fpaces as the lines containing the fpaces. But of complex 
theorems, fome are univerfal: but others conclude that which is uni- 
verfal from particulars. For if we fhould fay that a diameter divides 
a circle, ellipfis, and parallelograms, we receive, indeed, every part of 
the complex, not univerfally, but we make that univerfal which is 
compofed from all. But if we fhould fay, that i» a circle, all lines paf- 
ing torough the centre, mutually b1f/:ét each other, and make equal angles 
of all the fegments, we fhould affirm a univerfal. For in an ellipfis 
all the angles of the fegments are not equal, but thofe only which are 
formed by the diameter. But thefe compofitions are entirely fabri- 
cated, for the fake of geometrical brevity and refolutions. For many 
things incompofite are not refolved, but compofites alone afford con- 
venience toa refolution tending to principles. : 
In confequence of thefe previous confiderations then, we muf call 
the fifth theorem a compofite, and acompofite, both with refpe& to 
the datum, and the object of inveffigation; and this the inftitutor of 
the elements exhibiting, divides this theorem, being one, and gives 
a feparate pofition to the data, and the things to be invefticated, for he 
fays that the angles at the bafe of an stfofceles triangle are equal; and 
again, that the equal fides being produced, the angles under the bafe 
are equal, For we muft not think that there are two theorems, but - 
one; and that this is a compofite, both according to the data, and 
thing fought : and that each of thefe compofites is perfect and true. 
Hence, converfion alfo is true ineach. For if the angles at the bafe 
are equal, the triangle is ifofceles: but if thofe under the bafe are 
equal, the equal right lines are produced, and the triangle is 
ifofceles 
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ifofceles. But the inftitutor of the elements coxverts the equality of 
the angles at the bafe; but not the equality of thofe- onder the bafe, 
though this is likewife true; the reafon of which we fhall fhortly ex- 
plain. But we fhall now, in the firft place, enquire on what account 
he demonftrates that the angles under the bafe are equal. For he 
never employs this in the conftrution or demonftration of other pro- 
blems or theorems. It may be doubted, therefore, why, fince it is 
ufelefs, it was requifite to infert it in the prefent theorem? To this 
we muft reply, that though it 1s never employed in the elements, yet 
it is moft ufeful for the deftruGtion of objections, and the {olution of 
oppofitions to theorems *. But it is artificial, and b-longs to fcience 

ta 


* Mr. Simpfon, in his note on the 7th propofition of this book, pofitively afferts, that it con- 
tains two cafes, though there is but one in the Greek text ; and ridicules Proclus for afferting 
that the fecond part of the pre‘ent propofition was added, in order to fulve objections which 
might be urged againft the feveath. But that Euc id never added any more than one cafe, is, 
I think, evident, not only from no fuch cafe being found in the Greck copies fo early as the 
age of Proclus ; but from his not converting it in the 6th propofition, Betides, it is employed - 
_ with advantage in the folution of objections againit the gti propofition, as the reader will per- 
ceive in its commentary ; and the objection there ftarted metits the appellation ofa cafe, as 
much 4s the'7th. But Mr Simpfon teems to have been igaoiant of Euclid's delign in thefe 
eleinents ;—the tradition of that only which is accommedated to an elementary inftitution. 
Hence, Euclid every where avoids a mul iplicity of c-fes ; and anticip:tes objections where he 
torefees they may be urged. Mr. Simpfon adds in fupport of his dogmatical affertion, “ that 
the: tranflation froin the Arabic has this cafe expli-ithy demonftrated.”” As ifan Arabic trantla- 
tion was of grea'er authority than the Greek text which Proclus confulred! And laftly, he 
concludes, with obferving, that ** whoever is curious, may read what Proclus fays of this in 
his commentary on the sth and 7th propofitions ; for it is not worth while to relate his trifies 
at full length.” IF an accurate knowlege of the nature, beauty, and tendency of a feience, 
or a collection of fcientific propofinicns, is trifling, Proclus, indeed, deferves this accufation ; 
a> I doubt not the liberal reader, i+, by this time, fully convinced. But Mr. Simpion was no 
philofoy-her; and therefore the greareft part of thefe Commentaries muf be confidered by him aa 
trifles, from the wantof a philofophic genius to comprehend their meaning, and a tahe fuperior 
tothat of a mere mathematician, to Aifcover their beauty and elegance., It is common, incecd, 
to hear gecmetricians of the prefent day exclaiming, W7at need if a comment on Eaciid ! I. he 
not perfpicuous to every oxe? I will readily admit that fuch gentle men know enoue’ of geomet-y 
for all mechanical and fenfible purpofes: but [ fear they are totally ignorant: fits eud; and 
have never dreant that when properly fludied it is the handmaid of true philoiophy, the puii- 
fier of the rational foul, ard the bridge by which we may pafs from the obfeurity and delufion 
of aim terial nature, to the fplendor ard reality of intellectual vifion. Ladd farther, thot I am 
greitly inclined to doubt, whether fuch ycomctriciaus ever confidered what kind of tubi itenge 
geometrical forms p: Mis? Wh ther they have any certainty, or are only imagina'y r Where 
thefe forms, if real, refide ? And a multi ude of other queftions which are di’cuffed in thefe Com- 
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to prepare folutions of things refifting its propofitions, and to provide 
fubfidies of anfwers; that not only true demonftrations may be fabri- 
cated from things previoufly demonftrated, but that from hence con- 
futations of error may be produced. And from this geometrical order, 
you will likewife receive, a rhetorical emolument. For he who can 
effect this in the difcourfes of rhetoric, who can forefee the oppofi- 
tions to his following heads, and previous to their delivery, can frft of 
all prepare folutions of them to others, he, indeed, will fabricate in a 
wonderful manner, a moft excellent mode of difputation. The infti- 
tutor of the elements, therefore, teaching us this in reality, previous 
to the theorems by which we folve oppofing objections, employing 
fuch as are now exhibited, at the fame time demonftrates, that the 
angles under the bafe of an ifofceles triangle, are equal, and thus pre- 
pares a. confutation of the falfehood fuch objetions contain. But 
. that from the prefent theorem we may folve the objections urged in 
the feventh and ninth propofitions, will be perfpicuous as we pro- 
ceed. Hence, it appears, why Euclid does not convert the latter 
part of this theorem in the fixth, becaufe it does not produce a prin- 
cipal utility, but confers to our advantage, accidentally, with refpect 
to the whole of fcience. 

But if any one fhould defire us without producing the equal right 
lines, to prove the angles at the bafe of an ifofceles triangle equal, 
(for it is not requifite to demonftrate the equality of thefe, by thofe 
under the bafe) by tranfpofing, in a manner, the conftruction, and 
fabricating thofe conftru€tions within, which are made without the 
ifofceles triangle, we may exhibit the thing propofed. Thus let 
mentaries. And laftly, what is moft material of all, if geometry be a fcience, what fcience | 
ittelfis? This laft queltion, indeed, they would doubtlefs confider fo trifing and eafy of folu- 
tion, that they would readily and confidently anfwer with young Theztetus in Plato, <‘ that 
fciences are fuch things as may be learned from Mathematicians, geometry, and the like; 
fhoe-making, and other mechanical arts; and that all, and each of them are no other than 
fciences. !” To which admirable definition we may juftly reply in the words of Socrates, ‘* Ge- 


neroufly and magnificently O my friends, when interrogated concerning one thing, have you 
given inftead of fomething fimple, things many and various.” 


abe 
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abc be an ifofceles triangle, and in the fide a 4, take any point 4, 
and from a c, take a e, equal toad, and draw the lines de, de, de. 
Becaufe, therefore, 24 is equal to ac, and a d to a e, and the angle 
a is common, ġe alfo fhall be equal to c d, and the remaining angles to 
the remaining angles. Hence, the angle a 4 e, is equal to the angle 
acd. Again, becaufe dé is equal to e c, and 6 e todc, and the 
angle d b e to ecd; hence, the bafe, fince it is common to both, is 
equal to itfelf, and all are equal to all. Theangle, ed 4, therefore, 
is equal to the angle dec: and the angle d e 4, is equal to the angle 
edc. Hence, fince the angle e d 4, is equal to the angle dec, from 

which the equal angles de 4, edc, are taken, the remaining angles 
bdc, ce éareequal. But the fides alfo dd, dc, are equal to the 
fides c e, e 6, each to each, and the bafe c is common. All, there- 
fore, are equal to all. Hence, the remaining angles alfo, fubtend- 
‘ing equal fides, are equal. The angle, therefore, 4.4 c, is equal to 
the angle ec 4. For the angle d bc, fubtends the line dc: but the 
angle ec b, the line ¢ 4. The angles, therefore, at the bafe of an 
ifofceles triangle, are equal, the equal right lines not being produced. 
But Pappus demontftrates this yet fhorter, without any addition in 
the following manner. Let a dc be an ifofceles triangle, having a 4, 
5 = eaual 
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equal to æ c. We muft conceive, therefore, this one triangle as if it 
a 


6 c 

was two, and reafon thus. Becaufe a b is equal to ac, anda cto ab, 
the two fides a4, ac, are equal to the two ac, a b, and the angle 
bac, is equal to the angle c.a ġ, (for it is the fame.) All, therefore, 
are equal to all. The bafe 4c, to the bafe c4. But the triangle 
a bc, tothe triangle a c b; and the angle adc, to the angle ac 4, 
and the angle a c 4, to the angle a bc. For they fubtend equal fides, 
i. e. ab, ac. Theangles, therefore, at the bafe of an ifofceles tri- 
angle, are equal. And it feems that Pappus invented this mode of 
demonftration, when he confidered that the inftitutor of the elements 
alfo, in the fourth theorem, when he had united two triangles, and 
had made them mutually coincide, thus forming one of two, by this 
means obferved their equality throughout. In like manner it is pof- 
fible, that we alfo, by an affumption contemplating two triangles in 
one, may demonftrate the equality of the angles at the bafe. Thanks, 
therefore are to be given to the ancient Thales for the invention of 
this theorem, as well as a multitude of others. For he, firft, is faid 
to have perceived and affirmed, that the angles at the bafe of every 
 ifofceles triangle are equal: and after the manner of the ancients, to 
have called them fimilar. But ftill more deferving of praife are thofe 
moderns, who have yet more univerfally demonflrated (among which 

‘number 


ot 
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number is Geminus) that equal right lines falling from one point, on 
a line of fimilar parts, form equal angles. For Geminus ufing this 
theorem, fhews, that there are only three lines, and not more of 
fimilar parts, the right, the circu/ur, and the cylindric belix; and 
this is properly univerfal, to whch this fymptom firft agrees, juft as 
the poffeffion of two fides greater than the third, is fhewn to be ef- 
fentially inherent in every. triangle. It is not, therefore, the property 
univerfally of every ifofceles, though it belongs to every one, to pof- 
fefs angles at the bafe equal : but of equal right lines falling on a line of 
fimilar parts. For to fubtend equal angles, is in thefe primarily inhe- 
rent. 


PROPOSITION VI. Tueorem III. 
If two angles of a triangle be equal to each other, the fides 
alfo which fubtend the equal angles, fhall be equal to — 
one another. i 


The prefent theorem exhibits thefe two properties of theorems, con- 
verfion, and a dec'uction to an impoffbility. For it is converted, in- 
deed, in the preceding theorem, but its certainty is evinced by a de- 
duĉ&tion to an impoffibility. It is requifite, therefore, to fpeak of: 
each, whatever belongs to the prefent treatife. One kind of conver- 
fion then, among geometricians, is denominated principally and. 
properly, when the conclufions and hypothefes alternately receive the- 
orems ; fo that the conclufion of the former becomes hypothefis in 
the latter; and hypothefis is inferred as the conclufion. As that the 
angles at the bafe of an tfofceles triangle are equal. For here the ifofceles 
triangle is the Aypothefs: but the conclufion, the equality of the angles. 
at the bafe. And that where the ungles at the bafe are equal, the triangles 
are tfofceles, which the prefent 6th theorem affirms. For here the equality 
of the angles at the bafe is the Aypothe/s ; but the conc/ufion, the equality 
of the fides fubtending the equal angles. But another kind of conver- 
fion, is alone according to a certain mutation of compofites. For if 
the theorem be compofite, beginning from many hypothefes, and. 
ending in one conclufion, by receiving the conclufion, and one or 


more of the hypothefes, we infer fome one of the other hypotheles 
- as 
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asaconclufion. And after this manner the eighth theorem is the: 


converfe of the fourth. For the one fays, that egual bafes fubtend 


equal fides and angles: but the other, that equal fides being placed on 
equal bafes, contain equal angles. Of which the predication concerning. 


` equal bafes in the latter propofition, is the conc/ufion of the former: 
but the predication concerning the pofition of egual fides, is one of the 
previoufly affumed hypothefes in the former theorem ; and the com- 
prebenfion of equal angles is another hypothefis which this fourth pro- 
pofition contains. In confequence therefore of thefe two converfions, 
the one which is called the principle, is uniform and determinate : 
but the other is various, advancing into a great number of theorems, 
and not converting in one, but in many, on account of the multitude 
of hypothefes, in compofite theorems. But oftentimes in that which 
begins from two hypothefes, there is one which is converted, when 
the hypothefes: are not all determinate, but fome of them indetermi- 
nate 

It is here, however, requifite to obferve, that many falfe and im- 


proper converfions take place. As that every fexangular tsa triangular 


number *, For the converfe is not alfo true, that every triangular nyme 
ber is fexangular. But the reafon of this is, becaufe the one is more 
common, but the other more particular. And one is alone predi- 
cated fotally Ț of the other. But things in which, ¢/at which 1s pri- 
mary, is inherent, and according to which it is seceived, in thefe, 
converfion alfo follows. And thefe obfervations, indeed, were not 
unknown to thofe mathematicians, the familiars of Menachmus, 
and Amphinomus. But of theorems receiving converfion, fume are 
ufually called precedents, but others converfe. For when fuppofing a 
certain genus, they demonftrate fome fymptom of its nature, they call 
this a precedent theorem. But when on the contrary, they make 
the hypothefis afymptom, and the conclufion a genus, they deno- 
minate the theorem to which this happens cymver/e. As for inftance, 


+ Triangular numbers, are 1, 3, 6, 10, &c.; and fexangular numbers 1, 6, 15, 28, &c. 
But concerning their formation, fec note to page 95, Vol, I. of this work; by means of which, 
the truth of this affertion wiil be evident. 


+ Concerning the meaning of total predication, fee page 45 of the Differtation, Vol. I. of this 


work. 
the 
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‘the theorem which fays, every ifofteles triangle bas the angles at the 
bafe equal, is a precedent. For that is fubjoined which precedes by 
‘nature. I mean the genus itfelf, or the ifofceles triangle. But that 
‘which fays, every triangle poffefing two equal angles, bas likewife the 
fides fubtending thofe equal angles equal, and is ifofceles, is  converfe 
“theorem. For it changes the fubjet, and its paflion, fuppofing the 
latter, and from this exhibiting the former. And thus much con- 
cerning geometrical converfions. 
But deduétions to an impoffibility, entirely end in an evident im- 
poflible, the contrary of which is confeffed by all. It happens, how- 
ever, that fome of them end in fuch things as are oppofed to Axioms, 
or Petitions, or Hypothefes ; but others in things contradi@ing prior 
demonftrations. For the prefent fixth theorem fhews that which hap- 
pens to be impoflible, becaufe it dgftroys the common conception, af- 
firming that the whole is greater than its part. But the eighth the- 
orem falls, indeed, on an impoflible, yet not on that endued with a 
. power of deftroying a common conception, but that exhibited by the 
feventh theorem. For what the feventh denies, this affirming exhi- 
bits to fuch as do not admit the obje@ of inveftigation. But every 
deduction to an impoffibility, which being received, oppofes the thing 
fought, and on this hypothefis advances, until it falls upon the ex- 
plored abfurdity, and by this means deftroys the hypothefis, corobo- 
rates that which was inveftigated from the firt. But it is requifite to 
know, that all mathematical proofs are either from principles, or to. 
principles, as Porphyry in a certain place affirms. And the proofs 
Jrom principles, are two-fold. For they either emanate from com- 
mon conceptions, and things felf-evident: or from things previoully 
‘exhibited. But proofs fo principles are endued with a power of either 
eftablifbing or deftroying principles. And thofe, endued with a power 
‘of effablifbing principles, are called refolutions; and to thefe compo- 
fitions are oppofed. For it is poffible that we may proceed in an or- 
derly method from thofe principles to the obje& of inveftigation ; 
and this is nothing elfe than compofition. But thofe poTefling a power 
“of dvfiroying principles, are called deductions to an se For it 
Vou. il. d 18 
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is the bufinefs of this mode to deftroy fome of the conceffions, and ob- 
jects of inveftigation. And in this, alfo, there is a certain ratiocina~ 
tion, though not the fame as in refolution. For in deductions to an 
impoflibility, complexion is according to the fecond mode of hypothe- 
tical reafonings. As if zm triangles poffefing equal angles, the fides Jub- 
tending the equal angles are unequal; and the whole ts equal to its part : 
but this is impoffible. Jn triangles, therefore, poffefing two equal 
angles, the fides fubtending the equal angles are equal. And thus much 
concerning what is called by geometricians, deduction to an impof- 
. fibility. a 

But the inftitutor of the elements ufes converfion in the prefent pro- 
_ pofition, for he receives the conclufion of the fifth as a datum, and 
adds its hypothefis as an object of enquiry : but he employs dedution 
to an impofj:bility, in the conftruction and demonftration. But if any 
fhould rife up, and affert that it is not neceffary by taking a part from 
ac equal to a b, to make the ablation at the point c, but at the point 
` a, upon this hypothefis, we fhall fall into the fame impoffibility. For 
let a 5 be equal toa d, and having produced 4a, let ae be placed 
equal to dc, ` The whole ġe, therefore, is equal to the whole ac. 


e 


wa 





c 
Let ec be es Becaufe, therefore, a c is equal to ġ e, but 
$c is 
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bc is common, the two are equal to the two, and the angle at the 
point 4, is equal to the angle ac 4. For fo it was eftablifhed in the 
hypothefis. All, therefore, are equal to all, by the fourth theorem. 
Hence, the triangle e dc, is equal to the triangle a 4c, the whole to 
the part, whichis impoffible. But becaufe this alfo is manifeft, it re- 
mains that we exhibit the reft of the .converfion. For the inftitutor 
of the Elements converts the whole fixth theorem from a part of the 
fifth. But it is requifite to adjoin the remaining converfion. This, 
then, he receives as an hypothefis, that the angles at the bafe of acer- 
tain triangl: are equal: but he fhews that the triangle is s/ofceles. Let 
a cb, therefore, be a triangle, and let a b, ac, be produced to the 


a 





d l e 
points d g, and let the angles under the bafe be equal. I fay that 
the triangle æ b c, is-ifofceles. - For let there be aflumed in the line 
a d, the point e, and let 4 e be taken equal to c f; and connec the 
lines e c, Of, ef. | Becaufe, therefore 4 e is equal toc f, but 4c is 
common, the two will be equal to thetwo. And the angle e dc, is 

I2 ` equal 
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equal to the angle fc 4; for they are under the bafe. All, therefore, 
are equal to all, by the fourth theorem. Hence the bafe e c, is equal 
to the bafe f4, and the angle 4 ec, to the angle c fô; and the angle 
c.b f, tothe angle $c e: for they fubtend equal fides. But the whole- 
angle e b c, was equal to the whole fc 4, of which the angle fbc, 
is equal to the angle e c 5. -The remainder, therefore, e 4 f, is equat 
tothe remainder fc e. But 4 e is equal to ¢ f, and 4f to ce, and 
they contain equal angles. All, therefore, are equal to all; Hence, 
alfo, the angle b e f, is equal to the angle c fe. Wherefore, the fide 
a e, is equal tothe fide a f (for it is fhewn by the fixth) of which 4 e, 
isequal to cf. The remainder, therefore, a4, is equal to the re-- 
mainder a c. And hence, thetriangle a b c, is ifofceles. Itis, there- 
` fore, as well ifofceles, if it poflefles angles at the bafe equal: as if the - 
fides being produced it has the angles under the bafe equal. Why. 
then did not the inftitutor of the Elements convert the remaining part? - 
Shall we fay it was becaufe the equality of the angles under the bafe 
in the fifth theorem, was exhibited for the fake of folving other 
doubts. But that proving the triangle to be ifofceles, from the equas 
lity.of the angles under the bafe, neither confers to a principal de- 
monftration, nor to the folution of things inveftigated, the truth of 
which is confirmed in the following theorems, and that from the equa- 
lity of the angles under the bafe, he is enabled to demonftrate that 
the triangle is ifofceles? For if every right line, ftanding upon a right 
line, and forming two angles, makes them equal to two right ; when 
the angles under the bafe are equal, thofe upon the bafe will. be equal.’ 
And thefe being equal, the fides fubtending them fhall be equal. Eu~. 
clid, therefore, having ufed this in the whole elementary inftitution, 
-was enabled to conclude, that when the angles under the bafe are 
equal, the triangle is ifofceles. Indeed he requires this alfo, for the 
demonftration of certain theorems: For fhortly a theorem will appear, 
evincing, that if a right line ftanding on a right line, forms angles, 
it will either make two right, or angles equal to two right. And 
the theorems, indeed, preceding this, require no fuch converfion ; 


but thofe which follow, are indigent of this, and eftablith their. cre- 
dibility from the prefent theorem. PRO. 
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*Upon. the fame right line, two right lines cannot be: 
conftituted equal to two other right lines each to each, 
drawn to different points, to the fame parts, and hav-- 
ing the fame extremes with the two right lines firft 


eo 


drawn. 


The prefent theorem poffeffes a rare property, which is not fre~ 
quently found in propofitions producing fcience. For to be formed: 
by negation, and not by affirmation, is not their fufficiently diflin- 
guifhing property Indeed, the propofitions,- as wéll of geometrical . 
as of arithmetical theorems; are-for the moft part affirmations. But 
the reafons of this is, (as. Ariftotle fays) becaufe, an affirmative uni- 
verfal, efpectally agrees with fciences, as more proper, and not in- 
digent. of negation: but a univerfal negative requires affirmation, in 
order to produce evidence ; for from negatives alone, there is neither - 
demonftration nor-reafoning. Hence, demonftrative fciences exhibit 
a:multitude of affirmations, but rarely employ negative conclufions. . 
However, the propofition of this theorem is full’ of admirable: dili- 
gence, and.is bound with every addition, by which it is rendered ‘fo : 
certain and indubitable, that it cannot be confuted and overturned by . 
the efforts of oppofing calumniators.. For in the firft place, the par- 


* Mr. Simfon in his note to this propofition obferves, that he thought proper to change its 
enunciation, fo as to preferve the fame meaning; ‘* becaufe (fays he) the literal tranflation 
from the Greek, is extremely harfh, and difficult to be underftood by beginners.”. Whatever 
difficulty learners may find in conceiving this propofition abftractedly, is ealily removed by its - 
expofition in thé figure.; and therefore, I conceive, that Mr. Simfon acted very injudicioufly : 
in alrering its enunciation. Befides, the following comment of Proclus fhews, that there is 
"great beauty in Euclid’s ftatement of this propofition ; the greateft part of which is loft in - 
Mr. Simfon’s indifcreet alteration. It would appear ftrange that tuch liberties fhould be taken — 
by one, who profeffes in his preface, to remove blemifbes, and refore the principal books of the Ele- - 
ments to their original accuracy, if Mr. Simfon had not informed us in his note, that the pre- - 
fent Commentary of Proclus unfolding the beauty end accuracy of this propofition, is too .— 
trifling to merit a relation! See more concerning this propofition in the note to Prop. 5... 


3. : | ticle: : 
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ticle upon the fame right line, is afflumed, left we fhould exhibit upon 
another, two right lines equal each to each, and employ the propo- 
fition for the purpofe of circumvention. In the fecond place, he does 
not fay upon what right line, to conftitute two right lines fimply equal 
to two (for this is poffible) but each to each. For what wonderful 
thing is it, that he fhould take both equal to both, who extends one 
of the conftituted lines, and contracts the other? But each to each, 
(fays he) is impoffible. In the third place, he adds the particle, zo 
different points. For what, if fome one, when he has formed two 
lines equal tothe firft two, each to each, fhould conned thefe with 
thofe in the fame point, which joins the fubje& right lines in the ver- 
tex; and fhould conftitute thele ?. For the extremes of equal right 
lines perfetly coincide. In the fourth place, he adds the particle fo 
the fame parts f. For what if one fubje&t right line being given, we 
_ Should place two of the,right lines on one fide, andthe other two on 
the oppofite fide, fo that this common right line fhould be the bafis of 
the two triangles with oppofite vertexes? Left, therefore, we fhould 
form an erroneous figure, and charge our deception on the inftitutor 
of the Elements, he adds the particle ¢o the Jame parts. In the fifth 
place, he fubjoins, having the fame extremes with the two right lines 
frf drawn, For it is poffible to conftitute upon the fame, right line, 
two right lines equal to two, each to each, drawn to different points, and 
to the fame parts, by employing the whole right line, and conftru@- 
ing upon it, thefe two right lines; but then the lines laft drawn, 
will not have the fame extremes with thofe conftituted at firft. For 
if we conceive in a quadrangle two diagonals drawn on one of its 
fides, two lines fhall be equal to two; a fide and diameter to its para- 
lel fide, and the other diameter. But in this cafe the equal right 
lines will not have the fame extremes. For neither the parallel fides, 
nor the diameters, will mutually poffefs the fame extremes; and yet 
they will be equal. ‘Thefe diftin@ions, therefore, being preferved, 
the truth of the propofition, and the certainty of the reafoning, is 
evinced. i 

- + See the Comment of Clavius on this propofition. | 


But 


Sii os ae = apata 
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But perhaps, fome, notwithftanding all thefe terms producing fci- 
ence, will dare to obje&, that thefe hypothefes being admitted, it is 
pofible to effe& what the geometrician affirms to be impoffible. For 





let there be a right line a4, and upon this two lines a d, d 4, equal to 
two ac,c 4, and let the former be external to the latter, being drawn 
to different points dc, and terminated in the fame extremes a and å. 
Let ac too, be equal to a d: but dc tob d. This objeGion, then, we 
fhall confute, by connecting the line dc, and producing the lines a c, 
and æ d, to the points e f. For thefe being conftrudted, it is manifeft 
that the triangle a c d is ifofceles, ad, being equal to 2c, from hypo- 
thefis; and the angles under the bafe e c d, fdc are equal. The 
angle fd c, therefore, is greater than the angle dc. Much more 
then is the angle 4 cd greater than the angle dc. But again, be- 
-caufe the line d 4, is equal to the line 4 c, the angles alfo at the bafe 
` are equal, i.e. the angle dc d, tothe angled dc. The fame angle, 
therefore, is both greater and equal, which is impoffible. And this 


5 is 


“64 ‘COMMENTARIES OF PROCLUS. 


is what we faid in our expofition of the fifth theorem, that though the 
equality of the angles under the bafe, was not ufeful to the demon- 
{trations of the following theorems, yet it procured the greateft utility 
in the folution of objeGtions. For in the prefent inftance we have con- 
‘futed the objection, by inferring that, becaufe a c, and g d, are equal, 
the angles e c d, and fdc, are alfo equal. In a fimilar manner in 
other theorems, it will appear to be peculiarly ufeful for the folution 
-of doubts*. - | 
But if any one fhould fay that there may be conflituted upon the 
-right line 24, right.lines 5d, bc, equal to the right lines ae, a d, 
Of which å ¢ may be equal to ac, but d¢to ad; and that in this cafe 
.they will be drawn to different points æ and 4, to the fame parts, and 
-will have the fame extremes with ac, and a d, viz, c, and d, what 
{hall we reply to this affertion? Shall we fay that it is requifite to 
conftitute the firfl lines, upon the right line a 4, and their equals upon 
ithe fame right line? For this is what the inftitutor of the Elements 
affirms in the propofition. But here, ac, and a d, are. not confi- 
„tuted upon the right line a 4, but only on one of its points. Hence, 
‘the lines ac, c b, and ad, d b, which ftand on the right line a 4, are 
-different from the right lines, which were placed in the beginning, 
and to which they ought to be conftituted equal. Though at the 
fame time it is neceflary that the right lines conftituted upon a 4, | 
‘fhould be equal to thofe conftituted upon a b. And thus much may 
fuffice for objeGtions againft the prefent queftien. But that the pre- 
-fent theorem is exhibited by the inftitutor of the elements, by a de- 
:duction to an impoffibility, and that this impoffible oppofes the com- 
mon conception, affirming that the whole is greater than its part; and 
that the fame thing cannot be both greater and equal, is fufficiently ma- 
onifeft. But this theorem feems to have been afflumed for the fake 
sof the eighth theorem. For it confers to -its demonftration, and is 
neither fimply.an-element, nor elementary: fince it does not extend 
“lite utility .to a multitude. And: hence, we find it very rarely em- | 
ployed by the geometrician. , 
» And from hence, alfo appears the emptincfs and arrogance.of Mr. Simfon’s note to this 
propofition, which we have already exploded. 
PROPO- 


A 
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PROPOSITON VIII. Tuorem V. 


If two triangles have two fides equal to two, each to each, 
and have the bafe equal to the bafe: then the angles 
contained by the equal right lines, fhall be equal to 
each other. | 


This eighth theorem is the converfe of the fourth: but it is not 
affumed according to a principal converfion. .For it does not make 
the whole of its hypothefis a conclufion; and the whole conclufion 
an hypothefis. But connecting together fone part of the hypothefis 
of the fourth theorem, and fome part of the objects of enquiry, it ex- 
hibits one of the data which it contains. For the equality of two 
fides totwo, is in each an hypothefis ; but the equality of bafe to bafe, 
is, in the fourth, an objeét of inveftigation, but in the prefent a da- 
tum ; and the equality of angle to angle, is, in the former, a datum, 
but in the latter, an obje& of enquiry. Hence, a change alone of 
data, and objects of inveftigation, produces converfion. But if any 
one defires to learn the caufe why this theorem is placed in the order 
of the. eighth propofition, and not immediately after the fourth, as 
its converfe, in the fame manner as the fixth after the fifth, of which 
it is the converfe, fince many converted propofitions follow their pre- 
cedents, and are exhibited after them without any intervening medi- | 
um, to this we muft reply, thatthe eighth, indeed, is indigent of the 
feventh propofition. For its truth is evinced by a deduion to an im- 
 poffibility, -but the nature of an impoffible becomes known from the 
feventh. And, “this again, in its demonftration, is indigent of the 
fifth. Hence, the feventh and fifth theorems were neceffarily affumed, 
previous to the prefent. But becaufe the conver/e to the fifth obtained 
a demonftration eafy, and from things-fir/i, it was very properly placed 
after the fifth, on account of its alliance with that theorem ; and be- 

‘Vor. il. “= K ' ` caufe* 


an 
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caufe, fince it is fhewn by a dedu@tion to an impoffibility, it confutes 
that which is impoffible from common conceptions, and not as the 
eighth from another theorem. For things oppofing common concep- 
- tions, are more evident for the purpofe of comfutation than fuch as 
contradict theorems: fince thefe are aflumed by demonftration, but 
the knowlege of axioms is better than demonftration. But the infti- 
‘tutor of the elements exhibits what is now propofed from the previ- 
oufly demonitrated feventh theorem. | 
But the familtars of Philo affert, that they can demonftrate this 
theorem, without being indigent of any other. For let there be com- 
ceived (fay they) two. triangles, a 4c, def, having two fides equal. 


d 





! € 
to twa, and the bafe 4 ¢ equal to the bafe e J. Likewife let the bafes: 
coincide: 
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coincide with each other; and let the two triangles a4 c, de f, be fo. 
placed inthe fame plane, that their vertices may be oppofite, and fo 
that e fg may be the equal fubftitute of a bc. And let e g be equal 
to de, but fg tod f. . Hence, fg will either be placed in a right line 
with d f, or not ina right line. And if not in a right line, it wilt 
either make with it an angle according to the internal part, or ac- 
cording to the external. Let it firft be placed in a right line. Be- 
caufe, therefore, d.e.is equal to eg, and dfg is one line, the tri- 
angle de g, is ifofceles, and the angle at the point d, is equal to the 
angle at the point g. But if it does not lie in a right line, it will- 
make an angle inward; and in this cafe let dg be connected. 


d 





| & 
caufe, therefore e d, eg, are equal, and the bafe is dg, the angle, 


e dg allo, is equa) to the angle e g d. ° Again, becaufe d f is equal to 
. K 2 | f [A 
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fg. and the bafe is d g, the angle, alfo, fdg, is equal to the angle 
fga But the angle e d g was alfo equal to the angle e g d. Hence, 
the whole e df, is equal to the whole fg e, which was required to be 
demonftrated, But in the third place, let fg make an angle with d f; 
externally, and let the right line dg be connected. Becayfe, there- 


d 





& 


fore de, eg, are equal, and the bafe is dg, tħeanglese dg, dge, 
are equal. Again, becayfe df, fg, are equal, and the bafe is d g, 

the angle fdg, is equal,to the angle fg d. But the whole angles 

edg, dge, were mutually equal. Hence, the remaining angles ed f, 

SE % Will be equal to each other. And thus the thing propofed is 
invented according to any pofition of the right line fg, and we may 

@emonitrate the theorem, without employing the feventh propofition. 

oP i ae me 
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Is, then (fay they), the feventh propofition introduced in vain by 
the inftitutor of the elements? For if we only allume it on account 
of the eighth, but the eighth may be exhibited without it, does not 
the feventh appear entirely ufelefs ? To thefe enquiries we muft reply 
in the words of our predeceflors, that the feventh theorem, being de- 
monftrated, is of the greateft utility to fuch as are (killed in afrono- 
mical concerns, when they difcourfe concerning the eclipfes of the 
fun and moon. For, employing this theorem, they fhew that three 
confequent eclipfes, diftant from each other by an equal fpace, can- . 
not fubfift. I fay, in fuch a manner, that the fecond may be diftant 
from the firft by as great a {pace of time as the third from the fe- 
cond. For example, if the fecond is produced after the firft, when 
fix months and twenty days are elapfed ; the third, will by no means 
be produced after the fecond, by the fame, but by either a greater or 
lefs interval of time. But that this is the cafe may be demonftrated 
by the feventh theorem. And the inftitutor of the elements has not 
' only exhibited the prefent as conferring to aftronomy, but a multitude 
of other theorems and problems. For to what other end thall we fay 
that. the laft problem of the fourth book was propofed, by which we 
arè taught how to.infcribe the fide of a figure of fifteen angles in a 
circle, than for its relation to aftronomy? For thofe who defcribe in . 
a. circle a quindecangle pafling through the poles, will, by this 
means, obtaia the. diftance of the poles of the equator from the poles | 
of the zodiac. -Since they are diftant from each other by the fide of a 
quindecangle. The inftitutor of the elements, therefore, appears by 
separding aftronomy, to have previoufly exhibited many things pre- 
parative to our advancement in that fcience. But when, at the fame 
time, he faw that this feventh theorem is exhibited from the fifth, 
and proves the eighth without any variety, he ‘affigned it the prefent 
place. The addition of Philo is, indeed; beautiful, but is not fuf- 
ficiently adapted by. its variety of cafes to an elementary inflitution. 
And thus much in reply to the prefent queftion. 


. 
. 


Bus. 
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But if any one fhould doubt why he docs not add fo much in the 
eighth as in the fourth theorem, I mean, ¢that the triangles and the 


_ -~ remaining angles are egial; we muli fay, that becaufe the equality of 


the vertical angle is demonftrated, it follows, that all are equal to all, 
by the fourth theorem. It was therefore alone neceflary to demon- 


{irate this by itfelf, but to affume all the reftas confequents. But it 


feems that the equality of the vertical angles caufes the equality of the 
bafes, and of the fides comprehending thofe angles. For when the 
bafes are unequal, the faine angles will not remain, though the con- 
taining equal fides are fuppefed, but while the bafe becomes lefs, the 
angle is at the fame time diminifhed, and while that increafes, the 
angle alfo receives a correfpondent increafe. Nor while the fame 
bafes remain, but the fides become unequal, will the angle remain ; 
but while they are diminifhed, it will be increafed; and while they 
are increafed, it will be diminifhed : for angles, and their containing 
fides, fuffer a contrary paflion. Thus, if upon the fame bafe, you 
conceive the fides defcending to the lower part, you will diminith the 
fides, but increafe the angle which they comprehend, and enlarge 
their diftance from each other. But if you conceive the fides to be 
elevated, and to receive an addition as they rife, you will diminith 
the angle which they contain: for they will coincide the longer, 
when their vertex is more remote from the bale. We may therefore 
certainly affirm that the identity of the batis and equality of the 
fides, ina triangle, determine the equality of its angle. 


. PROPOSITION IX. PRroBLEM IV. 
To bife& a given rectilineal angle. 


Our author mingles theorems with problems, and conne&s problems 
with theorems, and through both completes the whole of his ele- 
mentary inftitution, comparing as well fubjeCts as the /ymptoms fub- 
fifting about fubjects themfelves. Since, therefore, he had fhewn 
in the preceding propofitions, both in one triangle, from the equa- 

TE lity 
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ity of the fides, the confequent equality of the angles, and the con- 
trary: and ina fimilar manner in two triangles, with this exception, 
that the mode of converfion in one and two triangles is different, he 
now paffes to problems, and orders us to bife&t a reétilineal angle. 
And it is manifeft, that the angle here is given according to form: 
-for it ts called mght-lined, and not of any kind whatever. Indeed, 
we cannot bifect every angle by the. elementary inflitution ; fince it 
is doubtful whether every triangle can be bifeéted. For, perhaps, 
you may doubt whether it is poffible to bife@ acornicular angle. But 
the ratio of the fection is alfo diftinguifhed in this problem, and this 
again notin vain. For to divide an angle in any given ratio, tranf- 
cends the prefent confiruGiion: as, for example, into three, four, or 
five equal parts. Indeed, to trifecta right angle is poffible, by em- 
ploying a few of the propofitions which are: afterwards delivered * : 


* This too miy be eafily effected by means of the firft problem,.and the prefent. Thus let a dc. 
Bea right angle, which it is required to trifeQ'; then, upon the fide a by.deferibe an equilateral. 


a 





6. 

tiange o d &, and'bifect the angle d c, aud thc angles a &d,. dÈ e.e Bo, Ma'tpoequak,. For 

- theangled 3c, is one third of two right angles, or two thirds of one right, and confequently 

the angle db a, is one third of a right angle ;. and this. is equal to d dc, the balf of ddce- 

_ Pherefore thry are all-equal.. 
| but; 


* 
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_but this cannot be effected in an acute angle, without pafling on to 
other lines of a mixt fpecies.-- And this is manifeited by the geo- 


t The method of dividing an angle in any given ratio, by means of a right line and circle ` 


h 





& 


vifion of a right arigle in any given ratio, as is evident ; and if the given angle be obtufe, the 
problem may be folved by a two-fold operation, that is, by bifeting the obtufe angle, and di- 
viding either of the equal fections in the given ratio ; for when this is effected, the whole angle 


may be eafily divided in the fame propo 
gained cqual to a given arch of a circle, 


I 





only, fcems to have been extirely unknown to 
the ancients, as well as to the moderns. How- 
ever, the author of this tranflation prefumes he 
has difcovered the means of folving this ardue 
ous problem ; and chat fuch as admit the truth 
of his demonftration refpecting the quadrature 
of the circle in page 56 of his Differtation, 
vol. I. of this work, muft neceffarily fub{cribe 
to the following method of dividing an angle in 
any required proportion. Let there be an acute 
angle given g a k, which it is required to divide 
in the ratio ot the right linea c to cge Bifect 
acin J, and fromthe centrea, with the radius 
a b, defcribe the arch ġe, and with a radius 
equal to ac, defcribe an arch touching å e, in 
the point $ Likewife with a radius double to 
ac, deicribe another tangent arı h at the point 
Š, and with a radius equal toag, a tangent 
arch at the fame point, according to the figure; 
and laftly, lec the arches cd, gk, from the 
eentre a be drawn. Then ! of the arh. de, 
fhall be equal 'o 3 of c d, and to ¢ of the arch 
fimilarly placed, defcribed with a radius the 
double of a c, as is well known. Bifeét then 
Bein f, and makeeach of its two next tangent 
arches at 4, equal to 5 f, which is eafily done, 
from what has been already obferved ; and 
through the points of equality defcribe a circle, 
this (by the theorem in page (6, of our Dif- 
fertation), hall cut off fome part of the tangent 
arch defcribed with the radius æ g, equal to 3 f, 
or the fourth part of c de Hence, a part in 
the arch gk, may be eafily taken equal to ¢ d, 
which let be p 4, and drawing the right line «2, 
the angle ga/, Mhail be to Jak, asec tac g, 
which was required to be done. 


The fame conftrution will ferve for the di: 


ition. Hence, too, a right line may be fpeedily ob- 


metricians, 
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metricians who propofe to trifect a given reCtilineal angle. For Nicho- 
medes, indeed, from conchoidal lines, the origin, order, and fymp- 
toms of which, he delivers, as he was the inventor of their properties, 
trifects every right-lined angle. But others effect this from the qua- 
drantal lines of Hippias and Nichomedes, by employing mixt qua- 
drantal lines. Others, again, being incited from the Helices of 4r- 
chimedes, divide a given reQilineal angle, in a given ratio. But the 
confideration of thefe, becaufe difficult to learners, we fhall for the 
prefent omit; as it will, perhaps, be more convenient to examine 
this in the third book *, where the inftitutor of the Elements bifedts a 
given circumference. For there the fame mode of enquiry prefents 
itfelf with refpect not only to bifeQion, but alfo trifection; and the 
ancients endeavoured, by employing the fame lines, to divide every 
circumference into three equal parts. With great propriety, there- 
fore, he who only mentions a right line and a circumference, alone 
bife&ts a right angle and a circumference. But conceiving that the 
fpecies compofed from thefe, through mixture, are difficult to explain 
and enumerate, without a curious examination, he omits all fuch en- 
quiries as'involve mixt lines in their confideration, and propoles to 
inveftigate in firft and fimple forms alone, fuch things as can either 
be produced or confidered from thefe. And fich, indeed, is the pro- 
fition of the prefent problem, zo 4i/cé& a given right lined angle. For 
in the conftruction of this he ufes one petition, and the.firft and third 
problem : but in the demonftration he employs the eighth theorem 
alone. Since probiems entirely require demonftration (as we have al- 
ready obferved f) and throiigh this they obtain a power of producing 
fcience. But perhaps, fome may oppofe the geometrician, by affert- 
ing that an equilateral triangle may be conftituted by him, not having 
its vertex within the two right lines, but either upon, or external to 
each; and that this may be manifefted by the elements. For let there 


e Inthe 3cth Prope + See Chap. 8. Book 2d. 
Vou, II. 7 L i be 
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be an angle 4 ac, which it is required to bife&. Then let 4 a be 
taken equal to æ c, and let éc be conneéted, and upon it, let aa 


7 A 





equilateral triangle 4 c d be conftructed. This point d, therefore, is 
either within the right lines a 6, a c, or upon a 4, or a c, or external 
to both. Now the inftitutor of the Elements affumes them within ; 
and hence, thofe who oppofe the demonftration, will fay the point is 
either placed on one of the right lines, or external to both. Let the 
point d then be placed on the line a 4, fo that the triangle 6 ¢d may 
be equilateral: d 4, therefore, is equal to dc, and the angles at the 
bafe cbd, bcd, are equal. Hence, the whole, $c e, is greater 
than the angle c 4d. Again, becaufe 2d, ca, are equal, the tri- 
angle a 4c, is ifofceles, and the angles under the bafe dc, will be 
equal, The angle, therefore, Sce, is equal tothe anglec 4d. But 
it was alfo greater, which is impoffible. Hence, the vertex of the 
equilateral triangle cannot bein the right line a4d. In like manner 
we may fhew that it cannot be in the right line ace. Let it therefore, 
if pofible be placed externally. Becaufe, then 4d is equal toc d, 
the angles at the bafe are equal, viz. cd, andc bd. Hence, the 

2 angle, 
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angle 4c d, is greater than the anglec bf. Much more, therefore, 
is the angle 4c e, greater than ¢ f: but it is alfo equal, becaufe 
thefe angles are under the bafe dc, of an ifofceles triangle a 4c, and 
this is impoffible. Hence, the point cannot fall in thefe parts exter- 
nal to the two right lines; and it may be fimilarly fhewn that this is 
impoffible in other parts. Here too you may again obferve, that we 
deftroy objections by ufing the fecond part of the fifth propofition, 
that the angles under the bafe of an ifofceles triangle are equal. And 
this is what we have previoufly obferved, that many things oppofing. 
{cience, are fhewn to be debile, and ealy of confutation, by the af- 
fiftance of this theorem; and that fuch is the utility it affords to geo- 
metry. 

But if any one fhould fay that there is no place under the bafe, 
and yet that it is requifite to conftitute the equilateral triangle at the 
fame parts, in which the lines 5a, a c, are fituated; it will be necef- 
{ary that the lines which are conftituted fhould either coincide with 4 a, 
ac, if they alfo are equal to the bafe c: or that they fhould fall ex- 
ternal to them, if they are lefs than the bafe 4c: or within, if 4 a, 
ac, are greater than $ c. Let them, in the firft place, coincide, and 
let 6 a ¢ be an equilateral triangle, and let there be taken in the fide 





ab, the oo d, and make ae in the fide ac, equal to a d, and con- 
L 2 nect 
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nect the lines de, be, cd, af. Becaufe, therefore, a b is equal to 
ac, andadtoae, the two ba, ae, are equal tothe two c a, ad, 
and they comprehend the fame angle. _ Hence, they are all equal to 
all, and the angle dée, is equal tothe angle e cd. But d b is alfo 
equal to ec, andbetocd All, therefore, are equal to all. Hence, 
the angle d eb, is equal to the angle e dc: for they {ubtend equal 
fides. And d f is equal toe f, (by the fixth.) Becaufe, therefore, 
. a e isequal to a d, anda f is common, and the bafe d f, is equal to 

the bafe e f, the angle dae is bifeĝed, which was required to be 
done. i 

But if the fides of the equilateral triangle fall external to the right 
lines ġa, ac, let them be 4d, dc, and having conne&ed da, let it 
be produced to the point e. Becaufe, therefore 4 d, dc, are equal, 


ad 





bs 
C 

but d a is common, and the bafes ġa, ac, are equal, the angle, alfo, 
bda, (by the eighth) is equal to the angle cda. Again, dd, dc, 
are equal, and de is common. and they contain equal angles as we 
have fhewn, the bafe alfo 4 e, is equal (by the fourth) to the bafe e c. 
Ececaufe, therefore, a b isequal.to a c, and a e is common, the angle, 

alfo 4 a e, is equal to the angle ¢ a e, which was to be fhewn. 
But if the fides of the equilateral triangle fall within the right lines 
a b,a c,as 6 d,d c, let again a d be conne&ed. Becaufe, therefore, 4 a, 
i$ 


~ 
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is equal to a c, and a dis common, but the bafe 4 d, is equal to the 
bafe c d, hence, the angle ġa d (by the eighth) is equal to cad. 
The angle, therefore, at the point a, is bife&ed, in whatever mane 
ner the equilateral triangle may be conftituted. And having thus 
fummarily fpoken concerning thefe, we fhall now proceed to the fol- 
lowing theorems, only adding, that the given angle may be given in 
a four-fold refpe&. In pofition, as when we fay to this right line, and 
to this point to place an angle: for after this manner it is given. But 
in form, as when we call the angle right, or acute, obtufe, right- 
lined, or mixed. And i proportion, as when we call it double, or 
triple, greater, or lefs. And laftly, in magnitude, as when we call it 
the third part of a right angle. But the prefent angle is only given 
in form. | 


PROPOSITION X. Prostem V. 


To bifecét a given finite right line. 

This, alfo, is a problem which fuppofes a finite right line, fince 
we cannot terminate a line on both fides infinite. But the fe&tion of 
a line infinite on one fide only, wherever the point is affumed, is made 

in 
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in unequal parts. For that part of the fe@tion which takes iie on 
the infinite fide, is neceffarily greater than the remainder, becaufe 
finite. Hence, the line required to be bifé&ted, muft be neceffarily 
both ways finite. But perhaps, fome excited by this problem, may 
think, that the doGrine of a line, not being compofed from impar- 
tibles, is only previoufly received by geometricians as an hypothefis. 
For if it confifis from impartibles, it either becomes finite, and re- 
ceives its completion from odd, or from even parts. But if from 
fuch as are odd, it will appear that an impartible alfo may be cut, 
while a right line is bife&ed. And if from fuch asare even, the fe@ion 
will be unequal, becaufe, one part, as compofed from more impart- 
ibles, will be greater than the remainder. It is therefore impoflible to 
bifec&t a given right line, if magnitude confifts from impartibles. But 
_ if it be not compofed from impartibles, it may be divided in infinitum. 
It appears, therefore, (fay they) to be received by common confent, 
and to be a geometrical principle, that magnitude is among the num- 
ber of things infinitely divifible. Againft thefe we reply in the words 
of Geminus, that geometricians previoufly receive according to a 
common conception, that continued quantity is divifible. For we 
call that continuous, which is compofed from conjoined parts, and 
this it is in every refpect poffible to divide. But that continued quan- 
tity may be infinitely divided, they do not previoufly affume, but de- 
monftrate from proper principles. For when they fhew that incom- 
menturability is found in magnitudes, and that all are not commen- 
Turable with each other, what elfe can we fay they evince by this 
' means, except this, that every magnitude may be divided into parts - 
always divifible, and that we can never arrive at an impartible, by the 
moft unwearied analyfis, fince this minimum would be the common 
meafure of all magnitudes? This then is demonftrable, but that which 
fays, every thing continuous 1s divifible, is an axiom. Hence, fince 
a finite line alfo is continuous, it is divifible. And from this con- 
ception the inftitutor of the Elements cuts a finite right line into equal 

: parts, 
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- parts, but not as pre-afluming, that it is divifible in infinitum. For 
to be merely divifib'e, and to be infinitely divifib’e is not the fame. 
But the difcourfe of Zenocrates inferring indivifible lines, is con- 
futed by this problem. For if it be a line, itis either right, and may 
be bife&ed ; or circular, and it is greater than a certain right line ; 
(fince every circular has a certain right line lefs than itfelf); or it is 
mixt, and on this account is the more divifible,’ fince compofed from 
fimple divifib'e lines. But this muft be deferred to fome pofterior 
{peculation.. However, the geometrician bife@&s a finite right line, 
employing in the conftruction the firft and ninth propofitions ; but 
ufing in the demonftration the fourth alone; for by the angles he 
fhews the equality of the bafes. But Apollonius Pergæus bifets a 
given finite right line after the following manner. Let there be (fays 
he) a finite right line a 4, which we are required to bife&, and with 





the centre a, but interval a b, leta circle be defcribed. And again, | 
with the centre 4, but interval ġa, Iet another circle be defcribed, 
and let the right line ¢ d, conne& the common fetions of the circles; 

| | this 
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this fhall bife& the right line a 4, For let the equal lines da, db, 
ca, cb, be connected; thefe being equal, becaufe each is equal to 
ab. But ec dis common, and da is equal to d 4 on the fame account. 
Hence the angle a cd, is equal to the angle 5 c d; and fo (by the 
_ fourth) a b is bife&ed. Such then, according to Apollonius, is the 
-demonftration of this problem, affumed, alfo, from an equilateral tri- 
angle; but inftead of exhibiting the bifection of the line, from the 
biíe&tion of the angle at the point c, it fhews this from the equality 
of the bafes. The demonftration, therefore, of the inftitutor of the 
Elements, is much better, fince it is both more fimple, and emanates 
from principles. 


PROPOSITION XI. Prosrtem VI. 


To raife a right line at right angles, to a given right line, 
from a given point in that line. 


Whether we receive a right line on both fides finite, or on both 


fides infinite, or on one fide infinite but on the other finite, and a 


point in it, the conftru@ion of the prefent problem will conveniently 
‘fucceed to the geometrician. For though :the given point fhould be 
on the extremity of the right line, by producing it we can accomplifh 
our purpofe. But it is manifeft that the point in tl.e prefent problem 
is given in po/stion, {ince it can only be placed in pofition in a right 
line. But the right line is given according to form; fince its magni- 
tude is not diftinguifhed either by proportion or pofition. Hence, 
the inftitutor of the Elements, employing the firft and third problem, 
together with the eighth propofition, and the tenth definition, exhi- 
bits the thing propofed. But if any placing the point on the extre- 
mity of the right line, fhould afk us without producing the line, to 
erect upon this a right line at right angles, we can likewife thew that 


this is poffible to be effected. For let there be a right line a 4, and 
| a given 
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a given point in tt 4, and let there be affumed in the line a 4, any 
point c, and from this (as the prefent element teaches us) let a right 
line c e be erected at right angles to a 4. Then from ce, let cd be 
taken equal to æ c, and let the angle at the point ¢ be bife&ted by the 
line c f, and at the point d let a right line be ereed at right angles, 
coinciding with f c in f; and laftly from the point f, to the point 4, 
let fa be connected. I fay that the angle at the point a is right. For 
fince dc is equal to ¢ a, but c f is common, and contains equal 
angles, (for the angle at the point c was bifected) hence, d/ is equal 
tof a, and all in like manner (by the fourth) are equal to all. The 
angle, therefore, at the point a, is equal to the angle at d. But the 
angle at the point d is right ; and fo confequently is the angle at a. 
And thus the thing required is effefted. But the inflitutor of the Ele- 
ments was not indigent of any fuch artifice: for he commands us to 
raife a line at right angles, but not at one right. It is requifite, there- 
fore, not to receive the point.in the extremity of the right line, be- 
caufe the perpendicular line forms angles with its fubject right line, 


but ‘not one angle alone. 
Vor. IL M But 
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But Apollonius raifes a perpendicular as follows. Let the given: 
right line, fays he, be 24, and a given point in it ¢, but let there be 





affumed in a ¢ any point d, and from c 4, take away c e, equal toc d. 
Then with the centre d, but interval de, let a circle be defcribed; and 
again with the centre e, but interval e d, let another circle be de- 
{cribed, and let a right line be drawn from f tac. I fay that fc isa 
perpendicular. For if fd, fe, are conne&ed, they fhall be equal. 
But dc, c e, are equal, and fcis common. Hence, alfo, the angles 
at the point ¢ (by the eighth) are equal. They are therefore right.. 
And ‘here, is it not again obvious, that this demonftration is more 
various than that of Euclid, and requires the defcription of circles, that 
by this means an equilateral triangle may be defcribed upon de, and 
the problem exhibited? For all the reft are common to the demonftra- 
tions. But the demonftration by a femicircle is not worthy to be re- 
membered, fince it fuppofes many things which are afterwards exhi- ` 
bited, and entirely falls from the order of an elementary inftitution. 


PROPO. 
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PROPOSITION XII. Prostem VIL 


Upon a given infinite * right line, and from a given point 
which is not in that line, to let. fall a perpendicular. 


‘Oenopides firt inveftigated this problem, believing it wfeful for 
aftrological purpofes. But he calls a perpendicular, after thé man- 
ner of the ancients, a gnomon, becaufe a gnomon, alfo, is at right 
angles to the horizon, but the fame line is at right angles with a per- 
pendicular, from which it differs only in habitude, fince, as he ob- 
Terves a gnomon has the fame fubje& with a perpendicular. But again, 
a perpendicular is two-fold, that is, it is either plane or folid. Hence, 
when the point from which the perpendicular right line is drawn, is 
in the fame plane, the perpendicular is called plane; but when the 
point.is on high, and external to the fubject plane, it is called folid. 
And the plane perpendicular, indeed, is drawn to a right line: but 
the folid toa plane. Hence, it is neceflary, that this laft fhould not 
only form right angles, with one right line, but with all right lines i in 
the fame plane. For the perpendicular is let fall on a plane. In the 
prefent problem, therefore, the inftitutor of the Elements propofes te 
let fall a plane perpendicular. For the dedu@ion is propofed to a 
right line, and the difcourfe proceeds, fo far as all are fuppofed to be 
in the fame plane. Hence, in the line at right angles we do not re- 
quire infinity, becaufe the point is fuppofed to be in that right line. 
But in the prefent problem, refpe€ting a perpendicular, he fuppofes 
the given right line infinite, becaufe the point from which the per- 
pendicular is to be drawn is placéd external to the rightline. For if 


* Mr. Simfon having a great objection to the word infinite, though it is adopted by Euclid, 
fubftitutes in its place the word xx/imted; but not in my opinion with any fuccefs, For if by 
unlimited, he means infinite, the alteration is ridiculous: but if he means only indefinite, or a 
dine which has boundaries, though they are not afcertained, the problem will not fucceed, as 
the enfuing commentary moft beautifully evinces. Lonly add, that the reader, if he bea man 
of tafte, and poffeffes any fpark of the philofophic genius, mult be greatly delighted with the 
digreffion of Proclus in this comment, concerning the nature of infinite, as it is perfectly phi- 

jofophical and truly fublime. 


M 2 . it 


ò 
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it was- not infinite, the point might be received externally, and yet in 
a dire& polition, fo that the protracted right line would fall. upon it, 
and the problem not fucceed. Hence, he places the right line infinite, 
fo that the point may be received at either of its parts; and that mo 
place may be left, in which it can be in the fame direction with the 
given right line, unlefs it is in the line,.and has not.an external po- 
fition. Andon this account the right line to which the perpendicular 
is to be drawn is confidered as infinite. 

But in what manner infinite can fubfift, is a matter well worthy. our 
contemplation. For itis manifeft that aright line exifting infinite, a 
plane alio will be infinite, and this in energy, if the thing propofed 
by Euclid betrue. That among fenfible particulars, therefore, there 


can be no magnitude infinite, according to any dillance, both the dæ=_ 


moniacal Ariftotle, and thofe who received their philofophy from 
him, have abundantly fhewn. For neither that which is moved cir- 
cularly, nor any other fimple body can be infinite; fince the place of 


each is limited. But neither in feparate and impartible reafons is an. 


infinite of this kind poffible. For if they neither contain -dimenfion, 
nor magnitude, much lefs can they contain infinite magnitude. It 
remains, therefore, that infinite can alone fubfift`in the phantafy, 
which at the fame time the phantafy does not comprehend. For-as 
{oon as it underftands, it induces form and bound to that which is 
underftood, ftops the tranfit of the phantafm by its intelleGtion, pur- 
fues its progrefs, and infolds it in its fhadowy embrace. The phant- 
afy, therefore, is not infinite by intelleCtion, but rather by advancing 
infinitely about that which is underftood; and calling whatever it 
leaves innumerable, and incomprebenfible by intelligence, infinite. 
For as the fight by not feeing underftands darknefs ; fo the phantafy 


-by not underftanding perceives infinite. Hence it purfues the progrefs 
of the infinite, becaufe it is endued with an impartible power, capable 


of perpetually advancing: but it underftands as if ftopping in its pro- 
greflion, becaufe infinite furpaffes its comprehenfion. For it calls that. 


infinite, which it leaves as unable to pafs over in its purfuit. Om. 


this account when we place a given infinite line in the phanta(y,. in.: 


the - 
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tlre fame manner as we eftablifh all other geometrical fpecies; viz. tri- 
angles, circles, angles, lines, and all of this kind, we muft not wonder | 
how a line is infinite in energy, and how advancing infinitely, it ap- 
plies itfelf.to finite intelleGtions. But cogitation, in which reafons : 
and demonftrations refide, does not ufe infinite for the purpofe of fci- 
ence, fince infinite. is by no means perceptible by fcience, but receiv- 
ing it from hypothefis, it employs. finite alone in its demontftrations, | 
and affumes infinite not for the fake of infinite, but of that which is 
bounded and finite. For if we. fhould grant to cogitation, that the 
given point, neither lies in a right line with the. given finite right 
line, nor yet is fo diftant from it, that no part of the right line is. 
{ubjected to the. point, we fhall no longer require an infinite line. 
That cogitation, therefore, when employing a right line, may ufe it 
without controverfy and reproof, fhe fuppofes it to be infinite; and 
employs the infinity of the phantafy, as the foundation of infinite ge- 
neration. And thus much may fuffice for the prefent concerning the _ 
nature of infinite. | | 
But it is now requifite that we fhould confider the objections which 
are urged againft the conflru@ion of this problem. Let there be re- 





ceived, fay they, an infinite right line a 4, and let the given point be 
c, from which it is. required to let fall.a perpendicular, and let d be- 


- a.point.on the. other fide,. ascording to the geometrician, .. But the.cir= - 
| cle - 


& 
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cle which cuts the right line aż, in the points a and 4, will cut it 
alfo in f, and will have a fituation according to the figure. In an- 
fwer to this, we muft fay, that it affirms an impoffible cafe. For ct _ 
the right line a 4 be bifected in 4, and let c 4 be conne&ed, and pro- 
‘duced to the circumference, to the point d, and let c a, cb, cf be 
-conneéted. Becaufe, therefore, thefe lines are from the centre, and 
.a h, isequal to 44, but c 4 1s common, all are equal to all. Hence ` 
.c 4 forms right angles at the point 4. Again, becaule ca, c 4, are 
equal, they form equal angles at the points a and 4. But c a alfo, 
is equal to c f,.on which account the angle c a f, is.equal to the angle 
cfa. In like manner the angle c $ fis equal to the angle cfb. Be- 
caufe, therefore, the angles at the points a and 4, are equal, the an- 
gle, alfo, cfa, is equal to the angle c f 4, and they are fucceffive, 
-and confequently right. But each of the angles at the point 4 is right. 
‘Hence, c is.equal to cf. But cf is alfo equal to c d, fince they 
.are from the centre. Therefore c 4 is equal to cd, which is impof- 
fible. Hence, the circle does not cut the right line in any other points 
-than a and 4, 

But if any one fhould fay, that he who defcribes a circle will bife@ 
ab inf, we can again fhew that this is impoffible. For let all be de- 
-Acribed as before, and let the right line £4, be bifeéted‘in the point 4, 





‘Becaufe, therefore, a f, fb, are equal, but c f common, and the bafe 
£ a, is.equal.to the bafe c 4, all are equal to all. Hence,the angles at 
| 3 the 
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the point f are right. Again, becaufe f% is equal to 44, and ch 
being connected, is common, and the bafe c fis equal to the bafe c 4, . 
for they are from the centre, the angles at the point 4, are right; for 
they are equal and fucceflive. Becaufe, therefore, each of the angles - 
cfh,c hf, isright, c fis equal toc. Bute fis equal to ce, for 
they are from the centre, and hence c4 1 is not iit: ah to c e, which 
is impoffibie. 

It now remains that we run over the third objeGion. For the cir- 
cle which is defcribed (fay they) will cut the right line in the points . 
a, b, and in the points f, 4 We therefore bife&ting the right line ad. 





in the point 4, and conneating the lines ca, cf, ck, cb, can. few : 
that this is impoffible. For fince 2 a, 4 b, are-equal, and ¢ & is com- 
mon, and the bafes ca, c b, are equal, hence the angles at the points - 
aand Å are equal, and thofe at the point & right. But each of the - 
lines is equal toc f; and hence, the angles at the point f, are right; ; 
for they are equal, becaufe fucceflive. Therefore, c fis equal toc: 

for they fubtend right ang'es. But c fis equal to c d, fince they are: | 
from the centre ; and hence, cd is equal toc 4, which is impoffib'e.. 

Hence then, it is impoflible that the circle which is defcribed fhou'd 
cut the line a in one, two, or in more points than a b. And fuch - 


are the objections againft the prefent problem... 


3: But .. 
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But there are alfo cafes of the conftruétion of this problem, which 
are to be diftinguifhed from the objections. For cafe is not the fame 
with objection ; fince the former fhews the fame thing differently, 
but the ‘latter leads the obje€tion to an inconvenience. But other ex- ` 
pofitors, not diftinguifhing thefe from one another, bring all into the 
fame, fo that it is uncertain, whether they enunciate to us in their 
“writings, cafes, or objections. We therefore diftinguifhing thefe, 
having enumerated the objections, fhall naw defcribe the cafes of the 
problem. Let there be then an infinite right line æ 6, and a given 


e 


6 





a he J 


pointc. Now it may be faid that there is no farther place ‘in the 
other part of the perpendicular right line, but in that only where the 
point c lies. ‘Taking, therefore, in the right line a ġa point d, with 
the centre c, and interval cd, let us defcribe the circumference of-a 
‘clicle d e f, and bifeGting d fin 4, let us conneét the lines ¢ d, c 4, c f. 
Becaufe, therefore, d 4 is equal to 4 f, but c 4 is common, and c dis 
equal to c f, (for they are from ‘the centre,) ‘thence, the fucceffive 
angles at the point 4, are equal. They are, therefore, right. And 
chence, c 4 is a perpendicular to d f. But if any one fhould alfo fay that 
the defcribed circle does not cut the right line a 4, but touch it as the 
circle de, by taking the point e externally, and ufing the centre c, and 
interval 
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al 


interval c e, as in the preceding, we fhall obtain the object of our en- 
quiry. And thus much we have faid concerning the cafes of the prob- 
lem, for the fake of exercifing the attention of the reader. 

But if we are defirous of adding contemplation likewife to thefe two 
problems, a right line erected at right angles, feems to imitate a life 
tending on high from inferior concerns, afcending purely, and with- 
out contamination, and abiding inflexibly with regard to natures fub- 
ordinate toits own. Buta perpendicular is the image of ‘a life per- - 
pendicularly defcending, and the leaft of all replete with generative 
infinity. For a right angle is the fymbol of an energy inflexible, and 
reftrained in the comprehenfion of equality, bound, and finite’ From 
whence, indeed, Timzus alfo calls the other circle in the divine foul, _ 
poffeffing the reafons of fenfible natures, right ; for in our fouls it is 
bent with flexions of every kind, and fuffers various contortions and 
perturbations from the unceafing whirls of generation: but among 
wholes it refides immaculate, uncontaminated, firm, and indeclinable, 
prior to fenfible forms. But if likewife an infinite right line is the 
fymbol of the whole of generation, which is moved infinitely and in- 
afeterminately, and befides this, ok matter itfelf, which is deprived 

Yor, H. NG E. & 
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of bound and form : and ifa point placed externally bears an image 


of an eflence impartible, and feparate from material natures, doubtlefs - 
the deduced perpendicular wiil imitate that life which proceeds into- 
generation with an undefiled progrefs from unity, and an impartib'e 

_effence. But ifa perpendicular cannot be fhewn without circles, this 

alfo will be the fymbol.of an inflexibility inherent in life, through the. 
medium of intelléct, For life, indeed, fince it fubfifts by itfelf as 

‘ motion, is indeterminate: but it becomes terminated, and is filled. 
with a pure and immaculate power, by participating and adhering ta- 
the circulations of intellect. 


PROPOSIFION. XIII. Tueorem VI 


When a right line ftanding upon a right line forms angles,. 
it either forms two right, or angles equal to two right. 


-= Èuclid again paffes on to theorems, confequent to things exhibited: 
by problems. For after a perpendicular had been. drawn to a right 
line, and a right line erected at right angles, it remained, to enquire if 
it fhould not be a perpendicular, what angles it would form, and how 
it would be affected to the line upon which it ftands. This.then he 
proves univerfally, that every right line landing upon a certain line,and 
forming angles, either forms two right,.if its fate be indeclinable, firm, 
and never verging : or angles equal to two right, if it declines in one 
part, but is more diflant from its fubject line, in the other part. For as 
much as it takes away from a right angle by its declination in one 
part, fo much it adds by its diftance in the other. But it is requifite 
to take notice, that in this propofition alfo, the Geometrician employs 
diligent care. For he does not fimply fay that every right Jine, ftand- 
ing upon aright line, forms either two right angles, -or angles equal 
to two right, but he adds, sf it forms angles. For what if ftanding 

on the extremity of a right line, # fhould form. one angle, will 

it happen that this may be equal to two right? This certainly 
is impoflible. Since every reGilineal angle is lefs than two right, 
' as allo every folid angle is lefs than four right. Hence, though 
| | you 
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‘you fhou’ d receive that which appears to be the greate# of all obtufe 
-angles, this alfo muft will increafe, as that which does not yet receive 
~ the meafure of two right angles. Jt is requifite, therefore, that the 
tight line fhould ftand in fuch a manner, that it may form angles. 
And thefe obfervations regard the productive diligence of foience. 

_ But what does he mean by adding the particle, either two right, or- 
equal to two right? For when he has conftituted two right, he forms 
‘angles equal to two right} fince right angles are equal to each other. 
Shall we fay that one of the equal angles is a'fo common, but that the . 
other of the equals is only proper? But we are acculftomed when both 
proper and common is verified, to exprefs every particular from that which 


is proper, but when we cannot efe& this, we are content with that ` 


which is common for the explication of the fubje& concerns. This 
then, the equality of the fucceflive angles, is common to right angles, 
Dut is not predicated of thefe alone: but this, that they are right, is 
peculiar to their equality. Hence, the affertion, egual to two right, 
alone fignifies the inequality of the ang'es. For in thefe it is alone 
verified, but by no means in fuch as are equal. And this alfe the in- 
ftitutor of the Elements divides in oppofition to two eight. For fince 
it is predicated by itfelf, it has a power of fignifying that the angles 
on each fide are unequal. But through thefe obfervations we may 
alfo perceive, that equality is the meafure and bound of inequality. 
For though the increafe and decreafe of an obtufe and acute angle is 
indeterminate and infinite, yet it is faid to receive limitation, and bound 
from aright angle ; and each of them, indeed, feparately, recedes from 
a fimilitude to the right; but both, sesordling to one harmonizing 
union, are reduced to its bound. But as they can by no means pert- 
fectly equal the fimplicity of a right angle, they receive an equality 
to it when doubled, the duad being the exemplar of their infinity, as 
of itfelf endued with an infinite nature. And this feems to procure a 
manifeft image of the progreffion of primary cafes; and of -their 
abiding according to one boundary, in a manner perpetually, the 
fame, about the infinity of generation. For hqw could otherwife gè- 
neration, which participates of the more and the lefs, ` and 18 carried 
Ne in 
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in indefinite whirls, agree with intelligibles, and’ be equalled with 
them in.a certain refpect, unlefs by participating their natures, whikt 
they advance with prolific powers, and only multiply themfelves in 


. their progreffions? For things which abide in their own fimplicity 


and impartibility, are entirely feparated from generable natures. And 


‘thus much is affumed from the prefent theorem, and applied to. the 


knowledge of univerfals. 


PROPOSITION XIV. THEOREM VI. 


Hf to any right line, and at a point in it, two right lines 
being placed in 2 confequent order, and not towards the 
fame parts, make the fucceflive angles equal to two 
right, thofe right lines fhall be in a direét. pofition to 
each other.. 


The prefent theorem is the converfe of the foregoing: for fuch as 


are cohverfe are always confequent to preceding theorems. Since, 
therefore, the former had conftituted a right line upon a right line, 
and had fliewn-that it made the fucceflive anglés either two right, or 


equal to two right ; in the prefent theorem he receives the equality of 
the anglės to two right, which are formed at fome right line, but he 
fliews that it is one right line which produces their equality. Hence, 
that which was a datum in the former, is in the prefent theorem an 


“obje& of enquiry; and is fhewn by a deduction ta an impoffibility. 


For after this manner the converfe of theorems ought to be exhibited ; 


but in problems they fhould receive principal demonftrations. But in 


this theorem we may. alfo perceive the greateft and moft admirable di- 
ligence of this propofition producing fcience. For in the firt place, 


after he had faid, if to any right line, he adds,.and at a point in it; 


for what if the two extremes of the right line exifting, one of the 
Light. lines fhould be drawn from the one extreme, but the other from the 
remaining one, and fhould form angles at the right line, equal to two 
night, would they on this account have a dire pofition? And how 

l can 
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ean this take place in lines drawn from different points of the right 
line? It is on this account alfo, that he adds, and at a point in it, 
fince he is willing that both fhould be in the fame point. But in the 
fecond place, becaufe it is poffible that the right lines which are drawn, 
may be at the fame point, and not confequent (fince we may receive. 
infinite right lines placed at the fame point) he-adds the particle, i” a: 
confequent order. And in the third place, becaufe the word confequent 
may be confidered as well at the fame parts as on both fides: but be- 
caufe itis impoffible that lines which are confequent at the fame parts 
fhould be mutually in a.dire@ pofition, this indeed he explains; but. 
affords us. an opportunity of confidering that.confequent right lines . 
are to be received in pofition-on both fides; fince thefe alfo can be 
” fhewn to be in aright line. Let there be placed at the right linea 4, 
and. at a.poiot in it 4, towards the fame parts, two right lines. ¢, b.d, . 

j Ai 





thefe, 
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‘thefe, therefore, fhall be -confequent to each other. For no other 
right line is fituated between them. But thofe things are /uccefive, 
: between which there is nothing fimilar. Thus we call the columns 
confeguent, between which there is no other columa: for.though the 
: air intervenes, yet nathing of the fame kind is fatuated in the middte. 
Becaufe, therefore, . they“lie towards the fame parts, they are by na 
:means inza direct pofition, although they form two angles equal to 
‘two right; I mean the angles at the point 4. For nothiog hinders . 
Lbut that the angle e 4 d, may contain in itfelf,.ane right,. and. a third 
part of a right angle : and that the angle a 4c, may be two thirds of 
.a right angle. And thus much concerning the propofition, 

' But one petition .is employed in the conftruction, viz. the fecond, 
‘which begs zo produce a right line flraight forwards, as in the demon- 
iftration he ufes the preceding theorem, and two axioms ; 1. e. the one 

which fays, things equal to the fame, are equal to one another; and 

salfo the one which affirms, that if from equal things equals are taken 
away, the remainders fhall be equal. But at the.colleĉtion of the im- 

:poffibility, he employs the axiom, which fays, the whole is greater than 
sts part. For it is equal one common angle being taken away, which 

1s impoffible. But that it is poffible to the fame right line, and at a 
‚point in it, two.right lines in a confequent pofition, and yet, towards 
‘the fame parts, may form angles belonging to that one right line, 
-equal to two right, we may fhew with Porphyry, as follows. Let 
‘there be a certain right line a $, and any point in it c, and let ¢ d be 
‘yaifed at right angles to a 4, and let the angle dc é be bife&ĝed, by 
the line ce. Then from the point e, to the line a 4, let there be drawn 
;the perpendicular e 4, and let e 4 be produced, and place f equal to 
eb, and connect c f. Becaufe, therefore, ¢ 4 is equal to 4 f but dc 

is commmon, and they .contain equal angles (for they are right), 

‘hence, the bafe e c, is equal to the bafe c f. All, therefore, are equal 
to all. Hence,- the angle e c 4, is equal to the angle fc 4. But 
‘the. angle e c 5 is the half of a right angle: becaufe the right angle 
-d.c¢..was bife&ed by the line ec. Hence, alfo the angle fc 4, isthe . 
3 -half 
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half of one right. The angle, therefore, d c f, is equal to one:right, 
and the half of a right angle. But the angle dc e, alfo, ts the half of 
aright angle. Hence-to, the right line cd, and ta a point in ite, . 
two right lines are confequently placed towards the fame parts, viz. ¢ ¢ 
and c f, forming angles equal to two right, c e caufing the half.of a : 
right angle, and c f one and a half. Left, therefore, we fhould en- 
quire after things impoflible to be effected, viz. how the right lines = 
Ck, ¢ J; forming angles at the-right line d c, equal to two right, can . 


~ 
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‘be in a dire& pofition to one another, the Geometrician adds the par- 
‘ticle xot towards the fame parts. It is requifite, therefore, that the 
-right lines which form angles equal to two right, fhould be placed on 
both fides of the right line, being raifed, indeed, from one point, but 
drawn to different parts of the right line. 


PROPOSITION XV. Txeoxem VIII. 


If two right ‘lines cut one another, they will form the 
angles at the vertex equal. 


We muft call fuccefive angles different from fuch as are vertical 
For thefe laft originate from the fe@tion of two right lines: but the 
former from the mere diffeétion of the one by the other. Thus, if a 
right line remaining. itfelf without fection, but cutting another in its 
extremity, formsitwo angles, we denominate thefe /uccefive angles. 
But if the two right Hnes mutually cut each other, they form vertical 
angles. And they are fo called, becaufe they have their vertices con- 
joined in:the fame point. But their vertices are the points, at which 
the planes, while they are contra&ted, form angles. This, therefore, 
is what the prefent theorem evinces, that when two right lines mutu- 
„ally cut each other, the vertical angles are equal. And it was firft 
‘amvented (according to Eudemus) by Thales: but was thought wor- 
-thy of a demonftration producing fcicnce by the inftitutor of the Ele- 
ments. But itis not exhibited from all the particulars requifite to a 
‘perfe&t propofition. For conftrudtion is wanting in the prefent theo- 
rem : but demonflration, which muft be:neceffarily inherent, depends 
on the thirteenth theorem. But he ufes two axioms, one of which is, 
that things equal to the fame, are equal among ghemféelves : and the other, 
if from equal things equals are taken away, the remainders will be equal, 
‘The theorem, indeed, of Euclid, is manifeft, but another fuch is con- 
werted to the prefent theorem. Jf to any right. line, and at a point in 
it, two.right lines, not affumed towards the fame parts, make the verti- 

cal 
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cal angles equal, thofe right -lines fhall be in a dire pofition to each 
other. For Jet there be a certain right line ab, and any point in it cp 





a 


and at the point c, let two right lines c d, c e, not towards the fame 
parts be aflumed, forming equal angles a c d, bce., I fay that cd, 
ce, are ina right line. For fince the right line c d, infifts upon the - 
right line æ 4, it forms angles equal to two right, i. e. dca, decd. . 
But the angle dca, is equal to the angle 4¢ e. Therefore, the angles 
dc b, bce, are equal to two right. Becaufe, therefore, to a certain | 
right line 4c, and at a point in it c, two confequent right lines c ¢, 
c e, not placed towards the fame parts, form the fucceflive angles equal 
to two right, thofe right lines cd, ce, are in a dire@ pofition to each 
other. The converfe, therefore, to the prefent theorem, is exhibited. 
' But the Geometrician feems to have neglected this, becaufe it is eafy 
to evince its truth, by the fame method of deduction to an impof_libility 
as we employed in exhibiting the fourteenth propofition. For the 
fame things being fuppofed, I fay that the right line ¢ æ, is in a di- 
ret pofition toc e. For if ìt be not, letc f be taken in a right line 


_ with cd, Becaufe, therefore, two right lines æ 4, d f, interfe& each 


other, they will form the angles at the vertex equal. Hence, the 
angles acd, bc f, are equal. But acd, bce, were allo equal. 
Vor. II. | Q =~ ` The 
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The angle, therefore, 5 ce, is equal to the angle 4c f, the greater to 
the lefs, which is impoffible. Hence, no other right line, befidese d, 
is ina dire pofition toce. The right lines, therefore, c d, c e, are 
in a direct pofition to.each other, the angles at the vertex being fup- 
- pofed equal. Since then, there is the fame demonfiration which was 
preaffumed in the fourtsenth theorem, would it not have been fuper- 


fluous to have produced this converfion ? But for the fake of exercife, | 


we have proved it as well by a dedwi@tion to an impoffible, as-by an 
oftenfive method. However, this fifteenth theorem feems to reft upon 
the fimilitude of the parts of right lines, and their fituation in their 
extremities. Becaufe lines with thefe conditions, and mutually cut- 
ting each other, muft neceffarily poffefs fimilar inclinations on both 
fides tp each other. Since circumferences, and univerfally non-right 
Hnes cutting one another, do not neceflarily form the vertical. angles 
equal, but fometimes equal, and fometimes unequal. For if two 
equal circles cut each other through the centres, or even not through. 
the. centres, they will form the lunular angles at the vertex equal : 
but.not likewife the remaining angles, viz. thofe on both: fides concave, 
and on both fides convex, but the one will be greater than the other. 
But in right lines, the fituation in the extremities, caufes the diftance 
of one fegment, to be equal. to the diftance of another.. 


COROLLARY. 


From hence it is manifeft that if two right lines cut eacly 
other, they will make four angles equal to four right. 


Corollary is one of the geometrical appellations, but it has a two- 
fold fignification. For they denominate corollaries, whatever theo- 
rems are proved together with the demonftrations of others, becoming 
as it were the unexpected gain and emolument of the inveftigator : 
and likewife, whatever is the objet of enquiry, but is indigent of 
invention, and is neither inveftigated for the fake of generation alone, 
nor of fimple contemplation. For that the angles at the bafes of ifof- 

i celes 
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celes triangles are equal, it is requifite tò contemplate, and the know- 
ledge of things in exiftence is of this kind. But to bife& an angle, 
or conftitute a triangle, to cut off, or place an equal right line, all 
thefe demand that fomething may be performed. And again, to find - 
the centre of a given circle, or two commenturable magnitudes being 
given to find their greatef{{ common meafure, with every thing. of 
this kind, are, after a manner, fituated between problems and theo- 
rems. For neither is the origin of objets of enquiry inherent in thefe, 
nor contemplation alone, but invention, Since it is requifite to place 
the object of enquiry confpicuoufly and before our eyes. Such thea 
are whatever corollaries Euclid wrote, for he conftru@ted a book of co- 
rollaries. But we muft now omit to fpeak of corollaries of this kind. 
However, fuch as occur in the elementary inftitution, appear at the 
fame time with the demonftrations of other things, but they them- 
{elves are not principally inveftigated, as is evident in that which is 
propofed at prefent. For the defign of the propofition is to enquire 
whether if two right lines mutually cutting each other, the angles at 
the vertex are equal. But whilft this is evinced, it is at the fame 
time demonftrated, that the four angles which are formed, are equal 
to four right. For when we fay let there be two.right lines, a 4, c d, © 
| a C i 
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cutting each other in the pointe: becaufe a eeftands upon c d, it makes 


the fucceflive angles equal to two right. And again, becaufedeftands - 


upon c d, it alfo makes the fucceflive angles equal to two right; then 
together with the obje& of enquiry we demonftrate, that the angles 
about the point e, are equal to four right. A corollary, therefore, is 
a theorem, unexpectedly emerging from the demonftration of another 
problem, or theorem. For we feem to fall upon corollaries, as it 


were, by a certain chance ; and they offer themfelves to our infpeGion, - 


without being propofed, or inveftigated by us. Hence, we affimilate 
thefe alfo to gains. And perhaps thofe fkilled in mathematical con- 


cerns, have impofed on them this appellation, fhewing the vulgar, who - 


rejoice in apparent gain, that thefe are the true gifts of divinity, and 
true gains, and'not the objects of their fordid eftimation. For this 
indeed produces that faculty refident in our nature, and adds the pro- 
lific power of fcience, to principal enquiries, manifelting the copious 


_ fichies of theorems. And fuch is the property of corollaries. 


But they are to be divided in the firft place, according to fciences. 
For of corollaries, fome are geometrical, but others arithmetical. Thus 


the prefent corollary is geometrical: but that which is added’at.the 


end of the fecond theorem of the feventh book of the arithmetical’ ele- 
ments, is’arithmetical. But afterwards they muft be divided accord- 


ing to the principal objects of enquiry. For fome things are confe- 
quent to. problems, but others to theorem% Thus, the prefent is- 


confequent to a theorem: but that which.is placed in the fecond of: 


the feventh book, is confequent to-a problem. But in the third place,, _ 


they muft be divided according to their oftenfions. For fome are ex- 


hibited, together with oftenfive methods, but others together-with de-- 


dudtions to an impoffible. Thus the prefent is fhewn by.a dire& 


oftenfion: but that which is at the fame time exhibited in the firft of.: 


the third book, appears, together with. a dedudtion: to an impoffible. . 


But corollaries. may alfo be divided in many other modés, but thefe: — 


may fuffice our prefent purpofe.. The prefent corollary, however;. 
EacanE 
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teaching us that the place about one point is diftributed into angles | 


equal to four right, is fubfervient to that admirable theorem, which 
fhews that the following three multangles about one point, can alone 

fill place, viz. the equilateral triangle, the quadrangle, and an equila- 
teral, and equiangular fexangle. But the quilateral triangle muft be- 
fix times afflumed ; fince fix two-thirds, form four right angles.. But ` 
the fexangle muft be three times formed ; for. every fexangular angle 
_is equal to ore right, and a third part of a right. Anda quadrangle 
muft be. four times aflumed : for every quadrangular angle is. right. 
Hence, fix equilateral triangles conjoined accotding to their angles, 
fill four right angles, as alfo three fexangles, and four quadrangles. 

But all other multangles, however compofed, according to angles, are 
either deficient from four right, or exceed four right angles * ; while 
thefe alone, according to the aforefaid numbers, are equal to four right. 
And this theorem is Pythagoric, But by the prefent corollary, if even 
more than two right lines fhould cut each other in one point, as for 


inftance, three or four, or any other number, all the angles which they -_ 


form, may be fhewn to be equal to four right.. For they will vindi- 
cate to. themfelves the place of four right angles. But it is manifeft 
that the angles always become double to the number of right lines. 
- And thus two right lines interfe@ting each other, there will be four 
angles equal to four right: but. from the interfe€tion of three lines, 
there will be fix angles ; and from four, eight, and fo on, in infini- 
tum. For:the multitudé of the right lines is always doubled: but the © 
angles increafe according to multitude, and are diminifhed according 
to magnitude, becaufe it is the fame four right angles, which is per- 
petually divided. 


© That no other figure befides thefe can fill place, willbe evident, if its angle, when found, 
is multiplied by any number : for, as Tacquct well obferves, it will always either exceed, or be 
deficient frem four right angles. Fora more particular demonftration of this admirable theo- 
rem, fee Tacquet Elementa Geometri, p. 88. 


PROPO- 
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PROPOSITION XVI. THeEorEm IX. 


In every triangle having one fide produced, the external 
angle is greater than either of the internal and oppofite 
angles. 


Thofe who enunciated this propofition, and at the fame time omit- 
ted the particle, Javing one fide produced, perhaps afforded an occa- 
fion of objection to many others, as well as to Philip, (according to 
the narration of the mechanift Heron.) But fuch as were defirous of 
entirely removing this calumny, enunciated the theorem, with the 
peopofed addition, correfponding with the general mannner of the 
‘geometrician. For in the fifth theorem, being defirous to thew, that 
the angles under the bafe of an ifofceles triangle are equal, he adds, 
that when the equal right lines are produced, the angles under the 
. bafe are equal. Hence we infer, that though this propofition might 
‘be defective and imperfect in various copies, yet it was perfet and 
written entire, by the inftitutor of the Elements. What then does 
the propofition affert? That in every triangle, if you produce one of its 
fides, you will find the angle conftituted external to the triangle, greater - 
than either of the internal and oppofite angles. For a little after, this 
angle will be fhewn equal to both, but it is proved to be greater than | 
either in the prefent; and he neceffarily compares it with the oppo- 
fite angles, and not with the /uccefive angle. For to this laft it may 
be both equal and lefs: but it is greater than either of the former. 
Thus, if this triangle fhould be right angled, and you conceive one of 
the fides comprehending the right angle to be produced, the external 
will be equal to the fucceffive angle. But if it fhould happen to be 
-obtufe-angled, the internal angle may be greater than the external; 
and itis on this account that he does not compare the external with 
the fucccflive angle, but with the oppofite angles. For of the angles 
within a triangle, the fucceflive angle borders on the external, but the 


two others are oppofite. Hence, the external angle is greater than 
_ either 
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-ekther of the fucceflive, but may not exceed the fucceffive angle to _ 


which it is proximate. But fome conjoining thefe two theorems, E . 
mean the prefent, and the following, enunciate the propofition thus. 
In every triangte having one fide produced, the external angle is greater 


than either of the internal and oppofite angles; and any two of the in- 


ternal angles, are lefs than tws right. But there is occafion for the 
conneétion of thefe theorems, becaufe the geometrician himfelf, a lit- 
tle after, enunciates the propofition after this manner, in equal an- 
gles, for he fays: In any triangle having one of its fides produced, the 
external angle ts equal to the two interior, and oppofite angles; and the 
three internal angles of a triangle, are equal to two right. Hence, they 


think it proper in the prefent fimilar cafe, to conne& the obje&ts of 


inveftigation, and to make the propofition a compofite. But if the 
datum be enunciated with this addition, it alfo will be a compofite, 
(fince it is requifite-to underftand two things, viz. the fubject trian- 
gle, and one fide produced :) and if the datum be ‘given without this, 
ft will be a compofte in capacity, but Ample in energy ; for this muft 
be received at the fame time as a datum ; fince while we. fuppofe an: 
external angle, we muft pre-fuppofe the fide as produced. | 
But we may affume from the prefent theorem, that it is impoffible 
from the fame point, for three equal right lines to fall on the fame 
right line. ‘Thus let there be drawn. from one point a, three equal 


a 





right 
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right lines, 24, ac, ad, tothe right line d. Becaufe, therefore, 
abis equal to ac, the angles at the bafe are equal. Hence, the angle 
abe, is equal tothe angle ac 4. Again, becaufe a bis equal to a d 
the angle a 4 d, is equal tothe angle a d 4. Butthe angle a b c, was 
equal to the angle ac. Hence, the angle acb, is equal to the 
angle a d b, the external, to the internal and oppofite, which is im- 
poflible. From the fame point therefore, to the fame right line, 
three equal right lines cannot be drawn. But by the prefent theorem, 
we can alfo demonftrate, that if a right line falling on two right lines, 
makes the external angle equal to the internal.and oppofite, thofe 
right lines will by no means make a triangle, nor coincide, becaufe 
the fame thing would be both greater and equal, which is impoffible. 

‘Thus for.example, let a 4, od, be right lines, and let the right line 


a 





ce b falling on them make the equal angles a b d, cd e, the right lines 
ab, cd, will not coincide, For if they coincide, the equal angles 
‘remaining, the angle cde, will be equal tothe angle abd. And 
fince it is external, it willbe greater than the internal and oppofite 
angle. Hence, it is neceffary, if they coincide, that the angles re- 


main no longer equal, ‘but that the angle at the point d, be aug- 


mented. For whether a remaining immoveable, we conceive that 
sd, 


` 
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c dis moved towards it, fo as to coincide in the point ¢, we fhall pro- 
duce a greater diftance in the angle c de; fince cd approaches to a 4, 
in the fame proportion as it recedes from de. Or whether c d, abid- 
ing, we conceive that a 4 is moved towards it, ina fimilar manner, we 
fhall by this means diminith the angle a å d; for it is at the fame 
time carried towards cd, and tø. d. Or whether we conceive both 
of them tending to each other, we fhall find that a b by tending to 
cd, contracts the ahgle a be; and that cd, by receding from d e, on 
account of the motion to the line a 4, increafes the angle c de. Hence, — 
it is neceflary, if itbe a triangle; and if the right lines a4, c d, co- 


incide, that the external angle muĝ be alfo greater than the internal 


and oppofite angle. For either the internal angle remaining, the ex- 
ternal is increafed, or the external abiding, the internal is diminithed, 
or the internal is coritra@ed, and the external is more dilated. But 
the caufe of thefé confequences -is the-motion-of the right lines, the 
one tending to thofe parts, where it diminifhes the internal angle, but 
the other to the parts where it incteafes the. external. And from this 
the reader fhould confider, how the origin of things produces the true | 
caufes of enquiries, which v we have previoufly furveyed. 


PROPOSI Tro N XVIIL. THEOREM X. 


The two angles of every triangle, taken all poffible ways, 
are lefs than two right. . 


In the prefent theorem he fhews indeterminately, that any two an- 
gles of a: triangle, are lefs than two right, but in the following theo- 
rems he determines how much they are lefs, and that they are deficient 
by the remaining angle of the triangle : for its three angles are equal 
to two right ; and.on this account the two remaining angles are lefs 
than two right.. And, indeed, the demonftration of the elementary 
inftitutor proceeds in. a manifeft order; for it ufes the preceding 
theorem. But it is neceflary, as in the laft propofition, by regarding 


- the origin of triangles, to find the caufe of the prefent fymptom. Let 


Vor. IL P then 
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then the right lines a b, cd, be at right angles to 4 d. If thefe lines then 
C 


z a 





ld 


are to form a triangle, it is requifite they fhould incline to each other. 
But their inclination diminifhes the internal angles, on which account 
they become lefsthan two right : for they were right before their in- 
clination. In like manner, if we conceive right lines ftanding at right 
angles, on the fide a 4, the fame confequences will enfue refpeCting 
the inclination of the right lines; and the angles at the points a, 4, 
will be lefs than two right; and fo of the other fide. This then is 
the caufe of the propofition, and not the external angle being greater 
than either of the internal, and oppofite angles: fince it is not ne- 
ceflary that the fide fhould be produced, nor that any angle fhould be 
conftituted external to the triangle; but it is neceflary that any two 
of the internal angles fhould be lefs than two right. Hence, it is ne- 
_ ceffary, as I have faid, that the caufe of this theorem fhould be the in- 
clination of the right lines diminifhing the angles at the bafe. But 
as the inftitutor of the clements exhibits the object of enquiry, by the 
external angle, we. may accomplith this, without producing any one 
of the fides. Thus let there be a triangle a 4c, and let there be taken 


in the fide å ¢, any point d, and let æ d be connected. Becaufe, there- 
| fore 
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fore, one fide of the triangle a 4 d, is produced, viz. 4 d, the external 
angle a dc, is greater than the internal a ġ d. . Again, becaufe one 
fide of the triangle ad c is produced, viz. c d, the external angle a d 4, 
is greater than the internal acd. But the angles about the right line 
a d, are equal to two right, by the thirteenth of this. Hence, the an- 
gles abc, ac, are lefs-than two right. In like manner, we may 
fhew, that the angles a c, andéc a, are lefs than two right, by 
taking a point in the fide a c, and by conne&ing the point 4 with the 
affumed point. And again, we may affirm, that the angles c a 4, 
abc, are lefg than two right, by taking a point in the fide a 4, and 
by conne@ing a right line, from the point c, and the received point. 
And thus the thing propofed, is exhibited by the fame theorem, with- 
out producing any fide of the triangle. Hence, it is poffible, that by. 
this, the theorem may be proved, which afferts, that fram the fame 
point, two perpendiculars cannot be drawn, to one right line. For let 
there be drawn, if poffible, from the point 2, two perpendiculars 2.2, 
~ ac, to the right line Oc. Then the angles a $c, ac 4, are right. 
But becaufe a dc is a triangle, two- of its angles are lefs than two 
right. The angles, therefore, abc, acb, are lefs than two right. 
But they are alfo equal to two right, becaufe they are perpendiculars, 
which is impoffible. Hence, from the fame point, — to the fame right 

line, two perpendiculars cannot be drawn. 
P2 PROPO- 
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PROPOSITION XVIIL Tueorem XI. 


The greater fide of every triangle, fubtends the greater 
angle. 


That the equality of the fides in every triangle, forms the equality 
of the angles which they fubtend, and that in like manner the equality 
of the angles fhews the equality of their fubtending fides, we learn 
from the fifth and fixth theorems. But that the equality of thofe 
angles, which are fubtended by the fides, follows the inequality of 
the fides, and the contrary we now learn by the prefent eighteenth 
and nineteenth theorems. For the one fhews that the greater angle 
is contained under the greater fide, but the other, that the greater fide 
fubtends the greater angle ; becaufe thefe are mutually converted, but 
the fame fymptoms are contemplated in things contrary, as in the 
fifth and-fixth theorems. But it is manifeft, that we proportionally 
afflume.the greater and lefs fide, in fcalene triangles, that we diftin- 
guifh the greateft, middle, and Jeaft, and the angles in a fimilar man- 
ner: but in ifofceles triangles, the greater and lefs, fimply affumed, 
are fufficient ; for there is one fide which-is-unequal to-two, becaufe 
it is either greater or lefs, as thefe theorems cannot take place in equi- 


lateral triangles. And here you may obferve, that the theorems which . 


exhibit the equality of angles or fides, agree with equilateral and ifo- 
fceles triangles : but thofe which exhibit inequality to fuch as are 
Ifofceles and fcalene. But the caufe of this is, becaufe of triangles, 
fome are produced from equality alone, others from inequality alone, 
and others from the conjunction of both, which are partly conftituted 
from equality, and. partly through inequality. And fome are allied 
to Jound, others to infinity, and others are generated from the mixture 
of both. Hence the ternary permeates through all geometrical forms, 
- as through lines, angles, and figures; and among figures, through 
fuch as are trilateral, quadrilateral, and all the reft in a confequent 
order, But ound, likewile muft be confidered as inherent in geo- 

Ss metrical 
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metrical forms, as well through fimilitude, as equality ; and infinite, 
both by diffimilitude, and inequality ; and that which is mixt, fome- 
times from the jundtion of fimilitudes, and diffimilitudes, and fome- 
times from the union of equalities, and inequalities. But the reafon 
of this alfo, is becaufe geometrical.forms regard both quantity and 
quality. And we have affigned thefe, becaufe, when we have de- 
termined thefe two, it will be-manifeft to us, that when the inftitutor 
of the Elements fays, of every triangle, he does not alfo fpeak of the 
equilateral, but of that which has a greater and lefs fide: for it is 
neceflary to confider the abje& of enquiry, as confequent to the pre- 
ceding datum ; and that the triangle which has a greater and lefs fide, 
contains a greater ngle, under the greater fide. 
But becaufe the geometrician, when_in the conftru&ion he receives 
the triangle a $ c, and the fide ac, greater than the fide 24, in or- 
der that he may fhew, that the angle at the point 4 is greater than 


a 





C x 
at the point ¢, from the fide a c, he cuts off aright line 4a d, equat 
to the fide 24: on this account it may be faid that it is neceflary to 
make the ablation at the point c, let us therefore exhibit the thing 
propofed upon this hypothefis, according to. Porphyry, as follows. 
- Let d c be equal to 2 4, and produce a 4 to the point e, and place 4 e 
equal toda, ‘The whole, therefore, a e, is equal to the whole a c. 
ConneS 
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a 





e | . 

Conne& ec. Becaufe, therefore, a e is equal to a c, the angle, alfo 
a e c, is equal to the angle a c e, (by the fifth). Hence, the angle a e c 
is greater than the angle a cb. But the angle, alfo, a 4c is greater 
than the angle ae c; becaufe one fide of the triangle cde is pro- 
duced, viz. Że, and fo the angle a b c, fince it is external, is greater ` 
than the internal and oppofite angle. Much more, therefore, is the 
angle a 4c, greater than the angle a c b, which ,was to be fhewn. 
And fuch are the geometrical exhibitions of the prefent theorem. 

But it is manifeft that.the caufe of this fymptom is the amplifica- 
tion, or diminution according to magnitude, of the fide fubtending 
the angle. For when it is greater, it more amplifies the angle ; but 
when lefs, at the fame time it diminifhes, and gives a greater con- 
traĉâtion to the angle. And this takes place on account of the right 
line being fituated in its extremities: for through its being placed in 
its extrenities, it changes likewife the magnitudes of the angles, ac- 
cording to the increafe and decreafe which it receives. And this we 
affirm in one triangle, fince it it is poffible that the fame angle may 
be fubtended by a greater or leis right line; and that the fame right 
line may fubtend a greater and lefs angle. Fop let the triangle hap- 
pen to be an ifofceles one, a b c, and let there be taken in the fide z J, 

a point 


Cd 


aap”? 
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a point 4, and let ae be taken equal to ad, and conneĝ& d e. The 
right lines therefore, de, 6c, fubtend the angle at the point a, of 
which the one is greater, but the other lefs. And in the fame man: 
ner infinite right lines, greater and lefs {ubtending the angle. Again, 
let the triangle a b ¢, be ifofceles, and let c be lefs than ġa, ac, and 


42 
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conftru& upon 4 c, an equilateral triangle d c, and conneå a d, and 
produce it to e. Becaufe, therefore, the angle b de, of the triangle 
a b d, is external, it is greater than the angle ġ a d. In like manner 
the angle cde, is greater than the anglec ad. The whole, there- 
fore, 6d c, is greater than the. whole $'a c, and the fame right line 
fubtends both, viz. the greater and the lefs angle. But it is fhewn, 
that likewife greater and lef$ right lines fubtend the fame angle. But 
in one and the fame triangle, one right line fubtends one angle, and 
the greater always the greater, and the lefs always the lefs, the caufe 
of which we have contemplated. 


“PROPOSITION XIX. Tuaorem XII. 


The greater fide of every triangle fubtends the greater 
angle. 


This. is the converfe of the preceding theorem ; and the datum, 
as well as the object of enquiry,.is fimple in each. Add too,. that 
what was oonclufion there, is hypothefis here: and what was (SN 
thefis there. is conclufion in this. Butthe former precedes, becaufe it 
has the inequality of the fides given ; and this follows, becaufe it 
fuppofes unequal angles. For fides, indeed, feem to contain right- 
lined figures, but the angles appear. to be contained ; and the mode of 
demonftration in the former is oftenfive, but in this it concludes the 
thing propofed by a deduction to an impoffibility. The geometrician, 
therefore, by divifion, reafons concerning that which is impofible : 
for the angles being unequal, J fay, (fays he) that the fides alfo fuba 
tending the unequal angles are unequal; and = greater fubtends the 
greater given angle. For if,that which fubtends the greater angle is 
not. greater, it is either equal, or lefs. Butif it-be equal, the angles 
alfo which they fubtend, are equal by the fifth. But if lefs, the angle 
alfo which it fubtends;.is lefs by the preceding: for it was fhewn that 
the greater fide fubtends the greater angle, and the lefs the leffer. © 


But the angles have a contrary pofition; and hence, the one fide is 
greater than the other. 


4 


But 
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But it is poffible that we may exhibit the thing propofed, without 
this divifion, For.ifthe angle of a triangle be bife@ted, and the right 
line drawn to the bafe, cutting the angle, divides it into unequal parts, 
the fides containing that angle will be unequal, and the greater will 
be that which coincides with the greater fegment of the bafe, but the 
lefs that which coincides with the leffer. Let there be a triangle a $c, 
and let the angle at a be bifected, by the right line ad, and let a d cut 


a 





l e 
the bafe 4c, into unequal parts, and let cd be greater than 6d. I 


fay that the fide æ c is greater than the fide 2 b. Produce a d to the 
point e, and place de equal toad. And becaufe d c is greater than 
db, place d f equal to b d, and conne& ef, and produce it to the 
point g. Becaufe, therefore, ad is equal to de, and 5d tod f, the 
two are equal to the two, and they comprehend equal angles at the 
vertex. Hence, the bafe 4 a, is equal to the bafe e f and all, there- 
fore, are eqnal to all. On this account alfo the angle d e f, is equal 
to the angle da 4. But this is not unequal tod a g. Hence, the fide 
a g, is equal to the fide e g, by the fixth. The fide, therefore, ac, is 
— VoL. II. Q, greater 
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preater than the fide ef. But the fide fe, is equal to the fide 24; 
and hence, the fide a ¢, is greater than the fide a 4, which was to be 
demonftrated. | | . | 

This being pre-aflumed, we can fhew that the greater fide fubtends 
the greater angle. Let there be a triangle a b ç, having the angle at 


a, 





e l 
the point 4, greater than the angle at the pointc. I fay that the fide 
ac, is greater than the fide ab. Let bc be bifected in the point d, 
and connect a d, and draw.d e, equal to a d, and conne& ġe, Becaufe,: 
therefore, b d, is equal to dc, anda d, tod e, the two are equal to the 
two, and they comprehend equal angles at the vertex. Hence, the 
bafe 4 e, is equal to the bafe ac, and all are equal to all. Hence too, 
the angle d 4 e, is equal to the angle at the point c, but lefs than the 
angle a 6d. The angle, therefore a 4 e, is bifeCted by the right line 
bf. Hence, ef, is greater than fa. Becaufe, therefore, the angle 

at 
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at the point 4, of the triangle a 4 e, is bifected by the right line 65 
and e fis greater than f a, it follows from what has been previoully 
fhewn, that the fide 4 e, is greater than the fide a. But 4 ¢ has 
been fhewn to be equal toa c. The fide, therefore, ac, is greater 
than the fide a 4; and the objeét of enquiry is exhibited. And it ig 
manifeft that the inftitutor of the Elements, avoiding a variety of de- 
monftration, refrains from this mode of demonftrating, and employs | 
a method of proof, which leads from divifion to an impoffibility, be- 
caufe he was willing to fabricate the converfe to the preceding, with- 
out any intervening medium. For the eighth theorem, indeed, which 
is the converfe of the fourth, brings great difturbance, becaufe it 
makes converfion difficult to be known. For it is more excellent to 
exhibit converfe theorems, by preferving the continuity through an 
impoffible, than to deftroy the continuity by a principal demonftration. 
And hence, Euclid fhews almoft all converfe theorems by ‘a dedudtion 
to an impoffibility. | 


\ 


PROPOSITION XX. Tueorem XIII. 


Two fides of every triangle, however taken, are greater 
than the remaining one. 


The Epicureans oppofe the prefent theorem, afferting that it is 
manifeft even toan afs; and that it requires no demonftration: and 
befides this, that it is alike the employment of the ignorant, to con- 
fider things manifeft as worthy of proof, and to affent to fuch as are 
of themfelves immanifeft and unknown; for he who confounds thefe, 
feems to be ignorant of the difference between demonftrable and inde- 
monftrable. But that the prefent theorem is known even to an afs, 
they evince from hence, that grafs being placed in one extremity of 
the fides, the afs feeking his food, wanders over one fide, and not 
over two, Againft thefe we reply, that the prefent theorem is indeed 
manifett to fenfe, but not to reafon producing fcience : for this is the 
~ cafe in a variety of concerns. Thus for example, we are indubitably 
I Q2 certain 
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certain from fenfe, that fire warms, but it is the bufinefs of {cience to 
convince us how it warms ; whether by an incorporeal power, or by 
corporeal fe&tions ; whether by {pherical, or pyramidal particles. 
Again, that we are moved is evident to fenfe, but it is difficult to 
aflign a rational caufe how we are moved ; whether over an impartible, 
or over an interval: but how can we run through infinite, fince every 
magnitude is divifible in infinitum ? Let, therefore, the prefent theo- 
rem, that the two fides of a triangle are greater than the remainder, 
be manifeft to fenfe, yet it belongs to {cience to inform us how this 
is effeted. And thus much may fuffice againft the Epicureans. 

But it is requifite to relate the other demonftrations of the prefent 
theorem, fuch as Heron, and the familiars of Porphyry have fabri- 
cated, without producing the right line, after the manner of Euclid. 
Let there be a triangle æ 4c, itis requifite, therefore, to fhew, that 
that the fides a4, ac, are greater than the fide dc. Bife& the 


6 


a C 
angle at 4, by the right line a e. Becaufe, therefore, the angle gec, 
is external to the triangle æ ġe, it is greater than the angle Jae. 
But the angle 4 a e, was placed equal to the angleeac. The angle, 
therefore, a ec, is greater than the angle e ac. Hence, the fide alfo 
a c, ìs greater than the fide c e. And for the fame reafon the fide a 4, 
| : 18 
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is greater than the fide ġe. For the angle æ e b is external to the 
triangle a ec, and is greater than the angle c a e; that is than the angle 
eab And on this account the fide a 4, is greater than the fide ġe. The 
fides, therefore, a $, a c, are greater than the whole fide dc. And the 
like may be fhewn of the other fides. Let there again be a triangle a å c. 
If therefore the triangle a 4c, be equilateral, two fides will be doubtlefs 


gC 





e 


greater than the remaining one: for when there are three equal quan- 
tities, any two are double of the remainder. But if it be ifofceles, it 
wili have a bafe either lefs, or greater than each of the equal fides. 
If therefore the bafe be lefs, the two fides are given greater than the 
remainder. But if the bafe be greater, let it be dc, and cut off from 
ita part equal to 'either of the fides, which let be 4 e, and conneét a e. 
Becaufe, therefore, the angle a ec, is external to the triangle a e 4, 
it is greater than the angle ae. On the fame account the angle 
ae b, is greater than the angle cae. Hence, the angles about the 
point e, are greater than the whole angle about the point a, of which 
be ais equal to dae, fince æ b is equal to ġe. The remainder, there- 
fore, aec, is greater than the remainder c ae. Hence, the fide ac, 
is greater than the fide ce. But the fide @6, was alfo equal to the. 
fide de, The fides, therefore, a b, a c, are greater than the fide dc. | 
: | But 
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But if the triangle a 4c, be fcalene, let the greateft fide be 24, the 


a - Z 
middle a c, and the leaft c 4. The greateft fide, therefore, afumed 
with either of the others, exceeds the remainder : for by itfelf it is 
greater than either. But if we are defirous of fhewing that the fides 
ac,c b, are greater than the greateft fide a b, we muft employ the 
fame conftruction as in the ifofceles triangle, cutting off from the 
greater fide, a part equal to one of the other fides, and conne@ing the 
line ce, and ufing the external angles of the triangles. o 

Let there be again any triangle a 5c, I fay that the fides a 4, ac, 
are greater than the fidedc. For if they are not greater, they are 

a ; 





b A c 
either equal or lefs. Let them be equal, and cut off 4 e, equal to a 4. 
The remainder, therefore, e c, is equal toac. Becaufe then, a b, b e, 
are equal, they fubtend equal angles; and this is likewife true of ac, 
ec, becaufe they are equal. Hence, the angles at the point e, are 
equal to the angles at the point a, which is impoffible. Again let 
the 
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the fides a å, ac, be lefs than å c, and cut off 5 d, equal to 24, and 
| a ; 


= d e ý 

ectoac. Becaufe, therefore, a å is equal to d, the angle da, is 
not unequal to the angle ġa d. And becaufe a c is equal toe e, the 
angle cea, is equal to the angle e ac. Hence, the two angles 4 da, | 
cea, are equal to the two ad, and e a c. Again, becaufe the angle 
6d a is external to the triangle a dc, it is greater than the angle e ac: 
for itis greater than cad. By afimilar reafon alfo, becaufe the angle 
cea, is external to the triangle a be, it is greater than the angle. 
bad: forit is greater than the angle ae. Hence, the angles $ d a, 
c e a, are greater than the two dad, eac. But they were alfo equal 
to them, which isimpoffible. The fides, therefore, 24, ac, are 
neither equal to, nor lefs than the fide 4c, but greater. And the 
like may be exhibited in others. 


PROPOSITION XXIV. Tueorem XIV. 


If upon one fide of a triangle, two right lines beginning 
from the extremities, are internally conftituted, the 
conftituted right lines will be lefs than the other fides of 
the triangle, but they will contain a greater angle. 

That which is expreffed by the propofition, is, indeed, manifeft ; 
and the demonftration adopted by the elementary inftitutor, is evi- 
dent; and the theorem is confequent to the firft principles, fince it 
-= depends on two theorems, the one previoufly exhibited, and the fix- 

: teenth. 
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teenth. For in order to fhew, that the lines internally conftituted,. 


are lefs than the external, the theorem is required, which fays, the two 
fides of every triangle, are greater than the remaining one: but for the 


purpofe of confirming that the angle comprehended by them is greater: 


than that comprehended by the external fides, that theorem procures 
the greateft utility, which fays, the external angle of every triangle, is 
greater than the internal and oppofite angle. But you will receive at 
the fame time, conviction of geometrical diligence, and a commemo- 
ration of things admirable in the mathematical difciplines, if we thall 
“thew: that it is pofible within a certain triangle, upon one of its fides, not 
upon the whole, but upon fome one of its parts, to conftitute two right 
fines greater than the external right lines* ; and again, others compre- 
hending a left angle, and comprehended in the angle made by the external 
kines, For this being exhibited, it will at the fame time be manifeft, 

that the inftitutor of the Elements neceffarily adds, that the internally 
conftituted lines muft begin from the extremities of the common bafis; 
and muft be conftituted upon one whole fide, and not upon any one 
of its parts: but likewife, as I have faid, one of the admirable things 


which geometry contains, will be manifeft. For is it not, indeed, ad- 
mirable, that the lines conftituted upon the whole fide, fhould be 


lefs than the external fides: but that thofe conftituted upon a part 
fhould be greater? Let there be then a right angled triangle a bc, 
having the angle at the point 4 right, and take in the fide 4¢, any 
point d, and connect ad. Hence, a d is greater than a 6. Take from 

ap | 


* Pappus in Mathem. Collect. 
fhews that any two fides, whofe 
ratio to the external fides is lefs 

than two toone, may be infcribed 
` after this manner ina triangle. 


ad, 
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-a d,-a part equal to a 4, which let be de, and bife& e a, in the point. 
Js and conne fc. Becaufe, therefore, a fc is a triangle, the lines | 
af, fc, are greater than ac. But af is equal tofe. The right lines 
therefore, f e, fc, are greater thanac. But de isequaltoa 4. Hence,. 
the right lines fc, fd, are greater than the right lines a4, ac, and 
they are internally conftituted. 
Let there be again an ifofceles triangle 24 c, having the bafe bc, 
greater than either of the equal fides. Then from 4c, cut off b 4, 


a 





b c 


equal toa 4, and connect a d, and take in a d, any point ¢, and con- 
netec. Becaufe, therefore, 24, is equal to $ d, the angle ba d, ig 
alfo equal to the angle 6 da. And becaufe the angle 4d a is external 

to the triangle e dc, it is greater than the internal and oppolite dec. 
Hence, the angle 4 ad, is greater than the angle dec.. Much more, 
therefore, isthe angle ac, greater than the angle dec; and bac 
is contained by the external lines, but d e c by internal lines. Within 
a triangle, the:efore, right lines de, ec, comprehending a leffer angle, 
are‘conftituted within the angle comprehended by the exteraal lines; 
and the thing propofed is fhewn without employing the parallel lines 
ofexpofitors. Hence, it is neceflary that the conftituted right lines 
fhould begin from the extremities of the bafis: for thofe which are 
conftituted upon any one of its parts, are fhewn to be. fometimes 
greater than the external lines, and to comprehend a leffer angle. 

But when they are conftituted in this manner, beginning from the 
extremities, the fpecies of triangles, called (axsdoe2y) or, fimilar to the 
point of a fpear *, prefents itfelf to our view ; and is one of the ad- 
mirable things contained i in geometry, viz. to find a quadrijateral tri- 

* See likewife concerning thefe triangles, Vol. I. P 173 of thefe Commentaries, 


VoL. II. angle. 
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angle. As for example, the triangle A BC. For it is contained by 
the four fides BA, AC, BD, DC; but it has three angles, one at 
_ B, the other at A, and the other at C., And hence, the prefent figure 
iş a quadrilateral triangle. 


A 


D 
B Cc 


PROPOSITION XXII. Prozgiem VIII. 


To conftruct a triangle from three right lines, which are 
equal to three given right lines. But it is requifite that 
two of the lines muft be greater than the remaining 
one, in whatever manner they may be taken. 


We again país to problems, and Euclid commands us to conftruct 

a triangle from three propofed right lines, two of which are greater 
than the remaining one, equal to given right lines. Becaufe he knew 
this in the firft place, that it was impoffible to confiruG a triangle 
from thofe fame lines, which had already received the declared pofi- 
tion : but that this was poffible to be effe€ted from their equals. In 
the next place, he knew it was neceflary that two of the right lines 
about to complete the triangle, fhould be greater than the remaining 
one: for the two fides of every triangle are greater than the remain - 
ing one, however afflumed, as we Lave fhewn. On this account he 
adds, that it is neceffary the firft right lines remaining, to conftru} a 
triangle from three equal to them: but that it is requifite, any two, 
however taken, fhould be greater than the remainder, or there will not be 
4 triangle from three lines equal to the given right lines. But by this 
means he alio deftroys all the obje&tions which are urged againft the 
conftrution, and which may be perfe&ly diffolved by this addition, 
Hence, the prefent problem ranks among things determined, and not 
i 


~ 


among 
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emong ftich as are indetermined : For of problems as well as of theo- 
reme, fome are mdeterminate, but others without termination. Thus ` 
if we honid fathply fay, from three right lines which are equal to three 
given right hnes, to confirudt a triangl, the problem is indeterminate 
and impoffible. But if we add, two of which, however affumed, are 
greater than the remainder, the problem is determined and _ poflible. 
For as the divifion of theorms takes plate, according to true and falfe, 
_ fo that of problems according to a poble and mrpoffible enunciation. 
But that the objeGions which are urged againft the conftruction, may 
be from hence diffolved, we fhall learn from a little infpeétion: for — 
we fhall follow the words of the geometrician. Let there be three 
right lines, æ $ c, of which any two, however taken, are greater than 
the third, and let it be required to accomplifh the thing propofed. 
Let there be placed a certain right line d e, on one part finite, as at 
the point d: and on the other part infinite. Then place df equal to 
a, but fgtob: andg4toc. And from the centre f, but interval 
"E 





fd, 
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Jd, let a circle & be defcribed. Again, with the center g, but inter- 
-val g 4, let the circle / be defigned ; and the circles will interfe& each 
other. For this is affumed by the inftitutor of the Elements. But it 
may be afked how this takes place? For perhaps they either only 
touch each other, or they do not even touch. Since it is neceffary 
that they fhould fuffer fome one of three cafes, I mean that they 
fhould either interfe&t or touch, or be diftant from each other. I fay, 
therefore, that they neceffarily interfe& each other. For let them in 
the firft place, touch each other. Becaufe, therefore, the point f is 
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the centre of the circle 2, d f is equal to fz, And becaufe the point 
- £ isthe centre of the circle /, 4 g is equal to g m. The two, therefore, 
d /,g 4, are equal to one, viz. to fg, But they were placed greater 
than one, as aifo a, together with c, is greater than 4. They are there- 
fore equal to it, and at the fame time greater, which is impoffible. 
Again, if it be poffible, let the cireles be diftant from each other, as 

: k and 
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Rand /, Becaufe, therefore, the point f, is the centre of the circle 4, 





a 


d f, is equal to f 7. And becaufe the point g, is the centre of the 
circle /, 4 gis equal to g m. The whole, therefore, f g, is greater 
than the two, d f, bg: for fg, exceeds df, g b, by nm. But it 
was fuppofed that df, b g, were greater than f g, in the fame man- 
ner as a andc are greater than 4. For d f was placed equal toa, but 
fg to b, and bg to ¢. It is neceffary, therefore, that the cirles & /, 
fhould interfe& each other. Hence, the inftitutor of the Elements 
very properly receives them cutting one another : fince of the three 
right lines, he fuppofes two greater than the third, however, they 
may be affumed, but neither equal to, nor lefs than one. But it is 
meceffary that when the circles touch, two of the lines fhould be equal 
to the third; and that when they are diftant from each other, two 
fhould be greater than the remainder. 
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PROPOSITION XXIN. -Prostem IX. 


On a given right line, and at a given point in it, to confti- 
tute an angle equal to a given right lined angle. 


This alfo is a problem, whofe invention according to Eudemus is ra- 
ther the gain of Oenopides than of Euclid : but it requires the conftruc- 
tion of an angle, on a given right line; and at a given point in it equal 
to another right lined angle. This, then, Euclid neceffarily adds, that 
‘the given angle muft be re@iltneal ; becaufe it is impoffible that an 
angle can be conftru@ed on a right line equal to every angle. For it 
has been fhewn + that there are only two curve-lined angles equal to 
sight-lined angles, viz. the angle of a lunular figure, which we 
have proved equal to every right-lined angle; and the angle of that 
figure fimilar to an axe *, which is equal to two thirds of a right 


* In the fecond comment of this book. 


+ This will be manifeft from the following figure. Let thecireles a c, & d, be drawn paffing 
through their refpective centers a b; and from.the centre e, with the radius ¢ 3, equal to a 3, 
defcribe the arch 2 d, anddraw the lines c 4, c d, ca. Then becaufe acd is an equilateral 
¢riangle, as alfo ¢ 5 d, each of the angles acd, å cd, fhall be equal to 3 of one right angle ; 
and becaufe the biline c d, is equal to the biline:c 3, hence, the angle formed by the arch c 3, 
and thearched, viz. the angle s c f, thall be equal to the angle formed by the right line c 3, 
and the right line c d, i.e. to $ of one right angle. Q, E D. 
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angle. -But a lunular figure of this kind, which is called (arerexoedes} 
Pelecoides, is formed from two circles cutting each other through 
their centres. However, the conftruGion of an angle on a ceftain 
right line, caufes the conftituted angle to become determinate, and not 
indifferent in fpecies, but forms it either right-lined, or mixt. But 
fince no mixt can be equal to a right-lined angle, it is manifeft that 
this muft be perfectly reGilineal. The inftitutor of the Elements, 
therefore, fimply ufing the prefent problem, and conftructing a tri- 
angle from three right lines, equal to three given lines, accomplithes 
the thing propofed. But you may receive a more exquifite con- , 
firuGion of the triangle, by the following method. Let there be a 


d 





given right line a 4, and a given point in it a, and a given right 
| lined- 
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lined angle ¢ de. It is required, therefore, to accomplifh the problem. - 
Conne& c e, and produce a 4 on both fides to the points f, g. Then place » 
fa, equal toc d, and de to a b, anddgtoe.c. And with the centre 
a, but interval a f, defcribe the circle $. And again, as in the pre- 
ceding, with the centre 4, but interval 4 g, defcribe the circle /. The 
circles, therefore, will cut each other, as we have fhewn in the laft pro- 
pofition. Let them cut each other in the points m, #, and from thefe 
points draw right lines to the centres as in the figure. Becaufe, there- 
fore, fa, is equal to a m, and aa, but c d, is equal tofa ; a m, and 
an, will be each equal tocd. Again, becaufe 4g is equal to dm, 
and 62, but g 4 is not unequal toce; bm, and bn, will be alfo 
equal to c e. Butadisequal to de. The two therefore, ab, a m, 
are not unequal to the two de, dc, and the bafe 4 m, is equal to the 
bafece. Hence, the angle m a b, is equal to the angle at the point 
d. And again, the two z a, a 4, are equal to the two cd, d e, and 
the bafe 2 4, is equal tothe bafe ce. The angle, therefore, 2a b, is 
equal tothe ang'e cde, and the thing propofed is doubly accomp- 
lifhed : for we have not only conftituted one, but two angles, equal 
to the given angle, on each fide of the right line a 4; fo that in what- 
ever part we may defire the conftrution to be made, it will be indu- 
bitable, and without contradiction. And this we have added to the 
conftru@tion of the elementary inftitutor. 

But we cannot praife the method of Apollonius, becaufe it requires 
the affiftance of the third book. For he receives any angle c d e, and 
a right line a 4, and with the centre d, but interval c d, he defcribes 


d a 


a Cir- 
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a circumference ce. In like manner with the centre a, but interval 
a b, he defcribes a circumference 4 f; and intercepting a circumfer- 
‘ ence c e, equal to 4 f, he connects the right line a f, and affirms that 
the angles a and d, infifting on equal circumferences, are equal. But 
it is neceflary to pre-affume that æ 4 is equal to c 4, in order that the . 
circles may may be alfo equal. We therefore think that a demonftra- 
tion of this kind requiring pofterior propofitions, is foreign from an. 
elementary inftitution ; and we give the preference to that of the geo- 
metrician, as confequent to principles. | 


PROPOSITION XXIV. Tuzorem XV. 


If two triangles have two fides equal to two, each to each, 
‘but the one angle contained by the equal right lines — 
greater than the other : they fhall alfo have the bafe of 
the one greater than the bafe of the other. 


Euclid again paffes on to theorems, and {peaks concerning inequa- 
lity in two triangles, in a manner fimilar to his difcourfe concerning 
equality. For fuppofing two triangles, having two fides equal to two, 
each to each, he fometimes places the vertical angle equal in each, 
and fometimes unequal; and he proceeds in a fimilar manner with 
refpect to the bafe. Befides this, he demonftrates that the equality 
of the bafes is confequent to the equality of the vertical angle, and 
that the equality of the vertical angles, is confequent to the equality 
of the bafes : but he now fhews that the inequality of the one, follows 
the inequality of the other. The prefent theorem, therefore, is oppo- 
fite to the fourth: for that, indeed, fuppofes the vertical angles of the 
triangles equal, but this fuppofes them unequal. And that demon- 
ftrates the equality of their bales ; but this proves them unequal, in. 
the fame manner as their angles. It precedes, however, the follow- 
ing theorem : for that deduces its proof of inequality from the bafes 
to the angles fubtending the bafes: but this, on the contrary, reafons 
from the angles to the bafes, which are under the angles. Hence it 
is, after this manner, the converfe of its confequent propofition, but 
oppofite to the eighth theorem. For the one from the equality of the 

VoL. Il. | S bafes, 
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bafes, demonftrates the equality of the vertical angles, but the other: 
from the inequality of the bafes, fhews that the vertical angles are un- 
equal; It is, however, common to thefe four (two of which are con- 
verfant with equality, I mean the fourth, and the eighth, but two 
about inequality, the prefent and the following ; and two begin from 
angles, viz. the fourth, and the object of inveftigation in the prefent, 
but two from bafes, viz. the eighth, and the following propofition) ; 
it is common, J fay, to all thefe four, as well to the fourth and the 
eighth, ‘as to the twenty-fourth and twenty-fifth, to have two fides 
equal to two, each to each. For thefe being unequal, alt enquiry is 
fuperfluous, and fubje&t to deception. And thus much for a univer-. 
fal {peculation concerning the prefent theorem. | 

` But let us now confider the conftruction of the elementary iaftitu-. 
tor, and add. to it where deficient. For Euclid receiving two tri- 
angles, adc, dejf, having the fides a 4, ac, equal tothe fides d e, 


a d 





d f, each to each, and the angle atthe point 2, being greater than. 
the angle at the point d, and willing to fhew that the bafe $ c is 
greater than the bafe e f, on the right line e d, and at a point in it a, 
conftitutes an angle e d 4, equal to the angle.atthe point æ. For the 


af, 
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angle at the point a, is greater than the angle at the point- d, and he 
connects d4, equaltoac. The right line, therefore, e 4, produced to 
the point 4, either falls above, or upon, or. beneath the line e f. The 
inftitutor of the Elements, indeed, confiders it as lying above the line. 
But Jet it be upon the right line. Again, therefore, we may exhibit 
the fame. For the two a b, ac, ate equal to the two de, dé, and 


a o d 





e : a 


‘they contain equal angles. Hence, the bafe 4 c, is equal to the bafe 
eb. But e4is greater than e f; and on this account dc is greater 
thane f Again, let it be placed beneath e f> Connecting, there- 
fore, e b, we muft fay, that fince a4, a ¢, are equal to de, dh, 
and they comprehend equal angles, 4c is alfo equal to e 4. Becaufe, 
therefore, within the triangle de 4, two right lines df, f ¢, are 
conftructed on the fide d e, they are lefs than the external fides. But 
d b, is equal tod f: for it is equalto a¢. Hence 4e is greater than 
ef: But 4e is equal to dc. And therefore, 4c is greater than ef. 
The theorem, therefore, is exhibited according to every pofition. 
. Why then, as is the fourth theorem, he at the fame time demonftrated 
S 2 that, 
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oe d 


b c 


that the areas of triangles are equal, does he not add in the prefent,. 
that befides the inequality of the bafes, the areas alfo are unequal ? 
Againft this doubt. we muft fay, that there is not the fame proportion 
in equal, as in unequal angles and‘ bafes. For when the angles and 
bafes are equal, the equality alfo of the triangles follows: but when 
they are unequal, itis. not neceflary that the inequality of the areas 
fhould be confequent ; fince the triangles may as well be equal, as 
unequal ; and that may be greater, and likewife lefs, which contains 
. the greater angle, and the greater bafe. On this account, therefore, 
the inftitutor of the Elements leaves the comparifon of the triangles ; 
to which we may add, that the contemplation of thefe, requires the 
doGtrine of parallels. 

But if it be requifite, that anticipating things which are afterwards 
exhibited, we at prefent make a comparifon of areas, we mutt fay, 
that if the angles a, d, are equal to two right, the triangles may be 
fhewn to be equal: but when they are greater than two right, the. 


leffer triangle will be that which contains the greater angle ; and: when: 


they are lefs than two right, this will be the cafe with the greater tri- 
angle. For let the conftruétion in the element be given, and produce 
€ dy 
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e d, fd, to the points 4; 4; and let us fuppofe the angles b. aC, sa 
equal to two right. Becaule, therefore, the angle 4 a c, is equal to- 
the angle e d g, the angles e d g, ed f, are equal to two right. But 
the angles ed g, È d g, are alfo equal to two right. Let the common 
angle ed g be taken away, and the remainder e d f, will be equal to 
the remainder £d g. Buted fis equal to4 4; for they are ver- 
tical angles. Hence, the angle & d g, is equal to the angle 4d & And: 
becaufe the angle g d 4, is external to the triangle g d f, it is equal to 
the two internal and oppofite angles at the points g and f: But thefe- 
angles are equal to each other, becaufe d g is equal to df. Hence, the- 
angle g d 4, is double of the angle at the point g, and:of the angle at 
the point £ The angle, therefore, at the point g, is equal to the- 
angle g d k, and they are alternate; and confequently d e is parallel 
to fg. The triangles, therefore, g de, fde, are upon the fame bafe- 
de, and between the fame parallels de, g f; and are confequently - 
equal; But the: triangle g dr, is equal to the triangle a 4c 3 and fo: 
| the: 


f 


i, 
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the triangle de f, is not unequal to the triangle a 4c. And here you 
may obferve, that we require three theorems belonging to the doétrine 
of parallels; one, indeed, affirming, that tbe external angle of every 
triangle is equal to the two internal and oppofite angles: but the other, 
that if a right line falling upon two right lines, makes the alternate angles 
equal, the right lines are parallel; and the third, zbat triangles confti- 
tuted upon the fame bafe, and between the fame parallels, are equal, which 
the inftitutor of the Elements alfo knowing, omits-the comparifon of 


4 


triangles. / | 

But let the angles bac, e df, be greater than two right, and 
let the fame things be confiruted. Becaufe, therefore, the angles 
bac, edf, i.e. the angles e d g, e d f, are greater than two right; 
but the anglese d g, g d k, are equal to two right, by taking away 
the common angle edg, the angle e df, is greater than the angle 
gdk. Hence, the angle g dh, is more than double of the angle 
gdk; and fo the angle g d&, is lefs than the angle at the point g. 
Let g d kbe placed equal to dg /, and let e/, and d/, be conne&ed 





l 


g l, therefore, is parallel to de ; and hence, the triangles gde, ida 
are equal. But the triangle /d e, is lefs than the triangle fde. The 
triangle, therefore, g d e, is lefs than the triangle fde. But the tri- 
angle g d e, is equal to the triangle abc; and hence, the triangle abc, 
is lefs than the triangle fd e, viz. is lefs than the triangle which con- 
tains the greater angle, | 


7 In 
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In the third place, let the unequal angles be lefs than two right, 
and let the fame things be conftruéted. Becaufe, therefore, the an- 
gles e dg, g d k, are equal to two right, by taking away the common 
angle ed, the whole gd 4, is lefs than double of gd. But it is 
double alfo of the angle at the point g. Hence, the angle g d k, is 
greater that the angle at the point g. Let the angle dg /, be placed 
equal to the angle g d &, and let g / coincide with e /, in the point /, 
and connect d/. Hence, g/is parallel to de; and confequently the 
triangles g dé, / de, are equal to each other. But.the triangle / de, 
is greater than the triangle f de; and the triangle g d e, is equal to the 
triangle ac. Hence, the triangle a 4c, is greater than the triangle 
dfe. Itis fhewn, therefore, that the triangle z 4 c, is both equal to, 


A h a 





and is alfo: greater and lefs than the-triangle de f, the angles at the 
points a and d, being either equal to, or greater or lefs than two right. 
And thus, all the hypothefes may be accomplifhed. For what ifthe 
angle at the point a, fhould be one right, and the half ofa right 
angle, but the angle at the point 4, the half of one right, would not 
thofe two angles be equal to. two right ? But what if the angle at the 
point 2, fhould be one right, and the half of a-right, but the angle at. 
the point 4, two thirds of one right, would they not-be greater than: 
two right angles? And laftly, if the angle at the point a, fhould be 
ene right, and the half of aright angle, but the angle at the point J, 
| a.third: 
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a third part of a right angle, would they not be lefs than two right, 
and the angle a be greater than the angle d? All thefe comparifons, 
therefore, are produced by the affiftance of parallels ; and hence, they 
-= are neceffarily not found in the prefent elementary inftitution. 


PROPOSITION XXV. Tueoaem XVI. 


If two triangles have two fides equal to two, each to each, 
but have the bafe of the one greater than the bafe of 
the other; they fhall likewife have the angle contained 
by the equal fides in the one; greater than the angle 
contained by the equal fides in the other. | 


The prefent theorem is thé oppofite to the eighth, but the converfe 
of the preceding. For the inftitutor of the Elements produces theo. 
rems concerning the equality and inequality of angles-and bafes, ac- 
cording to conjunction; in each of the conjunGtions, receiving fome as 
precedents, but others as converfe. And in fuch as are precedent in- 
deed, he employs direct oftenfions: but in fuch as are converfe, he 
ufes deductions to an impoffibility. After this manner he proceeds 
in fome particular triangle, fometimes from the equality of the fides 
which it contains, fhewing the -confequent equality of the angles 
which:they fubtend: but fometimes from their inequality evincing in- 
‘equality. .And again, on-the contrary, affirming that equality of fides 
is tonfequerit to equality of angles, but inequality to inequality. 
However, that ‘we may procetd to the thing propofed, we refer thofe 
who are defirous of learning how the geometrician fhews when this is 
manifelt, to his books on this fubject. But we fhall briefly relate the 
demonttrations which others produce of this propofition; and in the 
firft place, that which Menelaus Alexandrinus invented and delivered. 
Let there be two triangles æ b c, d e f, having the two fides a 4, ac, 

equal 


a? 
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co A | 

equal to the two de, d f, each to each, and the bafe 4c, greater than 
the bafe ef, I fay that the angle at the point a, is greater than the 
angle at the point d. For let there be cut from the bafe 4c, a line 
Sg, equal to the bafe ef, and conftrud& at the point 4, an angle 
gb h, equal tothe angled e f, and place 44 equal to de. LAftly, 
© connect 4 g, and produce it to the point Å, and connect a 4. Becaufe, 
therefore, 4 g is equal to ef, but 4 4 toed, the two are equal to the 
two, and they contain equal angles. Hence, g 41s equal tod f, and 
the angle 64, is not unequal to the angle e d f. And becaufe g 4 
is equal to df, butdftoac, g 4, alfo, is equal to ac. Hence sé 
is greater than ac, and‘confequently is much greater than a &, 
The angle, therefore, a4, is greater than the angle 24a. Again, 
becaufe 4 b, is equal to a J, for it is equal to d e, the angle 44 a, is 
equal to the angle ġ a b- Hence, the whole angle b 4 2, is lefs than 
the whole, 4 ¢ c, but is fhewn to be equal to the angle at the point d. 
The angle, therefore, ba c, is greater than the angle at the point d. 
And fuch is the demonftration of Menelaus. __ 

Vou. II T But 
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But Heron, the mechanift, fhews the fame thing, in the following 
manner, without leading to an impoffibility, as is the cafe with the de- 
montftration of Euclid. Let there be two triangles a 4c, def, with 
the fame hypothefes as above. And becaufe dc is greater than e f 

ö 


h 





let e f be produced, and place e g equal to 4c; and in like manner 
extend de, and place d 4 equal tod f. The circle, therefore, which 
is defcribed with the centre d, and interval d f, will pafs alfo through 
the point 4. Let it be defcribed as f 4. And becaufe ac, a 4, are 
together greater than 4c, but thefe are equal to e 4, and 4c is equal 
to g e, hence the circle which is defcribed with the centre e, but in- 


terval 
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terval eg, willcut ¢ 4, Let it cut e 4, as the circle g k, and conned 
from the common fe€tion of the circles to the centres, the right lines 
Ad, ke. Becaufe, therefore, the point d, is the centre of the circle 
b k f, dkisequaltods, te.toac. Again, becaufe the pointe, is 
the centre of the circle g 4, the line e 4, is equal to e g, i.e. to dc. 
Hence, fince the two a 4, ac, are equal to the two de, d È, and the 
bafe 5c, is equal to the bafe e 4, the angle, alfo, 6 ac, is equal to 
the angle e d. And thus the angle 4 ac, is greater than the an- . 


gle fde. | 
PROPOSITION XV. ‘Tueorem XVII. 


If two triangles have two angles equal to two, each to 
each, and one fide equal to one fide, either that which 
is adjacent to the equal angles, or that which fubtends 
one of the equal angles: then they fhall have the re- 
maining fides equal to the remaining fides, each to 
each, andthe remaining angle equal to the remaining 
angle. : | 


It is neceflary, that he who wifhes to compare triangles with each 
other, according to fides, angles, and areas, fhould either, by receiv- 
ing the fides alone equal, enquire after the equality of angles; or by 
affuming the angles alone equal, inveftigate the equality of the fides; 
or by mingling the angles and fides, f{crutinize the equality of an- 
gles and fides. Since, therefore, Euclid alone receives the angles 
equal, he could not hikewife fhew that the fides of the triangles are 
equal. For the leaft triang'es are equiangular with the greateft, | 
though at the fame time they are excelled by them, both according 
to fides and comprehended fpace : but the angles of the former are 
feparately equal to the angles of the latter. However, as he fuppofes 
the fides alone to be equal, he demonftrates that all are equal, by the 
eighth theorem, in which there are two triangles having two fides 

T2 equal 
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equal to two, each to each, and the bafe to the bafe, and thefe are 
fhewn to be equiangular, and to poffefs a power of comprehending 
equal fpaces. And the inftitutor of the Elements omits this addition, 
as neceflarily following from the fourth, and requiring no demonftra- 
tion. But when receiving fides and angles, he ought to receive either 
one fide equal to one, and one angle equal to one; or one fide, and 
two angies of the triangles, equal*to two; or on the contrary, one 
angle and two fides; or one angie and three fides; or one fide and 
three angles ; or more than one fide, and more than one angle. But 
when he had received one angle, and one fide, he could by no means 
fhew the thing propofed. I mean, the equality of the reft. For it is 
poffible that two triangles which are equal, according to one fide only, 
and one angle, may be entirely unequal as to the reft. ‘Thus let there 
be aright line a 4, perpendicularly ‘erected upon‘ the right line c d, 
but let 6d be greater than 4c, and connect ac, ad. In thefe tri- 
| a 





c d : 
angles, therefore, there is one common fide, and one angleeq ual to 
one, but all the reft are unequal. But it is lawful to receive one fide, 
and two angles, and to prove the reft equal, and this he performs by 
the prefent theorem: though again, to fuppofe one fide, and three 
equal angles, is fuperfluous ; fince from the equality of two alone, 
the equality of the reft is exhibited. Again, receiving one angle, 
and two equal fides, he demonftrates that the reft are equal in the 
fourth theorem. But it is fuperfluous to receive one angle, and three 


- equal fides: for two equals being alone affumed, conclude the equa- 
I ; 


lity 
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lity of the reft. Befides, it is fuperfluous to affume two fides, and 
‘two equal angles; or two fides, and three equal angles ; or two an- 
gles and three fides; or three angles and three fides. For the confe- 
quents to fewer hypothefes attend likewife a greater multitude, while 
the hypothefes are received with proper conditions. Hence, three hy- 
_ pothefes requiring demonftration, prefent themfelves to our view, one, 
which alone receives three fides; and another which affumes one 
fide, and two angles, which the geometrician now propofes; anda 
third, the oppofite to this. On this account, we have only thefe 
three theorems, concerning the equality of triangles, which are con- 
verfant in fides and angles; fince all the other hypothefes are cither 
invalid for the purpofe of fhewing the obje&t of enquiry ; or they are 
' valid indeed, but fuperfluous, becaufe the fame things may be readily 
procured by fewer hypothefes. As, therefore, when he affumed two 
fides equal to two, and one angle equal to one, he did not, indeed, 
affume every angle, but (as it was propofed by him). that contained ` 
by equal right lines, in the fame manner when he affumes two angles 
equal to two, and.one fide to one, he does not affume any fide, but 
either that which is adjacent to the equal ang’ es, or that which fub- 
tends one of the equal angles. For neither is it poffible in the fourth 
theorem, by affuming any equal angle, nor in the prefent by afum- 
ing any fide, to fhew the equality of the reft. 

Thus for example, an equilateral triangle a 4c, being given, let 





the 
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the fide 5 c be divided into unequal parts, by the line a d. Hence, there 
will be -formed two triang’es, having two fides 24, ad, equal to the 
two a.c, ad, and one angle at the point 4, equal to one angle at the 
point c, but the remaining fides will not a'fo be equal, as for inftance, 
the fide 54, to the fide dc: for they are unequal. But neither are 
the remaining angles equal: the reafon of which is, becaufe we re- 
ceive an angle equal to an angle, but not the angle which is con- 
tained by eyual fides. After the fame manner, indeed, the prefent 
theorem alfo will appear dubious, unlefs we affume, according to the 
aforefaid condition, an equal fide fubtending one of the equal angles, 
or adjacent to the equal angles. For let there be a right angled tri- 
angle a óc, having the angle at the point 4 right, and the fide 4c, 
a | 





greater 
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greater than the fide 4a, and let’ there be conftruéted on the right. 
line å c, and at a point in itc, an angle dcd, equal tothe angle Jac, 
and let 4d, c d, produced, coincide inthe point d. There aretwo tri- | 
angles, therefore aġ c, bcd, having one fide 4c common, and two 
angles equal to two, viz. abc, toc.dd (for they are right), and ġ ac 
to4cd, according to conftruction. Hence, as it appears the trian- 
gles are equal, and yet it may be fhewn that the triangle 4 dc, is 
greater than the triangle a4 c. But the reafon of this is, becaufe in - 
the triangle a4c, we aflume the common fide 6c, fubtending one of 
the equal angles, viz. the angle at the point a: but in the triangle 
bcd, we affume the equal fide, adjacent to the equal angles. It was © 
requifite, therefore, in each, either to fubtend one of the equal an- 
gles, or to be adjacent to the equal angles. But not obferving this, 
we affirmed that triangle to be equal, which is neceffarily greater : 
for is not the triangle 4 c d, greater than the triangle ac ? 'To be con- 
vinced of this, let there be conftructed on the right line dc, and at 
a given point in it c, an angle fc b, equal tothe angle a c 4: for 
the angle 4 c d, as wellas the angle at the point a, is greater than the 
angle a.c b. Becaufe, therefore, there are two triangles, a b c, bc f; 
having two angles abc, bca, equal to two c df, bc f, each to 
each, and one fide common, adjacent to the equal angles, viz. 4 c, the 
triangles are equal. But the triang'e c dis greater than the triangle 
b c f, and confequently it ts alfo greater than the triangle adc. But 
it was formerly fhewn to be equal, on account of the affumption of 
any fide: And thus much the dilizence of Porphyry has fupplied 
us on the prefent occafion. But Eudemus, in his Geometrical Narra- 
tions, refers the prefent theorem to Thales. For he fays it is necef- 
fary to ufe this theorem in determining the diftance of fhips at fea, 
according to the method employed by Thales in this inveftigation. 
But from the preceding divifion we may briefly affume all the con- 
templation concerning the equality of triangles, and are enabled to 
relate the caufes of things omitted, confuting thofe hypothefes, as 
either falfe,or fuperfluous. And thus far we determine the limits 
of the firft feCtion of the elementary inflitutor, becaufe he forms the 

conftructions 
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conftructions and comparifons of triangles, according to equal and 


-unequal. And by conftruction, indeed, he delivers their effence : 


but by comparifon, their identity and divestity, For there are three 
things which are converfant about being, efence, fame, and different *, 
as well in quantities, as in qualities, according to the propriety of 
fubje€ts. From thefe, therefore, as images it may be fhewn, that 
every thing is the fame with itfelf, and differs from itfelf, on account 
of the multitude which it contains; and that all things are the /ame 
with one another, and different from themielves. For both, in every 
triangle, and in more triangles than one, equality and inequality has 
been found to refide. 


* See more concerning thefe univerfal genera in the third fection of the Differtation, 
Vol I. of this work. 


BOOK 
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B O O K IV. 


HATEVER can be faid in an elementary inftitution, concérn- 

ing the origin and equality of triangles, we may learn from 

the preceding difcourfe. But after this, the narration of Euclid is con- 
' cerning quadrilateral figures, and he particularly teaches us concern- 
ing paralellograms, together with the contemplation of thefe deliver- 
ing the doétrine of trapeziums.- For a quadrilateral figure, (as we 
have formerly obferved in our difcourfe on hypothefes,) is divided 
into paralellogram and trapezium; and a paralellogram into other 
certain fpecies, and in like manner a trapezium. But becaufe a para- 
lellogram, on account of its participation of equality, poffeffes difpo- 
fition and order, but a trapezium has neither the fame, nor a fimilar 
order; Euclid’s principal difcourfe, is with propriety, concerning 
paralellograms, but he alfo contemplates together with thefe a trape- 
zium. For from the fe&tion of paralellograms, the origin of trape- 
ziums will appear, as wil be manifeft as we proceed. But becaufe. 
again, it is not poffible that any thing can be faid of the conftru&tion 


- or equality of parallelograms, without the confideration of parallels, 


(for as it is manifeft from the very name, that is, a parallelogram, 
which is circum{cribed by parallel right lines in an oppofite pofition,) 
hence, he neceffarily affumes from parallels the beginning of his doc- 
trine, but having advanced a little from thefe, he enters on the doc- 
trine of parallelograms, employing one middle theorem, between the 
elementary inftitution of each, becaufe he appears to contemplate a 
certain fymptom inherent in parallels: but he delivers the firft origin 
of a parallelogram. For fuch is the propofition, which fays, that 
right lines which join equal and paralt:l right lines towards the fame 
. parts, are themfelves equal and paralel. For in this theorem, indeed, 
a certain accident to equal and parallel right lines is confidered: but 
from the connection a paralellogram appears, having its fides oppo- 
fite and parallel. And from hence it is manifeft that the difcourfe con- 

Yor. IL U cerning 
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cerning parallels, was neceflarily pre-affumed. But three things are 
to be affumed, effentially inherent in parallels, whith they effentially 
exprefs, and are converted with them, not only the three together, 
but every one feparately aflumed from the reft. Of thefe, one is, that 
when a rizht line cuts parallel lines, the clternate angles are equal ; but 
the fecond, teat when a right line cuts paralil lines, the internal an- 
gles are equal to two right; and the third; tbat in confequence of a 
right line cutting parallel lines, the external is equal to the internal and 
oppofite angle. For when any one of thefe /ywptoms is demonftrated, 
we have, fufficient authority to affirm that the right lines are parallel. 
But other’ mathematicians, allo, have been accuftomed to difcourfe _ 
after this manner concerning lines, delivering the fymptoms of every 
fpecies. For Apollonius, in each of the conical lines, fhews what a 
Symptom is, as alfo Nicomedes in his Treatife on Conchoids, and Hip- 
pias in his Quadratics, and Perfeus in his Spirals. Since after their 
origin, that which is eflentially inherent in thefe lines, and according 
to what it is inherent, being aflumed, diftinguifhes a conftru@ted form 
from all others. After the fame manner, therefore, the inftitutor of 
the Elements, firft of all inveftigates, the fymptoms of parallels. 


PROPOSITION XXVII. Tueorem XVIII. 


If a right line falling upon two right lines, makes the 
alternate angles equal to each other, thofe right lines 
fhall be parallel to each other. | 


In the prefent theorem it was not pre-aflumed as evident that the 
right lines are in one plane, but this ought rather to be previoufly ad- 
mitted in all theorems which are confidered in a’‘plane. This, how- 
ever, is added, becaufe it does not univerfally follow, that when the 
alternate-angles are equal, the right lines will be parallel, unlefs they 
are inthe fame plane. For nothing hinders, but ‘that a right line 
falling on right lines difpofed in the fhape of the letter X, one of 
i i 5 which 
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which is fituatedin one plane, but the other in a different one, may make 
the alternate angles equal; and yet the right lines thus difpofed will 
not be parallel. ‘It was pre-affumed *, therefore, that in a treatife 
on planes, we conceive every thing defcribed in one and the fame 
plane: and on this account, he does not require this addition in the 
prefent propofition. But it is requifite to know that the geometri- 
cian confiders the particle a/ternate, in a twofold refpeét, fometimes, 
indeed, according to a certain fituation, but fometimes according to 
a certain confequence of proportions. And according to this laft fig- 
nification, the particle alternate is ufed in the fifth book, and in fuch 
as are arithmetical : but agreeable to the former, both in this, and in 
all the other books concerning parallel right lines, and that which 
falls upon thefe. For he calls the angles alternate, which are not 
formed at the fame parts, and are not fucceflive to each other, which 
are diftin&, indeed, from the incident line, but both of them, exift 
within parallels, and differ in this, that the one has an upward, but 
the other a downward pofition. I fay, for example, that when a 
right line e f, falls on the right lines 24, and c d, he calls the an- 
gles a ef, dfe, and alfo. the anglesc fe, bef, alternate, or altern; 





‘becaufe they have an alternate, or changed order, according to their 
potion., But this too muft be known, that from fuch a fituation 


+ In Book II. Comment 2. of this work, | 
U2 7 of 
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of right lines, all the fymptoms become by divifion, fix ; three of 
which the geometrician alone receives ; and three he omits. For we 
either aflume the angles at the fame parts, or not at the fame. And. 


if at the fame parts, either both within the right lines, which fhews 


them to be parallels; or both without, or one without, and the other 
within. And if not at the fame parts, again, after the fame manner, they 
are either both without the right lines, cutting the lines it is neceflary 
to receive; or within; or one within, and the other without. But 
what we have faid will become manifeft by the fame defcription as 
above. For let there be certain right lines a 4, cd, and let a right 
line e f, fall upon them, and let it be produced to the points 4 and g. 
If then you aflume angles at the fame parts, you will either place 
them both within, as de f, and ef d, or as aef, ande fc; or both. 
without, as be 4, and dfg, or as bea, andc fg; or one within, 
and the other without, as b e b, ande fd, or as g fd, and fe b, or 
as bea, andefc, oras g fc, andaef: for thefe laft are received 
in a quadruple refpe&. But if you aflume the angles not at the fame 
parts, you will eitker place both within, as a ef, ande fd, or as 


cfe, and feb; or both without, as ae 4, and dfg, oras b ed, 
andc fg; or one within, and the other without, and this again in a. | 


quadruple refpet. For they will either be the angles ae 4, and: 
e fd; orhe b, and efes or gfc and feb; or gfd, and fea.. 


And befides thefe, there is no other afflumption. 


As, therefore, angles are aflumed according to fix. modes, the geome-- 
trician combines three afumptions alone; and thefe confequent fymp- 
toms, are naturally adapted to exprefs parallels. But of thefe three 
affumptions, one belongs to thole angles which are-not at the fame 
parts, viz. to thofe which are only aflumed within ; and thefe he 


calls alternate, fo that thofe, which are both ex: ernal, and thofe, one: 


of which is external, but the other internal, are omitted: but two of 
thefe affumptions belong to angles at the fame parts, to thofe, indeed, 
which are both internal, which he fays are equal to two right, and 
to:thofe, one of which is internal; but the other external, which he 


-fays are equal, leaving indeed one affumption Which fuppofes both the. 


3 angles. 
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angles to be external. We therefore affirm that the fame things will 
be confequent to the three omitted hypothefes. Thus, in the pre- 

ceding figure, let both the external angles Że 4, d f g, be at the fame 

parts, I fay that thefe are equal to two right anglės.. For the angle 

dfe, ìs equal.to the angle 4¢ 4, and. the angle ġe f to the angle: 
dfx. But rf the angles.def,.e fd, are equal to two right, the an- 

gles dfg, be 6, are equal to two right. Let again the angles a e J,. 
ef d, not be towards the fame parts, of which the one is within,- 
but the other external, I fay that thefe alfo are equal'to two right an- 

gles. For if the angie a e 4, is equal tothe angled e f, but the an-- 
gles def, and e fd, are equal to two right, the angles, alfo, aeb, 

and e fd, are equal to two right. Again, let them not be at the- 
{ame parts, but both without the right lines as ae b, d fg. I fay that’ — 
thefe are equal to one. another.. For.if the angles ae 4, and de f,. 
are. equal to each other, but the angle dfg, is equal. to the angle: 
be f, hence the.anglea e 4, is not unequal to the angle d f g. If, there- 
fore, the things affumed by the geometrician, in three hypothefes are ve- - 
rified, all the fame follow in the remaining three as indifputably true... 
Befides this too is to be obferved, that in fuch as the geometrician re- 
ceives thefe, according to two affumptions,.the angles are fuppofed' 
equal to each other,, but when according to one affumption,. equal to. 
two right: but in thefe laft.on the contrary, according to two af- 

fumptions, they are fuppofed equal. to two right angles, but. ac-- 
cording to one. equal to each:other. For fince all the affumptions are: 
fix, it happens, indeed, from three, that. the. angles. are equal to two: 
right, but from the other three, that. they: are equal to each other. 

Hence, thofe which. are omitted are. not undefervedly contrary to: 
the affumptions which are reckoned worthy of relation.. But the geo-- 


-_ metrician appears to have. chofen fuch hypothefes as either abound in = 


affirmation, or. are more fimple, and on: this account of thofe. an- 
gles which are not at the fame parts, he affumed alone the: internal,’. 
which he calls alternate: but. of thofe at the fame parts; he-affumes - 
as well the internal; as well as one internal and the: other: external :. 
but be avoids. the reft, either becaufe they are more declared by nega- 

tion,.. 
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tion, or becaufe they are more’ various. However, whether this or 
fome other be the caufe, the number of the confequents to thofe hy- 
© pothefes is fom hence fufficiently manifeft. - 


PROPOSITION XXVIII. Tuzorem XIX. 


If a right line falling upon two right lines, makes the ex- 
ternal equal to the internal angle, placed oppofite, and 
at the fame parts, or makes the angles internally fitu- 
ated, and at the fame parts equal to two right, tholg 
right lines fhall be parallel to each other. 


The preceding theorem receiving the angles, not at the fame. 


parts, but fituated within right lines, fhews that the right lines are 
parallel among themfelves: butthe prefent theorem propofes the two 
remaining hypothefes, of which one feparates the angles according 
to the particles without and within, but the other fuppofes them both 
within, and exhibits the fame conclufion. But it may feem, per- 
haps, that the inftitutor of the Elements has inconveniently diftri- 
buted the theorems. For it was neceflary either to receive three hy- 
pothefes in a divided manner, and to make three theorems ; or to 
colleét all into one theorem, as Æneas Hierapolites does, who wrote 
a compendium of the Elements; or willing to divide them into two, 


to make an orderly divifion, and to aflume the hypothefes feparately, 


which contain equal angles, and feparately that in which the angles 
are equal to two right. But in the prefent propofitions, in one theo- 
rem he fuppofes the alternate angles equal, but in the other, the ex- 
ternal to the internal, and the internal angles fituated at the fame 
parts equal to two right. What then is the caufe of this divifion? 


Does he ‘regard the equality of the angles to each other, or to two | 


right, and on this account does not feparate the propofed theorems 
from each other ; or does he refpe& the angles being received at the 
fame, or not at the fame parts? For the preceding theorem does not 


refpe& angles at the fame parts, fince fuch as thefe are alternate: but 
the 


-r 
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the prefent regards fuch as are fituated at the fame parts, as is per- 
fpicuous from the propofition. But how the inftitutor of the Ele- 
ments fhews, that from the internal angles being equal to two right, 
the right lines are parallel, appears from his writings on this fubje@. 
Ptolemy, however, in the theorems in which he propofes to de- 
monftrate that right lines produced from angles lefs than two right, 
coincide at the fame parts, in which the angles lefs than two right 
are fituated, fhewing before all his theorems, that from the internal 
angles being equal to two right, the right lines are parallel, proves 
it in the following manner. Let there be two right lines ad, cd, 





and let a certain right line eg fh, fo cut them, that it may 
make the angles b.f g, and f g d, equal to two right, I fay that thofe 
right lines are parallel, that is, will never coincide. For if it be 
poffible, let them coincide while the right lines $f, g d, are produced 
in the point &. Becaufe, therefore, the right line e f, ands upon 
the right line a 4, it makes the angles a fe, bfe, equal to two right. 
In like manner becaule fg ftands upon c d, it makes the angles c g f, 
` dg f, equal to two right. Hence, the four angles bfe, afe cgf, 
dg f, are equal to four right, two of which df g, f gd, are fuppofed 
equal to two right. The remainders, therefore, a fg, cg f, are 
equal to two right. If then the right lines f 4, gd, when produced, 
coincide, the internal angles being equal to two right, fa, and g c, 

alfo, 
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.alfo, fhall coincide when produced: for the angles a fg, cg f, are 
‘alfo equal to two right. Either therefore the right lines fhall coincide 
ia both parts, or in neither, fince thefe, as well as the former, are 
equal totworight. Let the right lines then fa, gc, coincide in the 
point/ But if this be admitted two right lines /a fk, Jc g k, will 
comprehend f{pace, which is impoflible, It is not therefore poffible, 
that the internal angles being equal to two right, the right lines 
can coincide. They are therefore parallel. 


“PROPOSITION XXIX. Tueorem XX. 


A right line falling upon parallel right Hines, makes the al- 
ternate angles equal to each other; and the external 


qual to the internal angle, eppofitely fituated, and at 
the fame parts; and the internal angles at the fame 
parts equal to two right. 


The prefent theorem is converted in both the preceding. ` For that 
which is the object of inveftigation, in each of them, forms the hypo- - 
. tthefis: but what are data in the preceding, he propofes to fhew in 
the prefent. And this difference of converfe theorems is not to be 
paffed over in filence, I mean that every thing which is converted, is 
either converted as one to one, as the fixth propofition to the fifth ; 
or as one to'a many, as the prefent to the preceding ; or as many to 
one, as will fhortly be manifeft *. But in the prefent theorem, the 
inflitutor of the Elements firft employs the petition, which fays : 
If a right line falling upon two right lines, makes the angles fituated ine 
ternally, and at the fame parts lefs than two right, thofe right lines 
whilft they are infinitely produced, will coincide at thofe parts in which 
the angles lefs than two right are fituated. But in our expofition of 
things prior to theorems f, we have affertec, that this petition is not- 
allowed by all to be indemonftrably evident. For how can this be 


+ Inshe Comment on the 32d propofition. + In book IlI. chap. I. and in Com. 3 
the 
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be the cafe when its converfe is delivered among the theorems as de- 
monftrable? For the theorem which {fays that the two internal an- 
gles of every triangle are lefs than two right, is the converfe of this 
petition. Befides, the perpetual inclination of right lines, more and 
more, while they are produced, is not acertain fign of coincidence, 
becaufe other lines are found perpetually inclining, and never coin- 
ciding, as we have already obferved. Formerly, therefore, fome, 
when. they bad pre-ordained this as a theorem, confidered that which 
is. affumed by the inftitutor of the Elements as a petition, to be wor- 
thy of demonftration. ‘But this feems to be fhewn by Ptolemy him- 
felf, in a book entitled: That right lines which are produced from lefs 
than two right angles, coincide. And this he proves by pre-affuming 
many things, which as far as to the prefent theorem, are already 
demonftrated by the elementary inftitutor ; and he fuppofes that all 
are true (left we fhou'd alfo fuperadd another confufion) and ‘that 
this, as a {mall aflumption, may be exhibited from the preceding. 
But this alfo is one of the things previoufly exhibited, which fays, 
that the right lines preduced from two angles equal to two right, will 
never coincid». I fay, therefore, that the converfe alfo is true, which 
fays, that right lines beiug parallel, if they are cut by one right line, 
the angles fituated internally, and at the fame parts, fhall Le equal to 
two right angles. For it is neceflary that a line cutting parallels, 
fhould either make the angles internally fituated, and towards the 
fame parts, equal to two right, or. lefs, or greater than two right. 
Let the lines then, a 4, cd, be parallel, and kt the right line, gf 

A g 


a 


C d 
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fall upon them, I fay that it will not make the angles internal, and 
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at the fame parts greater than two right. For if the angles a fg, 
c g f, are greater than two right, the remainders óf g, dg f, are lefs 
than two right. But the fame are alfo greater than two right. For 
af, and cg, are not more parallel than fb, andg d. Hence, -if the 
line which fails upon a.f, cg, makes the internal angles greater than 
tworight, that alfo which falls upon f å, g d, will make the internal 
greater than two right. But they are alfo lefs than two right (fince the 
four,afg,cg fi bf g, dg f, are equal to four right ) which is im- 
poffible. In like manner we may plainly fhew, that the right line 
which falls upon parallels, does not make the angles internal, and at 
the fame parts, lefs than two right. But if it makes them neither 
greater nor lefs than two right, it remains that the incident line muft 
make the angles internal, and at the fame parts equal to two right. 
This then being previoully fhewn, the thing propofed, is dovbtlefs 
demonftrated. For I fay, that if a right line falling upon two right 
lines, makes the angles fituated internaliy, and at the fame parts, 
lefs than two right, if thofe right lines are produced they will coin- 
cide at thofe parts in which the angles lefs than two right are fituated. 
For let them not coincide. But if they are non-coincident at thofe ` 
parts in which the angles lefs than two right are fituated, much more 
will they be non-coincident at the other parts, in which the angles 
greater than two right are fituated. Hence, the right lines will be 
non-coincident at both parts; and if this be true, they will be paral- 
lel. But it was fhewn that the right line which falls on paraliels, 
makes the angles internal and at the fame parts equal to two right. 
The fame, therefore, are both equal to, and lefs than two right, 
which 1s impoffible. 

Ptolemy having previoufly fhewn this, and proceeding to the thing 
propofed, wifhes to add fomething more accurate, and to fhew that 
if a right line falling upon two right lines, makes the angles inter- 
nal, and at the fame parts, lefs than two right, the lines are not only 
coincident as has been fhewn, but likewife that their coincidence 
takes place at thofe parts, in which the angles lefs than two right, 
and not at thofe in which the angles greater than two right are fitu- 

5 ated. 
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ated. For let there be two right lines a 5, cd, and let aright line © 
; ’ é 





A 


efg h, falling upon them make the angles a fg, and c g f, lefs than 
two right. The remainders, therefore, are greater than two right ; 
and thus it is fhewn that the right lines coincide. But if they coin- 
cide, they will either coincide at the points a and c, or at the points 
band d. Let them coincide at the points 6 and d in the point ż. 
Becaufe, therefore, the angles a fg, and cg f, are lefs than two 
right, but the angles a fg, bf g, are equal to two right, by taking 
away the common angle a fg, the angle c g f, will be lefs than the 
angle fg. The external angle, therefore, of the triangle ‘g f k, 
is lefs than the internal and oppofite angle, which is impoffible. 
Hence then, they do not coincide at thefe parts. But they do coin- 
cide ; and confequently they will be coincident at the other parts, in 
which the angles lefs than two right are fituated. And thus far 
Ptolemy. - 3 3 
But it is neceflary to {crutinize this demonftration, left perhaps 
there fhould be any perverfe and captious reafoning in the affumed 
hypothefes, in thofe, I fay, in which he affirms, that a right line 
cutting non-coincident right lines, by forming four internal angles, 
forms the angles at the fame parts on each fide, either equal to two- 
right, or greater, or lefs than two right. For the divifion is not per- ` 
X2 fet; 


~~ 
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fect ; fince nothing hinders our calling thofe lines non-coincident, 


which are produced from angles lefs than two right, denominating, 
indeed, the two angles at the fame parts, greater than two right, 


but the two at the remaining parts lefs than two right, and not ad- 
mitting in thefe, one and tthe fame proportion. But the divifion 
being imperfect, the thing propofed is by no means demonftrated. 
Belides this, alfo, is not to be paffed over in filence againft hi. de- - 
monftration, that he does not effentially fhew that which is impof- 
fible. For it is not becaufe a certain right line cutting paralleis, makes- 


the ang'es at the fame parts on each fide, greater or lefs than two 
right, that an abfurdity on this account follows thefe hypothefes. 


Neverthelefs, becaufe the four angles within the lines which are cut, 
are equal to four right, on this account each of thefe hypothefes is 
impoffible ; fince, if parallel.right lines are not.aflumed, yet, when 
the fame hypothefes are afflumed, the fame confequences will be the 
refult. And fuch are our animadverGons againft the demonftration of 
Ptolemy : for the imbecility of his demonftration appears from what 
has been faid. | 

Let us now confider thofe, who fay it is impoffible that lines pro- 
duced from angles lefs than two right, fhould coincide. For when 


they ‘have .aflumed two right ‘lines a 4, c d, and aright line a c, fall- 


a f Å b 






ing upon them, and making the two internal angles lefs than two 


rigtit, they fay it is poflible that the right lines ab, cd, may be 
fhewn to be non-coincident. For let ac be bifeted in e, and cut off 


from a 6, a part a f, equal to a e: but from cd, a part ‘c g, equal to 
Pla: 
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ec. Itis manifeft, therefore, that the right lines a f, c g, will nct 
‘coincide in the points fand g. For if they coincide, thefe two ia 
the triangle will be equal to ac, which isimpoffible. Let again fg 
be conneGted, and, bifected in 4, and cut off equal parts. Thefe, 
therefore, will not coincide on the fame account, and this will be the 
- cafe, in infinitum, by connecting the non coincident points, and bi-. 
fe@ing the connecting line,. and by cutting from the right lines, — 
lines eyual to the halves.of the connecting lines ; for by this means 
they fay, that the right lines 2 4, c d, will never.coincide. To fuch 
as thefe we reply, that they indeed affirm that which is true, but 
not fo much as they imagine. . For it 1s not true that the point of co- 
incidence is fimply determined by this means, nor is it true that the 
lines by no means coincide. ‘I hus, when the angles b ac, and d c a, 
are determined, the lines a b, and ¢ d, will not coincide in the points 
fand g, yet nothing hinders their coinciding in the points & and 4 
though f and g /.fhould be equal to f 4, and bg. For when aÅ and 
c /coincide, the angles è f 4, /g /, wall not -remain the fame, and 
a-certain part of the right line fg, will be left external to the right 
lines a & and c /; and fo again the two li: es / 4, and g /, are fo much 
greater than the bafe, as t! e interior parts of the right line fg, which 
they intercept. Befides this alfo is to be faid to fuch as affirm the 
non-coincidence of lines extended from angles lefs than two right, 
that they deftroy what they are unwilling to deftroy. For let the 
fame defcription be given. Whether, therefore, is it poffible, or im- 
pofible to conne& a right line from the point a, to the point g °` For 
if it be impoffible, Befides deftroying the fifth petition, they alfo 
deftroy that which fays, that a r gòt line may be drawn from every. 
point to every pent: but if poffible let -it -be connected. Becaufe, 
therefore, the angles fac, gca, are lefs than two right, it-is mani- 
feft that the angles, alfo, g a.c, g ca, are much lfs than two right, 
The right lines, therefore, ag, cg, will coincide in the point g, being 
produced from angles lefs than two right. Hence, it is not poflible 
to affirm indeterminately, that lines produced from angles lefs than 


two right, will-not coincide. It is however manifeft, that fome right 
. , dines 
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lines produced from angles lefs than two right will coincide, though 
the prefent difcourfe feems to inveftigate this in all. For it may be 
faid, that when the diminution of two right lines is indefinite, the 
lines will remain non-coincident according to fuch a diminution: but 
will coincide according to another lefs than this. But he who defires 
to behold a demontftration of this affair, muft be informed that it is 
requifite for this purpofe to pre-affume fuch an axiom as is employed 
by Ariftotle * in proving the world to be finite, viz. If from one point 
two right lines forming an angle are produced in infinitum, the diftance 
of the lines infinitely produced will exceed every finite magnitude. For he 
fhews that when infinite right lines are produced from the centre to 
the circumference, the interval alfo contained between them will be 
infinite: fince, if it be only finite, it is poffible that the diftance 
may be increafed ; and on this account the right lines will not be in- 
finite. Right lines, therefore, infinitely produced, are diftant from 
each other by an interval greater than every finite magnitude. 

This being pre-fuppofed, I fay that if any right line cuts the one 
of parallel right lines, it will alfo cut the other. For let a 4 and 





cd be parallels, and let the right line efg cut a4. I fay that it 
will alfo cut cd. For fince there are two right lines, which are pro- 
duced infinitely from the point f, viz. óf, and fg, they fhall have a 
diftance greater than every magnitude. Hence, they fhall exceed 
the quantity of the interval contained between the parallel lines. 
Since, therefore, their diftance from each other is greater than that of 
the parallels, fg fhall cute d. But this being demonftrated, we can 
exhibit the thing propofed in a confequent order. For let there be 
* In lib, i, de Calo, tex. 35. i 
two 
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two right lines a5, c d, and leta right linee f, fall upon them, mak- 
ing the angles be f, dfe, lefs than two right. I fay that the right 


a 





lines will coincide in thofe parts, in which the angles lefs than two 
right are fituated. For fince the angles bef, dfe, are lefs than 
two right, let the angle 4e'4, be equal to the excefs of two right 
angles above thefe angles, and-produ.e 4e, to the point $. Becaufe, 
therefore, a right line ef, falls upon the right lines 4 2, c d, and 
makes the internal angles equal to two righ’, viz. the angles 4 e f 
d fe, the right lines 54, cd, are parallel; and ab cuts&é4. It 
will therefore alio cut c d, by the affumption previoufly exhibited. 
Hence, the right lines a 4, c c, will coincide in thofe parts, in which 


the angles lefs than two right are fituated. And on this account the 
thing propofed, is evinced *. | 


PROPOSITION XXX. Tueorem XXI. 


Right lines parallel to the fame right line, are parallel to 
each other. 


The geometrician in thefe difcourfes which are converfant with rela- 
tion, is accuftomed to fhew identity permeating through all quanti- 
ties, having the fame relation to the fame. Thus among the axioms 
alfo he fays, things equal to the fame, are equal to each other: and in 
the following books he fays, things Amilar to the fame, are fimilar to 
each other, and things having the fame proportion to the fame, bave the 


® Clavius and Simfon hare employed a multitude of propofitions in the demonfiration of this. 
petition ; but their demonftrations fall far fhort in my opinion of the elegance of the prefent. 


Jame 
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Jame preportion.to eaeh otoer, After this manner, therefore, he now 


alfo demonftrates, that right lines parallel to the fame, are parallel to 
each other, But it happens that this is not true in all refpects. For 


quantities double of the fame, are not alfo double of each other: ner- 


are thofe which are fefquialter of the fame, fefquialter likewife to each 
other, but it appear to take place in thofe alone, which are univo- 
cally converted in equality, fimititude, identity, and parallel pofition. 
For that which is parallel to a parallel, is itfelf alfo parallel. As that 
which is equal to an equal, is itfelf equal ; and that which is fimilar 
to a fimilar, is itfelf fimilar. For the relation of parallels to each 
other, is fimilitude of pofition. He affirms, therefore, and thews, in 


the prefent theorem, that lines parallel to the fame, are entirely fo - 


related, that they are alfo parallel to each other, And he alfo exhibits 


the parallels. with an external pofition, and likewife a medium, to- 


which thefe have a fimilar relation, that what he aflerts may become 
manifeft from a common conception. For if they ccincide with each 
other on either fide, and coincide with that which is fituated in the 
middle, they will no longer be parallel to it. 


But it is poflible that he who changes the pofition may fhewthe . 


fame thing, and by the fame methods which the geometrician em- 


ploys in exhibiting his propofi:ion. For inftance, he affumes both 
cd, and ef, parallel to a 4, both of them fituated above, and a å 





being beneath, and not in the middle. For a right line 4 & / falligg 
upon them, makes each of the angles 44d, kI f, equal toa b&, 
becaufe they are alternate; and on this account it makes the angles 


bk d, k lf, equal to each other, The right lines, therefore, cd, ef, 


are 


-_— — -— —a — — 
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are parallel. But if any one fhould fay that a 4, 4 4, are parallel to 
` cd, and are therefore parallel to each other, we reply that 24, 44, 
are parts of one parallel, and are not two parallel lines. For parallels 
are conceived to be infinitely produced, but 2 4, when produced, falls 
upon 44. It is therefore the fame with 44, and not a different 
line. Hence, all the parts of a parallel, are parallel both to the right 
line, to which the whole was parallel, and to its parts. As for ex- 
ample, a4 is as well parallel to d, as A b,toc & For if they are 
infinitely produced, they will never coincide. And thefe remarks 
muft be confidered as not foreign from the purpofe, both on account._ 
of fophiftical importunities, and the juvenile habits of mathematical 
auditors. For the vulgar rejoice to find captious reafonings of this 
kind, and to procure vain moleftatton to the pofleffors of fcience. 
But it is not requifite to convert the prefent theorem, and to fhew 
that lines parallel to each other, are alfo parallel to the fame. For if 
we again fuppofe one line parallel to fome other, the remainder alfo 
of thefe fhall be parallel to it, and they will be para'lel to the fame, 
and we fhall again return to the fame propofition. 


PROPOSITION XXXI. Prosrem X. 


Through a given point to draw a right line parallel to a. 
given right line. 


It is requifite that we fhould not only learn the effential accidents 
of parallels, in the difcourfes of the elementary inftitutor, but alfo 
that we fhould relate their origin, and know how one right line be- 
comes parallel to another : for origin every where renders the effence 
of fubje&ts more known to us. And this the tnftitutor of the Ele- 
ments effedts by the prefent problem. For having received a point 
and aright line, he draws through that point a line parallel to a right 
line. But we ought to pre-aflume as neceflary, that the point fhould 
entirely be placed external to the right line : for we muft not place it - 
in the right line, becaufe it is faid, through a given point; fince no 

VoL. II. Y other, 





~ 
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other, befides the given line, can be that which is drawn parallel 


‘through the point. Since, therefore, the point and the right line is 


divided, it indicates that the point is to be received external to the 
right line, which he manifefts in a perpendicular by addition, com- 
manding, upon a given infinite right line, and from a given point which 
ts not in it, to let fall a perpendicular. One thing, therefore, which 
is common to both thefe problems, is, the external pofition of the 
point: but the other, that from the fame point two perpendiculars 
cannot be let fall to the fame right line, and that through the fame 
point, two lines cannot be drawn parallel to the fame right line. 
Hence, the inftitutor of the Elements commands in the fingular num- — 
ber to draw a right line, in the former problem, a perpendicular, but 
in the prefent a parallel, And, that indeed, has been fhewn, but 
thisis manifeft, from what is previoufly demonftrated. For if through 
the fame point two parallels are drawn to the fame right line, they 
would be parallel to each other, and coincide in the given point, 
which is impoffible. But it is requifite to obferve the differences of 
thefe two propofitions, from a given point, and through a given point. 
For fometimes the point is the beginning of the right line which is 
drawn, and on this account the dedu@tion is made from it: but fome- 
times the point is in the drawn right line, and on this account the 
drawing is made through the point. For the partic'e s4rough, was 
not afferted, becaufe the right line cuts a given point, but becaufe it 
coincides with it, and terminates its own interval, in refpect of that 
right line, by the diftance of the point and the right line. Sinee as 
much as the given point is diftant from the given right line, fo much 
alfo is the interval of the-parallel between itfelf and the right line. 


PROPOSITION XXXIL Tusorem XXIL 


One fide of every triangle being produced, the external 
angle of the triangle is equal to the two internal and 
oppofite angles ; and the three internal angles of a tri- 


angle are equal to two right angles, M 
BAS 
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As much as was deficient in the fixteen’: and feventeenth theo- 
rem, fo much Euclid adds in the prefent. For we not only learn by 
this theorem that the external angle of atriangle is greater than ei- 
ther of the internal and oppofite angles, but likewife how much it is 
greater; fince as it is equal to both, it is greater than either of the re- 
maining angles. Nor do we alone know from this theorem, that any 
two angles of a triangle, are lefs than two right; but by how much — 
they are lefs: for they are deficient by the remaining third. The 
former, therefore, were more indefinite theorems: but this brings — 
-with it, on both fides, a boundary to fcience. We muft not, how- 
ever, call them on this account fuperfluous: for they are of the 
greateft utility in many demonftrations ; and the prefent is proved by 
their affiftance. And befides this, it is neceflary that our knowledge, 

proceeding from te imperfect to the perfect, fhould pafs from inde- 
‘terminate apprehenfions, to determinate and certain propofitions. 
But the inflitutor of the Elements, by drawing a parallel externally, 

exhibits each of the objects of inveftigation. It is, however, poffible 
that the fame thing may be fhewn without drawing the parallel exter- 
nally ; and this, by only changing the order of the things exhibited. 
For Euclid firft fhews, that the external angle is equal to the internal 
and oppofite, and from this he proves the remainder. But we fhall 
demonftrate this by a conttary mode of proceeding. Let there be 
then a triangle æ c, and let the fide 4¢ be produced to the point e. 


= d 
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Then take a point f in 4c, and connect a f, and through the point ff 
let fd be drawn parallel to a 46. Eecaufe, therefore, f d is parallel 
toa b, and a right line a f, falls upon thefe parallels, as alfo a right 
line 4c, hence, the alternate angles are equal, and the external is 
equal to the internal angle. The whole, therefore, a fc, is equal to 
tab, added to æ bf. In like manner we may fhew by drawing a 
parallel, that the angle a f 4, is equal to the angles fac, ac f. The 
two, therefore, a f b, afc, are equal tothe three angles of the tri- 
angle : and hence, the three angles of a triangle are equal to two right, 
viz. toa fb, added toa fe. But acf, ace, are alo equal to two 
right ang’es. Let, therefore, the common angle ac f, be taken 
away ; and then the remaining external angle will be equal to the in- 
ternal and oppofite angles. And after this manner may the prefent 
theorem be exhibited. | 

But Eudemus, the Peripatetic, afcribes the invention of this theo- 
rem to the Pythagoreans, I mean that every triangle has its internal 
angles.equal to two right, and fays that they demonftrate it in the 
folowing manner. Let there bea triangle a 4c, and let there be 


a AER 24 e 


C 

drawn through the point a, a line de, parallel to dc. Becaufe, there- 
fore, the right lines de, 4c, are parallel, the alternate angles are 
equal. Hence, the angle d a4, is equal to the angle abc; and the 
angle e a c, to the angle a c 4. Let the common angle Jac, be add- 
ed. The angles, therefore, dab, bac, cae, that is, the angles - 
dab, bae, and that is two right, are equal to the three. angles of 
the triangle. And fuch is the demonftration of the Pythagoreans. 

| | But 
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But it is here requifite to deliver fuch theorems as are converfe to 
the prefent theorem of the elementary inftitutor. For two are con- 
verted to one, fince this is a compofite, both, according to the objec of 
enquiry, and the datum: for the datum is two-fold, viz. the triangle, 
and one of its fides produced ; and in like manner the objec? of en- 
quiry. For one part fays, that the external angle is equal to the in- 
ternal and oppolite angles: but the other, that the three internal an- 
gles are equal to two right. If therefore, we fuppofe that the exter- 
nal is equal to the internal and oppofite angles, we may fhew that 
one fide is produced, and that the right line externally fituated, is in - 
a dire€t polition with one of the fides of the triangle : but if the three 
internal angles are equal to two right, we may {hew that the given 
figure is a triangle. And fo the whole object of enquiry, is converte to 
the whole datum. Let there be then a triangle a bc, and let the ex- 
ternal angle ac d, be equal to the internal and oppofite angles, I fay 
that the fide 4c, is produced to the point d, and that ô c d, is one 


a 


l d 

6 č 
right line. For fince the angle ac d, is equal to the internal and 
oppofite angles, let the common angle acd be added. ‘The angles, 
therefore, a ¢ d, ac b, are equal to the three angles of the triangle 


4 bc But the three angles of the triangle a 4c, are equal to two 
right. 
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right. And hence, the angles acd, ac b, are equal to two right, 
But if two right lines being confequently placed, and not at the fame 
parts to any right line, and at a point in it, make the fucceflive angles 
equal to two right, thofe right lines fhall be in a direct pofition to 
each other. The right line, therefore, $ c, is in a dire& pofition 
to cd. 

Let there be again, a certain right lined figure æ b c, having three 
angles alone equal to two right, viz. a, b, and c, I fay that the figure 


a 


b C 


is a triangle, and that a c, is one right line. For let the right line 
b d be connected. Becaufe, therefore, the three angles of each 
of the triangles abd, bdc, are equal to two right, of which the 
angles of the figure a bc, are equal to two right, the remainders a d 4, 
cd b, are equal to two right, and they are placed about a right line 
bd. Hence dc, is in the fame direction with da; and fo the fide 


ac,isone right line. In lke manner we may fhew that the fide a 4, 
and the fide 4 c, are each of them one right ling. And confequently 
the figure a b ¢,is a triangle. lf then a figure having internal an- 
gles equal to two right, is right-lined, it is perfe&tly a triangle : but 
it does not follow that a figure is a triangle merely becaufe it has in- 
ternal angles equal to two right. For you will find a figure con- 
ftructed from circumferences, having its internal angles equal to two 
right. For let there be a quadrangle a bcd, and upon the fide a 4, 
let a femicircle æ eb, be internally defcribed: but upon the other 

fides, 
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fides, let the femicircles be externally defcribed, as f, g, 5. The 
figure, therefore, which is comprehended by the femicircles, has two 
angles g a e, e 6 4, equal to two right, viz. toca b,db a. For this 
was fhewn in the petitions *, and thefe angles alone are in this figure. 
There is, therefore, a certain figure not a triangle, which has its in- 
ternal angles equal to two right. And thus much may fuffice con- 
cerning converfe theorems. 3 

But as we have difcovered that the three angles of every triangle 
are equal to two right, we ought to determine a certain method, by 
which we may find how many angles, of all other multangles, are 
equal to fo many right angles ; as for inftance, of a quadrangle, quin- 
quangle, and of all confequent multilateral figures. In the firft place, 
therefore, it muft be known, that every right-lined figure may be 
refolved into triangles, fince a triangle is the principle of the confti- 
~ tution of all things, which Plato alfo afferts in the Timzus, when he 
teaches us that the rectitude of a plane bafis 1s compofed from trian- 
gles. But every figure is refolved into triangles lefs in number, by 
the binary, than its proper fides. If a quadrilateral figure, into two 
triangles: if a figure of five fides, into three: if of fix fides, into 


* In Lib, II!. Com. 23 
four : 
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four. Fortwo triangles compofed together, immediately form a qua- 
drilateral figure. But the number of compofite triangles by which 
the firt conftituted figure differs from its fides, is the meafure of dif- 
ference to the ret. Hence, every multilateral figure poffeffes more 
fides, by the binary, than the triangles into which it may be diffolved. 
But every triangle has been fhewn to contain angles equal to two 
right.. And hence, if the number of the angles be made double to 
that of the compofite triangles, it will afford a multitude of right 
angles, to which the angles of every multangle will be equal. On 
this account every quadrilateral figure has angles equal to four right, 
fince it is compofed from two triangles : but every figure of five fides 
has angles equal to fix right ; and after the fame manner of the reft in 
a confequent order. This one thing, therefore, is to be affumed from 
the :prefent theorem, concerning all multangular and, right-lined 
figures. | 

But there is another confequent to this, which is fummarily as fol- 
lows. In every right-lined figure, each of its fides being at the fame 
time produced, the angles externally conftituted are equal to four 
right. For it is requilite, indeed, that the fucceflive right angles 
fhould be double of the multitude of the fides; becaufe, in each 
they are conflituted equal to tworight. But the right angles equal 
to the internal angles being taken away, the remaining external an- 


gles are equal to four right. As for example, if the figure is a tri- 


angle, while every one of its fides is produced, at the fame time inter- 
nal and external angles are conftruQed equal to fix right angles, of 
which the internal angles are equal to two right, but the remaining 
external angles to four right. But if the figure be quadrilateral, the 
angles are in all eight, fince they are double of the fides, of which 
the internal are equal to four right, and the external to the four re- 
maining angles, and the confequences will be fimilar in infinitum. 
But after thefe obfervations we may alfo collect, that by this theorem 
every angle of an equilateral triangle is two thirds of a*right angle: 
but that an ifofceles triangle, when the vertical angle is right, has 
each of its remaining angles the half of one right, as a femiqua- 

I drangle; 
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drangle ; and that a fcalene triangle, when it is the half of an equila- 
teral triangle, formed by a perpendicular drawn from any angle to its . 
dppofite fide, has one angle right, but the other (which likewife be- 
longed £o the equilateral triangle) two thirds of a right angle, and 
the remainder by a neceflary confequence, a third part of a right an- 
gle. For it is requifite that the three fhould be equal to two right. 
But I do not conceive that thefe remarks are foreign from our pur- 
pofe, fince they prepare us for the dodtrine of Timzus. This alfo 
muft be obferved, that the poffeflion of internal angles equal to two | 
right, is inherent effentially, and anfwering to the predication accord- . 
ing to what, in a triangle. And on this account, Ariftotle tn his 
‘Treatife on Demonftration *, employs this as an example, confidering 
it according to what. As therefore to be terminated, is effentially and 
primarily inherent in every figure, fo likewife the poffeffion of inter- 
nal angles equal to two right, is effentially and primarily inherent in 
a triangle, though not in every figure. And the truth of this theo- 
rem feems to prefent itfelf to us according to common conceptions. - 
For if we conceive a right line, and two right lines ftanding on its 
extremities, and inclining to each other, fo as to form a triangle, we 
fhall find that in proportion to their inclination they diminifh the 
right angles, which they form with the right line. Hence, obtain- 
ing as much angular quantity, by their inclination at the vertex, as 
they take away from the bafe, they neceflarily wii three angles 
equal to two right. 


PROPOSITION XXXIII. TAKONE XXII. | 


The right lines which join equal and parallel right lines at 
the fame parts, are themfelves alfo equal and parallel: 

_. The prefent theorem is, as it were, the confine of the confideration 

of parallels and parallelograms : for it feems to declare a certain fymp- 

tom of parallel right lines, and delivers the latent origin of parallelo- 


© i, e. In his laft analytics. See the fecond fection of the Differtation, Vol. I. of this work. 
Vou. Il. ` L grams, 
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grams. Fora parallelogram is formed, as well from thofe equal and 
parallel right lines, which are drawn in the beginning, as from thofe 
_which conjoin them, and which are in like manner fhewn to be equa] 
and parallel. Hence, the propofition which immediately follows the 
prefent, contemplates the properties effentially inherent in thefe fpaces, 
~ in a parallelogram as it were already conftruéted. And thefe things 
are indeed maniféft. But it is requifite to confider the diligence 
which this propofition contains. In the firft place, indeed, that it is 
not fufficient, that the lines which are conjoined fhowld be equal: for. 
the lines which connec equals, are not entirely equal, unlefs they. 
are alfo parallel. For a triangle being ifofceles, and a point being 
_ affumed in one of the equal fides, and through this a line being 
drawn parallel to the bafis, equal lines thall indeed conjoin ‘parallels. 
to the bafis, and the bafis itfelf, yet thefe parallels fhall not alfo be. 
equal; and the fides will not be parallel, becaufe they coincide at the 
vertex of the triangle. 

In the fecond place, he confiders that the fubje& right lines. being: 
parallel, is not fufficient to conftitute the equality of the lines which. 
sonjoin them. For this is evident from the preceding conftruétion of 
the ifofceles triangle; fince the drawn right line, and the bafis, are- 
parallel, and yet the lines which conneét them are. not parallel, -be-. 
-eaufe they are parts of the fides of the ifofceles triangle. ‘The -paral~ 
kel pofition, therefore, of the lines which are conjoined, is requifite- 
to the equality of the conneCting lines: but the equality of the lat- 
ter is neceflary to the parallel pofition of the former. On this ac~ 
count the inftitutor of the Elements affumes each, in thofe which. 
are conjoined, for the purpofe of exhibiting, that the conneing. 
lines are as well equal, as parallel to one another. But in the third. 
piace, he intimates, that right lines being fuppofed both equal and: 
‘parallel, their conneGting lines will not be univerfally equal and pa- 
allel. For unlefs we make the conjuntions at the fame parts as tn. 
this cafe, the ddbnnetting lines cannot be parallel (fince they will cut 
each other), fo they may be fometimes equal, and fometimes not: 
For if you affume a.quadrangle, or oblong, as. a b ¢ d,, and .epnnect 

| the. 
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the right lines s d, 5c, the diameters are indeed equal, but not pa- 
rallel, and they conjoin the equal and parallel oppofite fides of the 
aforefaid {paces. But if the figure be a Rhombus, or a Rhomboides, 
the diameters of thefe, are not only non-parallels, but alfo unequal. 
For fince a 4, is equal to cd, but acis common, and the angled ac, 





a: unequal to the angle æ ¢ d, the bafes alfo are. unequal. The inftie l 
i a, L2 tutor 


f 
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tutor of the Elements, therefore, very properly confidered, that the 


lines which conjoin equal and parallel lines, ought to make the cone _ 


junétion at the fame parts, left a c, 4 d, being fuppofed equal and pa- 
rallel, we fhould affume a d, 4 c, as the connedting lines, and not a 4, 
and c d. For he fhews that thefe latter are equal and parallel : but 
that the former are, indeed, never parallel, but equal, as we have ob- 
ferved in a quadrangle and oblong, but never in a rhombus and rhom- 
boides ; as the oppofite to this has been proved to be true, becaufe 
they are unequal, on account of the inequality of the angles internal, 
and fituated at the fame parts. 


PROPOSITION XXXIV. Turorem XXIV. 


The oppofite fides and angles of parallelogrammic fpaces 
are equal to each other an they are bifected by the dia- 
meter. 


As from the preceding theorem, he had affumed a parallelogram 
already conftructed, he now contemplates its primarily inherent pro- 
perties, and fuch-things as exprefs its peculiar conftitution. But 
thefe are the following: that the fides and angles which are oppofite, 
are egual, and that the fpaces themfelves are bifetted by the diameter. 
For that‘ part of the propofition relates to the fpaces, which fays : and 
they are bifeéted by the diameter. So that the area itfelf, is that whole 
which is bifeéted, and not the angles through which the diameter 
pafies. Thefe three properties then, are effentially inherent in paral- 
Yelograms, the equality of the oppofite fides and angles, and the bi- 
fe&tion of the fpaces by the diameter. And you may obferve that the 
properties of parallelograms are inveftigated from all thefe, viz. from 
_the fides, from the angles, and from the areas. “But as there are four 


kinds of parallelograms, which Euclid defines in the hypothefes *, viz. 


a quadrangle, oblong, rhombus, and rhomboides, it deferves to be re- 


_* In the definitions which arè with great propriety called by the Platonifts hypothefes, be- 
eaufe their evidence is admitted without proof, ‘which at the fame time they are capable of re- 
eciving form the firft philofophy. 

marked, 


- ~ ee 
+ 
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marked, that if we divide thefe four into re&angles, and non-re&- 
angles, we fhall find, that not only the diameters bife& thefe {paces, 
but that’the diameters themfelves, are, indeed, in rectangles equals 
but in non- rectangles unequal, as was obferved in the preceding theo- 


rem. But if we divide them into equilateral, and non-equilateral, we 


fhall again find that in the equilateral figures, not only the {paces are 
bifected by the diameters, but likewife the angles through which 
they are drawn : but in non-equilaterals this is never the cafe. For 
in a quadrangle, and a rhombus, the diameters bife& the angles, and 
not the {paces only.: but in an oblong, and a rhomboides, they alone 
bife@ the fpaces, For let there be a quadrangle, or a rhombus, gc ad, 


g C 


a b 


and a diameter g 5. _Becaufe, therefore, the fides g c, c 6, are equal 


to the fides g a, a $ (for they -are equilateral), and the angles g cb, 
g a b, are equal (for they are oppofite), and the bafis alfo is common, 
hence, all are equal to all; and on this account the ang’es cg a, 
abc, are bife@ted. Again, let there be an oblong, or rhomboides 


4 b 


c | zd 
given. If, therefore, the angle dc, and the angle ¢ dd, is bifeĝed 
| m 


Cad 
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by the diameter, but the angle c a d, is equal to the angle a a 4, the 
angle alfo, b a d, will be equal to the angle add. Hence, the fide 
alfo, a 4, will be equal to the fide 6 d. -But they are unequal ; and con- 
fequently the angle ac, is not bifected by the diameter, not its 
equal theangle c d. ‘That I may therefore comprehend the whole 
ina few words, in a quadrangle the diameters are equal, on account 
of the rectitude of the angles, and the angles are bife@ted by the dia- 


meters, on account of the equality of the fides, and the areas are bi- ' 


fected by the diagonal, on account of the common property of paral- 
lelograms : ‘but in an oblong, the diameters are indeed equal, becaufe 
it is a re€tangle, but the angles are not bifected by the diameters, be- 
caufe it is not equilateral; though the divifion of {paces into equal 
parts, is alfo inherent in this figure, fo far as it 1s a parallelogram : 
‘but in a rhombus the diameters are unequal, becaufe it is not a re&t- 
angle, but the fpaces are not only bifected by thefe, becaufe it is a 
parallelogram, but the angles alfo, becaufe it-is equilateral; and in 
the remaining figure, i. e. a rhomboides, the diameters are unequal, 
becaufe.itis not a rectangle, and the angles are cut by thefe into un- 
equal parts, becaufe it is not equilateral, and the fpaces alone fituated 
at each part of the diagonals, are equal, becaufe it is a parallelogram. 
And thus much concerning obfervations of this kind, which exhibit 
the diverfity found in the four divifions of parallelograms. 

But we mult not pafs over in filence, the artificial confequence ap- 
pearing in this theorem, that of theorems, fome are univerfals, but 
others non-univerfals. But we fhall fpeak concerning each of thefe, 
when we divide he object of mmveftigation, which has, indeed, one part 
univerfal, but the other non-univerfal. For though every theorem 
may feem to be univerfal, and every thing exhibited by the element- 

ary inftitutor.may appear to be of this kind (as in the prefent he may 
not only feem to affert, that in all parallelograms univerfally, the op- 

pofite fides and angles are equal, but likewife that each is bifeQed by 

the diameter), yet'we muft fay that fome things are univerfally exhibit- 

ed, but others not univerfally. ` For it is cuftomary to call the univer- 

fa! which affirms the truth-concerning every thing of which it is pre- 
‘dicated, ah from ‘that univerjal, comprehending all things in 
which 


= 
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which the fame fymptom is inherent. Thus it is univerfal, that every 
` jfofceles triangle has three angles equal to two right, becaufe it is true 
of all ifofceles triangles: and it is univerfal that every triangle has 
three angles equal to two right, becaufe it comprehends al] things, 


in which this is effentially inherent. - On which account we affirm ` 


that the poffeflion of three angles equal to two right, is to- be pri- 
marily manifefted of a triangle. According to this fignification, 
therefore, of theorems, calling fome univerfal, but others non-univer- 
fal, we muft afirm that the prefent theorem, has, indeed, one of its 
objects of inveftigation univerfal, but the ather non-uniyerfal.. For 
the poffeffion of oppofite fides and angles that are equal, is a univer: 
fal, fince itis alone inherent in parallelograms: but that the diameter 
bife&s the {pace, is not univerfal, becaude it does not comprehend all: 
things in which this fymptom is beheld ; for this is inherent in a cir 
ele and ellipfis. And it appears, indeed, that primary conceptiens of 
fuch like concerns, are more particular, but that in their progrefs they 
comprehend the whale. For when the ancients had contemplated. 
that a diameter bifects an ellipfis, circle, and parallelogram, they after- 
wards furveyed that which was common in thefe. But we are-der 
ceived (fays Ariftoile +) when a non-univerfal is exhibited as univer» 


fal, becaufe that common fomething in which the fymptom is- pris 


marily inherent, is namelefs. For we cannot fay what that is, which 
je common to numbers and magnitudes, motions and founds; and it. 
is likewife difficult to exprefs what is comman to an ellipfig, circle, 
and parallelogram.. For one of thefe figures is right-lined, but the: 
otħer circular, and the third mixt; and on this account we conceive 
that he exhibits univerfally, who demontftrates that a diameter bifects. 
every parallelogram, becaufe we do not at the fame time perceive that. 
common fomething, on account of which, this is true. This then in: 
parallelograms, is pọt an univerfal of this kind, on account of the afore» 


faid caufe; but the propofition is univerfal, which afferts, that every: 
parallelogram has its oppofite fides and angles equal. For if any” 
figure is fuppofed, haying its oppofite fides and angles equal, it. may’ 


+ In his la Analytics, See page 49, of the Differtgtion,.Vol. I. of this work. . b 
i 5 i e 
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- be hewn to bea parallelogram. Thus let fuch a figure be a b cd *, 
and its diameter a d. Becaufe, therefore, the fides a 4, 5d, are equal 
to the fides a c, c d, and the angles comprehended by them are equal, 
and the bafe common, all will be equal to all. The angle, therefore, 
` ġa d, is equal to the angle a d c, and the angle a d b, to the’angle 
cad. Hence, a b, is parallel toc d, and actobd. And on this ac- 
count the figure a 4c d, is a parallelogram. And thus much may fuf- 
fice for obfervations of this kiad. 


a 


But the inftitutor of the Elements feems to have compofed the name | 


of parallelograms, by taking an occafion from the preceding theorem. 
For when he had fhewn that right lines, which conjoin equal and pa- 
rallel right lines at the fame parts, were themfelves alfo equal and pa- 
rallel, itis evident that he prenounces as well the oppofite fides which 
 Conjoin, as thofe which are conjoined, to be parallel : but that he very 
: properly calls the figure which is contained by parallels, a parallelo- 
gram, in the fame manner as he denominates that which is compre- 
hended by right lines re€tilineal. And it is evident that the inftitu- 
tor of the Elements places a parallelogram among quadrilateral figures. 
But it is worthy our obfervation and enquiry, whether every right- 
lined figure, which is compofed from equal fides, fince it is equila- 
teral and equiangular, isto be called a parallelogram. For a figure of 
this kind alfo, has its oppofite fides equal and parallel, as likewife the 
oppofiteangles equal. As for example, a fexangle, and an odtangle, 
and a decangle. Thus, if you conceive a fexangle abcdef, and 


a b 
S 
e d gag 
© See the laft preceding figure. | 
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connect a right line a c, you may fhew that a f is parallel to c d. For 
the angle at the point 4, is one right, and the third part ofa rightan- | 
gle; and this is true of every angle of a fexangle, fince it is equian- 
gular. Befides the fide a 4, is equal to the fide 4 c, for it is placed equila- 
teral. Each of the angles, therefore, 6 a c, bc a, is a third part of a 
right angle. Hence, the angles fac, acd, are right angles.. And 
on this account a f; is parallel to cd. In like manner we may thew 
that the other oppofite fides are parallel, and the fame may be evinced 
in an oG@tangle, and in the remaining figures of this kind. If, there- 
fore, that is a parallelogram which is comprehended by parallels op- 
pofitely fituated, a parallelogram will likewife fubfift among non-qua- 
drilateral figures. But it appears that with the inftitutor of the Ele- 
ments a parallelogram is quadrilateral, And this is particularly per- 
fpicuous in that theorem, in which he fays, that a parallelogram which 
has the fame bafe with a triangle, and is between the fame parallels, is 
double of the triangle: for this is alone true in quadrilateral figures. 


PROPOSITION XXXV. Tueorem XXV. 


Parallelograms which are upon the fame bafe, and be- 
tween the fame parallels, are equal to each other. 


As we have faid that of theorems, fome are univerfal, but others 
particular, and as dividing thefe we have fubjoined, that fome are alfo 
fimple, but others compofite, and have fhewn the nature of each, fo 
according to another diftinGtion, we affert that fome of thefe are local, 
but others non-local. But I call thofe local, to which the fame fymp- 
tom happens in a certain place ; and I denominate the place of a line 
or a fuperficies, that fituation, which produces one and the fame fymp- | 
tom. For of local theorems fome are conftru&ted in lines, but others 
in fuperficies. And becaufe of lines, fome are plane, but others fo- 
lid, the plane being thofe of which there is a fimple conception in a 
: plane, as of a right line: but the folid thofe whofe origin appears 
from a certain fection of a {olid figure, as of cylindric, fpiric, and co- 
, Vox. II. | Aa nic. 
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nic lines, I fhould fay, that of the local theorems which are conftruét- 
ed in lines, fome have a plane, but others a folid place. The prefent 
theorem, therefore, is both local, and local in lines, anda plane. For 
the whole fpace which lies between the parallels, is the place of the 
parallelograms conftruéted upon the fame bafe; and which the infi- 
tutor of the Elements fhews to be equal to each other. But of thofe 
local theorems which are called folid, let the following be an ex- 
ample*. Te parallelograms which are infcribed within the afymptotes 
and the hyperbola, are equal: for it is evident that the hyperbola is a 
folid line. 

But Chryfippus, as we are informed by Geminus, affimilates theo- 
= rems of this kind toideas. For as ideas comprehend the origin of in- 
finites in terminated limits, fo in thefe alfo there is a comprehenfion 
of infinites, in terminated places, and by this boundary equality ap- 
-pears, fince the altitude of the parallels remaining the fame, if infinite 
parallelograms are conceived upon the fame bafe, they may all be 
fhewn to be equal to each other. The prefent, therefore, is with the 
inftitutor of the Elements, the firft local theorem. And he appears, 
when, agreeable to an elementary mode, he had diftinguifhed tleo- 
rems by a variety, according to all poflible divifions, with great pro- 
-priety not to have omitted, confidering their idea of this kind. Ne- 
verthelefs, as his difcourfe, for the prefent, is concerning right lines, 


he delivers local plane theorems in right lines: but in the third book, 


as he treats concerning things which may be contemplated of circles, 
and their fymptoms, he likewife teaches the particulars, which are 
conftructed in crcumferences- belonging to local, and at the fame 
time, plane theorems. And fuch, among thefe, is the theorem, 
which fays, that angles in the fame fegment, are equal to one another. 
Alfo this which afferts, tat the angles in a femtcircle are right. For 


* This is a well known property of the hyperbola, and its afymptotes ; and is thus exprefied 
by Mr.Simpfon, in his Conic Sections, Lib. 3. Prop. 16. ** If from a point in the hyperbola, 
any two lines are drawn to the afymptotes, and if from any point, in the fame or oppofite hy- 
perbolas, there are drawn to the afymptotes other right lines parallel to the former ; then the 
rectangle contained by the lines fir drawn, fall be equal to the rectangle contained by the 
other drawn lines.” 

if 
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if infinite angles are conftruéted in a circumference, the fame bafe re- 
maining, they are all fhewn to be equal: but if that which is com- 


_ prehended by the, bafe and the circumference, is a femicircle, they are 


all fhewn to be right. And thefe, indeed, correfpond in proportion 
to triangles and parallelograms upon the fame bafe, and between the 
fame parallels. And fuch is the fpecies of theorems called local, by 
the ancient mathematicians. 

But perhaps it may feem perfeQly worthy of admiration, to fuch as 
are unfkilled in contemplations of this kind, that parallelograms con- 
ftructed upon the fame bafe, and between the fame parallels, fhould be 
equal to each other. For it may be afked, how is this poffible, fince the 
longitude of the fpaces, conftruéted on the fame bafe, increafes in in- 
finitum ? Since as much as we produce the parallels, by fo much we 
may alfo increafe the longitudes of the parallelograms. But fome one 
may not improperly enquire how, while this takes place, the equality 
of the fpaces remains. For if the breadth is the fame (fince the 
bafe is one), but the length is greater, will not the fpace alfo be great- 
er? The prefent theorem, therefore, and that which follows concern- 
ing triangles, are among the number of mathematical theorems, which 
are denominated admirable. For mathematicians in theorems, as the 


= Stoics in arguments, have eftablifhed a place, which is called admir- 


a 


able, and they place’the prefent among theorems of this kind. The 
vulgar, therefore, are immediately aftonifhed, when they hear that 
the multiplication of length does not deftroy the equality of {paces 
on the fame bafe. We muft neverthelefs affert, that equality and in- 
equality poffefs the greateft power in increafing or diminifhing the 
fpaces of angles. For in proportion as we make angles unequal, in 
fuch proportion we diminifh the fpace, if the length and breadth re- 
main the fame. Hence, the increafe of length is neceffary, that we 
may preferve equality. Thus, for examp'e, let there be a parallelo- 
gram abc d, and let the fide ac be produced in infinitum, and Jet it be 
a right-angled parallelogram ; and laftly, on the bafe 4 d, conftrua 
another parallelogram be fd. That the length, therefore, is in- 
creafed is evident: for the fide $ e, is greater than the fide a 4, 
| Aaz2 fince 
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fince the angle at the point a, is right. But this neceflarily takes 
place, as the angles of the parallelogram 4¢ fd, are unequal, and 
fome of them are acute, but others obtufe : and this happens, becaufe 
the fide 4 e, approaches after a manner to the fide 6 d, and contraés 
the fpace. For let 6g be taken equal to a 4, and through g, draw 
g 4 parallel to bd. The length, therefore, of the parallelogram 
b d g 6, is equal to the length of the parallelogram a å c d, and the 
breadth is the fame, and yet one fpace is lefs than the other; for it 
is lefs than Ge fd. Hence, the inequality of angles diminithes the 
area, but the increment of length adding as much as the inequality of 
angles takes away, preferves the equality of the {paces. But the 
boundary of the increafe of length, is the place of the parallel lines. 
For when both the parallelograms are re@angular, and have an equal 

ambit, 


Pu 
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ambit, the quadrangle is fhewn to be greater than the obiong * : but 
when they are both equilateral, and have confequentiy an equal am- 
bit, that which is re&tangu'ar, is fhewn to be greater than that which 
is non-rectanguiart. For the rectitude of anges, and the equality of 
fides, poffeffes univerfal power in the augmentation of {paces. It is 
on this account that a quadrangle is the greateft of all figures 
with an equal ambit, and a rhomboides the leaft. And thefe obferva- 
tions we fhall demonftrate in another place f: for they more properly 
belong tothe hypothefes of the fecond book. . 

But with refpeét to the prefent theorem, it is requifite to know, 
that when Euciid calls parallelograms equal, he means the fpaces, and 
not the fides : for he now difcourfes of areas. And we mutt likewife 
obferve, that he firt mentions trapeziums in thc demonttration of 
this theorem : from whence a'fo it is manifeft, that he does not im- 
properly teach us concerning a trapezium, in the definitions, when 
he informs us that it is indeed of a quadrilateral fpecies, but is not a 
parallelogram. For the figure which has not its oppofite fides and. 
angles equal, falls from the order of paralielograms. The inftitutor 
of the Elements, therefore, as he had chofen a more difficult cafe, 
demonftrates the thing propofed. But if,any one fhouid fay, let the. 
parallelograms a cd, and $ dce, be upon the fame bafe d 4, fo. 
that the fide c d may be the diameter of the parallelogram a4, we 
ean fhew that accordmg to this pofition they are equal. For the tri- 
angle $ ¢ d, is the half of each parallelogram : becaufe c d is the dia- 
meter of a $, but cdofde; and diameters bife& parallelograms. 


* Thus let there be a. fquare, whofe fide is equal. to three, and a:pirallelogram whofe long- 
eft fide is equal to four, and its fhorteft to two ; the ambit of.each figure will indeed be equal 
to twelve, but the area of the fquare will be equal to nine, and of the parallelogram to eizhe. 


- t This will be evident by conceiving a rectangular parlfelogram equal to that which is none. 
retangular, defcribed on the fame bafe: for the ambit of the former will be lefs tham that of 
the latter, and confequently lefs than the parallelogram,. with an ambit equal to the non-re@ 

angular parallelogram. 


+ From hence it is evident that it was the intention of Proclus to comment on the whole of 
Euclid : but it does not appear that he ever carried this défign into executions. ` 


Hence, - 
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Hence, a b is equal to the parallelogram de. Again, if any one fhould 
fuppofe that the fide a c, of the parallelogram a 4, is cut by the fide 
dc, and that the parallelograms are fituated as a d be, bdcf, we 





can fhew that thefe alfo are equal. For fince the fide a e, is equal to 
the fide c f (each becaufe oppofite being equal to d 4), let the com- 
mon right line c e be taken away. Hence, ac is equal to e f. But 
a d, alfo, is equal to e b, andthe angle c ad, tothe angle fe 6. For 
ad is parallel toe 4; and hence, the bafe c d, is equal to the bafe f 4, 
and the whole triangle a dc, is equal tothe whole triangle eb f. Let 
the common trapezium ¢4, be added. The whole, therefore, a è, 
is not unequal tothe whole 4 f. And here you may obferve that thefe 
are the only three cafes. For the fide d c, either cuts the fide e 5, ac 


cording to the pofition of the elementary inftitutor ; or it falis on the 
| 5 point 
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point c, as in the penultimate defcription : or it cuts the line æ e, ac-` 


cording to the prefent fuppofition. And thus the theorem is fhewn 


to be true according to all its cafes. Laftly, as there is a two-fold dif- 
ference of trapeziums, and one kind has neither of its oppofite fides 
parallel, but the other has one fide parallel to one, this latter fpecies of 


_ trapeziums is alone employed by the geometrician throughout the 


elements, and in the prefent defcription : for c e is parallel to d &. 


PROPOSITION XXXVI. Tuzrorem XXVI. 


Parallelograms which are upon equal bafes, and-between 
the fame parallels, are equal to each other. | 


_'Phe preceding theorem aflumed, indeed, the-fame bafes, but this 
receives them equal, and different from each other. But it is com- 


mon to both, to fuppofe the parallelograms between the fame parallels. 


It is requifite, therefore, that they fhould neither fall within, nor 
without their fubje& parallel lines. For parallelograms are faid to be 
between the fame parallels, when their bafes and oppolite fides are 
adapted to the fame parallels. As to the reft, the inftitutor of the 
Elements, as he had aflumed the bafes entirely feparate, exhibits the 
theorem. But nothing hinders our receiving them with this hypo- 
thefis, fo that they may have a common part. For let æ b, c d, be 
parallelograms upon equal bafes e 4, fd, having a common part, and- 
con{tructed between the fame parallels, I fay that they are equal. Let 
a C 


7 d 


f b ra the 
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the lines ec, bg, be connected. Becaufe, therefore, e f, is equal to 
b d (for the bafe e 4, was fuppofed equal to the bafe f d), but the fide 
cf, is equal to the fide d g, andthe angle c fe, is equal to the angle 
gdb, and hence, ce is equal to bg. But it is alfo parallel to it. 


Hence, c4 isa parallelogram, and has the fame bafe with each of the | 


parallelograms ab, cd, and is between the fame parallels. The pa- 
rallelogram, therefore, a 4, is equal to the parallelogram c d. 

But if any one fhould fuppofe that the bafes of the parallelograms 
have neither a common part, nor are feparate from each other, but 
(which is the only remaining hyyothefis) that they touch each other 
` in one point, asin the parallelograms ae, e d, we mult fay that the 


a C d 


b C f 


bafe 5 e is equal to the bafe e f, and tothe fide c d. Hence, alfo, the 
right line c 4, is equal to the right line de, and is parallel to it. For 
the lines which join equal and parallel lines, are themfelves alfo equal 
and parallel. Hence, 4 dis a parallelogram, and is upon the fame 
bafe, and between the fame parallels, with the parallelograms c 4, de. 
The parallelograms, therefore, c b, de, are equal. But according to 


the firft conception of a theorem, we may divide the conftruétions by 


afferting that the bafes have either a common part, or ‘touch each 
other, or are diftant from each other. It is however poffible, that 


though they may touch each other, as Je, e f, yet the whole paralle- 


, logram de may be fuppofed external to the fide c e; or one fide of 
the parallelogram c f, may be the diameter of the parallelogram ae; 
or the fide c e, may cut the fide ac; or the fide ac, being produced 
beyond a, the fide c e, may fall as the diameter of the parallelogram 
| increafed 
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increafed towards a, when the fide d f becomes the fame as a line 
drawn from a to f,; or the fide. c e, may cut the fide ac, produced 
beyond a; or the fide ac, may be ftill farther produced beyond a, fo ` 
that the fide c e may fall beyond the point, to which a c was extended 
in the preceding cafe, and the fide d f, may cut the line produced be- 
yondat. * * *, 


PROPOSITION XXXVII. Tuzorem XXVH. 


Triangles which are upon the fame bafe, and. between the 
= ` fame parallels, are equal to each other. 


The beginning of this Commentary is wanting. 
| oo * * 

* *for thofe being equal, the {paces are unequal ; and when thefe 
are unequal, thofe are fhewn to be equal. And this is the cafe with 
Chorographers, when they reafon concerning the magnitudes of cities, 
from their ambits. But formerly, certain perfons deceived their part- 
ners, in the diftribution of their poffeflions, deluding them by an ex- 
cefs of ambit, fo as to make them believe that they received a greater 
portion of Jand, when they received a greater ambit; and that they 
were gainers, by changing {paces into areas of lefs ambit. f '1 hus 
two ifofceles triangles being ;ropofed, one of which has each of its 
equal fides, containing five parts, but the bale fix: and the other 
has each of its equal fides five parts, but the bafe eight ; and let thefe 
parts be, for inftance, cubits, or digits, thefe triangles will very much 
deceive the ignorant in their choice. For the ambit of the one is - 
eighteen, and of the other fixteen meafures. But a geometrician is 
not ignorant that the {paces are equal, though the ambits are unequal ; 
fince the area of each is twelve meafures.- For if you draw a per- 


+ The prefent Commentary is imperfect, both in the Greek, and the tranflation of Barocius ; 
who obferves that the conclufion is wanting in all the copies wtich he had an opportunity of 
perufing. Thofe who are curious may confult his fcholium, in which he has endeavoured to 
complete it. 

+ See Comment 8, of the third book, with its n3te. 
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pendicular from the vertex, you will bife& the bafes, and caufe the 
half of the one to be three but of the other four meafures: but 
the perpendicular on the contrary, will be there equal to four, but 
here equal to three ; fince it is requifite that the {quare from the qui- 
nary, fhould be equal to the {quares from the perpendicular, and the half 
of the bafe. But if the bafe of the one is equal to three, the perpendicu- - 
Jar muft be four ; and if the bafe of the other is equal to four, its per- 
pendicular muft be three. When, therefore, you have multiplied the 
half of the bafe with the perpendicular, you will have a {pace equal to 
the.triangle: but this is the fame in each, whether you multiply the 
quaternary with the ternary, or the ternary with the quaternary. And 
ave have made thefe obfervations for the purpofe of fhewing that the 
equality of {paces is not to be entirely received from the ambits. Nor 
fhould we wonder, that though triangles upon the fame bafe, may be 
infinitely increafed between the fame parallels, according to the re- 
maining fides, yet the equality of the {paces immutably remains. But 
thofe triangles are faid to be between the fame parallels, which have 
their bafes upon one of the parallel lines, and fix their vertices on the 
remainder ; and whofe vertices being connected, form one right line, 
parallel to the bafes on the fame right line. 


PROPOSITION XXXVIII.. Tueorem XXVII. 


Triangles which are upon equal bafes, and between the 
fame parallels, are equal to each other. © 


The prefent theorem alfo is local, becaufe it correfponds in propor- 
tion with parallelograms, and fuppofes the fituation of triangles upon 
equal bafes. But Euclid feems, to me, to have delivered one demon- 
ftration by the firt propofition of the fixth book of thefe four theo- 
yems, two of which are exhibited in parallelograms, and two in tri- 
angles : and two of which are on the fame bafe, and the other two 
on equal bafes. But that Euclid has performed this is unknown to 
the vulgar. For after he had fhewn that triangles and parallelograms, 
svhich are under the fame altitude, have the fame proportion to each 

other 
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other as their bafes, nothing demonftrates all thefe four theorems 
more univerfally, from proportion, than this theorem : fince to pof- 
fefs the fame altitude, is nothing elfe than being conflituted between 
the fame parallels. For all figures between the fame parallels, are 
under the fame altitude, and the contrary : fince the altitude is the per- 
pendicular, which extends itfelf from one parallel. to the reft.. In: that 
propofition, therefore, it is fhewn by proportion, that triangles and 
parallelograms, under the fame altitude, that is, fituated between the 
fame parallels, are to each other as their bafes, and fo when the bafes 
are equal, the {paces are equal; and when thofe are double, thefe will 
be double; and when the bafes have any other proportion, the {paces 
alfo will have to each other the fame proportion. But for the prefent, 
becaufe it is not proper that he fhould ufe proportion, who has not 
yet explained its nature, he is content with equality and identity 
alone : for the identity of bafes is collected from equality. Hence, 
thefe four theorems fare comprehended in that one; not only becaufe 
he fhews by one demonftration, whatever are contained in thefe four, 
but likewife, becaufe he adds what was wanting to their perfection, 
viz. identity of proportion, though the bafes are unequal.: But that 
this theorem, alfo, has many cafes, and that it is poffible that the bafes 
of the triangles may be affumed, cither having the fame part as in 
parallelograms ; or poffefling no common part, but touching each 
other according to one point; or entirely feparate, fo that a line may 
intervene between them, 1s manifeft, even to fuch as are endued with 
flender capacities. And this too is evident, that according to all 
cafes, however the bafes or vertices may be fituated, the fame me- 
thod of proceeding muft be adopted as in parallelograms ; viz. paral- 
lels to the fides muft be drawn, and produced both ways, and the 
equality of the triangles exhibited. 


PROPOSITION XXXIX. Tuzrorem XXXIX. 


Equal triangles, which are upon the fame bafe, and at the 
fame parts, are between the fame parallels. 


Bb2 f When 
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When it was propofed to exhibit equality to us, then it was requifite 
to make four theorems, receiving two in parallelograms, but the other 
two in triangles, fituated either upon the fame, or upon equal bafes, 
But now by converlion, we negle&.the theorems which are converfe 
in parallelograms, and efteem fuch as are converfe in triangles wor- 
thy of re.ation. And the realon of-this is, becaufe the mode of de- 
monftration in parallelograms, is the fame indifferently, by a deduc- 
tion to an impoffibility, and the conftruction is fimilar. But we are 
content when we have exhibited the way in more fimple figures, I 

' mean triangles, to leave to the more curious the fame mode of reafon- 
ing in the reft: fince it is eafy, at the fame time, to perceive that 
there is the fame method in thefe. For when we affume equal paral- 
lelograms, upon the fame bafe, or upon equal bafes, we muft fay 
that they are alfo between the fame parallels. For if they are not, 
either one of them falls wi:hin, when the parallels which are in the 
other are produced; or without. But which ever cafe is affumed, 
when we receive it and its parallels, we may exhibit the fame confe- 
quences as in triangles, I mean that the whole will be equal to its 
part: but this isimpoflible. It is however manifeft, that the inftitu- 
tor of the Elements very properly adds the particle, and at the fame 
parts. For it is poflible that equal triangles, may -be affumed upon 
the fame bafe, one, indeed, at thefe parts, but the other at different 
parts, and yet thefe will not be entirely between the fame parallels : 
for neither will they be contained under the fame altitude. And on 
this account he added the particle. 

. But fince a parallel may be drawn in a two-fold refpect, accord- 
ing to an abfurd hypothefis, i. e. either within or without, Euclid 
draws it within: but we can exhibit the fame confequences, by draw~ 
ing it without. For let the equa: triangles abc, dbc, be upon 
bafe, and at the fame parts, I fay that they are between the fame 
parallels, and that the right line connected at their vertices, is parallel 
tothe bafe. Let the right line a d be connected. But if this is not 
parallel, let the line, external to this, i.e. ae be parallel, and let 4d 
be produced to the point e, and conne&t ec. The triangle, therefore, 

. abe, 
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a b c, is equal to the triangle e c, the whole to the part. But this is 
impoffible ; and hence, the parallel line does not fall external to ad. 
But it is hewn by the inftitutor of the Elements, that neither does it 
fall within: and hence a d, is parallel to c. Hence too, equal tri- 
angles, which are at the fame parts, and upon the fame bafe are paral- 
lel to each other. -+ And thus the remaining part of the deduction to 
an impoffibility is demonftrated. But it is worthy of obfervation, 
that fince the converfion of theorems is triple (for either the whole 
is converted to the whole, as we have noticed, in the eighteenth and — 
nineteenth theorems; or the whole to the part, as the fixth and fifth ; 
or the part to the part, as the eighth and the fourth: for the whole 
is nota datum, in the one, and an object of inveftigation in the other : 
nor is the object of invefiigation, a datum, but a part) thefe triangular 
theorems appear to be of this kind. For, that the triangles are equal, 
is an object of inveftigation in the preceding ; but this is not a datum 
alone in thefe, becaufe it aflumes, befides this, a part of that which 
was hypothefis in thofe. For to ftand upon the fame, or upon equal 
bafes, is a datum in thefe, as well as in thofe, except that in thefe hy- 
pothefes he adds fomethiug which was neither an objec of inveftiga- 
‘ tion, nor a datum in thefe; fince the particle at the fame parts, is over 
and above extrinfically aflumed. 


9 ` PRO- 
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PROPOSITION XL. Tuzorem XXX. 


a triangles which are upon equal bafes, and at the 
fame parts, are between the fame parallels. 


There is the fame mode of converfion too in the prefent theorem, 
and a fimilar demonftration; and that part of the dedudtion to an im- 
pofibility, which is omitted by the inftitutor of the Elements, is de- 
monftrated after the fame manner, and there is no occafion for repe- 


tition. But ince thefe three conditions are in the aforefaid propo- 


fitions, fituation upon equal, or on the fame bafes; pofition between the 
fame parallels; and equality of triangles and parallelagrams, itis mani- 
feft that we may varioufly convert, by always connecting two, and 
leaving one. For we either fuppofed the bafes the fame, or equal, and 
triangles and parallelograms between the fame parallels, and thus we 
form four theorems; or we confider the triangles and parallelo- 
grams equal, and the bafes the fame, or equal, and thus we pro- 


duce another four, two- of which the elementary inftitutor omits, l 


viz. thofe which refpe& paralle'ograms, but the other two relative to 
triangles, he exhibits; or laftly, when we have affumed them equal, 
and between the fameparallels,, we prove the remainder, that they are 
either upon the fame, or upon equal bafes, and produce another four, 
which the inftitutor of the Elements entirely negleéts. For there is 
the fame demonftration in thefe, except that two of thefe four are 
not effentially true. Thus, equal parallelograms or triangles, between 
the fame parallels, are not neceflarily upon the fame bafe: but all 
this is true in thefe hypothefes, that they are upon the fame or equal 
bafes ; but the other does not entirely follow the affumed hypotkefes. 
Hence, as all thefe theorems are ten, the geometrician {peaks of fix, 
and neglects four, left he fhould labour in vain, by repetition, fince the 
demonftration is the fame. For it may be fhewn in triangles, that if 
they are equal, and between the fame parallels, they will either be 
upon the fame, or upon equal bafes. For let it be denied, and if pof- 
fible, let the triangles a b c, de f, have thefe conditions, upon unequal 
bafes dc, ef Let too, 4c, be the greater, and ¢ cut off $ $, equal to 


ef 


a a 
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ef, and conne& a 4. Becaufe, therefore, the triangles 244, def, 
are upon equal bafes, 4 4, ef, and between the fame parallels, they 
are equal. But the triangles alfo, adc,def, are fuppofed equal. 
Hence, the triangles a b c, a b 4, are equal, which is impoffible. The 
bafes, therefore, of the triangles adc, def, are not unequal. And 
the mode of demonftration will be the fame in parallelograms. Since, 
therefore, the oftenfive method is the fame, and the impoflibility the 
fame, viz. that the whole is equal to its part, it is not improperly 
omitted by the elementary inftitutor. And thus we have fhewn, that | 
there are neceflarily ten theorems, and have enumerated what are 
omitted, and fhewn the reafon of their omiffion. But let us now 
pafs to the following propofitions. : 


PROPOS ITI ON XLI. Tuetorem XXXI. 


If a parallelogram has the fame bafe with a triangle, and 
is between the fame parallelis, the parallelogram fhall 
þe double the triangle. 


The prefent theorem alfo is local, but it mingles the conftru@tions 
of triangles and parallelograms, fituated under the fame altitude. 
As, therefore, we have feparately furveyed parallelograms and triangles, 
fo when we affume each of them in conjunction, and with the fame 
condition, we contemplate their proportion to each other. In the 
former, therefore, an equality of proportion is apparent, fince all upon 


the fame bafes, and between the fame parallels, have a mutual equality, 
| bo | whether 
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whether they are triangles, or parallelograms. But in thefe latter, 
the firft of unequal proportions, I mean the duple, is exhibited: for 
he demonftrates that a parallelogram is double of a triangle, on the 
fame bafe, and poffeffing the fame altitude. But the elementary infti- 
tutor fhews the thing propofed, by fuppofing the vertex of the tri- 
angle external to the parallelogram. We can, however, demonttrate 
the confequence, by aluming the line which is parallel to their com- 
mon bafe, in the other fide of the parallelogram: for thefe are two 
cafes of the theorem. Since in confequence of the two having the 
' fame bafe, it is neceffary that the vertex of the triangle fhould either 
be within, or without the parallelogram. Let there be, therefore, a 
parallelogram a b e d, and a triangle ecd, and let a point c be placed 
between the points a and 4, and conncét the right line ad. Becaufe, 
therefore, the parallelogram is double of the triangle eca, but the 


d 

€e 

triangle a dc, is equal to the triangle e d c, hence, the parallelogram 
is double of the triangle ecd. And hence it is evident that a pa- 
rallelogram is double of a triangle on the fame bafe. But if the bafes 
are equal, we can fhew the fame by drawing the diameters of the pa- 
rallelograms : for if the triangles are equal, the parallelogram which is 
double of the one, will alfo be double of the other. But triangles 
are equal, on account of the equality of bafes, and the identity of alti- 
tude. The geometrician, therefore, very properly omits this, for 
the demonftration is the fame: fince they will either have the fame 
part, or they will be conjoined in one point only, or they will be 
{eparate from each other. But in whatever manner they may receive 
this variety, there is one demonftration according to all the cafes. 
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We can likewife demonftrate the converfe propofitions to this theo- 
rem, after the fame manner. One of which is: JJa parallelogram is 
double of a triangle, and they have the fame or equal bafes, and are at the 
fame parts, they fhaill be between the fame parallels. For.if they are not 
the whole fha'l be equal to the part, and the fame proportion fhall 
prevail: fince it is neceflary that the vertex of the triangle fhould 
either fall within,.or external to the parallels. But in either cafe, 
the fame impoffibility will be the refult, by drawing a parallel to the 
bafe, throuzh the vertex of the triangle. But the fecond converfe 
theorem is: Jf a parallelogram is double of a triangle, and both are bea 
tween the fame parallels, they will either be fi‘uated upon one bafe, or 
upon equal bafes. For if they are upon unequal bales, fince we have 
affumed the figures to be eqyal, we may fhew that the whole will be 
equal to its part. Hence, all thefe theorems end in this common 
impoffible : and on this account, the inftitutor of the Elements leaves 
us to inveftigate the variety they contain, as he him(elf, has contra@- 
ed his {peculation to fuch as are more fimple, and of a more primary 
nature. However, as we have recognized thefe obfervations, let us 
fee for the fake of exercife, by not afluming a parallelogram, buta 
trapezium, two of whofe fides only are parallel (becaufe it has the 
fame bafe with the triangle, while it is fituated between the fame 
parallels), let us, I fay, confider what proportion it poffeffes to the 
triangle. That it has not, therefore, a duple proportion is evident : 
for if it had a duple ratio, it would be a parallelogram, fince it is a 
= quadrilateral figure. But I fay that it is either greater than double or 
lefs t for fince the two fides are para'lel, one is greater, but the other 
lefs ; becaufe if equal, the fides conjoining them will be parallel. If, 
therefore, the triangle has its greater fide for the bafe, the quadrila- 
teral figure will be lefs than double of the triangle: but if the leffer 
fide, it will be more than double. For let a bcd, be a quadrilateral 
figure, and let the fide a 4, be lefs than thc fide c d, and produce the 
fide a b, in infinitum, and let the triangle ec d have the fame bafe 
with the quadrilateral figure, thatis¢ d; and laftly, through d, draw 
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d f, parallel to a c. Hence, the parallelogram a c d f, is double of the 
triangle ecd; and fo the quadrilateral figure a 4c d, is lefs than 
double of the tangele: 

' Again, let the triangle have the bafe a 4, and draw 4 f, paralid to 
ac. The parallelogram, therefore, a b fc, is double of the triangle. 


C7 | 
€ S 
And hence, the quadrilateral figure, a bcd, is more than double of the 
triangle. This being fhewn; we affirm, that when there isa quadrilateral 
figure, whofe two oppofite fides only, are parallel, if one of the parallel 
fides is bifeGted, and right lines are drawn from it to the other fide, the 
quadrilateral figure, is either more or lefs than double of the triangle 
_ refulting from fuch a conftruction. But if one of the fides by which 
the parallel lines are conjoined, is bifected, and certain right lines are 
drawn from it to the remaining fide, the quadriiateral figure, will be 
perfectly double of the triangle which is produced. And this may 
be fhewn as follows. Let there be a quadrilateral figure a å c d, and 
let the fide a d, be parallel to the fide b c, and bife@& dc, in the point 
e, and connect the right lines a e, e b, and produce ġe, till it coincides 
with a d, in fome point, as /. Becaufe, therefore, the angles at the 
point e, are equal, for they are vertical; likewife, becaufe the angle 
Fd e, is equal to the angle 4 ce, the fide alfo fe, will be equal to the 
fide e 6, and the triangle de f, will be equal to the triangle 4c e, 


Let the common triangle a d e, be added. ‘The whole triangle, there- 
| fore, 





» 
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fore, a e f, is equal to the two triangles a de, bce. But the tri- 
angle a ef, is equal to the triangle ae 4: for they are upon equal 
bafes, ġe, e f, and between the fame parallels, if a line parallel to 
b f, is drawn*. Hence, the triangle ae 4, is equal to the triangles 
ade, bce, and the quadrilateral figure adc d, is double of the triane 
gle a e b, which was to be fhewn. After the fame manner, we may 
fhew, that if the fide a 4, is bifected, and certain right lines are drawn 


. from it, to the fide e d, the quadrilateral figure will be double of the 


triangle formed by fuch aconftruGion. If, therefore, one of the fides 
by’ which the parallel lines are conjoined is bifected, and.from it cer- 
tain right lines are drawn to the remaining fide, the quadrilateral 


figure fhall be doub!e of the triang’e. And thefe things are demon- 
{trated for the fake of geometrical exercife. 


Let us now proceed to 
the fubfequent propofitions. 


PROPOSITION XLII. Prosrem XI. 


To conftruct a parallelogram equal to a given triangle, in 
a given rectilineal angle +. 
* * * * | 


PR O- 


` @ Barocius is of opinion, that this Commentary was originally mutilated ; and that the part 


which follows the word drawn, was added by fome fkilful geometrician, as neceffary to the per- 
feftion of the demonftration. See his Scholium to this Commentary. 


4 The Commentary of Proclus, on this propofition is wanting inthe Greck, and, as we 
are informed by Barocius in all the MS, copi:s which he had an opportunity of confulting. 
: Cc 2 Barocius 
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PROPOSITION XLIII. Tuzorem XXXII. 


The complements of parallelograms, fituated about the 
= diameter of every parallelogram, are equal'to each other. 


The beginning of this commentary is wanting. 


* * * # 


that parallelograms are not mutually conjoined according to one 
point, and that the complements are not quadrilateral ; it. is requifite 
that placing this alfo asa cafe, we fhould regard the fame accident. 
For let there be a parallelogram a 4, having the paralleloprams c 4, 
d |, about the fame diameter, and let.a certain right line-4 /,, which. is. 


e 
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a part of the diameter intervene between. them. Again, therefore, 
you may fay the fame, viz. that the triangle a c d, is equal to the tri- 
angle 4 c d; and the triangle ec 2, tothe triangle kef; and likewife 
the triangle d g /, to the triangle d4/, The remaining figure, there- 
fore, a g l ke, of five fides, is equal to the remaining five-fided figure 
bfkib. But thefe were the complements. Again, if the parallelo- 
grams are neither conjoined according to a point, nor diftant from 


Barocius hae endeavoured to fupply this deficiency, after the manner of Proclus ; but he ap- 
pears to have fallen into prolixity, by a too minute divifion of the problem. : 


i each 
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each other, but-mutually cut each other, on this hypothefis alfo, the 
demonftration will be the fame. For let there be a parallelogram a 4, 
and a diameter c d, and let parallelograms be conftru@ted about it, 


ai 
L T 
da } 6: 


ene of which is e c f/, but the-other, by which this-alfo is interfe&ed; 
dg k b. I faythat the complements f g,.e b, are: equal: For fince- 
the whole triangle dg 2, is equal to the whole triangle- d 4 k,. but a 
part of it alfo, the triangle Å 7 m, is equal to the triangle 2 /z; (fince: 
Lk isa parallelogram) ; hence the remaining trapezium d / n 4, is equal — 
to the remaining trapezium d/mg. But the triangle: adc,. is equal 
to the triangle cd, and the triangle fc /, in the parallelogram e f, to. 
the triangle ec/, and the trapezium d g m /, to the trapezium ddan /. 
The remaining quadrilateral figure, therefore g f, is not unequal to: 
the remaining quadrilateral figure e%. And hence, the theorem is ex- 
hibited: according to all its.cafes. But there are three only, and nei- 
ther more nor lefs. For the parallelograms confifting about the fame 
diameter, either cut each other or touch each other, according to a. 


point, or are diftant from each other by a certain part of the diameter. © 


But the inftitutor of the Elements affumes the appellation of comple- 
ments, from the thing itfelf, fo far as thefe alfo, befides two parallélo- 
grams, fill up the whole: and on this account, it was not of itfelf 
thought worthy of being remembered in the definitions. For, indeed, 
variety is requifite to its declaration, fuch as the knowledge of a pa. 

8. rallelogram, 
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rallelogram, and what thofe parallelograms are, which are about the 
. diameter of the whole paralelogram ; fince, when thefe are explained, 
this likewife becomes known. But thofe parallelograms are about 
the fame diameter, which have a part of the whole diameter for their 
own: and thofe which have not this condition, are by no means about 
the fame diameter. For when the diameter of the whole parallelo- 
gram is cut by the fides of an internal parallelogram, then this paral- 
lelogram is not about the fame diameter with the whole parallelo- 
gram. As for example, in the parallelogram a 4, let the diameter 
cd, cut the fide e 4, of the parallelogram ce. The parallelogram, 


a A C 


hema 


therefore, e c, is not about the fame diameter with the parallelogram 
cd. 


PROPOSITION XLIV. Prosiem XII. 


To a given right line, to apply a parallelogram equal to a 
given triangle, in an angle which: is equal to a given 
right lined angle. 


According to the Familiars of Fudemus, the inventions refpedting 
the application, exce/s, and defec? of fpaces, is ancient, and belongs 
to the Pythag-ric mufe. But junior mathematicians receiving names 
from thefe, transferred them tothe lines which are called conic, be- 
caufe one of thefe they denominate a parabola, but the other an hy- 

perbola, 


“te 
a a i 
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perbola, and the third an ellipfis * ; fince, indeed thefe ancient and 
divine men, in the plane defcription of {paces on a terminated right: 
line, regarded the things indicated by thefe appellations. - For when 
a right line being propofed, you adapt a given {pace to the whole 
right line, then that fpace is faid to be applied ; but when you make 

the longitude of the {pace greater than that of the right line, then the 
- fpace is faid to exceed ; but when lefs, fo that fome part of the right 
line is external tothe defcribed {pace, then the {pace is faid to be d- 
ficient. And after this manner, Euclid, in the fixth book, mentions 
both excefs and defe&t. But in the prefent problem he requires ap- 
_ plication, wifhing to apply toa given right line a parallelogram equal 
to a given triangle ; that we may not only have the conftruGion of a 
parallelogram equal to a given triangle, but alfo. an apphcation to a 
determinate right line. As forexample, a triangle being given, hav- 
ing an area of twelve feet, but a right line being propofed, whofe 
length is four feet, we may apply to the right line a parallelopram 
equal to the triangle, if when we affume the whole length of four 
feet, we find how many feet the breadth ought to contain, that the 
parallelogram may become equal to the triangle. When, therefore, 
we have difcovered that the breadth is three feet, and have multiplied 
the length with the breadth, the propofed angle being right, we thall 
obtain the defired fpace. And fuch isthe verb zo apply, formerly de- 
livered by the Pythagoreans. But there are three things given im 
the prefent problem; one, the right line to which it is to be fo applied, 
that it may become the whole fide of that {pace ; but the other is the 


= triangle to which that which is applied ought to be equal; and the 


third isthe angle to which it is requifite that the angle of. the fpace- 
fhould be equal. And here it is again perfpicuous, that when the 
angle is right, the fpace which is applied, is either a quadrangle, or 
an oblong ; but when it is either acute or obtufe, the fpace is either — 
a rhombus, or rhomboides. Befides, this too is manifeft, that the right 
line ought to be finite ; fince this cannot be accomplifhed onan infinite 


# See Simf. Set. Con Lib, I. Prop. 13. and Lib. II. Prop. 23, and Lib. III. Prop. 48. 
f | line. 
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line. At the fame time, therefore, as he fays, fo apply to a given right line; 
he indicates that the right line muft be neceffarily finite. But he ufes in 
the conftruction of the prefent problem, the conftrudction of a paralle- 
logram equal to a given triangle; fince, as we have obferved, appli- 
cation is not the fame with conftruction. For the latter, indeed, con- 
ftruéts both the whole fpace, and all the fides; but the former, when 


it.has one fide given, conftitutes on this the fpace, becaufe it is nei~. 


ther deficient, nor exceeds according to.this extention, but ufes this one 
fide which comprehends the area. But you may perhaps fay, why 
does he ufe .theorems, when he fhews triangles equal to triangles; 
but problems, when he fhews triangles equal to parallelograms? We 
reply, itis becaufe equality fpontaneoully arifes in things of the fame 
{pecies,; ‘but :requires origin, and fabrication, in things of a diff- 
milar fpecies, on account of the mutation fubfifting according to fpe- 
cits, fince it.is by itfelf difficut of invention. 


PR O©POSITION XLV. Prostem XIII. 


To conftruct a parallelogram equal to a given right-lined 
‘figure, in a given rectilineal angle. 


The-prefent is more univerfal than the two problems, in which he 
‘invented as well the conftrution, as the application of parallelograms 
-equal to a given triangle. For whether a triangle, or a quadrangle, 
or any other quadrilateral figure is given, we may conftrud a paralle- 
Jogram equal to it, by the prefent theorem; fince every right-lined 
figure, as we have previoufly obferved *, may be effentially refolved 
into triangles, and we have ‘delivered a method of difcovering the 
multitude of triangles. When, therefore, we have refolved a given 
rectangle into triangles, and have conftru&ted a parallelogram equal 
to one. of them, and have applied to a given right line, para:lelograms 
equal to the ret; then, by afluming that to which we have made 


* In the fixth Commentary of this book, 
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the firft application, we fhall have a parallelogram compofed from 
thefe parallelograms, equal to the right-ljned figure compofed from 
thofe triangles, and the thing defired, will be accomplifhed. Hence, 
though fuch a rectangle fhould be a figure of ten fides, yet, by refolv- 
ing it into eight triangles, and conftruGting a parallelogram equal to 
one of them, and feven times applying parallelograms equal to the 
reft, we fhall obtain the obje& of inveftigation, But, as it appears to 
me, the ancients being incited by this problem, fought how to defcribe 
a quadrangle equal to acircle. For if a parallelogram can be found 
equal to any right-lined figure, it deferves to be enquired whether 
right-lined figures alfo, can be {hewn equal to fuch as are curve-lined. 
And Archimedes fhews that every circle is equal to a right-angled 
triangle, one of whofe radii is equal to one of the.fides which are 
about the right angle of the triangle ; but whofe ambit is equal to the 
bafe. However, of this elfewhere : let us now proceed to the confe- 
quent propofitions. 


PROPOSITION XLVI. Prostem XIV. 
To defcribe a quadrangle from a given right line. 


Euclid requires this problem, moft particularly, in the conftruction 
of the following theorem. But he appears to have been defirous to 
deliver the origin of the two beft rectilineal figures, viz. the equilateral 
triangle, and the quadrangle; becaufe thefe right lined figures are re- 
quired in the conftitution of the mundane figures, and particularly of 
thofe four, to which origin and diffolution belong. ` For the icofa- 
edron, and the octaedron, and the pyramid, are compofed from equi- 
lateral triangles ; but the cube from quadrangles. And on this ac- 
count, as it appears to me, he has principally confiruéted the former, 
but defcribed the latter. For he has difcovered appellations adapted 

Vou. IL. : F Dd | to 
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to thefe fi2zures: fince the equilateral triangle, fo far as its compofi- 
tion is various, requires cou/iruction; but the quadrangle, fo far as it 
originates from one fide, requires de/cription. For we cannot pro- 
duce a triangle in the fame manner as a quadrangle, by multiplying 
the number of a given right line into itfel£; but when we have con- 
joined right lines produced by other means, with the extremities of 
the given right lme, we conftru&t from thefe one equilateral triangle: 
and the defcription of circles, profits in difcovering that point fronr 
which it is requifite to connec right lines, to the extremes of the pro». 
pofed rizht line. But thefe obfervations are indeed perfpicuous. 

It may, however, be fhewn, that the right lines, from which quas- 
drangles are defcribed, being equal, the quadrangles alfo fhall be: 
equal. For let the right lines a 4, cd, be equal, and from a 4, de-. 

fcribe the quadrangle a bc g, but from cd, the quadrangle c dh f;, 


E C È F 


a 6 c d. 


and conneé the right lines g b, 45d. Becaufe, therefore, the right 
lines a 6, c d, are equal, ag, 4c, are alfo equal; and they compre- 
hend equal angles, and the bafe g 4, is equal to the bafe 4d, and 
the triangle a bg, to the triangle c d b; and the doubles of thefe are- 
equal. Hence the quadrangle a c, isnot unequal to the quadrangle 
cf. Buttheconverfe of this alfo is true. For if the quadrangles: 
are equal, the right lines, alfo, from which they are defcribed, will: 

9 | be. 
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be equal. Thus let the quadrangles af,¢ g, be equal, and let thems 
be fo placed, that the fide æ 4, may be in a right line with the fide å c. 
Since therefore, the angles are right, the right line alfo f, will be in a 


a 
r N E 


C 


dire& pofition, with the right line dg. Let the right lines fc, ag, 
af, cx, be connected: Becaufe, therefore, the quadrangle af, is 
equal to the quadrangle c g; the triangle, alfo, a f b, is equal to the 
triangle cog. Let the common triangle dc f, be added. The 
whole triangle, therefore, a c f, is equal to the whole triangle cfg. 

Hence, a g is parallel to fc. Again, becaufe, as well a fg, as the 
angle cg 4, is the half of a right angle, a f, is parallel toc g. The 
tight.line, therefore, a f, is equal to the right line c g, fince they are 
the oppofite fides of a parallelogram. Becaufe, therefore, there are 
two triangles, a bf, bcg, which have the alternate angles equal, 
fince a f, c g, are parallel; likewife one fide a f, equal to the fide 
cg, the fide, alfo, a b, fhall be equal to the fide 5c, and the fide 
6 f, to the fide bg. And thus it is fhewn, that the quadrangles 
uf, cg, being equal, the fides, alfo, from which they are defcribed 
are equal. 


Dd2 P R O- 
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PROPOSITION XLVII. Tuzorem XXXIII. 


In right angled triangles, the’ quadran gle, which is defcribed 
from the fide fubtending the right angle, is equal to 
the quadrangles which are defcribed from the fides com- 
prehending the right angle. 


If we attend to the hiftorians of anti quity, wè fhall find them refer- 
ring thè prefent theorem to Pythagoras, and “afferting that he facrificed 
an ox for its invention. For my own part, I admire thofe who firft 
inveftigated the truth of this theorem : but I poffefs a greater admi- 
ration for the elementary inftitutor, not only becaufe he eftablifhes its 
truth by evident demonftration, but likewife, becaufe he perfuades 
us by fcientific reafons, which cannot be confuted of a theorem more 
univerfal than this ia his fixth book *. For in that he fhews univer- 
fally, that in right-angled triangles, the figure defcribed from the fide ` 
fubtending the right angle, is equal to the figures deferibed from the fides 
comprehending the right angle, when they are Jimilar to the former figure, 
and are fimilurly defcribed. For every quadrangle is fimilar to every 
quadrangle ; but all right-lined figures fimilar to each other, are not 
quadrangles: fince in triangles, and other multangles, fimilitude is 
inherent. Hence, the reafon which demonftrates that the figure de- 
fcribed from the fide fubtending the right angle, whether it is qua- 
drangular, or of fome other form, is equal to the figures fubfifting 
about the right angle, fimilar to the former, and fimilarly defcribed ; 
exhibits fomething more univerfal, and which pofleffes a greater power 
of producing fcience, than the reafon exhibits, affirming a qua- 
drangle alone, equal to quadrangles. For in the former cafe, it be- 
comes manifeft by an univerfal oftenfion, that the rectitude of the 
angle affords to the figure defcribed from its fubtending fide, equality, 
to all the figures, fubfifting about its comprehending fides, fimilar to 
the former, and fimilarly defcribed: juft as obtufenefs is the caufe of 


° In the 3:ft prop .fition, 
excels ; 
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excefs; but acutenefs of diminution. But how this theorem is 
evinced, will be perfpicuous, when we comment on it inthe fixth 
book. | 


But let us now confider the truth of the prefent theorem, only add- 
ing this, that u#zverfa/ ought not to be fhewn here, by him who has 


taught nothing concerning the fimilitude of right lined figures, and 
the doctrine of proportion: for many things which are here exhibited 
more particularly, are in that theorem fhewn more univerfally by the 
fame method. The inftitutor of the Elements, therefore, fhews the 
thing propofed in the prefent, from the common contemplation of 
parallelograms. But fince righ:-angled triangles are two-fold, i.e. 
either ifofceles, or fcalene ; in ifofceles. triangles, we fhall never find 
numbers correfponding with the fides: for there is no quadrangular 
number, exactly double of another quadrangular number ; fince the 
{quare from the feptenary is double of the fquare from the quinary, 
by a deficience of unity. But in {calene triangles it is poffible, that 
numbers may be affumed, fo as evidently to evince, that the fquare 
from the fide fubtending the right angle, is equal to the fquares from 
the fides fubfifting about the right angle. And of this kind is the 
triangle in the republic, whofe right angle is contained by the ter- 
nary, and quaternary, but is fubtended by the quinary. The qua- 
drangle, therefore, from the quinary, is equal to the quadrangles 
from the other numbers: for this is twenty-five; but the quadrangle 
from the ternary is nine, and from the quaternary fixteen. And 
thus what we have aflerted is perfpicuous in numbers. 

But there are delivered certain methods of inventing triangles of 
this kind, one of which they refer to Plato, but the other to Pytha- 
goras, as Originating from odd numbers. For Pythagoras places a 
given odd number, as the leaft of the fides about the right angle, and 
when he has received the quadrangle produced from this number, 
and diminifhed it by unity, he places the half of the remainder, as 
the greateft of the fides about the right angle; and when he has 
added unity to this, he produces the remaining fide which fubtends 
the right angle. Thus for example, when he has affumed the ter- 


nary; 


ys 
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nary, and has. produced from. it a quadrangular number, and from 
this number nine, has taken unity, he affumes the half of eight, that 
is four, and to this again he adds unity, and makes five; and thus 
‘difcovers a right-angled triangle, having one of its fides of three, but 
the other of four, and the other of five units. But the Platonic me- 
thod originates from even numbers. For when he has afumed a 
given even number, he places it as one of the fides about the right 
angle, and when he has divided this into half, and has produced a 
quadrangular number from the half, when he has added unity to this 
quadrangle, he forms the fubtending fide, but when he has taken 
unity from the quadrangle, he forms the remaining fide about the 
right angle. Thus`for example, when he has affumed the number 
four, and has multiplied the half of this into itfelf, and, produced 
four, when he takes away unity he forms the number three, but 
when he adds unity, he produces the number five; and thus he has . 
the fame triangle effected, as by the Pythagoric method. Fer the 
[quare from the number five, is equal to the fquares from the num- 
bers three, and four. And thus much for the digreffion of the pre- 
fent narration. But as the demonftration of the elementary inftitu- 
tor is perfpicuous, I do not think, that any thing fhould be added, 
becaufe it would be fuperfluous ; but we fhould be content with what 
is written. For thofe who have added any thing more, as the fa- 
imliars of Hero and Pappus, have been obliged to affume in an affair 
of no difficulty, fome of the propofitions of the fixth book; and the 
caufe which regards this affair. We fhall therefore pafs on to the 
following theorem. 


PROPOSITION LXVIII. Treorem XXXIV. 


If the quadrangle defcribed from one fide of a triangle, is 
equal to the quadrangles defcribed from the other two 
fides of the triangle: then the angle comprehended by 
the remaining two fides of the triangle, is right, 

This - 
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This theorem is the converfe. of the preceding, and the whole is 
converted to the whole. For if the triangle is rectangular, the qua- 
drangle which is defcribed, from the fide fubtending the right angle, 
is equal to the quadrangles defcribed from the other fides : and if the 
fquare from this, is equal to the fquares from the other fides, the 
triangle is reGtangular,, becaufe it has the angle right, which is coms 
prehended by the remaining fides. And the demonftration of the 
Elementary inftitutor is indeed confpicuous. But when there is a trie. 





e. 
angle a b c, having. the quadrangle, which is defcribed from the fide- 
@ c, equal to the quadrangles from the fides a 4, 4c, fince in the tri- 
angle, a right line from the point 4, is raifed at right angles to the fide 
b «, if it fhould be. faid, that the right line muft be. raifed at right an- 
gles, to other parts, and not at thofe to which the elementary inftitu-- 
tor raifes it, we affert that this is an impoffibility. For it can neither - 
fall within, nor without the triangle; and can be no other than a å.. 
For if poffible, let it fall as ġe. Becaufe, therefore, the angle e 4 c, 
is right, the. angle c f b, is doubtlefs acute ; and hence, the remaining - 
angle afd, will be obtufe. The fide, therefore, a b, is greater than. 
the fide bf. Leta line 4¢,.be- placed equal to.a 4, and connect ec, 
Recaufe, therefore, the angle e 4c, is right, the quadrangle defcribed ~ 
from the fide e c, is equal to the quadrangles. from the fides eb, bc.. 
But e is- equal toda. ‘The quadrangle,. therefore, from the fide - 
ec, is equal to the quadrangles from the fides a 5,4 c. But.the qua- 

' drangle from the fide a c, was alfo equal to the fame.. Hence, the- 
quadrangle from the fide.e c, is equal to that which is defcribed from» 

the: 


208 COMMENTARIES OF PROCLUS. 


the fide a c; and fo e c is equal to ac. Two right lines, therefore, Je, 
e c, are equal to the two ba, ac, each to each, and are conftructed 
upon the right line 4c, which is impoffible. And hence, the line 
saifed at right angles, does not fall within the right line a 4. 

But neither can it fall without, towards other parts of the right 


Aine ab. For if poffible, let it fall as 4 g, and let 6g be equal to a b, 


6 


a C 


and conne&t cg. Becaufe, therefore, the angle g 4c, is right, the 
quadrangle defcribed from the fide g c, is equal to the quadrangles 
from the fides 5g, 5c. But the quadrangle alfo, from the fide a c, 
was equal to the quadrangles from the fides a 4, b c, but a b is equal 
togb; and fog cis equal toac. But the right line g 4, alfo, is 
equal to the right line 4 a, upon one right line 4c, which is impof- 
fible. Hence, the right line which is raifed from the point 4, at right 
angles to 4c, neither falls within, nor without the fide a 4 ; and there- 
fore falls upon it. And fo the objection is diffolved. But the infti- 
tutor of the Elements, thus far completes his firft book, in which he 
has delivered many fpecies of converfions; (for he often converts 
the whole of theorems to the whole, and wholes to parts, and 


parts to parts) and has invented a great variety of problems ; (for he 


has delivered the fections, pofitions, conftructions, and applications of 
lines and angles. He likewife touches upon that mathematical place 
which is called admirable ; and fufficiently brings local theorems into 
our remembrance. Befides, he unfolds the elementary inftitution of 
univerfal and particular theorems, and indicates the difference of in- 
determinate, and determinate problems ; all which, attending him in 
his progreis, we have orderly explained. Lafily, he refers the whole 
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book to one purpofe, I mean the elementary inftitution, of the con- 
` templation refpe&ting the more fimple reétilineal figures ; and finally, 
he inveftigates their conftruGtions, and confiders their effential pro- 
perties. But we, indeed, fhall give thanks to the gods, fhould we 
be able to comment on the other books, in a fimilar manner, In the 
mean time, if other cares fhould prevent the execution of our defign, 
it is my opinion, that fuch as are ftudious of thefe contemplations, 
ought to expound the other books, after the fame mode; by invefti- 
gating that which is every where difficult, and pertinent to the fub- 
yect, and capable of an eafy divifion. For, indeed, the commen- 
taries which are circulated at the prefent period, are replete with 
great and various confufion, becaufe, at the fame time, they neither 
infer any aflignation of caufe, nor dialeCtic judgment, nor philofo- 
phic contemplation. 


END OF THE COMMENTARIES, 
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S ECT L 

HE Grecian theology, the hiftory of whofe reftoration by the latter Platonifts. 

__.is the defign of the prefent differtation, did not originate among the Greeks, but 
was the progeny of barbarian propagation. This will be evident by confidering that 
Orpheus was a Thracian ; Thales, a Phoenician ; Hermes Trifmegiftus, an Egyptian ; . 
Zoroafter, a Perfian ; Anacharfis, a Scythian ; and Pherecydes, a Syrian. Yet though. 
Greece was not the parent of theology, fhe was notwithftanding her benevolent nurfe, 
by whom fhe was kindly educated, and received the full perfeCtion of her nature. ` In- 
deed, though illuftrious men flourifhed in the Eaft, and theology was there parti-- 
cularly cultivated, yet her education was limited and rough, entangled with inexplicable 
Ceremonies, and guarded by the fanctity of inviolable oaths. But when fhe was re- 
moved into the Grecian foil, and experienced the happy temperature of its climate, her 
genius became both elegant and profound ; her perfon magnificent and graceful ; and. 
her ceremonies rational and fublime. Particular nations, indeed, feem to have been: 
diftinguifhed for particular purfuits. Thus the Egyptians appear to Have excelled in 
the powers of invention; and the Eaft, in general, has been remarkable for its attachment 
to the moft recondite and myftic philofophy. Thus the Romans were famous for the 
arts of eloquence and war ; and the Greeks have ever been celebrated as a people by - 
whom every branch of knowledge received its ultimate pérfection.. They were a-na-- 
tion equally favoured by the graces, the mufes, and philofophy ; whofe celeftial union. 
formed the divine genius of Homer, and infired that. elegance. and depth with which 
| Go oe © the 
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the works of Plato are replete. They were, in fhort, the -ftandards of excellence:to.the 
ancient, and are the objedls of imitation to the enlighteneil part of the prefent world ; 
cand their theology, as well as their arts, will be admired when modern fyftems are 
‘mo more. 

It appears at firft view ftrange that this fublime thedlogy fhould rife to its priftine 
perfection during the decline of the Roman empire ; and at a period when:a new re- 
-ligion: (I mean the Chriftian) was continually increafing in reputation, and advancing 
with rapid fteps to a defpotic eftablifhment. But if we attentively confider, we thall 
sfind that the very caufes which apparently threatened its deftru€tion were the natural 

and proper fources of its renovation. As every part of the univerfe fubfifts by perpetual 
.change, it-is neceflary that philofophy and the {ciences, with re{pe€t to.their appearance 
-or the contrary, fhould fhare in the general mutability of things: but at the fame time, 
it is neceflary to their prefervation to after-ages, that the:order of their revolution 
fhould be retrogade*to that of fenfible particulars. Hence we fhall often find, that 
while kingdoms defcend in the circle of viciffitude, philofophy afcends, and perhaps 
attains to her ultimate perfection, at the very period when the-mof powerful nations 
‘become extin&t. Thus the falling empire of the Romans was naturally conne&ed with 
the rifing greatnefs of philofophy ; and the foreign ceremonies of a new religion, were 
the proper means of bringing to light the fecret myfteries of the old. We may add 
too,. that the fame circumftances produced the great difference between the firft and 
laft appearance of this fublime theology. While Greece maintained her independence 
unconfcious of the Roman yoke, and undifturbed by religious invafions, fhe difdained to 
expofe her genuine wifdom to vulgar infpection, but involved it in the intricate folds of 
allegory ; and concealed it from the profane under the dark veil of impenetrable myf- 
. tery. But when fhe loft her liberty and fubmitted.to foreign dominion, when her moft 
ancient rites were threatned with invafion, and her facred myfteries were treated with 
contempt, fhe. found it neceffary to change the drefs of theology and to fubftitute.2 
fimple and elegant garb, inftead of one highly marvellous and myftic. 

Yet we muft not. imagine that theology, now ftript of her ancient concealments, be- 
came the object of open infpection to the profane and vulgar eye. She had not Jdft/her 
refulgence, though fhe had changed her appearance : for the rays of «celeftial-majelty 
yet beamed from her countenance, with a light awful and terrific.te.the.multitude, but 
lovely and alluring to the wife. Hence the fplendors of divinity no lefs fecured her per- 
fon from impious curiofity than the dark fymbols.in which the was.formerly involved. 
The enchanting imagery of a celeftial phantafy,.and the pure light of.an exalted intel- 
Je€t, while they captivated and converted the philofophica] part of mankind, were inac- 
geflible to the vulgar, whofe mental eye, yet loft in the night of oblivion, was darkened 
py the {plendid vifion. However, though the real perfon of theology was not the-db- 
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yek of vulgar infpe@tion, her fhadow at leaft was beheld by the benighted spalstetic: 
and bceame the fubje& of ridiculous opinions, and. idle inveftigation. Hence fome of 
thefe aftonifhed with the majefty of her image,. fondly fancied fhe was the progeny of 
the Jewith religion ; and that her facred: myfteries were nothing but corrupt imitations. 
of Mofaic divinity : while others, meafuring: the ob{curity: of her: real perfon by the. 
darknefs of ker fhadow, .confidered her doétrines as-delufions, and her fublimeft truths. 
as the: reveries of a diftempered imagination. ‘Thus was true theology perverted. and- 
vilified by the: ‘multitude, when fhe appeared in her natural drefs to mankind ; till, in a. 
few centuries after, indignant of the daring profanation, fhe afcended to her native. 
Heaven, and'teft the fons of folly involved in the fhades of midnight error, and the grofs. 
delufions of fancied infpiration. - n 

But letus contemplate her Niftory more minutely,.and mark the feveral particulars 
which diftinguiftied her appearance on the earth., Let.us furvey the lives of the great. 
genuifes who fo largely participated. her celeftial light ;.and whe fo admirably transfuf- 
ed itån their-writings for the benefit of hitherto ungrateful pofterity.. Let.us view with 
wonder how fhe rofe in majefty, as Rome declined in power, and appeared in full per- 
feftion-invefted with celeftial honours, and furrounded with.a godlike band of philo-- 
` fophic heroes, while that mighty. empire was rapidly diminifhing in bulk, and on every 
fide. nodding toits diffolution.. 

We are informed by.Proclus.*,; that all the Grecian theology ig the progeny of the- 
myftic difcipline of Orpheus; and that Pythagoras was the firft who learned the orgies 
of the gods..fram Aglaophemus-the difciple of Orpheus.. This facred theology was. 
fully dilplayed by Orpheus, with all the graces. of poetical di€tion, accompanied with . 
the fury of the mufes and divine illumination, in a great work entitled, The. Sacred ` 
Difcourfe, which was divided into twenty-four rhapfodies, and which has anhappily 
perifhed in the ruins of time. In this ineftimable work, if we may be allawed to con- 
je&ure from a treatife of the fame name compofed by Pythagoras, and ‘often mentioned | 
by Syrianus, all the orders of: the gods were celebrated from the higheft principle of - 
things, to the laft. procefhons of. the mundane divinities. But Pythagoras was no - 
doubt deeply indebted for a part of this knowledge to the doétrine of Zoroatter, 
whofe dogmata, according to Apuleius the embraced, and whofe profound myfteries . 
tavolved in oracular darknefs, we may prefume he communicated. to his initiated dif- 
ciples. The whole of this recondite theology was afterwards .received by Plato from. 
the writings of Archytas, Philolaus, and other Pythagoreans, but was fo concealed by 
poetical embellifhments, and myftical traditions, that, like the numbers of Pythagoras, it 
was alone adapted to the comprehenfion of a penetrating and fagacious few. 

° “swage vee. hwde “EXAne: Suodepia ric ‘Ogpintis ict pucayaylas ich E were paèr Ndaybpev wagi Ayrarpsus 


aa weet Or čgyia Maxhe Procl. in Plat. Theol. p. 13. (b 


$ u Lib. ii Florid. ^7- 
ře. 


216 = RESTORATION OF THE 


It is, however, a remarkable hiftorical faét-that this theology was loft for many 
centuries among the difciples of Plato, on the death of their divine mafter. But we 
are informed by Numenius * the Pythagorean that Plato’s fucceflors, Speufippus, Zeno- 
crates, and Polemo, perverted his dogmata, and almoft entirely changed the whole of- 
his philofophy. And Ariftotle, it is well known, however he might retain fome 
effential doétrines of his mafter, altered others of the higheft importance ; and con 
fining himfelf chiefly to natural difquifitions, afcended but rarely and feebly to theo- 
logical contemplations. However it was not irrecoverably loft; and it difappeared for 
a time, only to fhine with brighter fplendors on its return. Truth, like the light 
of the fun, may fuffer concealment, but cannot be deflroyed ; for it would rather have 
its rays broken by refiftance than bound to obfcurity. About two hundred and fifty 
two years, thercfore, after the Chriftian religion had made its appearance, this fublime 
theology was reftored by one Ammonius Saccas an Alexandrian. ‘This extraordinary 
perfon, was, it feems, at firft nothing more than a porter : though by what methods he 
rofe from this fervile employment to the fummit of philofophy, and what happy circum- 
{tances firft affected this wonderful change, are enquiries which can never be an{wered, 
but whofe lofs will always be regretted by the liberal few. But though he was not 
Asoytig, nobly born, his doétrines, as tran{mitted to us by his difciples, eminently evince 
his poffefling in high perfection all the other endowments of a true philofopher: fuch 
as a penetrating genius, a docile fagacity, a tenacious memory, and every other orna- 
ment of the foul, requifite, according to Plato, to form the philofophic character. Ine 
deed he muft have poffeffed thefe qualifications in a mof: remarkable degree ; or he 
could never have emerged from the obfcurity and fervility of a porter, to the {fplendor 
and liberty of an exalted and divine philofopher. The truth of this obfervafion is 
‘confirmed by the appellation of Seodidases, or divinely-tanght, which was unanimoufly 
conferred oh him, by his contemporary philofophers. 

This great man opened a philofophical fchool at Alexandria, but with a determina- 
tion not to commit the more abftrufe and theological dogmata of his philofophy to 
writing. Indeed he was fo fearful of profaning thefe fublime myfteries, by expof- 
ing them to vulgar infpection, that he revealed them to his difciples Erennius, Origen, 
and Plotinus, on the conditions of inviolable fecrecy, and under the guard of ir- 
revocable oaths. However, fortunately for pofterity, Erennius diffolved the compacét, 
and Origen (different from the Chriftian father of that name); imitating Erennius, dif- 
clofed a part of his mafter’s fecrets, in a curious treatife on demons, which, among 
many other valuable produétions, is loft in the ruins of time. But the publications of 
thefe two great men were but trifling efforts to unveil the myftic wifdom of antiquity : 
fince a perfect revelation was referved for the divine genius of Plotinus, who confider- 
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ing himfelf now freed from his engagements, by the examples of his fellow difciples, 
tefolved to bring theology from her dark concealments and to prefent her to the. 
aftonifhed world, in all the celeftial graces and irrefiftible majefty of her natural ap- 
pearance. This wonderful man (if he was not fomething more, fince his writings dif- 
difcover a genius fuperior to the human), who was born to aftonifh and enlighten man- 
kind, was the firt who committed to writing the fecrets of theology, free from the 
obfcure enigmas in which fhe had been enveloped by the fages.of antiquity. The ce- 
leftial vigor and profundity, of his genius, render his conceptions indeed, unavoidably 
abftrufe : but he whe has once fathomed his depth, will find himfelf amply compen- 
fated for the labour of inveftigation, by the rewards of uncommon. knowledge and in- 
expreffible delight. There is.a long and curious life of this high priet of theology, and. 
dæmon of wifdom, extant by his difciple Porphyry, the fubftance.of which, as it will not 
'I prefume be unacceptable to the reader, and as it will throw great light on the hiftory: 
of theology, I have fele€ted from that invaluable work.. 
= Plotinus, was an Egyptian by birth, and was a native of Lycopolis, as we are in- 
formed by Eunapius, for Porphyry is wholly filent as to this particular. Indeed this is 
not wonderful, if we confider what Porphyry afferts.in the beginning of his life, that he 
was afbamed, that his foul was in body. Hence fays he, he would neither tell the race), 
nor the parents from which he originated, nor would he patiently: relate in what coun- 
try he was born.. This I know will be confidered by a genuine modern, as either rank 
enthufiafm, or grofs affeCtation ; but he who has perufed and fathomed his writings will 
immediately fubfcribe to its truth. The fame vehement love for intelleCtual purfuits, 
and contempt for body, made him difdain to fit for his picture ;. fo that wher one of 
his difciples Amelius, begged- that he would permit his likenefs to be reprefented, his 
anfwer expreffed the true greatnefs of his mind: as if (fays he) it was not fufficient to 
bear this image, with which nature has furrounded us from the firft, you think that a 
more lafting image of this image fhould be left as a work worthy to be infpeCted. Howa 
ever the-defire of Amelius was at length.accomplifhed; by the ingenious contrivance of 
one Carterius a painter, who by frequenting the fchool of Plotinus, and viewing his 
countenance with fixed attention, produced at length from his memory a happy like- 
` nefs of the philofopher. Though he was.often afflifted with the colic, he always re- 
fufed the affiftance of clyfters, afferting that cures of this kind were not proper to a. 
man advanced in years. Nor would he ever receive the affiftance of theriacal antidotes, 
fince he faid, his nourifhment was not derived from the bodies of. even tamer animals. 
He likewife abftained from baths: but daily ufed frictions. at hame. But when a 
grievous peftilence raged + at Rome, and the fervants.who were accuftomed to rub him, 
+ This peftilence was in the time of the emperor Gallienus, and raged fo vehemently, according to Trebel-- 
hias Pollio, that five thoufand men perifhed with an equal difeafe in one day. This happened in the year of ` 


of Chrift 262, and of-Galienus 9, 10; and not feng after Porphyry applied himfelf to Plotiuus. Fabricius. 
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‘fell victims to the difeafe, from neglecting cures of this kind, he gradually became a 
_prey to the peftilence. So great was: the violence of this diftemper, and its effects fo 
dreadful on Plotinus, as Euftochius informed Porphyry who was abfent, that through 
a very great hoarfenefs, all the tlear, and fonorous vigour of his mufical voice was loft; 
sand what was Still worfe, his eyes were darkened, and his hands and feet were covered 
with ulcers. Hence, becoming incapable of receiving the falutations of his friends, he 
left the city; and went to Campania, to the eftate of one Zethus, an ancient departed 
” friend. Neceffaries were here adminiftered to him from theshereditary poffeffions of 
Zethus, and were likewife brought from Minturnus, from the fields of Caftricius*. But 
when this divine man drew near to his diffolution, that period which is:no lefs 
-the dread of the vulgar than the tranfport of the philofopher, and which to.Plotinus 
muft be the moment of.extatic.rapture, Euftochius who dwelt at Puteolus, was not 
very hafty in his approaches; doubtlefs not imagining he was on the point of making 
his triumphant exit from a corporeal life. However when he came into the prefence of 
this departing hero, he was juft.in time to receive his dying words, and to preferve 
‘the facred fentence to pofterity. Liften ye profane with reverence, and treafure in 
your memories ye wife, the weighty truth it contains! +s yet (fays he) I have expected 
you ; and now I canfent that my divine part, may return to that divine nature, which flourilbes 
throughout the univerfe. Such were the laft words of tbis mighty man, ‘whichilike thofe 
contained in his. writings are great and uncommon, wonderful and fublime. ‘He died at 
the conclufion of the fecond year of the emperor Claudius’ reign; and was at the time 
of his death in the fixty-fixth year of his age, according to the information given by 
Euftochius to Porhpyry. The moft trifling particulars relative to-the life and death of fo 
extraordinary a man ment our attention; and indeed-we.may prefume without being 
guilty of either fuperftition or enthufiafm, that fcarcely any thing -trifling could mark 
the exiftence of fuch.a powerful and celeftial genius. There is nothing, properly {peak- 
ing, can be little which has any relation to a character truly great: for fuch is the power 
of uncommon genius, that it confers corfequence on every thing within.the {phere of 
its attraction, and renders every furrounding circumftance fignificant and important. 
Thus immediately on the death of Plotinus, we are informed by Porphyry that.a dra- 
gon { which had been concealed under his bed, wandered through a hole in the wall, - 
and difappeared. But how great muft the grief of Porphyry have been, ‘to be feparated 
from his beloved mafter, at- the time of his death: from a mafter by whom he had been 
efteemed beyond the reft of his fellow-difciples; and whofe lofs no fucceeding period 
was ever likely to repair. Indeed his difciples eem to have been unaccountably dif- 
perfed, at this important crifis.: for Porphyry was at Lilybeum, Amelius at Apamea in ` 


© This is the Firmus- Caftricius to whom Porphyry infcribes his books on Abftinence. 
4+ This was probably nothing more than a {mall ferpent refembling the form of a dragon. 
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Syria, Caftricius at Rome, and Euftochius was alone prefent at his departure. Por- 
phyry afterwards informs us, in perfect agreement with the genius of,Plotinus, that he 


never would tell to any one, the month, or day in which he was born: becaufe he by - 


no means thought it proper that his nativity fhould be celebrated with facrifices and 
banquets. Indeed we cannot fuppofe that he who had fuch a vehement contempt for a 
corporeal life, would be anxious that his entrance into mortality fhould be folemnized 
with feftivity ; but rather confidering himfelf with Empedocles, as 


“¢ Heaven’s exile ftraying from the orb of light,” ’ 


» 


lie would be difpofed to lament his captivity, and mourn the dégradation of his nature. . _ 
However he was not averfe to celebrate the nativities.of Socrates and Plato; for he . 
aflifted at the facred rites, and invited his friends to a philofophic banquet, were it was - 


required that every gueft fhould recite a written.oration, adapted to the occafion of their 
amicable affociation. . 

But the few particulars which this great man condefcended to relate of himfelf, in fa- 
miliar difcourfe, are the following: When he was eight years of age, and was even un- 


der the tuition of a literary preceptor, he ufed to frequent his nurfe, and to uncover her | 


breafts,. through an avidity of fucking her milk.. And this. cuftom he continued, till 
being accufed of troublefomnefs, and covered with fhame through the reproof, he neg- 
le&ted this extraordinary cuftom. This ftory however trifling it may appear, indi- 
cates’.in my opinion the native innocence, and genuine fimplicity of. manners which 
marked the character .of. Plotinus. . It is a circumftance, which does not merely. point 
to fomething uncommon ; .but it was. the harbinger as it were of that purity and fanctity 
of life, which fo eminently formed the conduct, and adorned the writings of our philo- 


t 


fopher. But when he was in the twenty-eighth year of his age, being vehemently in- | 


flamed with the love of philofophy, he was recommended ta the moft excellent mafters 


nate event, however, he told.a.certain friend, who was well acquainted with the difpo- 
fition of his mind, the caufe of his affliction, and he brought him to the celebrated Am- 
monius, whofe {chool Plotinus had probably overlooked among the great multitude with 


_ which that illuftrious city abounded.. But when. he had entered the {chool of Ammo- 


nius, and had heard him philofophize, he exclaimed in tranfport to his friend, zis is 
the man I have been feeking. From that day he gave himfelf up to Ammonius.with fedu- 
lous attention for eleven years; and made fuch rapid advances in his philofophy, that 


he determined to ftudy the philofophy of the Perfians, and the wifdom particularly cul- - 


tivated by the Indian fages. For this exalted purpofe, when the emperor Gordian 
marched into Perfia, in order to war upon that nation, Plotinus joined himfelf to 


of Alexandria: but he left their {chools with forrow and difappointment... By a fortu- — 


the army, being at that time in the nine and thirtieth year of his. age, But-after Gor- - 
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~ dian was deftroyed about Mefopotamia, Plotinus fled to Antioch, where he received a 
fortunate fhelter from the dangers and devaftations of war; and in the reign of the em- 
peror Philip came to Rome, in the fortieth year of his age. It feems therefore that 
Plotinus was difappointed in his purpofe at that time of procuring the Perfian and In- 
- dian wifdom: it is however certain that he afterwards obtained his defire ; and moft 
probably without the inconvenience of a long and dangerous journey. This will be 
evident from perufing his works; and attending to the latent dogmata they contain. 

It was along time before Plotinus committed his thoughts to writing; and gave the 
world a copy of his inimitable mind. That light which was fhortly to illuminate man- 
kind, as yet thone with folitary {plendour ; or at beft beamed only on a beloved few. It 
was now deftined to emerge from its awful fan€tuary, and to difplay its radiance with 
unbounded diffufion. But a difciple like Porphyry, was requifite to the full perfection 
of its appearance. Amelius was indeed laborious, but he was at the fame time verbofe : 
he neither appears to have poffeffed the inquifitive {pirit, nor the elegant genius of Por- 
phyry ; and his commentaries were too voluminous to be exquifitely good. Porphyry 
gives-a fingular fpecimen of his endurance of labour, when he informs us, that he com- 
mitted to writing almoft all the dogmata of Numenius, and retained a very confiderable 
part in his memory. He was not however, though an excellent philofopher, calculated 
to urge Plotinus to write, or to affift him in its profecution: but this important tafk 
was referved for Porphyry, who in the words of Eunapius, ‘like a mercusial chain, 
let down for the benefit of mortals, by the affiftance of univerfal erudition, explained 
every thing with clearnefs and precifion.” Plotinus indeed began to write in the firft 
year of the emperor Galienus; and he continued juft to note fuch queftions as occurred 
` to him, for the ten following years, in the laft of which he became acquainted with 
Porphyry, who was at that time in the thirtieth year of his age. He bad then com- 
pofed one and twenty books, which were in the hands but of a few: for the edition 
was difficult to be procured, and was not univerfally known. Befides Plotinus, was 
neither hafty nor rafh in his publications: but he gave thofe only to the light, which 
had been approved, by a mature and deliberate, judgment. The one and twenty books 
we have previoufly mentioned, after various infcriptions, at length obtained the fol- 
Jowing titles: 


On the beautiful. 

On the immortality of the foul. 

On fate. 

On the effence of the foul. 

On intellect, and ideas, and being. 

On the defcent of the foul into body. 
| How 
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How that which is pofterior to the fir, proceeds from the firk; and concerning 


the one. 
Whether all fouls are one. 
Concerning the good itfelf, or the oné. 
$ On the three principal hypoftafes. 

' Qn the generation and order of things pofterior to the firft. 
On the two matters, intelligible and fenfible. 
Various confiderations. 

On the circular motion of the heavens. 

On every ones peculiar Demon. 

On the rational exit, from the prefent life. 
On quality. 

Whether there are ideas of particulars. 

On virtues. 

On dialectic. 

How the foul is faid to be a medium between an impartible and partible effence. 


Thefe one and twenty books were finifhed when Pophyry firft became acquainted 
witk Plotinus; and when this great man was fifty-nine years old. During the fix years 
in which Porphyry was his companion as well as difciple, many queftions of a very ab- 
ftrufe nature, were difcuffed in their philofophical converfations, which at the joint 
requeft of Porphyry and Amelius, Plotinus committed to writing, and produced from 
their inveftigation, two elaborate and admirable books, proving that true being is totally 
prefent in every part of the univerfe. He wrote befides two others; one of which afferts, 
that the nature fuperior to being, is without intelleGion ; and the other diftinguifbes primary 


from fecondary intelligence. He likewife compofed at the fame period, the follbwing 
books : | 


Concerning that which exifts in capacity, and energy. 
* That incorporeal natures are free from paflivity. 
Two books concerning the foul. 
.A third concerning the foul, or the manner in which we fee. 
On contemplation. 
On intelligible beauty. 3 l 
That intelligibles are not external to intellect; and concerning intelle€t, and the 
good, 
Againft the Gnoftics. 


“ It is ftrange that Fabricius fhould think it ought to be entitled weet mg awadeiag rr caudror: for he 
who reads this book muft fee that fuch a title would be ridiculous. Vide Bibl. Grec. tom. iv. P. 143- 
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On numbers. 
Why things feen at a diftance appear fmall. 
Whether felicity confifts in length of time. 
Concerning total mixture. 
How the multitude of ideas fubfifts, and concerning the good.. 
On that which is voluntary. 
On the world. . 
- On fenfe and memory. 
Three books on the genera of beings. 
On eternity and time. 


But while Porphyry refided in Sicily, Plotinus compofed the five following books,., 
which he fent to him for his revifion : | 


On felicity. 
Two books on providence. 
On gnoftic eflences, and that which is fuperior to their nature.. 


r 


On love. 


Thefe books were tranfmitted to Porphyry in the'firft year of the emperor Claudius’- 
reign. And about the beginning of the fecond year, a little before his death, he fent. 


him the following, and the laft: 


An enquiry into evil. 
Whether the ftars operate on fublunary natures. 


What the nature is of man, and animal. 
On the firft good, and other goods.. 


The whole amount therefore of the books written by Plotinus, connecting the pre-- 
ceding with the prefent, is fifty-four, which Porphyry has divided into fix enneads, | 
affigning agreeable to the meaning of the word, nine books to every ennead. But 
they bear evident marks (fays Porphyry) of the different periods, at which they were 
compofed. For the firft one and twenty, which were written in the former part of his life, 
if compared with the next in order feem to poffefs an inferior power, and to be defi- 
cient in ftrength. But thofe compofed in the middle of his life exhibit the vigour of 


power, and the fummit of perfection. And fuch with a few exceptions are the four and. - 
twenty we have already enumerated, But the laft nine, compofed in the decline of life, . 
carry the marks of remitted energy, and drooping vigor. And this the four laft declare, . 


more evidently than the preceding five. It muft however be obferved that this differ. 


ence is only vifible, when they are contrafted with one another. To an impartial ob- - 


ferver, zealous of truth, and nat deeply read in Plotinus, each of his books will appear- 
to. 
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to be what it really is, uncommonly profound, and inimitably fublime. Each is an 
oracle of wifdom, and a treafury of invaluable knowledge; and the gradations of excel- 
lence confift in the power of compofition, and not in the matter from which they are 
compofed. 
Plotinus had many auditors, and likewife a multitude of zealous partizans, and 
_ philofophic familiars. This indeed muft neceflarily be the cafe, if we confider the re- 
putation of philofophy at that golden period, and the extraordinary abilities and celef- 
tial genius of its godlike reftorer. Among the latter of thefe, Amelius the Tufcan, and 
Paulinus the Scythopolitan, a phyfician, held a diftinguifhed rank. To which may be 
added Euftochius of Alexandria, a phyfician, who enjoyed the familiarity of Plotinus 
to the laft, was prefent at his death, and giving himfelf entirely to the inftitutes of 
Plotinus, affumed the habit of a genuine philofopher. Befides thefe, Zothicus, a 
critic and poet, was converfant with Plotinus, who amended the works of Antimachus, 
and rendered the Atlantic hiftory very poetically in verfe: but after this he became 
blind, and died a fhort {pace of time prior to Plotinus. Zethus too, was very familiar 
with our philofopher, who derived his origin from Arabia, and married the wife of one 
Theodofius, the familiar of Ammonius. He was deeply fkilled in medicine, and very 
-much beloved by Plotinus, who endeavoured to, diffluade him from engaging in the ad- 
qminiftration of public affairs. Such indeed was his familiarity with our philofopher, 
that, as we have already obferved, Plotinus fpent the laft hours of his life at his rural 
retreat. Porphyry likewife informs us, that not a few fenators were the fedulous au- 
ditors of Plotinus. Philofophy indeed, as it is the moft noble and liberal of all pur- 
fuits, ought never to be feparated from noble birth and exalted rank. It is naturally 
allied with every thing great, and is calculated to confer dignity, even on greatnefs it- 
felf. It exalts the majefty of the monarch, ftamps nobility with true grandeur, and 
raifes the plebean to immortality. In the age of philofophy, therefore, we cannot won- 
der that fhe was reverenced by the fenators of Rome. That illuftrious body, even at this 
declining period, retained a portion of its ancient independence ; and the generous 
ardor of unbounded liberty was not yet extinguifhed by the frozen{hand of defpotic 
ufurpation. The Roman manners and religion were not yet ‘deftroyed ; and nobility was 
not contaminated by the fordid occupations of traffic. Meekne/s was not efteemed & 
virtue, nor merchandize an honour!!i Among this illuftrious body of men, Marcellus. 
Orontius diligently applied himfelf to philofophy, and made rapid advances in its 
attainment. ‘This too, was the cafe with Sabinillus, and above all with the fenator 
Rogatianus *. So deeply enamoured was this laft nobleman with the charms of wif- 
® This Rogatianus is the perfon Porphyry alludes to in his Treatife on Abftinence, lib. i, p. 106, when he fpeaka 
as follows. ‘ There was once an inftance, where a negligcuce of terrene concerns, and a contemplation and 
intuition of fuch as are divine, expelled an articular difeafe, which had infefted a certain perfon for the fpace of 


eight: years.- So that at the very fame time, that lus foul was divcfled of a folicitous concern for riches, and 
material affairs, his body was {reed from a troublefome difeafe.” . 
dom, 
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dom, and the difcourfes of Piotinus, and fo attentive to the care of feparating his foul 
‘from his corporeal life, that he neglected his wealth, and fecular affairs, difmiffed his 
fervants, and rejected the dignities of the flate. Hence, when he was chofen prætor, and. 
the lictors waited for his appearance, he neither came into public, nor regarded the duties 
of his office, nor dwelt in the houfe alfotted for his reception : but he fupped and flept 
with certain of his friends and familiars, and gave himfelf to abfolute retirement in the 
day. By this negligence and carelefinefs of life (fays Porphyry), from being fo vehement-. 
ly afflicted with the gout, that he was obliged to be carried in a chair, he refumed his 
priftine ftrength and vigour, And from being fo difeafed in his hands, that he could 
not extend them when neceffary, he fo recovered their ufe by philofophic endurance, 
as to employ them with greater expedition than the manual mechanic. This great 
man, as we may fuppofe, pofleffed the principal place in the efteem of Plotinus, who 
was not fparing in his praife of fo uncommon a character, and propofed' him as an 
illuftrious example to the pupils of philofophy. Happy Rogatianus ! who could: re- 
Mnquifh power for knowledge, and prefer the perpetual inheritance of wifdom to the 
gaudy fplendors of title, and the fleeting honours of command. Alexandrinus Serapion 
too, was one of his affociates, who was once a rhetorician, but afterwards, gave hime. 
felf to philofophical difputations ; though, fhameful to relate, he was at the fame time 
a flave to ufury, and avarice. Befides all thefe (fays Porphyry), he reckoned me a 
native of Tyre, among his moft friendly adherents, whom he appointed: to- bores 
his writings. 

The following particulars relative to compofition are related by Porphyry of this ex- 
traordinary man. He could by no means endure to review twice what he had written, , 
nor even to read his compofition, through the badnefs of his fight. But while he was- 
writing, he neither formed the letters with accuraey; nor exactly diftinguifhed the fyl- 
lables, nor-beftowed any diligent-attention on the orthography : but negleCting all thefe - 
as trifles, he was alone intent to the intelligence of his wonderful mind ; and, to the ad- 
miration of all his difciples, perfevered in this cuftom to the end of his life. To a man- 
of mere words, Ptotinus will doubtlefs appear-inexcufable for fuch important omiffions:: 
but to the fublime and contemplative genius, his negligence will be confidered as the 
refult of vehement conception, and profound cogitation. Such, indeed, was the power 
of his intellect, that when he had once conceived the whole difpofition of his thoughts 
from the beginning to the end, and had afterwards committed them. to writing, his com-. 
pofition was fo connected, that-he appeared to be merely tranfcribing from a book. 
Hence he would-difcufs his domeftic affairs without departing -from the actual inten- 
tion of his mind ; and at the fame time tranfact the neceflary negociations of friendfhip, . 
and preferve a perpetual intelligence of his thoughts. In confequence of this uncommon 
‘power of intellection, when he returned to writing, after the departure of the perfon | 
with whom he had been converfing, he did not review what he had written, owing, 
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as we have obferved, to the defeét of his fight ; and yet he fo conneéted the preceding 
with the fubfequent conceptions, as if his compofition had never been interrupted. 
Hence he was, at the fame time prefent with others, and with himfelf, fothat, as Por- 
phyry obferves, the felf-converted energy of his intellect was never remitted, except 
perhaps in fleep, which he very moderately indulged. And fo vigorous and frequent 
was the converfion of his foul to intelle€t, that he would often abftain from bread, fwal- 
lowed up, as it were, in the depths of contemplation. 

Several women too, enamoured with the love of wifdom, were the auditors of Plo- 
tinus. Fhe Platonic philofophy, indeed, as it neceffarily combines truth with elegance, 
is naturally adapted to captivate and allyre the female mind, in which the love of fym- 
metry and gracefulnefs is generally predominant. Hence, in every age, excef the pre- 
fent, many illuftrious females have adorned the Platonic fchools, by the brilliancy of their _ 
genius, and an uncommon vigour and profundity of thought. ‘This too, would doubtlefs 
be the cafe in our own country, if all the works of Plato and his difciples were but once 
faithfuly and elegantly tranflated into Englith: but till the obftacle of Greek is remov- 
ed, we may in vain expect thinking females*, and I had almoft faid Platonic philo- 
fophers among men. Porphyry adds, that many men and women of noble birth, when 
at the point of death, delivered up, and commended their children and all their fub- 
{tance to Plotinus as to a facred and divine guardian. Hence, fays he, you might 
fee the houfe of Plotinus full, both of young men and virgins, among the num- 
ber of which was one Potamon, whom he educated with diligence and care. Nor was 
- he wearied in hearing the procurators of his pupils, often rendering an account of their 
adminiftration ; nor did he difdain to pay attention to their expences, affirming, that as 
they did not yet philofophize, they ought to poffefs their own goods, and to receive, 
without detriment, an increafe of their eftate. Yet though he procured for fo many 
pupils the chief neceffaries of life, the intelleCtual energy of his foul while he was 
awake, never fuffered any interruption from externals, nor any remiffion of vigour. He 
was extremely mild, though not meek +, in his manners, and was eafy of accefs to all 
his adherents and friends. Hence, fo great was his philofophic urbanity, that though 
he refided at Rome twenty-fix years, and had been the arbiter of many litigious caufes, 
which he amicably diffolved, yet he had no enemy throughout that great and illuftrious 
city. This laft circumftance, indeed, reflects the higheft honour on the philofophic 
character of Plotinus ; but, at the fame time, fome merit is due to the age in which he 
fortunately lived. Had he be been deftined to make his appearance in the prefent times, 
unfupported by fortune, and with no other recommendation than an uncommon great- 

* I have, however, the happinefs of being intimate with a lady, who is a neble exception to this remark ; 


and is both an excellent Greek f{cholar, and fkilled in the Platonic philofophy. 
4 For this is alone the virtue of traffic ; and is the chief fupport of its profeffors. 
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nefs of mind, and an unequalled depth of thought; from being defpifed, infulted, and 
diftreffed, he muft furely have been indignant, though not morofe, and fevere though 
not agitated’ with wrath. He would have been fcornful without pride, contemptuous 
= without weaknefs, patient without fervility, and folitary without affectation. He would 

have lived without notice, wrote with fuccefs, and died without regret. But born to a 
happier fate, his genius was not doomed to languifh in the fhades of obfcurity, but attained 


to the bloffom of perfection in the fun-fhine of philofophy, and through the liberal pains. 


of Grecian and Roman cultivation. 
But though Plotinus was thus univerfally efteemed at Rome, and in general by all 


who had the happinefs of hiş acquaintance, yet he had one vehement enemy in the per- 
fon of Aftrandrinus Olympius, who had been for a fhort time the difciple of Ammonius, 
who defired to arrogate to himfelf the chief place in philofophy, and endeavoured to 
render Plotinus the object of general contempt. So deadly, indeed, was his hatred of 
our philofopher, that he attempted to invade him, by drawing down the baneful in- 
fluences of the ftars. The attempt was, however, vain, and its effects noxious to their 
author. For the fidereal defluctions, inftead of being hurtful to Plotinus, were refle@- 
éd on Olympius. Hence he exclaimed to his companions, “ that the foul of Plotinus 
poffeffed fuch a mighty power, that it immediately repelled malignant influences direct- 
ed upon his perfon, on the authors of the evil.” But Plotinus, when Olympius firft 
machinated his fidereal inchantments, was confcious of his defign, and faid to his 
. friends ; ‘* Nowathe body of Olympius is contracted like a purfe, and all his members 
are bruifed together.” After Olympius, therefore, had often found to his own detri- 
ment, that the baneful influences intended for Plotinus were repelled on himfelf, he de- 
fitted from fuch bafe and fruitlefs undertakings. Indeed, fays Porphyry, Plotinus na- 
turally poffeffed fomething greater than the reft of mankind, which the following ex- 
traordinary relation abundantly evinces. A certain Egyptian prieft, who at that time 
vifited Rome, and who became fuddenly known to Plotinus by one of his friends (per- 
haps Porphyry himfelf), defirous to exhibit his wifdom in that illuftrious city, perfuad- 
ed our philofopher to attend him, for the purpofe of beholding, through his invocations, 
his familiar demon ; to which requeft he readily confented. But the invocation was 
performed in the temple of Ifis ; this being the only pure place in Rome the Egyptian 
priet was able to find. However, inftead of a dæmon, as was expected, a god ap- 
proached, who was not (fays Porphyry) in the genus of demons. The Egyptian 
aftonifhed at the unexpected event, exclaimed, ‘‘ Happy Plotinus, who haft a god for a 
dæmon, and whofe familiar attendant does not rank among the inferior kind!” But. 
this extraordinary and delightful vifion was of fhort duration: for the prieft affirmed it 
was not then lawful to interrogate any thing, nor any longer to enjoy the vifion, becaufe 


‘a certain common contemplative friend, who was prefent at the {pectacle, fuffocated 
fome 
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fome birds which he held in his ands for-the fake of fafety, either impelled by envy, or 
terrified with fear. As Plotinus, therefore, was allotted a demon belonging to the 
diviner orders, the divine eye of his fonl was perpetually elevated to this guardian deity. 
On this account he compofed a book concerning every man’s familiar damon, in which he 
~ diligently endeavours to affign the caufes of the diverfity fubfifting among thefe attend- 
antson mankind. Asa Rill farther proof of his uncommon greatne({s of mind, Porphyry 
adds, that when Amelius who was an obferver of facred rites, in which he officiated, ac- 
cording to the Roman calends, once requefted Plotinus to attend him in the dilcharge 
of thefe religious ceremonies, he replied, ‘* It becomes them to approach to me, and not 
meto them.” But from what conceptions (fays Porphyry), he {poke in fuch an exalted 
nianner of himfelf, we were unable to conceive, and afraid to afk. We may, however, 
prefume, that Plotinus meant to infinuate the high degree of purity and perfection of 
bis intelle€tual part, which rendered him fo fuperior to the ufe of corporeal facrifices, 
and the cultivation of material-deities, and demons, that he ought rather to be propitiated 
by others, than to propitiate himfelf. For a foul like his, was, indeed, to ufe his own 
expreflion, tssgos Sede, a pofferior god, ready winged for flight, and fcarcely detained by the 
fetters of body. This I know will pafs for great arrogance and prefumption among 
the philofophers of the prefent day, who confider meeknefs and Atanility as the higheit 
ornaments of their nature, and the trueft characteriftics ef genuine worth. But furely 
a fublime and godlike foul can never think seazly of its nature, or be willing to fupprefs 
and extinguifh the inevitable con{cioufnefs of its own dignity and elevation.” Humiliat- 
ing conceptions flourifh no where but in the breafts of the fervile, or the bafe; and are 
the ornaments of no characters, but thofe of the impotent and the mean. Their in- 
fluence is baneful to the advancement of. fcience, and deflrudtive of all genuine excel- 
lence and worth. They damp the glowing ardour of true theology, curb the celeftial 
flight of philofophy, and blaft the vigourous bloffoms of genius. Let it, however, be 
remembered, that while we banifh meeknefs, we are by no means the advocates of ar- 
rogance and conceit ; but are alone defiraus of vindicating the proper dignity of the 
worthy foul, and of refcuing its generous and ardent confidence from the frigid em- 
braces of humiliating opinion. It is one thing to be smodef, and another to be meek : 
for the former is the fhadew attendant on genius, infeparable from its progrefs, and the 
fymbol of its reality ; but the latter is the demon of traffic, the infpiger of its projects, 
the fupport of its credit, and the harbinger of its appearance. It flies from the face of 
genius like the fhadows of night before the beams of the morning, and, terrified at the 
approach of the elevated mind, hides itfelf in the dark retreats of trembling pufillanj- 
mity. But to return from this digreflion : Plotinus appears to have poffeffed an un- 
-equalled {kill in phyfiognomy, as the following circumftance eminently evinces. A lady, 
named Chion, who, together with her daughters refided in his houfe, and there 
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happily paffed a chafte widowhood, was fradulently deprived’ of a very valuable neck- 
lace. In confequence of this, all the fervants and domeftics were fummoned into the 
prefence of Plotinus, who regarded their feveral countenances, felected one, and ac- 
cufed him of the theft. The man was immediately chaftifed, and for a long time de- 
nied the fact, but at length confeffed his guilt, and reftored the necklace. In a fimilar 
manner (fays Porphyry) he wonderfully predicted the deftiny of the young men of his 
acquaintance ; as of one Polemo, he foretold, that he would be very much addi@ted to 
love,, and not arrive to the maturity of his age, which happened according to his predic- 
tion. But the laft inftance of his fagacity, related by Porphyry, excels all the reft, both 
in the fingular fkill difplayed in its execution, and the happy confequences it produced. 
Porphyry, as we are informed by Eunapius, in his life, on his firft acquaintance with 
Plotinus, bade a final farewel to all his preceptors, and. totally applied himfelf to the 
friendfhip and confidence of this wonderful man. Here he filled his mind with fcience, 
and drew abundantly, without fatiety, from the perennial fountain, feated in the fanc- 
tuary of the foul of Plotinus. But afterwards being conquered, as it were, by the mag- 
nitude of his doctrines, he conceived a hatred of body, and human nature, and could no 
longer endure the fetters of mortality. ‘‘ Hence (fays Porphyry) I formed an intention 
of deftroying myfelf, which Plotinus wonderfully perceived, and as I was walking home, 
ftodd before me, and faid, Your prefent degn, O Porphyry, is not the diftate of a found intel- 
tet, but rather of a foul raging with an atrabilious fury. In confequence of this, he ordered 
me to depart from Rome, and accordingly I went into Sicily, particularly when I heard | 
that a certain worthy and elegant man dwelt at that time about Lilybeum. And by 
this means, indeed, I was liberated from this perturbation of foul, but was in the mean 
time hindered from being with Plotinus till his death.” | 
But the great reputation of this divine man was not confined to the fenate and people 
of Rome, for the emperor Galienus, and his wife Salonina, honoured his perfon, and 
reverenced his do€trine. Indeed, fo highly was he efteemed by the emperor, that, rely- 
ing on his benevolence, he requefted that a city in Campania, which had been formerly 
deftroyed, might be reftored, and rendered a fit habitation for philofophers ; and befides 
this, that it might be governed by the laws of Plato, and called Platonopolis. Had this 
defign fucceeded, Plotinus intended to have dwelt there with all his dif{ciples, and 
to have realized the beautiful republic, conceived by the godlike genius of Plato. 
The emperor, indeed, affented to his wifhes, and the philofopher would have eafily ace 
complithed his intentions, if fome of the émperor’s familars, impelled by envy or in- 
‘dignation, or fome other injuft and felfith caufe, had not warmly oppofed its execution. 
This extraordinary man (as we are informed by Porphyry) was ftrenuous in difcourfe, 
fagacious in invention, and prompt in the moft opportune perceptions: but he was fre- 
quently incorre& in bis fpeech, as well as in writing ; and this moft probably owing to 
the 
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the vehemence and vigour of his conceptions. Befides this, while he was engaged in' . 
_ “difcourfe, his intelle& beamed through his corporeal frame, and diffufed over his — 
countenance its intimate light. He was, indeed, of a moft beautiful afpeĉt, but when 
he difputed (fays Porphyry) he feemed far more lovely to the view. Then a placid 
gentlenefs appeared in receiving queftions ; and a vigour uncommonly robuft was de- 
monftrated in their diffolution. When Porphyry once had interrogated him for three 
days, by what means principally the foul was united with the body, he perfevered in demon- 
{trating the manner of its conjunction. And when a certain perfon, named. Thaumafiusy, 
entered his fchool, for the purpofe of difcuffing common queftions in philofophy, and 
premifed that he wifhed to hear the explanatory fentences of Plotinus, but that the 
queftions and anfwers of Porphyry were by no means adapted to a difputation of this 
kind, Plotinus replied: snle/s we diffolve the doubts arifing from the interrogations of Por- 
phyry, we fball not be able to comment any thing, in an unterrupted feries of difcourfe. But he 
wrote with a moft intenfe acutenefs of thought, and an abundant intellect. His write 
ings are remarkably fententious, and he abounds, every where, more with profundity 
of fenfe than copioufnefs of words. ‘* He poured forth (fays Porphyry many things. 
agitated by the impulfe of infpiring deity ; and was ofteh wonderfully affected with the: 
object of his inveftigation.” With me indeed every page of his works is a volume, and. 
every fentence an oracle. The latent dogmata of the Stoics, and Peripatetics, are in-- ` 
ferted in his books; and more particularly the Sentences of Ariftotle pofterior to his: 
Phyfics. He was ignorant of nothing pertaining to geometry, arithmetic, optics, and: 
mufic, though he had never reduced thefe fciences to practice. The commentaries of 
the Platonic philofophers, Cronius, Numenius, Gaius, Atticus; as alfo of the Peripate-. 
tics, Afpafius, Alexander, Adraftus, &c. were read in his fchools : but nothing was repeated. 
from thefe in an uninterrupted feries. For his conceptions.were entirely his own; and 
his contemplations were different from theirs.. In interpretation, and the difcuffion of 
queftions, he bore the intelle of Ammonius. As foon as he was fufficiently imbued: 
with reading, and had given, ina fhort difcourfe, fentences full of profound conteme. 
plation he arofe, and left the f{chool. Having once read the book of Longinus concern-- 
ing principles, he faid, that Longinus was indeed a philologift, but by no means a philofopher ;. 
and this indeed, as it appears to me, by a neceflary confequence : for the knowledge of. 
words is entirely foreign from the ftudy of things. When Origen (not the Chriftian fa-. 
ther of that name) once came into his fchool, Plotinus whofe cheeks were covered. 
with blufhes, wifhed to rife, and being follicited by Origen to continue his difcourfe, 
he replied ‘‘ that difcourfe ought to ceafe, when he who fpeaks perceives he addreffes. 
himfelf to thofe who are well acquainted with his doétrine.” And thus after a fhort: 
differtation he arofe from thence.. 
5: 
When: 
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When in the celebration of Plato’s nativity, Porphyry recited a poem on the facred 
marriage *, and a certain perfon who was prefent objeQled that Porphyry was mad, be” 
caufe many things were faid in the poem myftically, ‘and infpired by a divine fury, 
Plotinus openly exclaimed, “€ You have fhewn yourfelf at the fame time both a philofo- 
pher and a prieft.” On a certain time too an orator, named Diophanes, read an apology 
for the intoxicated Alcibiades in the banquet of Plato, endeavouring to prove that it was 
proper for the fake of learning virtue that the lover fhould expofe himfelf to the object 
of his attachment, and not even refufe venereal congrefs. But while he was reading 
this licentious defence, Plotinus often rofe from his feat, as if he would fuddenly leave | 
the affembly : but he reftrained himfelf tillit was finifhed. However, when he left the 
company, he commanded Porphyry to confute the oration. But when Porphyry defired 
the orator to lend him his difcourfe, for this purpofe, and was refufed, he anfwered him - 
from recollection, and delivered his anfwer in the prefence of the fame auditors as had 
attended Diophanes. On this occafion Plotinus was fo much rejoiced, that he often re- 
peated in the aflembly 


“ Thus write, and you'll illuminate mankind +.” 


Our philofopher too, applied himfelf to the rules of aftronomy, though (fays Porphyry) 
not according to a very mathematical mode. That is, as we may prefume, he very 
little regarded the calculation of eclipfes, or meafuring the diftance of the fun and moon 
from the earth, or determining the magnitudes and velocities of the planets: for he 
doubtlefs confidered employments of this kind as more the province of the mathema- 
tician than of the profound and intelle€tual philofopher. ‘The mathematical fciences 
are indeed the proper means of acquiring wifdom, but they ought never to be confidered 
as itsend. They are the bridge-as it were between fenfe and intellect, by which we may 
fafely pafs through the night of oblivion over the dark and ftormy ocean of matter, to 
the lucid regions of the intelligible world: and he who is defirous of ‘returning to his 
true country will fpeedily pafs over this bridge, without making any needlefs delays in 
his paflage. Plotinus alfo diligently applied himfelf to the judgments of the aftrolo- 
gers; but when he found that their predictions were not worthy of belief, he often 
confuted their prefages in his writings. 

At that time there were many Chriftians, and likewife fome heathens, who forfaking 
the ancient philofophers, became the followers of Adelphius and Aquilinus. Thef¢ 
men circulated a variety of books of Alexander, Libycus, Philocomus, Demoftratus, 


è Concerning the ‘itge rape’, or ho'y marriages, which were firft celebrated by the Orphic Theologers, fee 
the note to the hymn to Proferpine, in my tranflation of the Crphic Initiations. 


+ A lime fomewhat altered frum Homer, The original is Paar’ silwe aixeri Géwg Aavacios yivnas. Iliad, 
L L 282. 
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Ejdus: ; and openly exhibited certain revelations of Zoroafter, Zoftrianus, Nichoteus, 
Allogenes, Mefus, with others of a fimilar kind. By this means they deceived many, 
and were themfelves deceived, afferting that Plato had by no means penetrated the 
= depth of an intelligible’effence. On this occafion, Plotinus urged many arguments in 
his difputations again{ft thefe impoftors, and compofed a book in confutation of their 
tenets, infcribed, again} the Gnoffics, leaving a farther difcuffion of their errors to 
the labours of his difciples. Hence Amelius compofed forty books againft the book of 
Zoftrianus; and Porphyry fhewed by a variety of arguments, that the writings which 
they attributed to Zoroafter, were adulterated and recent, and were compofed by the 
propagators. of the herefy, that their inftitutions might país for the genuine doctrines. 
of the ancient Zoroafter. 

Many of the Greeks (fays Porphyry): falfly accufed Plotinus of privately ufurping the: 
doctrines. of Numenius, which calumny Tryphon, a Stoic and Platonift, told to Amelius. 
On this occafron Amelius compofed 2 book, infcribed by Porphyry; Concerning the dif- 
ference between the dogmata of Plotinus and Numenius, which he dedicated to Porphyry. E- 
very one of the books, indeed, of this great man bear fuch evident marks of original 
thought, and fingular depth, the execution in each is fo fimilar, and the conceptions: 
fo uncommonly abftrufe, that no one can under{tand his meaning, and believe him in-- 
debted to the labours of others. Porphyry adds, that he was likewife confidered by a. 
many as. a mere trifler, and treated with contempt, becaufe fays he they could by no- 
means comprehend his fayings. Befides the manners of Plotinus contributed to produce 
and increafe this.difdain, for he was foreign (fays Poryhyry) from. all fophiftical often— 
tation, and pride ; and condudied himfelf in the company of difpufants, with the fame 
freedom and eafe as in his familiar diftourtes.. With the fuperficial and the vain, a 
haughty carriage and fevere afpeét are confidered as the badges of wifdom : but nothing- 
in reality is more foreign from its poffeflion. For true wifdom when it is deeply pof~ 
feffed gives affability and modefty to the manners, illumines the countenance with a. 
divine ferenity, and diffufes over the whole external form an air of dignity and eafe.. 

Add to this, that Plotinus did not haftily difclofe to every one, the fyllogiftic necc- 
ties, which were latent in his difcourfe. ‘* The fame thing (fays Porphyry) happened. 
to me, when I firft heard Plotinus. On which account I endeavoured to provoke him, 
by writing agatnft him, endeavouring to fhew that intellections are not external ta intelleé?. 
But after the writings of Porphyry on this. fubje€t were read to. Plotinus, he faid, 
{miling; ‘* It muft be your employment Amelius, to diffolve thefe doubfs, oceafioned. 
by his ignorance of our opinion.” After Amelius, therefore, had compofed no fmall 
book againft the objeQions of Porphyry, and Porphyry had again. contradicted his write. 
ings, and was once more anfwered by Amelius: At length (fays Porphyry) having: 
{carccly after all thefe attempts fathomed the depth of Plotinus, I changed my opinion, 
wrote a recantation of my error, which I recited in a general aflembly, confidercd the: 
books of Plotinus ever after as moft worthy of belief, and provoked my mafter by every: 

. pofhbke: 
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poffible means to difclofe his opinion in a more particular and copious manner.” This 
relation 1s a moft egregious in{tance of the unequalled profundity, as well as excellence 
of Plotinus’s writings: for who will prefume to queftion the merit of compofition, 
which was at firk fo difficult to be comprehended, and afterwards fo greatly admired 
by fuch a genius as Porphyry? By a genius equally accurate, elegant and profound, 
-who knew how to combine the Graces with Philofophy and Science, and to adorn the 
majeftic brows of truth with the flowers of enchanting elocution. 

But the teftimony of the celebrated’ Longinus concerning our philofopher, fufficiently 
evinces his uncommon excellence and worth; and in the prefent age will probably be 
more efteemed than the eulogium of Porphyry. In a letter, therefore, which he wrote 
to Porphyry defiring him to come from Sicily into Phoenicia where he refided, and to 
bring with him the books of Plotinus, he writes among other things as follows: Thefe 
books (meaning thofe of Plotinus) are not moderately faulty, fo that I have no means 
of ufing them, though I defire above meafure to confider what Plotinus has written 
concerning the /ou/, and on being.” And again: “ Dornot fend thefe books but bring ~ 
them with you, and not thefe alone, but any others which may have efcaped the notice 
_of Amelius. For why fbould I not enquire, with the greateft diligence, after the writings of 
this man, which deferve the higheft honour and veneration? This indeed I have always figni- 
fied to you, both when prefent and abfent, and when you refided at Tyre, that I could 
not underftand many of the hypothefes of Plotinus’s books, but that I immoderately loved 
and reverenced the manner of his writing, the denfity of his conceptions, and the very philofophic 
difpofition of his queftions. And indeed I judge that the inveftigators of truth ought only to com- 
pare the books of Plotinus aith the mof extellent works.” 

This teftimony of Longinus is the more remarkable, as, prior to this, he had fora 
long time defpifed our philofpher, through the ignorant afperfions of others. The won- 
- derful genius of Plotinus, was indeed fo concealed under the garb of modefty, that be- 
fore fame had announced this worth, it was only vifible to a penetrating and fagacious 
few. But Longinus (fays Porphyry) thought the works of Plotinus which he had re- 
ceived from Amelius incorrect, through the fault of the tranfcribers, becaufe he was 
unacquainted with his ufual elocution: for if any, the books in the poffeffion of Ame- 
lius were correét, becaufe they were tranfcribed from the manufcripts of Plotinus. 
Porphyry has Jikewife preferved the preface of a book compofed by Longinus, infcribed, 
concerning the end, and dedicated to Plotinus and Amelius, in the courfe of which he 
thus fpeaks of our philofopher.” ‘ Plotinus and Gentihanus Amelius are replete with a 
copioufnefs of propofitions, which they frudioufly difcufs, and have fertoufly chofen the employment 
of writing, ufing a mode of contemplation peculiar, and their own. And Plotinus indeed, as it 
feems, has more certainly explained the Pythagoric and Platonis principles than his predeceffors. 
For the writings of Numenius, Cronus, Moderatus, and Thrafyllus, are not to be compared, 
for accurac iny any part, with the books of Plotinus on the fame fubjetts.” 
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If fuch then is the decifion of Longinus concerning the abilities and Writings of this 
extraordinary man: of Longinus who is celebrated by one of our firft poets, {as infpired by 


all the Nine; and whofe literary reputation is univerfal; what judgment muft we form. 


of the philofophic tafte of the prefent age, when we find that the very name of Plotinus 


is known but to a few, and/his works fcarcely to any? The inference is obvious: let 


the reader draw it, andlament. But (fays Porphyry), if it be requifite to employ the 


a“ 


teftimony of the wife,{who is wifer than a god? Thana god, who truly faid of himfelf - 


* The number of the fands is known to me, 
And the broad meafure of the mighty fea. 
I know the thoughts within the dumb conceal’d, 
And words [ hear, by language unreveal’d. 


And this is no other than Apollo, who when Amelius enquired, where the foul of Plo- 
tinus had emigrated, anfwered in divine numbers, as follows: .. 


To ftrains immortal full of heawnly fire, 
My harp I tune well ftrung with vocal wire; 
Dear to divinity a friend I praife, 
Who claims thofe notes a god alone can raife. 
For him a god in verfe mellifluous fings, 
And beats with golden rod the trembling ftrings. 
Be prefent Mufes and with general voice. 
- And all the powers of harmony rejoice; 
Let all the meafures of your art be try’d, 
In rapt’rous founds, as when Achilles dy’d: 
When Homer’s melody the band infpir’d, 
And god like furies every bofom fir'd. 
And lo! the facred choir of Mufes join, . 
And in one general hymn their notes combine. 
I Phoebus in the midft to whom belong 
The facred pow’rs of verfe, begin the fong. 
Genius fublime! once bound in mortal ties, 
A demon now and more than mortals wife; 
Freed from thofe members that with. deadly weight 
And ftormy whirl inchain’d they foul of late : 
O'er lifes rough ocean thou haft gain’d that fhore, 
Where ftorms moleft, and change impairs no more ; 
° In the original, Oa 3 iyà Jdupu r'deidudr, $ perpa Bararong, 
Kal supë Eurinus, ua a AadAlorros drio, ° a: 
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And ftruggling through its deeps with vig’rous mind, 
Pafs’d the dark ftream, and left bafe fouls behind.. 
Plac’d where no darknefs ever. can obfcure;, 
Where nothing enters fenfual and impure ;, 
Where fhines eternal minds. unclouded rays, 

And gilds the. realms of intellectual day.. 

Oft merg’d in. matter by ftrong leaps you try’d,. 
To bound aloft, and caft its folds afide. 

To fhun the bitter ftream of fanguine life, 

Its whirls of forrow, and its ftorms of ftrife.. 
While in.the middle of its boift’rous waves, . 

Thy foul robuft, the deeps deaf tumult braves ;. 
Oft beaming from the gods thy piercing fight, _ 


-  Behėld in paths oblique a heawhly light : 


‘Whence rapt from fenfe with energy divine,. 
Before thy eyes immortal {plendors fhine:; 

Whofe plenteous rays in darknefs.moft profound; 
Thyfteps dire ted and illumin’d round. 

Nor was the vifton like the dreams of fleep, 

But feen while vigilant you brave the deep; 
While from your eyes you fhake the gloom of night, 
The glorious profpects burft upon your fight : 
Profpeéts, beheld but rarely by the wife, . 

Tho’ men divine, and fav’rites of the tkies.. 

But now fet free from the lethargic folds, . 

By which th’ indignant foul dark matter holds 3- 


_ The natal bonds deferted, now you foar, 


And rank with Dæmon forms a man no-more. 
In that bleft realm where love and friendfhip reign, 
And pleafures ever dwell unmixt with pain ; 
Where ftreams ambrofial.in immortal courfe 
Irriguous flow, from. Deity their fource. 
No dark’ning clouds thofe happy fkies affail,. 
And the calm ether knows no ftormy gale.. 
Supremely bleft thy lofty foul abides, 
Where Minos and his brother judge prefides ; 
Juft Aacus, and Plato the divine, 
And fair Pythag’ras there exalted thine ; 

` With 
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With other fouls who form the E choir, 
-Of love immortal, and of pure defire ; 

And who one common ftation are affign’d, 

With Genii of the moft exalted kind. 

Thrice happy thou! who life’s long labours paft, 
With holy Demons doft refide at laft : 

From body loofen’d, and from cares at reft, 7 
Thy life perpetual, and divine thy feaft. 

Now ev’ry Mufe who for Plotinus fings, 

Here ceafe with me to tune the warbling ftrings ; 
For thus my golden harp with art divine, 

Has told, Plotinus! endlefs blifs is thine. 


“ According to this oracle then (fays Porphyry) Plotinus was worthy, and mild, 
gentle and endearing, and fuch as we found him to be by invariable experience. And 
again, it afferts that he was vigilant, endued with a purified foul, and always elevated to 
divinity, which he ardently loved. Likewife that he endeavoured by exerting all his 
powers to emerge from the bitter waters of this fanguine life. Hence when by the af- 
fiftance of this bleffed light, he had often raifed himfelf by intelle€tual conceptions, to 
that firft god who is fuperior to intellect, and had afcended according to all the grada- 
tions in the banquet of Plato to an union with his ineffable nature, this fupreme princi- 
ple fuddenly appeared to him, neither poffefling any form, nor any idea, but eftablithed 
above intellect, and every intelligible effence. And to this fupreme god I Porphyry 
once approached, and was united with his nature, when I was fixty-eight years of age. 
The end of life therefore appeared to Plotinus: for the end and {cope of exiftence to 
him, was a conjunCtion with that deity who is every where prefent. But he four times 
`- obtained this end, while I refided with him, not in capacity, but by an ineffable energy. 
Befides the oracle adds, that the gods often furrounding Plotinus with divine {plendors, 
directed him in the right path, while they benignantly extended to his eyes abundant 
rays of celeftial light: fo that he may be faid to have compofed his books from the con- 
_templation, and intuition of divinity. But from internal and external vigilance, he is 
{aid by the oracle, to have feen many and moft beautiful fpeCtacles, which no other 
philofopher has eafily beheld. For human contemplation may indeed have various de- 
grees of excellence, but when compared with divine knowledge, cannot fathom a 
depth, fuch as is penetrated by the gods. Hitherto the oracle fhews, what were the 
energies of Plotinus, and what he obtained, while furrounded with body. But after his 
folution om body, it declares that he arrived at the bleffed fociety, where friendfhip, 
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fweet defire, joy, and love united with the deity, perpetually reign. Befides this, how 


the fons of the divinity, Minos, Rhadamanthus, and Æacus, are appointed the judges 
of fouls ; ‘and that Plotinus departed to thefe, not for the purpofe of receiving their de- 


cifions of his conduct, but to enjoy their converfation, with whom alfo other gods of 


the moft exalted order converfe. Where Plato and Pythagoras refide, ard other fub- 
lime fouls, who compofe the choir of immortal love ; and where the moft bleffed 
dzmons have fixed thein abode. And laftly, that the life of the inhabitants, in thefe 
celeftial regions is ever flourifhing and full of joy, and perfeveres in perpetuity of blifs, 
from the benignant communications of divinity.” And thus muclr for the life of Plo- 
tinus, who was a philofopher unequalled for the ftrength and profundity of his intel- 
lect, and the purity and elevation of his life. He was.a being, wife without the ufual 
mixture of human darknefs, and great without the general combination of human weak- 
nefs and imperfection. He feems to have left the orb of light, folcly for the benefit of 
mayikirid ; that he might teach thenr how to repair the ruin contraéted by their exile 
from good; and bow to return to their true country, and their proper kindred and. 
allies. Ido not mean that he defcended into mortality for the purpofe of enlightening 
the vulgar part of mankind : for this would have been a vain and ridiculous attempt.. 
The fplendour of truth cannet be apprehended by eyes totally fixed in the dark night of 
oblivion ;, but previous to this, punifhment muft be inflicted, and purgation. employed ; 
the labours of Hercules muft be accomplished, and the fufferings of Ulyffes endured. 
But he came as a guide to the liberal few, who are ftruggling to gain the loft. region of 
light, but know not how to break the fetters by, which they are detained ; and who. 
are impatient. to leave the obfcure cavern of fenfe, where all is delufion-and fhadow,. 
amd to afcend to the realms of intellect, where all is fubftance and reality. 

# Let us now confider what were the principal tenets of the Platonic theology, which- 
this extroardinary man reftored, and illuftrated in his writings. And, in the firft. place,, 
he every where profoundly and copioufly proves the fupereffential nature of zke one, or 
the fupreme principle of things, which is one of the principal do€trines in the Par- 
menides, and is more: plainly afferted in the republic *. However prior to Plotinus 4,. 
the interpreters of Plato afcended no higher than to intelleét and being, and by this 
meéeans placed a compound, and not a perfectly fimple nature at the fummit of the 
univerfe. This doctrine, which is called by Cudworth, bigh-flown, phantaftical, and un- 
fafe, will, Lam fure, be deemed no better than jargon and reverie, by modern philofophers,, 
who, fo far from being able to conceive a caufe fuperior to being, fcarcely poffefs a 
thought which is not the progeny of body and fenfe. Itis, however,, fufficient for our 


© Lib. 6- + Vide Procl. in Plat. Theol. p. 89, et 90. 
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prefent purpofe to prove that this is the opinion of Plato, and to fhew how it is defend- 
ed by Plotinus. In the fixth book of the Republic then, Plato moft beautifully evinces 
the fupereffential nature of the firft caufe, whom he calls the good, by his analogy to 
_ the fun, as follows. ‘‘ Have you not obferved, with refpe to the author of the fenfes, 

in how perfect a manner he has formed the power of fight, and of being vifible ? I have 
not entirely perceived it, replied he. But confider it in this manner. Do hearing and 
found require any other fpecies, in order that the one may hear, and the other be heard, 
which third nature when abfent, the one fhall not hear, nor the other be heard ? 
There is nothing, faid he. It appears to me, indeed, that many others (that I may 
not fay none), require no fuch third fpecies. Or are you able to find any fuch power ? 
By no means. Have you not perceived that fight, and the obje& of fight, require fuch 
a nature ? How? When fight is prefent with the eyes, and they are dire¢cted to vifion, 
when colour alfo is prefent, unlefs a third {fpecies is prefent, naturally formed for the 
purpofe, the fight will be without vifion, and the colours will be invifible. But what 
. do you calb this? What you call light. You fpeak the truth. Indeed, the fenfe of feeing, 


and the power of being feen, are joined together by a bond the moft honourable of all 
other conjunctions, and by no trifling form, if light be not difhonourable. Whom then 


of the celeftial gods can you affign as the caufe of this, that light caufes our fight to fee 
in the beft manner, and that obje&s are perceived by the eyes? The fame as you and 
others affign; for you interrogate. concerning the fun. But the fight is thus affected 
with reference to this god. How? Neither is the fight the fun, nor is the eye in which 
vifion refides the fun. It is not. But of all the organs of fenfe, the eye participates 
moft of the fun: Greatly fo. Does it not preferve the power which it poffeffes, as 
infufed from the fun ? Entirely. Befides, the fun is not fight, but.its caufe, and is on 


` 


this account beheld by fight. It is plainly fo. This is what I called the fon of the, 


good, which the good generated analogous to itfelf: that as ¢4is in the intelligible 


place, is to intelleé& and the objects of intelligence, fo is hat in the vifible place to fight.. 
How isthis? Explain yourfelf more largely. You know that the eyes as often as they- 
are not turned towards objects whofe colours the'fplendour of day irradiates and dif.. 


clofes, but to fuch as are faintly illuminated by no€turnal rays, grow dim by the vifion, 


and appear almoft blind, as if perfect fight was not refident in their nature. So it hape- 


pens. But as often as they are turned to objects which the fun illuftrates, they perfpicu- 
oufly perceive, and in the very fame eyes, fight appears to be contained. It is fo. Thus 


think alfo concerning the foul. For when it adheres to that in which truth, and being ` 


itfelf fhines forth to view, then it underftands and knows this, and appears to poffefs in- 


telligence.. But when it is carried to that which is mingled with darknefs, which is ge-- 


nerated and deftroyed, the fharpnefs of its fight is blunted, it is converfant with various 


opinions, and it feems to'be deftitute of intelle&. So it appears. Hence, that which. 
affords truth to objeéts of intelligence, and extends the power of intelleGtion to him who - 


under-. 








h 


underftands, you may call the idea of the good, the caufe of fcience, and truth per- 
ceived by intelle. But fince thefe two are fo beautiful, I mean knowledge and truth, 
if you efteem the good itfelf, as fomething different from thefe, and far more beautiful, 
you will think in a proper manner. And, as it is proper to believe, that light and fight 
poffefs a certain form of the fun, but are by no means the fun itfelf : fo here it is pro- 
per to jucge, that knowledge and truth poffefs a certain form of the good itfelf, but are 
by no means the good; for its majefty is far more venerable and auguft.” And 
a little after he adds: -** You may fay therefore, that the good, not only affords to 
objects of knowledge the power of being known, but likewife diftributes their being 
and effence, while in the mean time. the good itfelf is not effence, but above effence, excelling 
it both in dignity and power.” 

It is plain, therefore, from the words of Plato himfelf, that he confidered -the fu- 
preme principle of things fuperior to being ; and confequently this doctrine was not 
devifed by the latter Platonifts, contrary to the opinion of their divine mafter. But this 
is likewife evident from the teftimony of Speufippus, the immediate:fucceffor of Plata, 
who, as we are informed by Proclus * confirmed this doétrines from the moft ancient 
authority, and afferted, ‘ that the ancients confidered the one, as better than being, and 
that the principle of being was free from all proportion to the fubfequent order of : 
things, as the good itfelf is feparated from every condition of any particular good.” 
Tothis moft refpectable evidence we may alfo add, that of the philofopher Moderatus, 
who, as we are informed by Simplicius+, declares, ‘‘ that, according to the Pytha- 
goreans (from whom Plato, it muft be obferved, received the greater part of his philo- 
fophy), the firft one is above all effence.” 

- This fublime theory was fupported-by Plotinus, with all that truly philofophic ac- 
curacy and depth, for which his writings are every where fo remarkable. Indeed, it 
appears to have been his favourite topic; for he has employed confiderable parts of 
many of his books in its illuftration and defence. Nor can we-wonder at his:partiality 
for this exalted fpeculation, if we confider that a union-with this ineffable nature, was 
-the great aim of all his defires, and the only end of all ‘his ftudies and purfuits. This 
was the divinely folitary light to which his -intelle€tual eye was ever directed, and 
which fo abundantly illumined the moft fecret recefles of his foul. Here he difcovered 
the true fountain of good, and drank deep of its perennial ftreams. And laftly, here he 
derived thofe ineftimable ftores of knowledge, which he fo fortunately tranfmitted to 
future generations. That the Englifh reader, therefore, may have a fpecimen of his 
inimitable writings on this abftrufe fubjet, and may fee fome of the deepeft myfteries of . 
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® This pgflage is cited by Ficinus, in the fecond volume of his werks, p. 1186. and is, I-doubt not, taken 
from the manufcript Commentary of Proclus on the Parmenides. 
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the Greek theology difclofed, I fhall prefent him with a paraphrafed tranflation of 
two books of Plotinus : the firt of which is infcribed, That Intelligibles are not external to 
Intelle&, and concerning the Good, and the other, Concerning intelligible Beauty. I have par- 
ticularly chofen thefe, not only becaufe they admirably unfold the depths of the Platonic 
philofophy and theology ; but becaufe the firft relates to the vifion of the /upreme, ex- 
plaining the wonderful manner in which it is accomplifhed ; and the fecond defcribes 
the method of becoming united with the intelligible world. The Platonic reader will 
find in thefe books (if I have done juftice to their divine author), inftances of fublimity 
beyond all comparifon with any other writings; and fpecimens of a profundity of 
thought unequalled by any other philofopher.. I am fenfible that the great labour I have 
employed in the tranflation, will be, moft probably, loft on-the prefent generation : but 
though I write with no views nor defires of popular renown, yet I flatter myfelf with 
the approbation of more equitable pofterity. The fifth book, therefore, of the fifth 
Ennead of Plotinus is as follows : 


« Is it poflible. any one can think that true intellect, poffefling true being, can at any’ 
time be deceived, and believe in‘things which have: no real exiftence? Certainly no 
one. For how could it be intellect, if it is ever. liable to deception ? It is requifite, 
therefore, that it fhould always underftand, and that nothing fhould ever be concealed: 
from it, like thofe natures that are fubject to oblivion.. But it is likewife neceffary that- 
knowledge fhould refide in its effence, not like one imagining or doubting, or deriving: 
information from another. Nor yet again, like knowledge collected from demonftra-- 
tion. . For though it is granted that fome things are collected. by demonttration, it can--: 
not likewife be denied that fomething is of itfelf known to intelleét, at the fame time: 
that reafon dictates, that all knowledge is effential to its nature. But it is now-neceflary' 
to enquire after what manner we muft diftinguifh the effential knowledge of intelleét, 
and that which it obtains by inveftigation. . Likewife from whence the certainty is de- - 
derived to intellect, of its effential knowledge ? From whence its faith is derived, that it 
is in fuch a condition ? Becaufe about things offered to the fenfes, the belief of which: 
appears more certain, it- is ufual to- doubt whether they -poffefs their apparent nature in: 
the fubject things, or in certain paflions only ; where certainly the judgment of intelleét, 
or, at leaft, of thought, . is. required.. For though it fhould, perhaps, be granted, . 
that the natures of fenfible objects. are contained.in their fubje€t bodies, yet what is 
known by fenfe, is nothing more than an image of the objeét ; for-fenfe cannot appre- - 
hend the thing itfelf, fince it abides external to its perception. But intellect when it- 
underftands and. apprehends inteNigibles, if. it knows thefe as fomething different 
from itfelf, after what manner is it conneéted with them? For it may happen that - 
it fhall not meet with them, and confequently that it- may not underftand : or perhaps 
then at laft when it meets with them it will immediately underftand, and thus it will not 
always poffefs intelle&ion. And if. it. fhould be, faid, that intelligibles are conjoined - 


with « 
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with intellect, it remains to enquire what fuch a conjunction means. Befides the in- 
tellections themfelves will be certain figures : and, if this is the cafe, they will be ad- 
ventitious, and nothing more than certain pulfations. But after what manner will in- 
tellect be figured ; and what will be the form of intelligibles ?. Laftly, from this hy- 
pothefis intelligence will be like fenfe, a perception of externals. After what manner 
then do thefe difagree among themfelves? Shall we fay in this, that one of them com- 
, prehends leffer concerns ? Alfo, how can intelle& know that it perceives fomething in 
reality ? Or how will it ke able to judge that this is good, or beautiful, or juft ? For 
every one of thefe will be different from intellect, nor will it contain the principles of 
` judging by which it believes, but thefe alfo will be external to its effence ; and in the 
fame manner truth. Again, intelligibles themfelvesy are either deftitute of fenfe, 
life and intelle@t, or they poffefs intelle&. If they poffefs intellea, they will equally 
contain both, and this will be the true and firft intelle&. But of this alfo we enquire 
how it contains truth, intelligible itfelf, and intellect. Whether fubfifting in the fame 
and together, or in fome other manner ? But if intelligibles themfelves are deftitute of 
intellect and life, we muft enquire what they are. For they are neither certain propo- 
‘pofitions, nor axioms, nor dictions. For if this were the cafe they would affirm fome- 
thing of other things, but would not be things themfelves : as if they fhould fay, that 
_what is juft is beautiful, when at the fame time juftice itfelf is different from the beauti- 
ful itfelf. But if they fhould confider as fimple effences, the juft itfelf, and the beautiful 
itfelf, apart from each other : in the firft place, intelligible itfelf will not be a certain one ; 
but every intelligible will be feparate from others. In which cafe we muft enquire where 
they are, and in what places they are feparately-difpofed : afterwards in what manner in- 
telle&t every where running round in a difcurfive procefiion, is able to find thefe : alfo how 
it abides : and again, tow it abides or perfeveres in the fame ; and what form or figure it 
is endued with. Unlefs, perhaps, intelligibles are fituated like certain images formed from 
gold, or from fome other matter by a ftatuary or painter. But if this be the cafe, intel- 
lect in its perceptions will be the fame as fenfe. Befides in what re{pect among thefe, is 
this intelligible, juftice, ‘but zhat, fomething elfe. Laftly, this is the moft powerful ob. 
jection of all : viz. if any one fhould entirely admit, that thefe are extrinfical, and that 
Antellect {peculates them as having an external pofition, it neceffarily follows that intel- 
lect does not poffefs the truth of thefe, but is deceived in the contemplation of each. For 
the-object of its contemplation will be truly external : it will therefore behold them depriy-~ 
ed of their intimate poffeffion, and containing only their images in a knowledge of this 
kind. Since, therefore, it does not poffefs truth itfelf, but only contains certain images 
of truth, it will poflefs what is falfe, and have nothing of truth. If then it knows that it 
contains only what is falfe, it muft undoubtedly confefs itfelf to be deftitute of truth: but 
if itis ignorant of this, and thinks that it participates of truth, when at the fame timeit 
is deftitute of its poffeffion, it is deceived by a twofold fallacy, and is very far diftant 
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from truth. For it is on this account, as I think, that truth is- not to be found in fenfible 
objects but opinion alone : becaufe opinion is converfant in receiving, from whence its 
mame is derived. On this account it receives fomething different from itfelf, fince that 
alfo is different from which it poffeffes what it receives. If then truth is not refident in 
intelle&, fuch an intelleét cannot be truth, nor a true intellect, nor intelle& at all: 
nor indeed will truth be refident in‘any other place. 

Hence it is not proper either to inveftigate intelligibles feparate from intelle&t, or to 
confefs that the figures of things only are’contained in intellect, or to deprive it of truth, 
while we admit it is ignorant of intelligibles, and that the objects of its intelleQion have 
no exiftence in the order of things. But it is neceflary to attribute all things to true im. 
telle&t, if it is requifite to induce knowledge and truth; to preferve beings themfelves; 
and that knowledge by which the effence of every thing is known ; and no longer to ac- 
quiefce in the refemblances and images of things, as when we alone underftand the par- 
ticular mode of exiftence, and not the real effence of a thing; in this cafe neither poé- 
feling the object itfclf, nor dwelling with it, nor confpiring into one with its nature. 
For intelleé&t indeed truly knows, nor is any thing concealed from its effential intelli- 
gence, nor is it liable to oblivion, nor does it wander by mveftigation, but it contains 
truth, and the feat of things in its eflence, and is ever vital and intelligent. All which 
properties, indeed, ought to refide in the moft bleffed nature, or where can any thing 
- honourable and venerable be found ? | í , 

Hence it neither requires demonftration, nor the faith of perfuafion, that intelle& is 
thus effentially intelligent : for it is entirely manifeft to itfelf, and there is nothing more 
worthy of faith than its own effence. So that rt contains real truth, not confonant to 
any other but to itfelf, nor does it pronounce and exift any thing befides itfelf: and that 
which it is, it pronounces. Who then can confute.it? And from whence can he bring 
his confutation? For the argument which is adduced muft revolve into the fame with 
the former. And although it is employed as different, it is neverthelefs referred ta 
the thing propofed by the firft argumentator, and is with it entirely one and the fame. 
For nothing can be found more true than truth. 

This one nature intellect therefore is all beings: it is truth: it is a great deity: of 
rather it is not any particular god: but is defervedly every deity. And fuch is the 
nature of this fecond divinity, appearing to beholders, before-they furvey that fuperior . 
God, who is feated in fublimer majefty on the ifluftrious throne of intelle&t, depending 
from his ineffable nature. For it is highly proper that he fhould not fabfift in an imani- 
mate feat, nor again immediately occur to us moving in the circular chariot of foul, but 
that an ineftimable beguty fhould wonderfully thine before his appearance, as before 


the prefence of a mighty King. Tor to fuch as advance to his intuition 1 is ordained 


Vou. II. bi that 


242 RESTORATION OF THE 


that leler things fhould firft occur and afterwards that fuch as are greater thould gra- 
dually prefent themfelves to the view; and that fach as furround the king fhould be 
more royal, and the reft in a degree proportionate to their diftance from his ineffable 
glory. But after all thefe, the mighty king himfelf, fuddenly fhines forth to the view: 
awhile the reft venerate the king, in a fuppliant manner; fuch I mean as do not depart 
from thence till they have proceeded to the laft fpettacle of all, Hke thofe who are fatisfed 
with the fplendor of the attendants qn majefty. Another king, therefore, reigns in this 
| intelligible world, and bis attendants are different from his nature. But this fupernal 
king does not rule over foreign fubjects, but he poffcfles a juft and natural govern- 
ment, and a tyne kingdom: fince he is himfelf the king of truth, and is naturally the 
lord of his oftspring the univerfe, and of the divine company of immortal gods. Hence 
he is the king of a king, and of kings, and is called by: a jufter name, the father of 
the gods. Whom indeed Jupiter im this refpect imitates, fince he does net acquiefce in 
the contemplation of his Father, but proceeds beyond this to. his grand-fire, as to an 
energy m the very fubfiftence (umsacis) of his:eflence. | 

But let us now afcend to the one itfelf, which is indeed truly one, not like other 
things which at the fame time that they are many, are alfo. one through the participation 
of unity. For we muĝ now receive: ene itfelf, which is not one by participation, like fuck 
thirigs as are not more truly one than many. We muft likewife affert that the intelligible 
world is more one than other things, and that nothing is nearer than this to unity itfelf.: 
at the fame time that it is net purely one. 

But for the prefent we defire to contemplate, if poffible, the nature of the pure and 
true one, whick is not one from another, but from itfelf alone. It is therefore here re- 
quifite, to transfer ourfelves on all fides to one itfelf, without adding any thing. to its- 
nature, and to acquiefce entirely in its contemplation; being careful left we fhould 
wander from him in the leaft, and fall from one into two: But if we are lefs cautious 
we fhall contemplate two, nor in the two poffefs the one itfelf; for they are both pof- 
terior to unity. And. one will not fuffer itfelf to be numerated with another, nor ine 
deed to be numbered at all: for it is.a meafure free from all menfuration. Nor is it 
equal to any others, fo as. to.agree with them in any particular, or it would inherit. 
fomething in. common with. its connumerated natures; and thus this common fome- 
thing, would be fuperior to one though this is utterly impoffible. Hence neither effen- 
tial number, nor number pofterior to this, which properly pertains.to quantity can be prer 
dicated. of one : not effential number whofe effence always coafifts inintellection ;, nor that 
which regards quantity, fince it embraces.unity, together with other things different from 
one. For the nature pertaining to number which is inherentin quantity, imitating the na- . 
ture effential to prior numbers, and looking back upon true unity, procures its own 
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effence, neither difperfing nor dividing unity, but while it becomes the duad, the one 
remains prior to the duad, and is different from both the unities comprehended by the 
duad, and from each apart. For why fhould the duad be unity itfelf? Or one unity of 
the duad rather than another, be one itfelf ? If then neither both together, nor each 
apart is unity itfelf, certainly unity which is the origin of all number, is different from 
all thefe; and while it truly abides, feems after a manner not to abide. But how are - 
thofe unities different from the one? And how is the duad in a certain refpect one? 
And again, is it the fame one, which is preferved in the comprehenfion of each unity ? 
Perhaps it muft be faid that both unities, participate of the firft unity, but are different 
from that which they participate: and that the duad fo far as it is a certain one partici- 
pates of one itfelf, yet not every where after the fame manner: foran army, and a houfe: - 
are not fimilarly one; fince thefe when compared with continued quantity, are not 
one, either with refpe€& to effence, or quantity. Are then the unities in the pentad, - 
differently related to one, from thofe in the decad? But-is the one contained in the 
pentad, the fame with the one in the decad? Perhaps alfo if the whole of a fmall thip, 
is compared with the whole of a large one, a city to a city, and an army to an army, 
there will be inthefe the fame one. But if not in the firft inftance, neither in thefe. - 
However, if any farther doubts remain, we muft leave them to a fubfequent difcuffion. 

But let us return to unity itfelf, afferting that it always remains the fame, though all 
things flow from it as their inexhauftible fountain. In numbers, indeed, while unity 
abides in the fimplicitly of its effence, number producing another is generated ac- 
cording to this abiding one. But the one which is above beings, much more abides 
in ineffable ftation. But while it abides, another does not produce beings, ac- 
cording to the nature of one: for it is fufficient of itfelf to the generation of be- 
ings. But as in numbers the form of the firt monad is preferved in all num- 
bers, in the firft and fecond degree while each of the following numbers do not 
equally participate of unity; fo in ‘the order of things, every nature fubordinate to 
the fir, contains fomething of the firft, as it were his veftige or form in its effence. 
And in numbers, indeed, the participation of unity produces their quantity. But here 
the veftige of one gives effence to all the ferics of divine numbers, fo that being itfelf, 
as as were the footftep of ineffable unity. Hence he who afferts. that to sivas. which is 
a denomination declarative of effence, is derived from ros, that is, ove, will not per- 
haps deviate from the truth. But that which is called roo, that is, being, firit of all 
fhining forth from the depths of unity, and‘as it were not far proceeding from thence, 
is unwilling to advance beyond its original, but abides converted to its moft interior rea 
treats, where it becomes effence, and the effence of all things, and that which pro: 
ndéunces thefe; containing itfelf as it were in its labouring with found; and declaring 
by its fpeech that it flows from one: and indeed ro or thus pronounced, fignifies i its 
origin as much as pofible. So that what becomes eara, that is efence, ani ura ‘or tide, 
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imitate to the atmolt their augher, from whefe wnwearied power they perpetually flow,- 
But intellect perceiving this, and being moved by the fpeCiack, and ynitating. what it ` 
knows, fuddenly preduges with anenergetic voise the words b», tas, voices irra For thofa 
fapnds endeavour to exprefs the fubftance of that which is generated, (the pronouncing | 
nature labouring with the exprefion;) and imitate as much as poble the origin of be- . 
ing itfelf. . | 
But tiris mut be left to every one’s particular determination. But fince generated ef- 
fence is form, (and that which is produced from thence ean have no other appellation, 
it is not 4 particular form, but oniverfal, fo that nothing elf than this general form re- 
mats te fpecies; and therefore it is neceffary that one itfelf fhould be deftitute of 
form. But finee it is foreign from fpecies neither can it be effence : fince it is requifite 
that effence fhould be fomething determinate. But it is not lawful to confider unity it- 
felf as any thing particular and bounded, otherwife it would not be the principle, but, 
that alone which you denominate fomething fingular. If then all things are contained 
in that nature which is generated from the firt, we muk truly fay that the author of 
all things, is not any one of thefe, and that he can alone be called that which is above 
all. But the matures produced from thence are beings, and being itfelf ; and hence the. 
ene itfelf is fuperior to being. And that which is above being, does not fay I am this, 
ner does it determine any thing concerning its nature, nor does it tell its name, but. it 
alone pronounces, Z am not this, i. e. I am nothing comprehenfble and definite. But it is 
impofible by this means, to comprehend its nature: fince it is ridiculous to attempt to 
comprehend immenfity itfelf. So that whoever attempts it, removes himfelf far from. 
the leaft veftige of this nature. For as he who defires to know intelligible effence, ther: 
only perceives what is above fenfe, when he poffeffes no image of a fenfible objet: fo: 
he who defires to contemplate a nature fuperior to intelligible effence, will enjoy the 
ineffable vifion, if he neglects every thing intelligible, while merged in the moft pro-- 
found and delightful of all contemplations; learning from hence, that he is, but neg- 
le&ting the enquiry into what he is, as impoffible to inveftigate. For this which is 
called Juch, fignifies when applied to him, not fuch: fince the appellation of fuch can- 
not belong to a nature, to whom the predication what, is not applied. But we labour- 
ing as it were with our difficulty of conception, are ignorant what denomination is pro- 
per to his nature, and defiring as much as pofhble to fignify fomething to ourfelves 
give a name to that which is ineffable. But perhaps this name which is called one de- 
rives its appellation from a certain negation of many. On which account the Pythago— 
reans denominated him Apollo, according to a more fecret fignification, which alfo im-. 
plies a negation of many. But if any one eftablifhes this name one, and affirms fome- 
thing according to its fignification, both the name and the thing named will be more 
obfcure than if its appellation had been entirely neglected. For perhaps the name was- 
expreffed that the inveftigator beginning’ from fomething fignifying the greateft fimpli-. 
city 
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gity of all might arrive at that perfeGtion af contemplation, as even to deny him the 
appellation of one; convinced that the beft name indeed had been afligned him, but 
that.it was unworthy to exprefs the fuperlative excellence ef his nature. For this came- 
not be reached by the hearing, nor be underftood by ahy bearer : but if it is manifeft to 
any one, it muft be to the profound beholder. But if he who perceives, endeavours to: 
behold form; he will lofe the intuition: of this ineffable nature. A 

Again, the energy of vifion is twofold, as it happens with: refpe&t to the eye. For’ 
enc thing, indeed, is a fpectacle to the eye, that is, the form of the fenfible obje&, but: 
another, that. by which it perceives the form, and which though itfelf fenfible, is dif-. 
ferent from the fenfible form. Hence it is the caufe by which form is beheld, is inherent 
in form, and is perceived conneéted with its nature : though. on this account it is not 
elearly perceived, fince the eye more intently direéts itfelf to the illuminated obje& 
than to the illuminating caufe.. But when there is nothing befides itfelf, it is beheld 
with a fudden and univerfal vifion, though it fhould then be perceived adhering to fome 
other objeét : for if it was entirely feparate and alone, it could not be fubjeét to fenfible 
infpection ; fince the light of the fun flourithing in the fun itfelf, would perhaps efcape 
our fenfe, unlefs its more folid orb was the fubject of its {plendor. But if it fhould be 
faid that the whole fun is light, it is perhaps only afferted for the fake of explanation 
for light is in no form of other vifible objeéts, and is perhaps nothing elfe than that which 
is vifible * 2 while other things are vifible, but. not. light. alone ; ; fince their natures are 


various 


“In the note to page 14; of this volume, we have fhewn from Proclus that light“is place, and is an immaterial 
body, Indeed that lighe is fomething fuperior to fenfible matter may, I think, be evinced by the fullewing cun- 
fideration. As the fupreme principle ef the univerfe, (who can be compared to nothing fo properly as light,) 
is the light of the intelligible world,.and is at the fame time mere exalted than every thing which it contains; 
fu in this fenfible, which is the image of. the intelligible world, ic is neceflary that corporeal light, fhould be 
more excellent than any material nature, Butas Pruclus profecutes this fpeculation on light, iu the above men- 
tioned paffage, in a moft admirable and wncemmon manner; let us attend him in the abftrufe inveftigation. 


In the firt place {peaking of that light which emanates from the fontane foul of the world, and which, acourd- 
ing tə the Zoroaftrian oracle, 


"Aed buluxica pdog, erty, aibtpa, xbopuc, 
abundantly animates, light, fire, ether, and the world; he fays that this light is one fire, abeve the three than, 
viz. the empyrean, etherial, and material fires and that it firft unfolds the eternal quiet of the gods, and il- 
luftrates eflential fpe&acles to fuch as are worthy of their infpection. For by the affiftance of this light, things 
deftitute of figure and impreffion, are impreffed accordiag to reafon and intelligence. And perhaps (fays Sim- 
plicius) he calls light place, becaufe it is a certain defcription and type of the univerfe, and gives diftance to - 
things, which without the prefence of light would not appear to be diflant.. But here Proclus very philofophi- 
cally doubts again{t his own pofition. In the firft place, how body can be received and penetrated by body. In 
the fecond place, whether place, i. e. light, is inanimate, or participates-of foul: But (fays he) it cannot be iu- 
animate, becaufe it is better than the animated natures which it contains, and becaufe rational beings are faid to 
be animated. Hence this body, will be animated the firft of all others. But if it is animated, how can it be 
immoveable? And he diffolves the firft doubt, becaufe there are fome immaterial bodies void of affection and - 
paffon. For (fays he) a body void of matter neither refifts nor is refifted ; fince that which is impelled and re- 
pelled, is eminently paffive in fuch operations, But neither can fuch a body be divided, . fince it is void of pafli- 

vity. - 


fi 


£ 


246 RESTORATION OF THE 


various and compofite. In like manner the eye of intellect, fees from another light things 
illuminated by that firft nature, and in them it truly fees their illuminating fource. But 
when it too earnftly converts itfelf to the nature of the illuminated objects, it perceives 
iefs their {plendid original. And-if at any time it fhould difmifs the vifible objeéts, and 
‘attentively furvey the light by which it perceives, it will then view light itfelf, and the 
principle of light. But becaufe it is requifite that inteJle& fhould behold a light of this 
kind, not as any thing external ; let us return again to the example of the corporeal 
eye, which on a time does not perceive external and foreign light, but previous to this 
pbeholds a light more peculiarly its own, and by far more lucid, fhining in a certain in- 
violate and pure feat ; either when it perceives before itfelf a ray darting from its tranf- 
parent receptacle, through the darknefs of night; or when not difpofed to behold other 
objects, it confines itfelf under the covering of the eye-lids, and in the mean time pro- 
duces from itfelf a purer light within ; or laftly, when fome one by prefling the corners 
of his-eye-lids, views the inward light of the eye. For then, indeed, by not feeing he 
fees, and then fees in the moft exalted degree ; for he views light itfelf : while other 
things which were the objects of this vifion before, were indeed lucid, without being 


wity. Hence neither can the abfurdity be adduced, that- the univerfe is received by a minimum, or penetrates 
a minimum. For if it cannot be divided, neither can it be equally divided with the fmalleft; and if this is im- 
pofble, neither can it be permeated by the univerfe. | 

But he removes the fecond objection, by afferting, that this bedy, i. e. light, is animated by that foul, 
which is the fountain of others; and that it poffeffes a divine life, and an eflence felf-motive, but not in energy. 
For if we affert that foul is felf-motive, in a two-fold manner, in one refpecdt according to effence, but in the 
other according te energy ; we muft likewife affirm that place, or light is partly moveable, and partly im. 
moveable. For what fhould hinder our afferting, that place participates of fuch a life, and that it lives according 
to an immutable-effence, and not according to a felf-motive energy? But if you are defirous (fays he) of con- 
‘fidering the motion of: place, according to energy, you will plainly perceive, that it is, as it were, the mover of 
the bodies which are moved, and which turn their parts according to a certain diftance : fince thefe cannot be 


every where, and are incapable of being prefent ‘to all the parts of place, according to each of their parts. 


And this is that intcrvention and affinity, which it poffefles with foul moving without dimenfion. For, life fo far 
as life, appears to produce motion: and fince place is that-which -frft participates of life, motion to place, will 
-confer a true motion on every part; and will produce a defire in every part of the moved body of 
arriving at its whole, and fince it is not able to accomplifh this, on account of the natural property of 
interval, of fubfifting divifibly in the univerfe. For whatever defires any nature, which it is nut able to 
reach, through its peculiar defect, is then more enflamed in the purfuit of that, which it cannot pollels 
‘through the imbecillity of its nature. For it is requifite (fays he) that between an incorporedl and im- 
mutable life, [uch as'that of foul, the fountain of the reft ; and one corporeal and mutable, that one immutable 
and corporeal fhould ‘intervene as a proper medium. And thus much from Proclus concerning place or lighe, 
whofe reafonings appear to me equally elegant and philofophical, fubtile and profound. 
But the opinion of the Pheenicians refpecting light, as preferved by the emperor Julian in his elegant oration to 
‘to the fun, is no lefs admirable than that of Proclus ;:and at the fame time afferts its immaterial nature. “ Ace 
cording to the Phænicians (fays Julian) who are ‘fkilled in divine f{cience and wifdom, the univerfally-diffufed 
‘{plendor of light, is the fincere energy of an'intelle&t perfe@ly pure: i. e. of the folar intelle&, which as Julian 
expreffes it, fcattering its light from the middle region of the heavens, fills all the celeftial orbs with powerful 
‘vigour, and illuminates the univerfe with divine and incorruptible light.” With great reafen, therefore, does 
‘Plotinus affert, that light is nothing elfe than that which is vifible ; for this muft be the neceflary property.of a 
nature, poffefling a triple dimeufion without fenfible matter. | 
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light. In like manner intellect coneealing and feparating itfelf from all ather con-- 
cerns, and confining itfelf in its moft.inward retreats, and perceiving nothing, will im-- 
mediately behold light, not fubfifting in.anather, but by itfelf alone, perfe&ly pure, and: 
fuddenly. fhining from itfelf, with a fplendor ineffably facred and divine.. 

But in this cafe it-will be doubtful from whence fuch a light fhines ; whether from: 
fomething external, or rather from an intemal fource : and again when it departs we may 
happen to fay, this was fomething-Mhtimate, and again not intimate. But, indeed, it is- 
not lawful to enquire from whence it originated, for it neither approached hither, nor- 
again departs from hence to fome other place, but it either appears to us, or does not ap-. 
pear. So that we ought not to purfue it, as if with a‘view of difcovering its latent: 
_ original, but to abide in quiet, till it fuddenty fhines upon us ;° preparing ourfelves for 
‘this bleffed fpectacle, like the eye waiting patiently for the rifing-of the fun, until ap-- 
pearing above the horizon, and emerging, as the poets fay, from the bofom of the ocean,. 
he prefents himfelf to the fight. But from whence does this light which the fun imitates 
fupernally fhine ?. And what is the nature which it tranfcends, when it perfpicuoufly pre— 
fents itfelf to our view? Indeed it illuminates intelle&t, intently furveying its luftre. So- 
that intellect ftops itfelf- in beholding, as- having: now arrived at the defired end of its: 
vifion, looking: upor nothing elfe than. the beautiful itfelf ; converting itfelf wholly to- 
its contemplation, and dedicating itfelf. entirely to its enjoyment. Hence abiding in- 
this delightful ftate, and ae it were replete with divine vigour, it:belrolds itfelf in the firt‘ 
place now become more beautiful and refulgent, as being nearer to that which is higheft’ 
and beft:. But he will not approach in the manner fome may expeét ; fince he will- 
come as if not coming. For.he. will be prefent before and above all things, even before ` 
intelle&t approaches.-to the vifion. But it is intelle&t which properly approaches and de-- 
parts 5 which departs indeed when it is ignorant where it fhould abide, and where this- 
divine principle abides : becaufe indeed it truly abidesin nobeing. And if intelle& could’ 
be no where (Ido not mean with. refpe& to place only fince this alfo is free from the afe. 

fe€tions-of place) but entirely no where, it would doubtlefs always behold his divinely - 
folitary nature, although it would become united with him, not as perceiving, but as abid-- 
ing in his nature ;. and this not as if intellect and this higheft principle were two. Bur- 
now becaufe it is- intellect, it thus fees-when it fees, by that which it contains different: 
from intelle&t, and which is.the very fummit and flower.of its effence. And, indeed; 
it is wonderful in what manner this firft god is prefent without approaching, and how- 
while he is no where, he is at.the fame time. every where. This indeed is wonderful: 
from its very condition, but- to. him whe profoundly ‘knows the thing itfelf; it would” 
rather be admirable if the contrary: fhould be affirmed. Or rather, indeed, it cannot 
exift otherwife than as the. obje&t of vehement admiration. For fuch is the nature of” 
the fupreme. 
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Whatfoever is produeed by another, :is either ‘contained in its author, or in fome 
other nature, if any thing befides its author remains: for fince:It-is produced by another, 
and requires: fomething different from itfelf.to its generation, it every where requires 
another nature for. its fupport, and confequently:repoles in another, from the neceflary 
indigence of its being. .And.thus it.is appointed by nature, ‘that fuch things as are laft, 
fhould be eftablifhed in fuch as are immediately above them: and again things prior to 
‘thefe, in fuch as are fimiliarly prior, and always one thing in another up to the firft 
principle of all. But the higheft-principle, -becaufe he has nothing prior to his nature, 
cannot fubfift in any other. And hence becaufe he is not in another, but others fub- 
fit in their fuperiors, on this account he comprehends all things in the immenfity of 
his nature. But whjle he embraces:them, he is not diffipated into their effence, fince 
he contains them without being contained ; yet in this cafe, there is nothing exifts, with 
„which he is not prefent:: for unlefs he was prefent he could not contain : and again; if 
she did not contain, he could notbe:prefent. So that he is prefent, and yet not prefent: . 
for, becaufe he.is not comprehended by any thing, he is by no means prefent ; but be- 
caufe he is free from all circum{cription, he is not hindered from being prefent every 
«where : for if he were reftrained, he would certainly be defined by fome particular be- 
ing, and fubfequent natures, would be left deftitute of his prefence ; and thus far the 
firk deity would reign, nor would any thing farther fubfift in his nature, nor would 
the abide in himfelf, but become fubfervient to others. Whatever, therefore, 
fubfifts in any thing different from itfelf, is properly there, where it fubfifts. But 
fuch as are not any where, are on this aceount prefent every where. For what- 
‘ever is excluded fram fome particular place, is comprehended in fome other, fo. 
that it is falfe to afirm of fuch a nature that it is not contained fome where. If 
then it is true that the fupreme principle is not in any particular place, and falfe, 
that he is fomewhere {left he fhould be contained in another), he is on this account 
abfent from no being or place. But if he is no where abfent, certainly becaufe he 
ig not fomewhere, he will be every where prefent in himfelf : for one part of him will 
not be here, and another there, nor yet the whole of him in one particular place only, 
fo that he will be every where totally prefent.; fince no one being contains him, nor yet 
in another fenfe does not contain him, fince he is fo contained, that he may rather be faid 
tocontain. But in order to illuftrate the prefent fubject, let us confider our vifible uni- 
verte, for if there were no other world fuperior to this, it would neither be contained 
in the world, nor yet in place. For what place could there be prior to the exiftence of 
the world ? But the parts.of the world are reduced to the univerfe, and are placed in its 
comprehenfive bound. And foul is not in the world, but rather the world is in foul : 
for neither is body the place of foul, but foul is in intelleé&t, and body in foul. Laft- 
ly, intelle€&t abides in another, which is no longer dependent on any thing fuperior, and 
in which it is compelied to repofe ; fo that the highcft principle is properly contained in 
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no other, and is on this account faid to be no where. Where then do other things fub- 
fift? Doubtlefs in that which is firt., Hence he is neither abfent from others, nor is 
contained in them, while at the fame time he contains all things in the immenfity of his 
nature. Hence too, on this account he is conftdered as the good of the univerfe ; be- 
caufe all things fubfift by him, and are referred to him as their divine original. But 
. they are fo referred to him, that fome are more excellent than others, becaufe fome are 
more proximate than others to his ineffable nature. 

But let me intreat you, not to endeavour to perceive him through the medium of 
other natures, for otherwife you will not difcover the higheft principle himfelf, but only 
a veftige of his divinity. But confider with yourfelf what that is, which can alone be 
perceived abiding in itfelf, perfectly pure and unmixt, and which is of fuch a kind that 
all things participate yet none contain its nature ; fo that nothing elfe can be fuch as he 
is, and yet it is neceflary that fuch a nature fhould fubá. What being then can at 
once apprehend the whole of his power? For if any one apprehends the whole, in 
what refpect does he differ from his nature ? Muft he be received then according to a 
apart? But you who are intent on beholding him, fhould furvey him with a univerfaf 
vifion, and at the fame time be cautious not to tell yourfelf the whole of your perception, 
or you will become intelle&t, intelligent : but he will immediately fly from your intui- 
tion, or rather you will retire from him, But when you behold, behold him totally ; 
and when you energize with intele&t concerning him, whatever you retain in your me» 
mory of his nature, be careful to underftand it asthe good. For he is the caufe of a wife 
and intelle€tual lifes fince he is that power itfelf, from which life and intelleét is pre- 
duced; and he is the author of effence and being, becaufe he is the one itfelf. And he. 
is perfectly fimple, and the firft, becaufe he is the principle of all. For alt things flow 
from him as their original fource ; motion firft proceeded from him, yet is not contain« 
ed in his nature ; ftation likewife originates from him, becaufe he is fuperior to want: 
for he is neither moved, nor at reft, fince he contains nothing in which he can either | 
repofe or revolve. For about what, or to what, or in what can he either be moved, or 
repofe, fince he is the firft ? But neither can he be defined, for what can bound his na- 
ture? Nor yet again, is heinfinite, like an immenfe bulk. And where can he be faid to 
` advance, as if he were indigent, who is in want of nothing ? But his power contains 
infinity itfelf. Nor is he ever deficient, fince beings who are fuperior to defect derive 
this perfection from the inexauftible plenitude of his nature. 

But this infinite is fo called, becaufe it is not more than one, and becaufe it does not 
contain any thing, by which any part as it were of its nature can be bounded. Indeed, 
from its being one, it is neither meafured, nor proceeds into number ; and therefore is 
neither terminated by another, nor by itfelf : for if this were the cafe it would become 
two. Nor again hasit any figure, becaufeit has no parts, nor form. Do not, therefore, 
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feek after its ineffable vifion with mortal eyes; nor attempt to perceive by any corporcal 
means, that which reafon proves to be fo remote from the comprehenfion of fenfe. Do 

not, I fay, think it can be known in the manner they imagine, who confider all things. 
as fenfibles ; and thus entirely fubvert that which Jr, in the moft exalted degree. For 

thofe things, which fome confider as having the moft real being, have the moft unreal. 

And that which is great in.quantity is leaft in being: but that. which is firft is the prin-- 
ciple of being, and fomething more excellent that effence ;. fo that our-opinion muft be-- 
come the very oppofite to this, or we fhall be deflitute of the union with.this moft exalt- 

eddeity. Juft as thofe who in folemn feftivals, through a. fhameful gluttony, fill them- 

felves with food which: it is unlawful for. thofe to touch-who intend an entrance to the 

gods ; efteeming the alimcnt of the belly more certain than the contemplation of:the god 

whofe rites are to be celebrated, and on this account they depart deftitute of the facred 

vifions. Forin fuch holy rites when the god is not beheld, his exiftence is denied by, 
thofe.who.confider as alone certain that which is-tafted and perceived by the.flefh. Jutt 

-as if any one fhould be loft in. fleep through the whole. of life, and fhould therefore 

believe ia the vifiags of fleep, as alone certain and real. But if any one happens to 

roufe him, as one who does not believe in objets beheld with open eyes, fhould fud- 

denly return again to fleep, and.the delufions of dreams. 

Again, it is requifite for the purpofe of perceiving, to affume that organ by whicl+ 
each particular ought to-be beheld.. The eyes for fome, the ears for others, and fo of the 
reft. And it is neceffary to believe, that other things are the peculiar objects of intelled, 
and that to underftand is not the fame as.to hear and to fee ; for this would be as abfurd 
as if any one fhould command the ears to perceive, and fhould on this account deny the. 
exiftence of voices, becaufe they are not the objects of fight. Hence we muft confider 
fuch as thefe ignorant of that which from the beginning to the prefent day they.defire 
and affeét.: for all things defire that which is firft from a neceflity of nature, prophefy- 
_ ing, as it were, that they cannot fubfift without the incomprehenfible energies of his na-. 
ture. Befides the knowledge of beauty, happens to fuch fouls as are roufed and know- 
ing ; and is attended with a ftupor, and the excitation of love. But good, becaufe prefent 
from the beginning to our innate appetite, abides with us even when afleep, and never 
feizes its {pe€tators with aftonifhment, becaufe it is always prefent, and requires no pe- 
culiar reminifcence to convince us of its prefence. But the love of beauty, when it firft 
offers itfelf to the view, produces moleftation, becaufe it is requifite to feek after beauty 
by knowledge : but a Jove of this kind fince it is the fecond, and belonging to thofe who 
are intelligent, plainly indicates that beauty is itfelf the fecond ; and the defire of good, 
fince it is more ancient, and does not require the afliftance of the fenfes, teftifies that 
good itfelf is more ancient than beauty, and is fuperior to its nature. Add to this, that 
all beings think they fhall be fufficient to themfelves, if they obtain good ; as if fecretly 
convinced they fhall then at length arrive at the defired end : but all do not think the pof- 
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{defion of beauty, will be fufficient to the completion of their wifhes. Befides fome 
judge that what is beautiful, is beautiful to itfelf, but not to them, as is the cafe 
with this our apparent beauty. For they judge that its poffeffor is beautiful ; and 
confider it fufficient to appear beautiful though deprived of its real poffeffion : 


but they do not defire to poffefs good in opinion, but in reality. For all things - | 


efpecially ftrive to procure for themfelves that which is firt; and contend with 
beauty, as it were with a defire of vi€tory, as if confcious it was generated, as well as 
themfelves. Juft as if fome one pofterior to a king, fhould ftudy to equal in dignity 
another who immediately follows the king, and is the next to him in royal pre-eminence $ 
becaufe he depends on one and the fame principle as his rival, being ignorant, indeed, 
that he himfelf depends on the king, but that the other precedes him in priority and per- 
fe€tion of nature. But the caufe of the error is their both participating of the fame ; 
and one itfelf being prior to both. Befides it appears that good itfelf is by no means 
indigent of the beautiful, but the beautiful cannot fubfift without the good. Hence 
good is gentle, mild, placid, delicate, and fuch as every one withes it to. occur. But 
` beauty either renders the foul ftupid, or mingles the excited pleafure with grief. Laftly, 
it often caufes incautious fouls to deviate from good, as the beloved object often fe- 
parates the lover from his parent. For beauty is of a junior nature, but good is more 
ancient, not indeed in time, but in truth, becaufe it poffeffes a prior power : for it 
_poffeffes univerfal power. But that which is fubordinate to the good, does not receive 
all power, but fuch only as it is requifite for a nature pofterior to the firft, and originat- 
ing from him to receive. So that he is the lord of this pofterior power, and is in no re- 
{pect indigent of his offspring, the beautiful, fince he exifted fuch as he is prior to its 
generation ; and would have fuffered no lofs in the perfection of his nature, if this had 
not been generated. And if fome other could be produced from his nature, he would not 
envy it the poffeflion of being. But now nothing farther can be generated : for nothing 
remains, which has not been already produced, fince the univerfe is complete. But this 
higheft principle, is not all things, for in this cafe he would be indigent of all : but fur- 
pafling all things, he is able to produce and permit all things to themfelves; while, at 
the fame time, he is eminently exalted above all by the incomprehenfible dignity of 

his nature. 
But fince the fupreme principle is good itfelf and not merely good, it is requifite he 
fhould contain nothing in himfelf, fince he does not even contain good. For if he pof- 
feed any thing, .he would either poffefs good, or that which is not good: but in that 
which is properly the firft good, non-good, can have no fubfittence ; nor yet can good 
itfelf contain good. If then it neither poffefles non-goud, nor coed, it contains nothing ; 
and if it contains nothing it is alone, dwelling in folitary unity, retired from the uni- 
` verfality ofthings. If then other natures are either good (yet not good itfelf) ; or, per- 
haps, fuch as are non-good, but he contains neither of thefe, certainly by podleiling no- 
thing he is good itfelf. If then any one adds to his nature either eflence, or intel- 
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le&t, or beauty, by fuch an addition he deprives him of being the good itfelf.. As 
on the other hand by taking away all things, and. affirming nothing concerning His nature, . 
nor deceiving in any. refpe&, as if fomething was prefent: with his mature, we fhal- 
permit him to be what he is ; teftifying concerning him-none of thefe preperties of be- 

ing, which.are not prefent'with a caufe fo fublimely remote from effence itfelf.. In which 

refpet thofe for the moft part err, who, when they are ignorant how any one ought. 
to- be praifed, detract from the glory.of the fubje& of their praifé, while they add furch ` 
things to his natare, as are beneath its dignity ;, not:-knewing how to -accommodate true: 
praife to its-proper object.. On this.account we orght allo, in the firft place, te beware, . 
left we add any thing pofterior, and unworthy the divine ebjéét of our praife ; and to: 
obferve that he who furpaffes all thefe; is,.indeed, their.proper'caufe without poffefiing 
any of their properties and affections.. For the nature of good does not confift in be- 
ing either all things, or fome one particuhr of alli. Since, if he was fome one: particular 

of all, he would be contained under one and the fame nature together with all.. But if: 
he is‘under.one and the fame nature together with others, he will wary from others, only 

by a certain proper difference and addition. Hence, in this cafe,-he will be: two and : 
not one ; one part of which two, I‘mean that which is common to it-with the reft, will 
be non-good : but the othe: will be good. He wil, therefore, be mixed from good- 
and normgood,.and confequently will not: be the pure and firft good, But that will : 
be the firt good, of which this participating becomes good beyond the common . 
condition.. This.then will be good by a certain. participation: but that of which- 
this participates, will be none of the univerfality of things; and*fuch, therefore, - 
muft be the condition of the good itfelf. But if thrs too contains good as a part, . 
for it is difference by which this is a compofite good; it is neceffary that this fhould * 
depend on another, which is entirely fimple, and alone good. And hence this which is - 
various depends upon that which is good alone. So that it appears, that what is firft, a 
and the good itfelf, is above all beings, is good alone, and contains nothing. in its nature, -~ 
but is perfectly free from all mixture ; and that it is above all, and is the divinely foli- - 
tary caufe of all. For neither does beauty nor being originate from evil, nor yet from ° 
fuch things as are indifferent: for the efficient is better than the effedt ; - fince it is more - 
perfect and divine.” And this much for the firt book of Plotinus, which we propofed to- 

infert; the other on intelligible beauty is as follows :. 

« Since we muft confefs that the foul which contemplates the intelligible world; 
and beholds the beauty of true intellect, may alfo perceive the father of this di-- 
vine world, who is fuperior to intellect: let us now endeavour to the utmoft of 
our ability to behold, and to exprefs to ourfelves (as much as fuch things can 
be expreffed) how we may in the beft manner furvey the beauty of intelle&, and the — 
world which it contains. Suppofe then, two ftony maffes placed near each other, one of 
which is incompofite, and deftitute of artificial form : but the other is fafhioned by art 
into fome divine, or human ftatue. And if divine, let it be the ftatue of fome Grace or 
a Mufe : but if human, not that of any particular man, but rather of fome one which 
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aethas colleCted together from all beastifel forms, The Rone thea which is difpoled by 
art into the beauty of form, will immediately appear beautiful, but not becaufe it is a 
ftone ; or the other mafs would be fimilarly beautiful; it is therefore beautiful becaufe 
it poffeffes the form which art applies. Matter, therefore, had not this form, but it ex- 
ifted in the thinking artift before it came into the ftone. But it was in the artificer, not 
on account of his poffeffing eyes arid hands, but becaufe he was endued with art. This 
beauty, therefore, exifted in‘art in a much more excellent manner. For the form itfelf 
which abides in art does not proceed into the ftone, but this abides i in indivifible union, 
while an inferior fortn proceeds from this, which neitlier remains in itfelf pure, 
for is fuch.as the’ artit withes, -but fuch as the fubje& matter is capable of receiving. 


But if art operatés according to what it is, and to what it poffeffes, but.it fafhione beau- - 
tiful forma, according to the reafon by which it a&is : hence, reafon is a much greater 
and truer beauty, fince it contains the beauty of art ; and is greater and more excellent - 
than every thing which proceeds into extérnal form. For fo far as form proceeding into’ 
matter is extended, fo'far it becomes more debile than that which abides in one. Since 

whatever fuffers diftance in itfelf, departs from itfelf, and the integrity of its nature ; - 
whether it is ftrength diffufed into fome’ participant ; or heat, or power, or beauty exe - 
ténded to fome fubjeét, and divided about the flu€tuating receptacle of matter. Again, 


every efficient according to itfelf, ought to be more excellent than its effe&t : for that 


which is unharmonious does not form a mufician, but this is the work of harmony; - 
and that mufic. whichis above fenfe, produces the harmony in fenfible found. But © 
if any one defpifés the!arts, becaufe they operate imitating nature, in the firft place, . 
it muft be confeffed, that natures alfo imitate other things: and in the- next ‘place, - 
that arts do not fimply imitate that which is perceived by the eyes, but recur to | 
thofe reafons from which the energy of nature confifts. Befides-this, they ptoduce many . 


things from themfelves, and add fometbing where any ‘thing is wanting to the per- 


fection of the whole ; becaufe they contain beauty in themfelves, - Laftly, Phidias him- - 


felf fafhioned -his Jupiter, not by imitating any fpecticle proper to the fenfes ; but con- 


ceiving thé god fuch as he- would appears if he fhould be willing to exhibit him- - 


felf to our eyes. 
But for the prefent let us‘negleét the arts, and confider thofe beautiful natural effects, 


which ast is faid to imitate, i. e. all rational and irrational animals ; but-efpecially what- 
ever amongft thefe are more exactly finifhed : I mean where the Demiurgus ruling over 


matter, invefts it with the form he defires it fhould participate. What then is beauty in 


thefe ? For-it is not blood and menftrua, but colour and figure different from thefe 5 or- 


it'is nothing $, or fomething deftitute of figure; or it is that which, asit were, containg 
fomething fimple like matter. From whence arofe the beauty of Helen, for which fo 
great a contet enfued ? From whence fhines the beauty of other forms fimilar to 


Venus? And from whence did the form of Venus-herfelf arife ? Or that- of any man 


entirely beautiful, or of fome god, whether they are among the number of things fub- 
ject to our ight, or among thofe which are not fubject, and yet have in themfelves a con- 
. . fpicuous 
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fpicuous beauty. Is not this every where form, defcending into that which is produced 
by the artificer, ‘in the fame manner as’it was faid that the beauty of artificial figures, 
proceeded fromthe arts. Whatthen ? Are works beautiful indeed, and reafon exifting 
in matter ? But is reafon feparate from matter, which exifts in the foul of the agent, and 
which is firft in dignity and rank, not beautiful, but is reduced into one with its fub- 
ject matter? But if bulk is beautiful, fo far as bulk, it follows that active reafon, becaufe 
it is not bulk, is not beautiful : though if form, whether contained in a {mall or in a 
large mafs, moves and affeéts-in a fimilar manner the mind ofthe beholder, certainly 
beauty is not to be attributed to the magnitude of bulk. Hence, fo long as form is ex- 
ternal to the foul,-we do not perceive, and are not moved by its power: but when it is 
well conceived in the foul then it affeCts-us with delight. Again, the form of things 
alone, flows through the eyes, otherwife the moft ample ‘figures could not penetrate 
through fuch narrow: receptacles. But magnitude is contracted, not from its being: great 
in bulk, but rather becaufe great in fpecies or form. 'Befides it is neceffary that the-caufe 
itfelf of ai beautiful effeét, fhould be either deformed, or indifferent, or beautiful. If it 

is deformed, it cannot produce the contrary- to deformity. If it is indifferent, why fhould 
"it rather produce any thing beautiful, than deformed. But, indeed, it is neceffary 
that nature the artificer of things fo beautiful, fhould poffefs a beauty more primary 
and exalted. But with regard to us, when we behold nothing inward, and are entire- 
ly ignorant of internal ‘beauty, we follow what is external, unconfcious in the mean 
time that the caufe of motion is profoundly latent in the depths of the foul ; juft 
like one, who on -perceiving his own image, and being ignorant from whence it 
came, ‘fhould follow its fhadowy and unreal progreffion. Lut that there is fome- 
thing elfe which allures followers to itfelf, and that beauty does not confit in mag- 
nitude is fufficiently teftified, by the beauty inherent in difciplines, offices, and the foul: 
where certainly a more true beauty flourifhes ; which ts then manifeft, when we con- 
template the wifdom in a worthy mind, and are delighted with the contemplation, and 
in love with its beauty ; not then furveying the corporeal face, which perhaps is not 
‘beautiful, but neglecting the whole form of the body and purfuing inward beauty to its 
moft facred and profound retreats. But if fuch a foul does not yet incite you to deno- 
minate it beautiful, neither on furveying yourfelf inwardly, will you be delighted with 
yourfelf as with fomething beautiful. Hence while fo affected, you will vainly inveftigate 
true and intimate beauty : for you will feek after thespurity of beauty, not with fomething 
pure, but with that which is bafe ; and hence too, a difcourfe on things of this kind is not 
to be addreffed to all men. Becaufe if you behold yourfelf beautiful, you may obtzin a re- 
minifcence of beauty itfelf. 

The reafon therefore of the beauty contained in nature is the exemplar of the beauty 
_ appearing in body : but the exemplar of natural beauty, is a more beautiful reafon con- 
tained in foul, from which the beauty of nature flows. But this fhines brighter in a 
worthy foul, already advanced in Peay than in nature herfelf: fince it adorns fuch a 
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foul, and affords a light, derived from one much greater; and which is no other than 
the firt beauty. Thus abiding in the foul, it leads it to confider, what that fuperior 
reafon of beauty may be, which is no longer generated nor placed in another, but abides 
perpetually in itfelf. Hence it is not reafon, but the author of that reafon which is firft : 
fince indeed the firft reafon is a certain beauty fubfifting in foul as in matter. But its 
author is intelleét, which is always the fame, and not fometimes intellect ; becaufe in- ~ 
telligence does not happen extrinfical to this true and original intellect. But what 
image are we able to receive of fuch an intelle& ? For whatever is enquired after exter- 
nally, is doubtlefs fought for from fomething worfe than intelle&t. An image therefore 
of intelle&t muft be obtained from intelleét itfelf: fo that we muft not fpeak of it through 
the medium of an image; but we muft receive a certain portion of gold, as a reprefen- 
tative of univerfal gold. And unlefs this received gold is pure, we muft purify it either 
in reality, or at leaft in our difcourfe ; demonftrating that this which is received by us, 
is not univerfal, but only a particular portion of gold. Thus then let ts afcend higher 
from our intelle€t now purified, to intelle@ itfelf; and let us begin with the gods 
themfelves, contemplating the ‘intelle&t which they poffefs. For all the gods are vener- 
able and beautiful, and endued with an ineftimable gracefulnefs. But what is the 
caufe of fuch beauty? It is intelle€t, energifing in the moft exalted manner, which 
produces their divinely beautiful appearance. For it is not becaufe their bodies are 
beautiful that they are gods, but from the poffeffion of intelle¢t, fince the participation 
of body, is not effential to divinity. For they are not at one time wife, and at another 
time the contrary; but they are perpetually wife, with a tranquil, {table, and pure in- 
telle&t, underftanding all things, and knowing not human concerns properly, but their 
own, that is fuch as are divine, and fuch as intellect itfelf perceives. But the gods who 
inhabit this vifible heaven, for they abound in divine leifure, affiduoufly contemplate, as 
if it were above them, what the primary and intelligible heaven contains. But thofe — 
who are ftationed in this higher world, contemplate its inhabitants poffefling the whole 
of this diviner heaven. For all things there are heaven. There the fea, animals, plants, 
and men are heaven. Laftly every portion of this heaven is celeftial. But the gods 
who refide there, do not difdain men, nor any other of its inhabitants, becaufe every 
thing there is divine; and they comprehend the whole of this intelligible region at- 
tended with the moft perfect repofe. 

Hence the life of thefe divinities is eafy, and truth is their generator and nurfe, their 
effence and nutriment : hence they perceive all things, not fuch indeed as are fubjeé& to 
generation, but fuch as abide in effence: they likewife perceive themfelves in others. 
For all things are there perfectly perfpicuous. Nothing there is dark, nothing oppofing, 

«but every thing is confpicuous to all, intrinfically and univerfally. For light every 
- where meets with light. Each thing contains in itfelf all, and all things are again be- 
. held 
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held, in another. ` So that alk things are every where, and all is all. There every thing 
is all. : There an immenfe fplendour: fhines. There every thing is great, fince even 
„what is fmall is there great. There the fun is all.the ftars; and every ftar is a 
fun, and at the fame time all the ftars. But one thing excels in each,-while in the 
mean time all things are. beheld in each. ‘Chere -motien is perfectly pure: for the 
proceeding motion: is not confounded-by a mover foreign from the motion. Station alfo 
there is difturbed by no mutation :, for it is not mingled with an unftable nature. Be- 
fides beauty there is beauty igfelf, becaufe it does not .fubfift in beauty. But every 
thing abides there not as if placed-in fome foreign lands for the being of each is its 
own ftable foundation : nor is its effence different from its feat; for its fubje& is intel- 
leét, and itfelf is intelle&t. Juft as if any one fhould conceive this fenfible heaven, 
which is manifeft and lucid to the eyes, germinating into ftars by its light. In corpo- 
real natures indeed, one part is not every where produced from another, but each part 
is diftinét from the reft. But there each thing isevery where produced from the whole; 
and is at the fame time particular, and-the whole. It appears indeed as a part.: but by 
him who acutely perceives, it will be beheld as a whole: by him I mean, who is endued 
with a fight fimilar to that of-the lynx, the rays.of whofe eyes are reported to penetrate 
the depths ofthe carth. For it appears to me that this fable, occultly fignifies the per- 
fpicuoufnefs of fupernal eyes. Befides the vifion of ‘thefe bleffed inhabitants is never 
wearied, and never ceafes through a fatiety of perceiving. For there is no vacuity in 
any perceiver, which when afterwards filled up, can bring intuition to an end. Nor 
can pleafure ever fail through the variety of objects; -or through any difcord between 
the perceiver and the thing perceived. -Befides every thing there is endued with an un- 
tamed and unwearied powere And that which can never be filled, is fo called, becaufe 
its plenitude never fpurns at ‘its replenifhing obje€t. For by intuition it more affidu- 
oufly perceives. And beholding itfelf infinite, and the objects of its perception, it fol- 


lows its own nature as its guide in unwearied contemplation. Again, no life there is . 


laborious, fince it is pure life: for why fhould that labour, which lives in the beft man- 
ner? ‘But the life there is wifdom, a wifdom not obtained by arguments like ours, be- 
caufe it is always total, nor is in any part deficient, from which it might require invef- 
tigation. But it is the firft wifdom, not depending on any other; and effence itfelf ig 
there wifdom ; yet not in fuch a manner that effence is firft, and then wifdom fucceeds 
as fecondary and an adjunct. Hence, no wifdom is greater than this, but there {cience 
itfelf is the affociate of intellect, becaufe they: both germinate, and beam with divine 
fplendors together: in the fame manner as by a certain imitation they report that juftice 
refides with Jupiter. For every thing of this kind exifts there like a lucid refemblance 
perf{picuous from itfelf, fo as to become the fpe@tacle of tranfcendently happy fpeCtatore. 
The magnitude and power therefore of wifdom itfelf, is fufficiently evident from its 
containing with itfelf, and producing beings: for all things which are trye purfue wif. 
9 dom, 
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dom, depend on it for their being, originate tegether with it, and have one and the 
fame effence: and laftly effence there is no other than wifdom itfelf. But we do not 
yet approach to this exalted knowledge, becaufe we confider {ciences, as certain {pecus 
lations, and rules, and a conflux of propofitions, which indeed ought not with propriety 
to be attributed to the fciences we poffefs. But if any one doubts. concerning our 
{ciences, we muft neglect the difcuffion for the prefent, at the fame time affuming an 
occafion from hence, let us difpute concerning that fcience, which Plato beholding in 
the intelligible world fays, that fcience there is not ong thing in another. And this in- 
veftigation will be proper to`us, if we profefs ourfelves worthy an appellation of this 


kind. 

Whatfoever is made by nature or art, is produced by a certain wifdom, and every 
where wifdom is the leader of action. But wherefoever a certain wifdom fabricates, 
there are indeed arts of this kind. But the artificer himfelf is again referred into nae 
tural wifdom, according to which art produces every work; not by being collected from | 
{peculations, but as one certain whole; nor as compofed from many into one, but rae . 
ther as refolving itfelf from one into many., If any one therefore places this wifdom ag 

the firft in intelligible dignity, it will be fufficient, fince it does not originate from an- 
other, and does not fubfift in any other effence. But if he fhould fay that reafon is placed 
in nature, and that the principle of this is nature, we muft enquire from whence nature 
poffeffes reafon. Becaufe if it is faid to poffefs it from another, we again enquire of thag 
other; and if it poffeffes it from itfelf, our inveftigation is finifhed. But if they fly te 
intellect, there again we muft enquire, whether jntelleCt generates wifdom. And j£ 
they confefs it does, we afk from whence? But if it conceives wifdom from itfelf, it could 
not accomplihh this, unlefs intellect is wifdom itfelf. True wifdom therefore is effence, and 
true effence is wifdom 3; and the dignity of effence is derived from wifdom. For it appears 
that true effence originates from wifdom. Hence whatever things are deftitute of the wif. 
dom of effence ; fo far indeed as they are made by a certain wifdom, they are effences ; but 
becaufe they do not contain in themfelves any wifdom, they are not true effences. No 
one therefore ought to think that in the intelligible world, either the gods themfelveg 
or-any of its tranfcendently happy inhabitants, contemplate certain rules of propofitions 3 
but that each of the objects there contained, offers itfelf to the beholdeks, like abeau- 
- tiful fpe€tacle, fuch as may be imagined to exift in the foul of a man divinely wife. Nat 
~ indeed like painted refemblances, but true beings fhining with intellectual {plendors: 
on which account the antients called ideas, beings and effences. 

But the wife men of the Egyptians whether from a certain accurate lienee ar from 
natural inftinét, when they determined to fignify to us the myfteries of wifdom, ap- 
pear to me not to. have ufed figures fignificant of letters, dif{courfes, and Propofitions, 
nor things imitating voices and axioms; but rather by defcribing and painting the pare - 
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= ticular images of particular things in their facred: concerns, to have eccultly fignified: 
the difcurfive energy of the thing itfelf. For indeed every image is a certain fcience 
and wifdom ; it is likewife a fubje€t; and is a fpectacle colleéted into one ; and is nei- 
ther cogitation, nor counfel. But afterwards from this image, or wifdom collected 
into one, an evolved refemblance is produced in fomething elfe, {peaking in a difcurfive 
tranfition, and finding out the caufes why things are thus inftituted: while the thing 
thus beautifully difpofed, excites admiration. Hence it is.faid that he will admire wif- 
dom, who confiders how without containing the caufes of her effence, fhe affords to 
others which are fafhioned according to her nature, their particular mode of exiftence. 
This beautiful difpofition of things then, which is fcarcely manifeft from enquiry, if any 
one fhould difcover, he muft own it requifite that in the intelligible world, things thould. 
fubfift previous to all argument and enquiry, as in one great nature which harmonizes 
the whole. | 
Can we think that this univerfe, which we confefs to be derived and to exift in this 
manner, from another, was fo compofed by its artificer, that he thought within himfelf 
concerning the éarth; and confidered that it ought to reft in the middle? And that 
afterwards he reafoned concerning the connection of water with earth, and the orderly 
difpofition of things as far as to the heavens? But in the next place concerning all animals,, 
and fuch, and fo many forms of particular vital beings, as they are at prefent ; and the 
difpofition as well of the inward as of the external parts and members? And laftly that 
he began to produce things in energy, as they were difpofed in himfelf 2 But fuch a. 
confideration could not fubfift with the artificer of the univerfe. For how could it take- 
place in him, who had not as yet feen fuch things in exiftence? Nor is it poffible that. 
he could fabricate, by receiving external affiftance, after the manner of human artifi-. 
cers, who operate with hands and inftruments: for hands and feet were pofterior to his 
energy. It remains therefore that ali things muft fabfift in their divine caufe, and fince 
Bo medium intervenes, that by the propinquity of being itfelf, to another, its image and 
fimilitude fhould as it were on a fudden fhine forth, whether from itfelf alone, or through 
the miniftry of foul. For it is of no confequence at prefent whether. or not the world was. 
fabricated properly through a certain foul, if it is but admitted that at] things emanated 
from thence, and fubfift there in greater beauty and perfe€tion. For here they are 
mixt, but there they are pure. But this univerfe proceeding, from thence, is compre- 
hended by forms from. beginning to end. In the firft place matter is the receptacle of. 
the elementary forms, and of others in continual fuccefhon ; fo that it is difficult to find. 
‘ matter, thus concealed under a multitude of forms. But fince it poffeffes a certain ulti- 
maté form, it eafily becomes the fabjeét of every form. Hence fince the exemplar of 
the univerfe is form, he produced all forms; and this without any difficulty er violence,. 
betaufe ‘the artificer there is a divine univerfe, and eflence, and form. Hence too his. 
| fabrication... 
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fabrication .was eafy, and without labour: for there was no impediment; and on this 
“account he now rules over his work with abfolute dominion. And although fome par- - 
ticulars are every where in Oppofition to others, yet they cannot now oppofe the univer- 
fal fabric, for it abides as the whole. Indeed I think if we were the fir exemplars of 
things, and at the fame time effences, and forms, and if the form which operates here 
was our effence, that our fabrication would rule without labour, though man.as at pre- 
fent fhould fabricate a form different from himfelf. For becoming man he ceafes to be 
the univerfe: but when he ceafes to be man as Plato fays, he raifes himfelf on high, 
and governs the world. For being made of the whole, be alfo makes the whole. But that we 
may return to our defign, you may indeed produce a reafon, why the earth is placed sn 
the middie, and why it is round; or why the zodiac is fituated in a certain place: but 
in the intelligible world it was not deliberated fo to be, becaufe it was requifite ; but 
rather becaufe it às as it exifts, on this account it is confltituted as ie ought: juft as if 
previous to a fyliogiftic energy through caufes, the conclufion itfelf fhould remam 
indubitably certain, without any propofitions. For nothing there depends on. confe. 
quences, nothing becomes certain from confideration: but it fubfifts prior to confe~- 
quence, and all confideration. For all thefe are pofterior, reafon, demonffration, faith. 
‘Since on account of the principle all thefe exift, and are thus difpofed. But it is rightly 
‘faid that the caufes of the principle are not to be fought after; efpecially of a perfe& 
principle, which is the fame with the end: for that which is both principle and end, is 
at the fame time the whole, and perfect in every part. 

Intellect itfelf, therefore, is the firft beauty; it is total, and is every where total, with- 
out fuffering a defeét of beauty in any part. What then is the beautiful itfelf to be 
called? Certainly, not any thing which is not the whole itfelf, but either poffeffes a 
. ‘part only, or is entirely deftitute of its participation. Indeed unlefs this is the beautiful 
itfelf, what elfe can merit this appellation? For that which is prior to intelleét, does 
not will itfelf to be beautiful, but is fomething ineffably more excellent. Hence that 
which firft prefents itfelf to our view, becaufe it is form, and a fpectacle of intelle&t, 
is by this means lovely, and pleafant to the fight. On this account Plato wifhing to in- 
‘timate to us this truth, reprefents the demiurgus of the univerfe, approving his own 
perfect work; willing from hence to exhibit, by fomething more manifeft to our appre- 
henfion, the beauty of the exemplar, and of his great idea, as perfectly lovely. For as 
often as any one admires a work, fabricated according to an exemplar, he muft particu- 
larly admire the exemplar itfelf. Nor ought it to feem wonderful if in the mean time 
fuch a one, is ignorant of what he fuffers: fince ‘térrene lovers, and thofe who admire 
corporeal beauty, are ignorant that they are thus affected, on, account of fupernal 
beauty. But that Plato refers the demiurgus of the univerfe loving his work, to the 
divine exemplar, is evident from hence: for he fays, that he was delighted with his 
-work, and wifhed to render it ftill more fimilar to its exemplar; evincing from this the 
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beauty of the exemplar, for fays he its work is beautiful, becaufe it i¢ the image of its 

artificer. For indeed‘unlefs that was ineftimably beautiful, what would be more beau-. 
tiful than this univerfe, which is fubje€t to our corporeal fight? On which account. 
they do: not percceive rightly, who-detract from the beauty of’ this fenfibte world; un- 

lefs in detracting they perceive that this univerfe is not the intelligible world. 

Let us then receive by cogitation this our fenfible world, fo difpofed that every-part. 
may remain indeed what itis, but that one thing may mutually refide in another. Let: 
us fuppofe that all things are collected as much as pofhible into one, fo that each parti- 
cular object may firt prefent itfelf to the eyes3. as. if a fphere fhould:be the exterior 
boundary, the f{pectacle of the fun immediately fucceeding, and an image of the other 
ftars, and the earth, the fea and all animals fhould appear within, as im a diaphanous 
globe: and laftly let us conceive that it‘is pofible to behold ali things in each. Let there 
be then in. the foul a lucid imagination. of.a {fphere, containing all things in its tranfpa-. 
rent .receptacle; whether. they are agitated, or.at:reft;: or partly mutable, and partly. 
ftable.. Now preferving this {phere. receive another in your: foul,, removing from this 
laft the:extenfion into bulk, take-away likewife place,. and banith far from yourfelf all - 
imagination.of matter : at the fame time being careful not to conceive this fecond {phere, 
as fomething. lefs.than the firft.in bulk, for this.muft be. void of: all dimenfion.. After 
this invoke. that divinity who-is the author.of the univerfe, imaged in your. phantafy, 
and earneftly intreat him to approach.. Then will he fuddenly: come, bearing with him 
his own divine.world, with all the gods it contains.. Then will he come, being.at the 
fame time one and ally and.bringing with him all things concurring in-one.. There in- 
deed all the gods, are various amongft themfelves in gradations of power,. yet by that 
one. abundant power-they are all but one, or rather one is all: for the divinity never 
fails, by which they are all produced. But all the gods abide together, and each is 
again feperate from the, other in a certain ftate unattended with diftance, and. bearing 
no form -fubje€t: to fenfible infpeCtion: or one would be fituated. differently from the 
other, nor each be in itfelf all. Nor again does any one of thefe poffefs parts different 
from others, and from itfelf: nor is every whole there a divided power, and of a mag- 
nitude equal to its meafured. parts; but it is, indeed a univerfe, and a univerfal power, 
proceeding to infinity in a. power, which is the parent of energy. But this -divine 
world is fo truly great, that its parts become infinite... For where can any thing be. faid 
to exift, with which. it is not,extended?: This fenfible world too is.great, and all 
powers are. contained in its ample bofom: ‘but it would be much greater, and that in a 
manner perfectly ineffable, if it was free from the diminutive power of body.. And: if 
it. fhould be faid that the power of fire and of other bodies is. great, it muft be remem- 
bered that true powers are infinite, and that it is only from an ignorance of ‘thefe, that 
' corporeal natures appear to have being, and to operate by corrupting, feparating, , and 
miniftring to the generation of animals. But thefe indeed corrupt, becaufe they are 
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themfelves corrupted, and. they generate becaufe they are generated. . But the power: 
which: flourithes there, . poffeffes being alone, and is alone beautiful, without any exe 
ternal: and adventitious qualities, which only derogate from the dignity of effence. - For 
where can: there -be any thing. beautiful, deprived of being? And where again can- 
effence abide, if it wants the prefence of beauty? For while beauty is taken away, ef- 
fence is deftroyed.: On this account being itfelf is deffrable, becaufe being,: and-beauty: 
re the fame: and the beautiful is lovely, becaufe it is being. But it is not proper to 
enquire which is the caufe of the other, fince the nature of each is one and the fames. 
The falfe-eflences indeed of: bodies, require a certain image of beauty, extrinfieally ace - 
cediiig, both that they may appear beautiful, and that they may inherit an obfcure . 
portion of being.- For they fo far partake of effence as they participate of beauty,’ cons. : 
Gfting in form: and by how much the more they receive of this kind of beauty, fo - 
much ‘the more of perfection do they inherit: for by this means a beautiful effence, and . 
beauty itfelf is more peculiar to their nature. | 

On this account Jupiter himfelf, who is the moft ancient of the other gods whieh he - 
leads, proceeds firft to the contemplation of the intelligible world. But-afterwards the 
fubordinate gods, demons, and fouls follow him, who-are able to perceive fuch tran- 
fcendently lucid objects.: And- this divine world fhines upon them, from a certain oc- 
cult. place, which is ‘no ‘other than the abode of ineffable unity. But it illuftrates all 
the divinities with its light: and excites to itfelf fuperior fouls who are afterwards 
convertéd to its fplendid vifion, which before they were incapable of perceiving; and 
which like the fun dazzles the eye unaccuftomed to intellectual light. And while fome 
with elevated eyes, eafily bear its intuition, others who are more diftant from its na- 
ture are difturbed with the vifien. . But fince each of thefe bleffed inhabitants, perceives 
according to his ability, all of them indeed behold this intelligible world, with its. va- 
rious contents, yet they do not all retain the fame. f{pectacle, but while they are 
loft in attentive vifion, one beholds the lucid fountain and nature of the juft itfelf, 
whilé another abundantly perceives temperance itfelf, but not {uch as that which -refides 
with men, when: they enjoy its peffefion. . For this our temperance imitates the fue 
preme : but that diffufing itfelf in all things, as if about all the magnitude of its nature, 
is finally perceived by thofe, who have already beheld many per{picuous. fpectacles. On 
this account the gods behold every thing feparate, and at the fame time all things toe | 
gether: they perceive too divine fouls there, whofe vifion is univerfal; and their Nae 
ture becomes fuch from unbounded perception, that they contain all things from the 
beginning to the end. 

Thefe divine. objets therefore, Jupiter himfelf and thofe of. us who together with 
Jupiter love this: intelligible world, happily contemplate, together with that univerfal 
beauty fhining -from all, and whatever participates of the beauty, which there abides, . 
For every. thing there glitters, and illuminates the {peCtators with its light, fo that they 
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beeame Heautiful by its luftre: juft as it -happens tothofe who afcend the higheft moun- 
tains, where the earth is yellow: for they.are immediately infected with the colour, 
and become fimilar to the earth, to which they afcend. But:the colour which flourithes 
‘in the divine world is beauty itfelf; or rather every thing there is wholly colour, and 
profound beauty. For beauty there, is not like that which flourifhes in the fuperficies 
of bodies: but among thofe who do not perceive the whole, that alone which is refplen- 
dent in the fuperficies is confidered as beauty. But thofe who are totally filled with 
the intoxicating nectar of divine contemplation, fince beauty diffufes itfelf through 
every part of their fouls do not become fpectators alone. For in this cafe the {peCtator 
is no longer external to the fpeétacle::.but he who acutely perceives, contains the ob- 
jet of his perception m the depths of'his own effence ; though while poffefling, he is 
often ignorant that he poffeffes. For:he who beholds any thing as external, beholds it 
as fomething vifible, and becaufe he wifhes to perceive it attended with diftance. But 
whatever is beheld as perceptible, is. beheld externally : but it is requifite we fhould tranf- 
_ fer the divine {pectacle into ourfelves, and behold it as oné, and as the fame with our 
effence : juft as if any one hurried away by:the-vigorous impulfe of fome god, whether 
Apollo or one of the Mufes, fhould procure in himfelf the intuition of the god ; fince 
in the fecret recefles of his own effence, he will behold the divinity himfelf. But if any 
one of us whois not able -to perceive himfelf entirely comprehended by this divinity, 
fhould produce a {pectacle’ into' his view, for the purpofe of affifting his vifion, he fhould 
produce himfelf ; and he will then perceive an image of the intelligible world, now be- 
come more beautiful and divine. But afterwards neglecting the image although beauti- 
ful, and confpiring with himfelf into one, and no longer feparating his effence, he will 
‘become one all together with that deity, who filently flows into his foul ; and he will be 
prefent with himas far as he is able, and as much as he defires. But if he fhould re- 
turn from this divine union into two, and is in the mean time pure, he will neverthelefs 
dwell proximate to its effence; fo that by converfion, he may again be prefent and be- 
‘,come united with his divinity. But the gain of the foul will confift in this ineffable 
converfion. Indeed, when it fitft attempts this union, it perceives itfelf, as long as it is 
different from the god.: but when it has penetrated into its moft intimate receffes, it will 
then find itfelf.in poffeffion of the intelligible univerfe ; and cafting fenfe behind, fearing 
left it fhould become different, it will be one with this divine world. And if it defires ` 
to perceive as fomething different, it will place itfelf external to its object. But it is 
requifite that the foul which is about to perceive a divinity of this kind, fhould poffefs a 
certain figure of his nature, and affiduoufly perfevere, while it endeavours perfpicuoufly 
to know him; and thus well underftanding the importance of its purfuit, and trufting 
it is about to enter on the moft bleffed vifion, fhould profoundly merge itfelf in contem- 
plation, till inftead.of a fpe€tator, it may become another fpecimen of the object of its 
intuition ; fuch as it came from thence, abundantly fhiniag with intelleQual conceptions. 
5 But 
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But how can any one refide in the beautiful itfelf, unlefs he perceives it? Indeed, if 

he perceives it as fomething different, he will not as yet abide in beauty. But becom- - 

. ing beautiful, he will thus efpecially exift in beauty. If then vifion is directed to fome- 
thing external, it is not proper that vifion fhould be there, or if it is it fhould become one 

with the object of perception. But a doubt of this kind is like a certain confcioufnefs of | 
fome one fearing, left if he wifhed to perceive more vehemently, he fhould depart from 

himfelf. For thus difeafe more vehemently impels and excites our fenfation: but 
health dwelling with us more quietly, exhibits a truer knowledge of itfelf, Gnce it is . 

prefent with filence and tranquillity, as fomething familiar and allied to us ; and con- 

{pires into one with our compofition. On the contrary difeafe poffeffes nothing domeftic, . 

but is entirely foreign from our nature ; and hence its prefence is more manifeft on ac- 

count of its diverfity: but fuch things as are peculiarly our own, are prefent with us, 

without any manifeft fenfation. So that when we are in this condition, we are then moft 

of all known to ourfelves ; fince our fcience in this cafe is one and the fame with - 

our effence.. Hence, in the divine world, when we are. moft knowing according to ine- 

telle&¥, we appear to:be ignorant, expecting the paflion of fenfe, which fays it does not - 

perceive ; nor indeed does it fee ; nor can it ever attain to the intuition of fuch exalted 

` ebjeéts. That which diftrufts its vifion then is fenfe: but it is fomething elfe which - 
perceives. And if this too fhould‘doubt, it is no longer its true felf. For neither can - 
this laft when it places itfelf externally, behold that which is intelligible, as if it were - 
fenfible, and to be feen with corporeal eyes. 
But it has been fhewn how the foul may be able to accomplith this as different from 


its abject, and how when the fame: But what will the perceiver relate whether abiding _ - 


as different, or the fame? He will tell that he faw.this god, who is the fame with the 
intelligible world, generating a beautiful fon, and producing all things in his effence ' 
without any lahour and fatigue. For this deity being delighted with his work, and - 
loving his progeny, continues and connects all things with himfelf, pleafed both with 
himfelf, and with the fplendors his offspring exhibit. . But fince all thefe are beautiful, . 
and thofe which remain within are fill more beautiful, Jupiterthe fon of intellect alone 
fhines forth externally, proceeding from the fplendid retreats of his father. From which ° 
laft.fon, we may behold as in an image, the greatnefs of his fire, and-of his brethren ' 
thofe divine ideas, who abide in -occult union with their father. . Bat this ultimate | 
progeny does not. afirm in vain, that he proceeds from ‘his parent intellect : for 
be. is another wosld, proceeding from this firk, and --becoming: beautiful, like an ` 
image of beauty. For.it is not lawful that the image of beauty! :and: of effence, . 
fhould not be. beautiful.. Henoe, hein every refpect imitates his-exemplar. For ` 
he. -poffefies life, and ithe gift of effence as a cestain imitation of. {table effence, . 
and life ever vigilant : he-poffeffes -allo beauty, fo far as he‘prateeds froni ‘thence ; - 
and .perpetual.duration, . as a moving image of the eternity-of intellet-abiding in one = 

for- 
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‘for if this is not admitted, he would at one time exhibit his image and not at afte 
other. But he is not an image fabricated by art ; and every image formed by nature, lafts 
_as long as its. exemplar endures. Hence they do not conceive rightly, who think this 

world may be déftroyed, that which is divine remaining in the full perfection of its 
 .effence, and thus imagine the world generated, and that its author on a certain time 
confulted concerning its produ€tion. Such as thefe indeed neither with to underftand, 
nor are.at all acquainted with the mode of its formation, and are ignorant that fo long 
. as the fplendors of that divine world endure, fo long will this vifible univerfe beam from 
thence, and will never be deftroyed, fince the original of cach is the fame. But the in- 
_telligible world always was, and always will be: appellations of this kind being -adopted 
‘from neceflity, for the _purpofe of conveying the conceptions of our minds. 

Saturn, therefore, who according to poetical fable is feigned bound, becaufe he al- 
«ways perfeveres in the fame divine energies of his nature : who is alfo reported to have 
„delivered the government of this univerfe to his fon Jupiter (for it was not proper that 


„he having difmiffed his government, fhould follow a nature junior and pofterior to him- 


felf, fince he comprehends in himfelf the plentitude of all beauty.) Saturn, I fay, 
„omitting all fubordinate natures eftablifhed in himfelf his father Cælum, and raifed him- 
felf on high as far as to this ineffable principle. He likewife eftablifhed fucceeding na- 
„tures originated pofteriorto him, from his fon. And thus he poffeffes a middle fituation 
„between both, through a diverfity of fection from that which is above him, and from 
„his abftaining from inferior concerns, while he is fabled by a fubordinate care to be 
bound in chains ; thus obtaining a middle fituation between his greater father, and his 
_inferior fon. But fince his father Cælum, is fomethmg greater than beauty, hence 
Saturn or intellect is the firft beauty, though foul is likewife beautiful : yet intellect is 
more beautiful than foul, becaufe foul is only its veftige ; and is naturally beautiful 
through this, though it is far more beautiful when it beholds the perfeét nature of in- 
telle&t.. If then the foul of the univerfe (that we may ufe words more generally known), 
and Venus herfelf is beautiful, what muft be the beauty of intelle€&t ? For if foul and 
‘Venus poffefs this from themfelves, how great mutt be the fplendor of intelle&t ? But if 
from another, from whom does foul poffefs the beauty as well acceding, as natural to 
her effence ? ‘Indeed, whenever we are beautiful, we become fo from the poffefiion of 
our own nature alone : but we are bafe, when we are precipitated into-an inferior na- 
ture. So-that we are' beautiful when we know, but bafe when ‘we are ignorant of 
—ourfelves. “Beauty, therefore, -fhines in Saturn or intelle&, with primary f{plendors. 
‘But’ are thefe confiderations fufficient to a knowledge of :the divine world .the,intel- 
‘ligible place’? Or muft we proceed another way in its inveftigation 2” 
And thus much for the doctrine of Plotinus, as delivered by him in the two preceding 
ineftimable books. .I fhall only-only add the following obfervations concerning the 


‘Platonic 
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Platonic triad of principles, as conceived and illuftrated by this extraordinary man, and 
fome refle€tions concerning the Chriftian trinity, with which I fhall take my leave 
of Plotinus. 

According to Plotinus then, as the divinely folitary principle of things is perfedly 
fimple, it néceffarily follows that he maft be perfectly fufficient, and perpetually ex- 
uberant. Hence, he muft be a producing caufe ; and that which he firft produces, muft, 
be the moft fimilar of all things to himfelf. Andthis is no other than intelle&, or the in- 
telligible world, the nature of which as been fo divinely’explained by this philofopher, 
in the preceding book. Now this intelligible world on account of its perfect fimilitude 
‘to the one, contains all multitude in occult and indiftant union : for it is requifite 
that multitude fhould exift oceultly, before it is {cattered abroad and diffufed into fe- 


parate forms ; and that it “fhould be concealed in the profound receffes of intelle@, — 


before it emerges into the diffufed fplendors of multitude perfectly divided and dif- — 


creet. Juft as the duad is pofterior to unity, and contains number, without being per- 


fect number itfelf. But-as it is neceffary that this occult multitude, fhould be perfe&t- _ 
ly diffufed, in order to the actual diverfity of things, and the exiftence of the fenfible — 


world, hence a third proceffion originates, in which multitude no longer fubfifts in in- 
divifible union, but proceeds from the fanétuary of intelle& into abfolute diverfity and 
feparation. And this third principle is no other than foul, which expands the imparti- 
bility of intelle&, and unfolds all that was involved in the unity of intelle&ual percep- 


tion. Now, befides thefe, there can be no other principles : for after the caufe by . 


which multitude is perfe€tly evolved, nothing but the gradation and diverfities of mul- 
titude can fubfift. Hence, as Plotinus juftly obferves *, “ we ought not to entertain any 
other principles, but ‘having eftablifhed the fimple ead as firft, we fhould place the 
fupreme intellect as the next, and then the univerfal foul as the third in defcent. -For 
this is the proper order according to nature, neither to make more, nor lefs intelligibles 
than thefe three. For he who contracts the number of thefe, muft of neceflity either 
fuppofe foul, and intelle& to be the fame, or elfe intelleét and the firft good. But that 
all thefe three are different from each other we have often afferted and proved.” 


It muft here, however, be obferved, as Dr. Cudworth juftly remarks +, that this third 
hypoftafis or principle, is not the immediate foul of the world (according to Plotinus, 
and the beft of the Platonifts) but ux iwigxocps®, a fupermundane foul. For thus 
Proclus plainly afferts$, not only of Amelius, but alfo of Porphyry, who followed 
Plotinus in this particular. ‘* After Amelius, Porphyry, thinking to agree with 
Plotinus, calls the fupermundane foul, the demiurgus of the world, and that intellect 
to which it is converted not the demiurgus, but the paradign of the world.” Indeed, 
this fupermundane foul muft be too nearly allied to the fupreme intellect, to become 


Ena. L 9. ei + Intelle@ual Syftem, p. 562. $ In Timzum. p. 93. 94. 
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the immediate animating principle of the world; and as the gradation of things — 
throughout the univerfe, fubfifts by the moft gentle and eafy declenfion, the defcent 
would be precipitate, to make the higheft foul conne€ted with the mundane body. Be- 
fides as multitude fubfifts retired and concealed in the fupreme intelle&t, fuch an intel- 
lect cannot be the artificer of the world, fince all forms refide there in ftable and in- 
divifible union : but a proceflion and extenfion of thefe forms is requifite to the produc- 
tion of the vifible univerfe. And as every caufe is fuperior to its effect, and as the 
mundane foul muft be connate with the world, hence the demiurgus of the world, muft 
be fuperior to the mundane foul. 

Such then is the Platonic triad, compofed fom three diftingt, and different principles ;. 
and having no fimilitude except in name, to the trinity of the Chriftian faith, as efta- 
blifhed by /aw. The Platonic philofophers indeed took a bold flight, for they foared to 
the principle of things, and drew abundantly from the ineffable and eternal fountain of 
good : but they never rofe fo high as to difcover that the three perfons of their triad were. 
identically one. As men merely affifted by the illuminations of intellect, they faw the ne- 
ceffity of three principles, to the exiftence of the univerfe, but they had not not yet pene- 
trated the awful veil of the moft myftic theology, and beheld the triple deity, feated on the 
tremendous throne of unintelligible faith. They were capable of demonftrating that the 
principle of all was perfectly Ample and one: but their eyes were not acute enough to 
furvey the ¢riplicity of the one. Had they but been bleft with the /ight of the moderns, 
what wonders would have opened to their view! They would then have ynderftood | 
the trinity in unity, and the godhead in the manhood, abfurdity involved in myftery, . 
and myftery in abfurdity.. In fhort, they would have difcovered, that the fupreme fa 
fo far from being feparate from multitude, and fuperior to effence itfelf, as they fondly, 
imagined, took upon himfelf the actual form of a man, that he might enlighten the 
the vileft and moft obfcure of mankind, and that by fuffering an ignominious death, he 
might appeafe his own wrath, and fatisfy the vengeance of his injured deity. However, 
an impartial reader muft confefs, that confidering their ignorance of thefe fublime. par- 
ticulars, their difcoveries were admirable and profound ; and a fagacious modern will 
doubtlefs rejoice to find that they believed in a god, who was the principle of things, 
though at the fame time they were fo blind, as not to perceive that like Cerberus he 
was triple | 
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| ORPHYRY the favourite difciple of Plotinus next demands our attention ; but 
unfortunately we have fcarcely any other particulars of his life, worthy our atten- 
tion, than thofe we have already deliveredin the hiftory of Plotinus. I fhall, therefore, 
only add, that he was born at Tyre, in the twelfth year of the emperor Alexander Severus, ~ 
and of Chrift 233 ; and that he died at Rome more than feventy years old, in the latter 
part of the emperor Dioclefian’s reign. Of his great abilities we have already given ample 
teftimony : it now remains that we fhew how much he contributed to the reftoration 
and perfection of the Platonic theology. We are informed by Proclus *, that it was 
ufual with Plato, and his moft genuine affooiates, to call all beings, by the appellation of 
intellect. “Hence (fays he), in many places they eftablith the good intellect, and foul, as 
the three principles of things, calling intelle€t every being.” Now this was eminently 
the cafe with Plotinus, who in intelle€& or the intelligible world, comprehends all the 
intelligible gods, all true beings, and the multiform variety of ideas. Hence, he was 
more anxioufly employed in profoundly inveftigating the nature of this divine world, than 
in {cientifically unfolding the order of the beings it contains. Indeed, his genius on 
every fubje&t was more adapted to an intimate perception of the occult effence of a 
thing, than to explaining its gradual evolution, and defcribing the mode’ of its parti- 
cipations. However, though he did not profecute the more particular proceffions of 
divinity himfelf, yet he took care to infert the principles of this fublime inveftigation, 
in his writings ; and to lay the foundation of that admirable and beautiful fyftem, 
which was gradually revealed by fucceeding Platonifts, and at laft received its ultimate 
perfection, by the fubtile and elegant genius of Proclus. 

Porphyry, however, appears to have been the firft who wrote any thing explicitly on 
this interefting fubject. ‘* For he compofed (fays Proclus +) a treatife concerning prin- 
ciples, in which he demonftrates by many and beautiful reafons, that intelle& is indeed 
eternal, but that it contains in itfelf fomething more ancient than intellect, which is 
conjoined with the one.” Now this fomething which is more ancient than intelle@, 
but inferior to the one itfelf, can be nothing elfe than an Henad, or pofterior monad ; 

and if fo there muft be an order of Henades prior to that of intelleéts, which is moft 

beautifull; and copioufly proved by Proclus, in his books on Plato’s Theology, and is de- 
monftrated in the following theological inftitutions. But that this was likewife the 
doétrine of Plotinus is plain from his own words t. ‘* It is neceffary (fays he) that the 
principle and caufe of intelleét, and the deity himfelf, fhould be prefent with the foul ; 


® In Plat. Theol. p. 158. + In Plat. Theol. p. 27. ł Ennead, 5. p. 492. 
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and that this fupreme principle fhould be prefent, not in any divifible manner, but pero 


fectly ftable, not indeed in place, but in himfelf. And, in the mean time, he muft be 
confidered in each of the natures capable of receiving him, as fomething different ‘from’ 


their effence, juft as the centre alfo abides in itfelf. But every line in the circle termi- 


nates its point in the centre, to which it tends. And by fomething analogous to this,. 
which our effence contains, we alfo may touch, coalefce, and be conjoined with the 


fapreme.” Hence it appears how egregioufly Dr. Cudworth * is miftaken, in afferting 
that the doctrine of the Henades, was a figment of the Platonifts pofterior to Plotinus : 
for if they are the fummits of our fouls, and intellects, they muft likewife be the very. 
flowers, as it were, of univerfal fouls and univerfal intellects. 
As the moft valuable of Porphyry’s works are unfortunately loft, and this moft pro- 
bably through the malice of fectaries, and the unjuft interpofition of regal authority, we 
‘ean {carcely give any other proof of his great contributions to the advancement of the 


theology, than by enumerating his writings on this occafion. Andin the firft place, next: 


to the two books on principles which we have already mentioned, his treatife, Concern- 
ing the Philofophy from Oracles, merits our attention. In this curious and valuable work 
(as we are informed by Eufebius+} he colleéts, a variety of the anfwers, as well of 
Apollo, as of other deities, and beneficient demons : proving by this means the virtue. 
of theology, and promoting theo/ophy, or the ftudy of divine wifdom. 

2. Inthe next place, we may defervedly rank his Esplanation of many of Plotinus’s 
Books (according to the teftimony of Eunapius.) For furely nothing could more con- 
tribute to the reftoration of this theology, than a commentary on the writings of him 
who firft uncovered its veil, and happily penetrated inro the myfteries it contains. 

3. To thefe fucceed his Commentaries on the Timeus of Plato, which are every where 
cited by Proclus, with the praife they doubtlefs deferved. Indeed, if we confider the 
fanctity of Porphyry’s genius, his great abilities, and univerfal attainments, we cannot 
fufficiently regret the lofs of his writings on a dialogue which has ever been efteemed 
uncommotly abftrufe, and replete with the moft myftical theology. 

4. Coricerning the divine Names. This work is mentioned by Suidas, and promifes by 
its title, to have been an ineftimable treafury of recondite wifdom. 

g. Concerning the Allegories of the Grecian and Egyptian Theology, How much Porphyry, 
excelled in works of this kind, is fufficiently evident from his explanation of the Cave 
of the Nymphs in Homer, which is fortunately preferved ; and the tranflation of which 
in the following pages, will both adorn the prefent hiftory, and, I doubt not, be accept- 
able to the reader. 


6. On the Regrofs or Re-afcent of the Sul. The defign of this excellent work, as we are. 


informed by St. Auguftin, who often cites it, in his City of God t, was to admonifh us, 
that we fhould fly from all body, that the foul may abide in felicity with the deity. 


® Tntelle&ual Syfkem, p. 568. + Præpar. Evan. Jib. iv. e. 6. ¢ Lib. x. cap. 29. 
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According to the fame Auguftin too, in this book there was a copious difcourfe con- 
cerning the purgation of the foul by the ¢heurgic art, which we cannot worider this 
reverend father fhould both ridicule and difclaim : for how can the faith of a bi/bop agree 
with the dogmata of a philofopher ? But it is here neceffary to inform the reader that the 
theurgical art, explained and recommended by Porphyry in this treatife, confifts in purt- 
fying the imaginative fpirit or vehicle of the foul, which according to its various con- 
dition either elevates the foul to a fuperior ftate, or draws it down into the darkeft re- 
ceffes of the earth. Lucas Holftenius in his account of the life and writings of 
Porphyry, is very diffufe in relating and defending the opinions of Auguftin on this 
particular, but takes no notice of the Platonic Synefius *, who in his admirable book on 
dreams, {peaks fo appofitely and fully on this moft interefting fubjeét, that I cannot re- 
frain from prefenting the Englifh reader with a tranflation of his doctrine concerning 
this phantaftic fpirit, or as he calls it fpiritual foul. ‘In what the difeafe (fays he) of this 
{pirit confifts, by what means it languifhes and is dulled, and how it becomes purified and 
defecated, and reftored to its natural fimplicity and perfection, muft be learned from the 
arcana of philofophy ; from which being purified by the luftrations of myfteries it ‘paffes 
into a divine condition of being. But itis requifite to banifh all influxions externally, be- 
fore the phantattic {pirit can fuperinduce the divinity. And whoever preferves it pure by a 


® It is neceflary to inform the genuine Platonic reader, that Synefius was not a bithop, and had not embraced 
Chriftianity, when he compofed the prefent excellent book. This is not only evident from the recondite wifdom 
of antiquity, which it ‘every where difplays, but from his exprefsly ufing in one place, p. 151, the epithet, tbe 
enundane god (Xaç iyndopsce) in the fame manner as it is always employed by heathen Platonifts. There are three 
Latin verfions of this admirable work : the firft and beft by Ficinus, the next both in the order of time and 
excellence, by Cornarius, and the lat and worft by Petavius. This indufirious Jefuit, indeed, though fufficient- 
ly learned on other fubje@s, appears by his verfion to be very ignorant of the Greek philofophy. This will 
be evident by comparing his tranflation with the Greek, and, I hope, I may add, with the above verfiou, which 
contains the greatelt, and moft important part of this ineftimable work. With refpe@& to Synefius, he was a na- 
tive of Cyrene, in Africa; travelled into Egypt for improvement y and perfeded his ftudies under the celebrated 
Hypatia: a woman no lefs eminent for her uncommon abilities, than remarkab ¢ for her tragical death, effeted 
by the infernal revenge of the Alexandrian church, and the orthodox, patriarchal, Chrifian malice of St. Cyril, 
Though Synefius was relnctantly confecrated hifhop of Ptolemais about the year 410, yet we may colle& from his 
tenets, that he was not a perfect convert to Chriftianity ; and from his ep:ftles, that he lamented his epifcopal 
tation. For with refpec to the former, he denied the immediate creation of the world, its final deftruGion, 
and the refurection of the dead: and with regard to the latter, he frequently and earneftly begs to ‘be difcharged 
from his office ; and declares that as he was by education a heathen, and by. profeflion a philofopher, he had met 
with no fuccefs fin-e he prefumed to ferve at the altar. Particularly in a letter tu his friend Olympius (Epif. 95.) 
he declares that if his duty as a bifhop fhould be any hinderance to his philcfophy, he would relinquith his . 
diocefe, abjure his orders, and remove into Greece. For farther conviction in this particular confult Epift. 11, 13, 
$7» 67, 80, 105 : and the Clidophorus, and Hypatia of Toland, who largely aad curioufly defcants on the life 
and writings of Synefius. I fhall only add, that even Petavius, the editor of his works, affirms, that in fome of 
the books compofed after his profeffion of Chriftianity, Synefius appears as great a heathen as before : and this 
eondu& may be reconciled, by what Synefius himfelf afferts in one of his letters: (Epift. 105.) ‘ that it may be 
fometimes expedient to lye, in order te de good; fince philofophical truth is not neceflary for the vu'gar, who 
‘may receive hurt from their knowledge. Wherefore (fays he) if this method, (that is of concealing the truth), 
be confificat with the rights of epifcopal dignity, I may be confecrated. I foball freely pbilofophixe at bome, and tell fables 
abroad; neitber tesching, nor unteaching, but fuffering people te live in the prejudices they bave imbibed.” This muft be 
allowed to be found philofophy, excellent policy, and true ertbedexy / 
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life according to nature, will render it prompt for this moft exalted employment. For 
this fpirit underftands the affe&tion of the foul, and is not deftitute of fympathy towards 
it, like its teftaceous veftment the body, which has a condition oppofite to the more ex- 
cellent affections of the foul. But the primary and proper vehicle of this phantaftic 
{pirit, when the foul is in a flourifhing condition, is attenuated and etherial: but when the 
-{oul is badly affected, then this vehicle is dulled, and becomes terrene. For this phantaflic 
{pirit is fituated in the confines of the rational and brutal nature, is of an incorporeal and 
corporeal degree ; and is the common boundary of both, and the medium which con- 
joins divine natures with the loweft of all. On this account it is difficult to comprehend 
its nature by philofophy : for it colleéts that which accords with itfelf, as it were from 
neighbouring natures, and from the extremes of each ; and comprehends in one effence 
‘things feparated by fo great an interval from its own. But nature extends the latitude of 
a phantaftic effence, through many conditions of things : for it defcends even to animals 
to whom intelleét is not prefent. In this cafe, however, it is no longer the vehicle of a 
diviner foul, but prefides over its fubje¢t powers, becomes the reafon of the animal 
with’which it is connected, and is the occafion of its a€ting with much wifdom and 
propriety. 

“ But this phantaftic fpirit may be even purified in brutes, fo that fomething better may 
be induced; and all the genera of demons derive their effence from a life of this kind, 
for their whole effence is compofed from the phantafy, and from inward imaginations. 


But many of the energies of the human nature confift from this alone, or if from fome- 


thing elfe, yet this prevails the moft: for we are not accuftomed to cogitate without 
imgination, unlefs fome one fhould perhaps for a moment be able to pafs into contaét 
with an immaterial form. But to tranfcend the phantafy in rational energies, is not 
lefs dificult than bleffed. Hence (fays Plato) the poffeffion of intelleét and wifdom in 
old age is defirable above all things, fignifying by this, intelligence fhining without 
imagination 3 becaufe intelligence when converfant with a common life, ‘belongs to the 
phantafy, or at leaft to an intellect energizing through the medium of the phantafy. 
Hence too, this animal fpirit which divine men have denominated the fpiritual foul, be- 
.comes a god, and an omniform dæmon, and an image, in which the foul fuffers the 
punifhment of its guilt. And in conformity with this the oracles alfo compare the life 
of the foul in this animal fpirit to the imaginations of dreams. Philofophy too, agrees 
in afferting, that preceding lives are certain preparations to thofe in a fubfequent order, 
while the poffeflion of the beft habit in fouls renders this fpirit more adapted to eleva- 


tion, and wipes away the profound flains of a bafer affection. Hence by natural al- 


lurements, this fpirit is either elevated on high, on account of its heat and drynefs, 
which Plato fignifies by the wings of the foul, and Heraclitus when he fays, that a dry 
foul is the wife8: or becoming bulky and humid, it merges itfelf in the receffes of the 
earth by a natural gravity ; and is thus concealed in darknefs, and hurled into a fubter- 

trancan 
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rancan region *. For a place of this kind is peculiarly adapted to humid fpirits; and | 
the life there is unhappy, and obnoxious to punifhment. It is however poffible by la- 
bour and time, and a tranfition into other lives, for the imaginative foul when purified, 
to emerge from this dark abode: for it paffes its courfe through lives of a twofold na- 
ture; and alternately approaches to fuperior and {fubordinate conditions of being. 

“ But the faul in its firt defcent, derives this fpirit from the planetary fpheres, and 
entering this as a boat affociates itfelf with the corporeal world, earneftly contending 
that it may either at the fame time draw this fpirit after it, in its flight, or that they 
may not abide in conjunétion. Indeed it is rarely though poffible to be accomplifhed, 
that the one deferts the other in defcending to the earth: f.r it is unlawful not to be- 
lieve in myfteries of known credibility and truth. But the fouls’ regreffion will be bafe, 
af fhe neglects to reftore, that which is foreign from her nature, and leaves about the 
earth, what fhe had received from on high. And this indeed one or two may obtain as 
a gift of divinity and initiation. For it is inftituted by nature, that the foul, once 
feated in this phantaftic_{pirit, fhould either follow, or draw, or be drawn, yet fo as to 
remain copulated with this {pirit, till it again afcends from whence it came. Hence 
when on account of its depravity this fpirit grows heavy, at the fame time, it draws 
down the foul, which had yielded to its gravitation. And the dread of this is what 
the oracles announce to our intelle€tual conceptions, when they advife: Nor decline bea 


® This is excellently amplified by Porphyry in Senten. 32. p. 232. As the foul’s refidence on the earth, 
(fays he) does not confift in being converfant in the earth, as bodies, but in prefiding over bodies fituated on the 
earth: fo likewife the foul is faid to be in Hades, when the prefides over her image, which has a nature accomo- 
dated to place, byt then obtains a fubfiftence in darknefs. Hence if Hades is a fubterranean dark place, the foul 
though not feparated from being, dwells in this cafe in Hades, attrating to herfelf her image. , For the fpirit. 
which the had colleéted from the fpheres, attends her in her departure from a folid body. But from her affec- 
tion towards body, reafon having a partial obje@, according to which, fhe obtained a habitude towards a body 
of this kind, while the lived; from this propenfe affe&tion, a form of the phantafy is impreffed on the fpirit, 
and fo fhe attra&s the image. But fhe is faid to be in Hades, becaufe the obtains a {pirit of a formlefs and dark 
nature: and fince a heavy and humid fpirit, extends to fubcerranean places, en this account alfo the foul is faid 
to dwell under the earth; not becaufe her effence paffes from place to place, and fubfifts in place, but becaufe. 
it receives the habits of bodies endued with a natural inclination to local tranfitiens, and the poffeffion of place. 
Z. nd bodies of this kind indeed, receive the foul, according to aptitudes, from a certain difpofition towards her- 
mature. For according to her particular difpofition, fhe finds a body defined, correfpondent to her order and. 
properties. Hence when the foul is in a more pure condition ef being, a body is natural to her, approximating 
very nearly to that which is immaterial; fuch as an etherial body. But when fhe proceeds frem reafon to the 
object of imagination, fhe naturally obtains a folar-form body; and when effeminated and captivated with the 
love of, forms, fhe is united with a lunar-form body. Laftly, when fhe falls into bodies compofed from humid. 
vapours, a perfect ignorance of being fucceeds, and darknefs and infancy. And indeed in her egreis from body, 
when the retains a fpirit difturbed by a humid evaporation, fhe attracts a fhade, and is weighed down; a fpirie 
of this kind, endeavouring to dwell naturally in the bottom of the earth, unlefs fome other caufe draws it-into a- 
contrary place. As therefore when furrounded with this terrene fhell, it is neceflary the fhould refide on the 
earth ; fo likewife when fhe attra&s a humid fpirit, it is neceffary fhe fhouid be furrounded with the i image. Bue | 
fhe attra@s moifture, when fhe continually ftudies to be prefent with a nature, whofe operation confifts in moif. 
ture, and is moftly fubterranean. But when fhe endeavours to depart from nature, fhe becomes a dry {plendor, 
without a fhadow, and without a clouds for humidity conftitutes a cloud in the air; but drynefs preguet from 
vapous, a dry fplendor,” . ! 
neath 
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neath, into the obfcure world, whofe depth is always an unfaithful bottom, and an infernal dark- 
nefs, fqualid, rejoicing in Jhadows, and full of fupidity and folly. For how can a ftupid and 
foolith life be expedient to intelle&t? But the inferior region, accords with the image, 
or fpiritual foul, on account of an affection of fpirit correfponding with fuch a place: 
for like rejoices in like. ; 

& On this account, if by conjunétion, one is produced from the two, intelle@ alfo will 
be merged in pleafure. But the extremity of all evils confifts in not perceiving the pre- 
fent evil: for this belongs to fuch as have no defire to emerge, but like thofe whofe fkin 


is hardened by difeafe, as they are no longer tormented with pain, fo neither are they’ 


anxious to be cured. Hence penitence poffeffes a peculiar power of re-elevating the 
foul. “For he who endures his prefent ftate with forrow and remorfe, will meditate his 


flight: and the will is the greateft part of purgation. Indeed through the means of this- 


both our deeds and difcourfes extend their hands to affift us in our afcent: but this be- 
ing taken away the foul is deprived of every purifyimg machine, becaufe deftitute of 


affent, which is the greateft pledge of reconciliation. Hence both here and elfewhere, ` 


punifhments bring with them the greateft utility to the order of things, while they 
oppofe moleftation to delight, and banifh ftupid pleafure from-the foul. Misfortunes too, 
which are faid to happen contrary to our deferts, are of the greateft advantage in extir- 
pating the affections by which we are captivated with externals: and thus the doétrine 
of a providence is confirmed to the intelligent, from the very circumftances which pro- 
duce diffidence in the ignorant. For no place would be left for thè foul to take her 
flight from the dominion of matter, if in the prefent ftate fhe lived free from the incur- 
fions of evil: and hence it is proper to believe, that the præfećts of the inférnal regions 
have invented vulgar profperities, -as the {nares of the foul. It may therefore be faid 
that fouls emigrating from hence drink of oblivion: but the cup of oblivion is extended 
to fouls entering into the prefent life, by pleafure and delight. For when the foul 
defcends fpontaneoufly to its former life, with mercenary views, it receives férvitude as 
the reward of its mercenary labours. But this is the defign of defcent, that the foul 
may accomplith a certain fervitude to the nature of the univerfe, prefcribed by the laws 
of Adraftia, or inevitable fate. Hence when the foul is fafcinated with material en- 
dowments, fhe is fimilarly affected to thofe, who though free born, are for a certain 
time hired by wages to employment, and in this condition captivated with the beauty 
of fome female fervant, determine to a€& in a menial capacity under the matter of their 
beloved object. Thus in a fimilar manner, when we are profoundly delighted, with 
external, and corporeal goods, we confefs that the nature of matter is beautiful, who 
marks our affent in her fecret book: and if confidering ourfelves as free we at any 
time determine to depart, fhe proclaims us deferters, endeavours to brink us back, and 
openly prefenting her myftic volume to the view, apprehends us as fugitives from our 
miftrefs. Then indeed the foul particularly requires fortitude, and divine afitance, as 

it 
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it is no trifling conteft, to abrogate the confeffion and compact which fhe made. Befides, 
in this cafe, force will be employed: for the material infliGers of punifhments will 
then be roufed to revenge, by the decrees of fate, againft the rebels to ber laws. And 
this is what the /acred di/courfes (seu Meyo) * teftify by the labours of Hercules, and the 
dangers which Hercules was required to endure ; and which every one muft experience 
who bravely contends for liberty, till the phantaftic fpirit becomes fuperior to the 
dominion of nature, and is placed beyond the reach of her hands. 

‘© But if this leap from matter fhould happen within the boundaries of nature; the foul 
will be depreffed, and require more weighty contefts: for matter now fully convinced 
-that we are fugitives, will not be {paring of punifhment ; and though we may defpair of 
our afcent, the will chaftize us for the endeavour, and no longer propofe our choice of 
living from two urns, which Homer occultly intimates are two portions of matter. And 
Jupiter himfelf in this place, according to.the fame divine poet, is the moderator of mat- 
ter, diftributing a twofold condition of fate ; from which good is never found fincere, 
and without a mixture of evil, though it is poflible that fome unfortunate being may 
participate of the worfe condition without any portion of good. 

‘© In fhort all lives are converfant with the fluctuations of error, when the foul does not 
{peedily return, after its firt defcent. But confider with how great an interval, this 
{pitit energizes in our nature: for when the foul is inclined downwards, the /pirit alfo 
{according to the facred difcourfe) grows heavy, and finks, till it falls into a region profoundly 
dark: but when the foul rifes from this obfcurity, the phantaftic fpirit alfo attends it, as far as 
it čs able to follow. And it will attend, till the foul arrives at a condition of being the 
moft oppofite from ‘its nature. Hear too, what the oracles declare on this occafion. 
Nor /bould you leave the moft abjel part + in the precipice of matter : for there is a place for the 

image 

* This /acred difcoyrfe eompofed by Pythagoras was twofold; one in verfe, mentioned by Heratlides, and the 
ether TEPI GENN, in Doric profe, both which are unfortunately loft. It appears, however, from the prefoat pal- 
fage, that a part of one of them confifted in explaining the labours of Hercules, who, like Ulyfies, is an allegori- 
cal charaéter, reprefenting the progrefs of a man from the impurity of a fenfible life, till he acquires the per- 
fe&ion and purity of a life intelleQual and divine. Hence Proclus on Plato’s Republic, p. 382. <“ Hercules 
being purified by facred initiations, and having acquired undefiled advantages, deferved a perfe& eftablifhment 
among the gods.” We may conceive, therefore, that by the club of Hercules is meant philofophy, and by his 
lion’s fkin, prudence; through whofe affiftance he tamed the paffions, thofe monfters of the foul, and deftroyed 
vain cogitations: both which are occultly fignified by the twelve labours he endured. I only add that Petavius 
appears to have been entirely ignorant, that any {uch writings as the facred difeson fes, ever exifted: for he 
tranflates them in one place facre biforia, and in another, where they are mentioned in the fingular number, 


(reyes) nofira bac oratio. Such ignorance may be excufable in the modern priet ; but as a man of learning Pcta- 
vius cannot be defended by any apology in fuch vile tranflations. 


+ The Scholium of Nicephorus upen this paffage is as follows: ‘< Synefius (fays he) calls the drofe of matter, 
‘that which the phantafy, defcending from the fupernal fpheres, derives from the natural elements of fire and 
‘air. And this he obferves it is not lawful to leave in the precipice ef matter, viz. in the world every way ob 
cure and dark, but it is requifite to draw it upwards, by the affiftance of temperance, continence, and the 
ar and re-elevate it to the ctherial world: fince there is a place allotted porineearerane tlie image 
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image in the region every where refplendent with light. But this place is oppofed to the re- 
gion totally dark; and to him whe acutely perceives, a {till deeper meaning will be 
found in the-words. For the oracle not only feems to recal into the fpheres, the nature: 
which had proceeded from thence, but alfo intimates that whatever of fubdime fire os 
air, the foul defcending from on high, had attracted into a phantaftic eflence, before the 
was invefted with this terrene bark, muft be elevated together with the more exalted 
part. For the dregs of matter, or the moft abje@ part, cannot fignify a divine body.. 
But reafon diGates that things which communicate, and confpire in unity, cannot be 
deftitute of mutual relation, and connection with each other, particularly when the 
places of their refidence have a kindred pofition: as fire is proximate to an orbiculas 
body, and does not like the earth poffefs the extremity of things. 

_ Again, if better natures yielding to the fubordinate, fhould at any time unite in con- 
junction with thefe, they would produce in matter an indiffoluble body, from their fu-- 
perior dominion: and in this cafe perhaps, the bafer nature, no longer oppofing the 
energy of the foul, but becoming gentle, obedient, and obfequious, and exhibiting. 
the middle nature of the phantaftic fpirit without diflipation, may become etherial to-- 


gether with the dominion of the rational foul ; may be the attendant of its elevation ;. 


and may afcend if not to the fummit of all, at leaft to the extremity of the elements,. 
and arrive at the region in every part lucid, and divine. For it pofleffes fays the Oracle a 
eertain place in this region, i. e. it is received into a-certain order of an orbicular body. 
And thus much may fuffice, concerning the parts and condition of the elements, which 
the reader may either believe, or reject as he pleafes.. 

“ But it cannot be denied that the corporeal effence of the phantaftic fpirit, when ar- 
rived at this place, is at the fame time elevated with the returning foul, and adapted to- 
to the fpheres ; or in other words it is brought back to its proper nature and priftine 
condition. Thefe two regions, therefore, are fituated in perfe& oppofition to each 
ether: the one profoundly obfcure, but the other every way lucid, obtaining the ex-. 
tremities * of felicity and mifery. But how many middle regions do you think are: 

fituated 


in the region every where lucid. But he calls the image, the phantaftic fpirit, as being connate to the rational foul, 


_ though of a fubordinate nature. For as intelled is the refemblance and image of the divinity, but the rational 
fed of intelle& : fo the phaatafic fpirit, or irrational foul, is the image of the rational foul. Hence, as sature or 
the natural foul, is the image of the phantaftic {pirit, and of this again the body, and of bedy, matter: on this 
account he obferves that the phantafy obtains a certain familiar proportion to the satnres which communicate 
with it on each fide, by a certain union and affinity, and by a tendency to the fame common end. Hence in 
its defcent it not only acquires fire and air, from the rational foul, which has a fupernal fituation, but likewife 
from the natural elements, which are placed beneath.” Nicephori Scholia, p. 390. 

@ « Synefius fays that there are two extreme feats, the fummits of the univerfe, one beneath, every way dark, 
the other above, wholly luminous; and that the former is miferable, but the latter blefled. But becaufe oppofites: 
cannot be immediately copulated together, he afferts that in the middle of thefe twe feate, there are are many 

‘other regions, differing from each other, which he denominatesin one part luminous, and in the other obfcure, 
participating of the extremes, and beneath the region totally refplendent-with tight. Jak in the fame manne 

| ome d: 
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Gtunzted in the concave fpace of this mundane orb, partly lucid, and partly dark, in all 
which the foul lives, with this phantaftic fpirit, and alternately changes its forms, and 
manners, and life? When, therefore, it returns to its proper nobility, it becomes 
_ the ftorchoufe of truth : for it is then pure and pellucid, and perfectly immaculate ; 
and has power, if willing, to become a god and a prophet. But when it falls from this 
elevation, it becomes dark, erratic, and fiiitious: for the obfcurity of the {pirit, cannot 
perceive the perfpicuity of true beings. Laftly, when it poffeffes a middle fituation, it 
partly wanders, and partly purfues the truth. You may alfo by this means, explore a 
demoniacal nature, and its order: for to purfue truth entirely, or to wander but a little 
from its contemplation, is divine, or nearly divine. But a condition of being, erroneous 
in prediétions, neceflarily belongs to fuch as are affiduoufly inclined to nature, who are 
_ obnoxious to pallon, and perfedtly ambitious : for by this means fuch a condition be- 
comes fubterranean *, and forfakes divinity, and its more ancient demon; though by 
a contrary mode of proceeding it may re{ume its priftine affociations, and occupy the 
, place prepared for a more excellent nature. , 
«And from hence we may apprehend the ftate of the foul while connected with the 
prefent body : for he whofe phantattic {pirit, is pure and compofed, and who, both 
waking, and fleeping, receives true refemblances of things, he indeed, poffeffes a token 
that the figure of his foul will pafs into a better condition of being. Nor is the judg- 
ment trifling which we may form refpecting the affection of the animal fpirit, from the 
imaginations which it principally produces, and in which it is employed, when free 
fsom external pulfation ; philofophy fupplying us with judgment and admonition, re= 
{pecting its nutriment, and -the diligent care we fhould employ to prevent its deviation 
from the right. But ite beft education confifts in always energizing according to an 
intuitive and perceptive power, and in taking care that the principal energy of the 
foul is always intellectual ; and that as much as poflible we always pre-occupy the ab- 
fard and rath impetuofities of the phantafy. But this is no other than a converfion of 
the foul:to that which is beft, and forfaking all commynion with an inferior nature, eg- 
cept what the ftrongeft neceflity compels us to adopt. But an intellectual perception above 
all things feparates, whatever is contrary to the true purity of the phantaftic {pirit : for.it 
attenuates this fpirit in an occult and inffable manner, and extends it to divinity. 
And when it becomes adapted to this exalted energy, it draws by a certain affinity of 
. nature, a divine firit, into. conjunction with the foni: as onthe contrary when it.is fo. 


as copitetion is the medium between intelledR and faul : but pinion is feated .between the phantafy and the foul; 
and fefe between the phantafy and body. And thefe mcdiams mutually penetrate, and extend through each 
ether, from body to intelle@, and participate -all their furrounding natures. As air poffeffes on each fide ewe 
extremities and feats, by means of which, ia is hot in its fupreme fituation, through ite proximity to elc- 
memtery fre, but humid in its inferios-extremity, through its vicinity to water.” Necephori Schola, p. 393- 

© The-Gresk is very defective in this place, which I have endeavoured to fupply, as the learned reader may 
obferve. 
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contraéted and diminifhed by condenfation, that it cannot fill the ventricles of the brain,. 
which are the feats afligned to it by providence, then, nature not enduring a vacuum, 
an evil /pirit is infinuated in the place of one divine. And what will not the foul {uffer, 
when affiduoufly preffed by fuch an execrable evil? For fuch is the conftitution | 
of things, that the regions of the phantaftic fpirit muft either be filled with a fuperior or 
fubordinate nature : but the latter is the punifhment of the impious, who defile the 
divine part of their effence ; and the former is either the end of piety, or proximate to» 

the end.” Thus far the excellent Synefius, who, I doubt not, was.greatly indebted to- 
Porphyry’s book on the regrefs of the foul, for this admirable difcourfe-; as:itis evidently 
pregnant with the moft recondite theology. But let us confider this mterefting fubject. 
more minutely. 

Though the theurgical art is unfortunately loft, by means of which we might obtain the. 
beft method of purifying the phantaftic fpirit; yet we muft not fuppofe that it is utterly: 
impofhble to accomplifh this defirable end, without its affiftance. Synefius in the preced-- 
ing beautiful quotation informs us, “‘ that an intellectual perception attenuates this fpirit,, 
in an occult and ineffable manner, and extends it to divinity.” Indeed, nothing can fo: 
effectually contribute to feparate the phantafy from this terrene body, as a continual in- 
telle€tual illumination. Now this can only be acquired by long habits of meditation, ac- 
companied with a vehement thirft after truth, which gradually withdraw the foul. 
from fenfible perturbations, produce the contemplative virtues, and difpel the darknefs. 
of corporeal imaginations. Science, indeed, is the fifft requifite in acquiring this purifi- 
cation of the phantafy, I mean the mathematical fcience ; by whofe afhftance, we firft. 
recognize the glimmerings of truth, and difcover the dawning beams of intelle&t emerg-. 
ing, as it were, from the night of oblivion. When the liberal foul firft difcovers this 
light, though but feeble and tranfient, fhe-rejoices at the happy event, and is anxious to. 
procure.its continuance and increafe. She now defpifes outward corporeal form, and 
becomes deeply enamoured with thofe purer forms in the phantafy, which fhe has found 
to be the receptacles of truth. And this is the farft degree of purification. But after this. 
if by a fortunate event, from contemplating univerfals in imaginative figures, fhe fhould 
rife to fpeculate their fubfiftence in cogitation, and in the rational foul, the will then 
difcover a much brighter light ; though even this will not be conftant and ferene: forit 
will be prefent only when fhe is deeply engaged in fuch middle contemplations. Indeed, 
as cogitation is the medium between fenfe and intellect, fo the light attending its. 

~ energies, has a middle fubfiftence between the obfcurity of the former, and the invari-. 
able {plendors of the latter. This light, however, will fo purify the phantattic {pirit, 
that all its images will poffefs a confiderable degree of perfpicuity and Juftre. There 
now remains only the third ftep, in order to produce the perfeétion of purity, and to 
conjoin the phantafy with divinity: and this is no other-than an intimate converfion of 
the foul to the energies of intellect. For by a long and vigorous exercife of this kind, a 
conftant 
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gonftant and ineffable light will continually illuminate the phantafy, fo as to render all. 
its images pure and pellucid, and perfeétly abolith the obfcurity of fenfible impreffions.- 
We may add too, as a fymbol of this exalted purgation,. that a perpetual ferenity, un- 
ceafing delight, and occaftonal rapture. will be produced. in the foul. The will, now: 
entirely free will be intimately converted to that which is beft ;. the defires will breathe’ 
nothing but the ardour of intellectual energy ; and the pafhons will no longer be at: 
_ variance with reafon. In this delightful ftate, the vehicle of the phantaftic fpirit will. 
Become fo attenuated and etherial, that all fenfible harmony will waken the foul to an 
immediate recollection of ideal harmony ; all external figure will recall to her memory 
ideal form; and all lucid bodies will reprefent with advantage to her inward eye the’ 
brighter light reflected in the mirror of imagination. Indeed, fenfible light, will be found 
to poffefs a-renvarkable fympathy with this purer light of the foul. For when this intellec: 
tual fplendor is firmly introduced, and illuminates every part of the phantafy, the i 
fmalleft fpark, and the moft glimmering ray of external light, will call forth into energy 
that facred.light,. which.is now perfectly feated in the fanctuary of the foul. Such too 
will be the temperament of the foul in this cafe, that fhe will {pontaneoufly utter mufical _ 
founds, as indications of the harmony within ; and as echoes of the perpetual felicity 
fhe enjoys. And futh are the methods of acquiring, and fuch the tokens of poffeffing. 
purity of imagination, which He who obtains will underftand ; but which will appear 
incomprehenfible, and ridiculous to him, who is not advancing in its acquifition. | 

And here it may not be improper to obferve, that tlie phantafy in this purified ftate, . 
affords indubitable tokens of the poffeflion of truth ; and ferves as an inftrument by 
which we may difcover falfe opinions from fuch as are true. For the images attending. 
the perceptions of reality, will always be lucid; and this in proportion to the certainty 
they contains Hence, whenever the foul is full, and as it were, pregnant with true. 
conceptions, certain. bright phantafms, as the progeny of her rational energies, ‘will 
drop into the mirror of imagination, and appear like images clothed’with light. For- 
the phantafy will now no longer be fimilar to the dark and irriguous cavern of Calypfo 
(which appears to be the emblem of imagination in an unpurified ftate), illuminated by 
fenfe as by an artificial fire ; but it will be totally diaphanous and full‘of light. It will,. 
indeed, in every refpect refemble the palace of Ithaca, when enlightened by the golden 
lamp of Minerva, during the removal of the arms by Ulyfles and Telemachus. Of 


which we may fay with the greateft propriety: 
Not fuch the fickly beams which unfincere,. 
Gild the grofs vapour of this nether {phere *. 
And he who knows the truth of what I affert, may exclaim with rapture,. like 
Telemachus : : 


© Pope’s Odyficy, book xixe | 
| What 
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What miracle thus.dazzles with furprife | Í 
Diftinét in rows the radiant columns rife.s 

The walls where-c’er my wond’fing fight I turn, 

And roofs amidft a blaze of glory burn! | 

Some vifitant of pure etherial race, _ 

With his bright prefence deigns the dome to grace. 


q, In the laft place,. we may defervedly rank among the theological writings of 
Porphyry, his treatife Concerning the Cave of the Nymphs, in the 13th book of the 
Odyffey. ‘This admirable work is fortunately preferved.: and as it contains fome - 
deep arcana of the natural and fymbolical theology of the ancients, together with fome 
beautiful obfervations refpecting the allegory of Ulyffes, I perfuade myfelf.the follow- 
ing paraphrafed tranflation of this work, will be E ACOP to the lovers of ancient 
féarning and philofophy.. 

s * What are we to underftand by the Cave, in the iftand of Ithaca, FAA Homes 
defcribes in the following verfes ? 


High at the head:a branching olive grows, 
And crowns the pointed cliffs with thady boughs. 
A cavern pleafant, though involv’d in night, 
Beneath it lies, the Naiades delight. 
Where bowls and urns, of workmanhhip divine, 
And maffy beams in native marble fhine ; 
On which the Nymphs amazing webs difplay, 
Of purple hue, aud exquifite array. 
The bufy bees, within the urnes fecure 
Honey delicious, and tike nectar pure. 
Perpetual waters thro’ the grotto glide, 
A lofty gate unfolds on either fide ; 
That to the north is pervious by mankind : 
The facred fouth t immortals is confign’d. 
i. e. ‘an olive with fpreading branches ftands at the head of the Ithacenfian port ; and 
near it is a cave both pleafant and obfcure, which is facred to the nymphs who are called 
Naiades. Within the cavern, bowls and capacious amphora are formed from ftone, 
in which the bees depofit their delicious honey. Thereare likewife within the cave 
long ftony beama, on which the nymphs weave purple webs wonderful to the fight. 
© There are three editions of this excellent work. The firft Greek and Latin by Holfteniue, Cantab. régx5 
ithe fecond by Barnes, prefixed to his Homer ; and the third by feme German editor, which I have not feen, 
| Perpetual 
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Perpetual waters flow within the grotto. But, there are two gates: one towards the 
north gives entrance to mortals defcending: but the other towards the fouth which is 
more divine, is impervious | to mankind; and alone affords a paffage to afcending i im- 
mortals.” 

That the poet does not defcribe this cave according to truth, is evident from hence, 
fays Cronius, that none of thofe who have handed down to us the fituation of that ifland 
make any mention of fuch acave. This likewife, fays he, is manifeft, that it would be 
very abfurd for a mortal man, fuch as Homer, to expect, that in defcribing a cave fabri- 
cated merely by poetical licence, and thus arbitrarily opening by a new art a path to gods 
and men in the region of Ithaca, he fhould gain the belief of mankind. It is equally as 
abfurd to fuppofe, that nature herfelf. thould point out in this place, one path for the 
defcent of all mankind, and again.another path for all the gods. For indeed the whole 
world is full of gods and men: but it is impoflible to be perfuaded that in the Ithacen-. 
fian cave men defcend, and gods afcend.. Cronius, having promifed thus much, affirms. 
that it was evident not only to the wife, but alfo to the vulgar and unlearned, that the 


poct under the veil of allegory, concealed fome myfterious fignification. But the i ine- * 


veftigation of the particular meaning of thefe gates, and of the cave of the nymphs, he 
leaves to others more difpofed.to fuch curious enquiries, as likewife why it is both plea— 


fant and obfcure; fince darknefs.is by no means delightful, but is rather produtive of 


averfion and horror. Alfo why it is not fimply facred to nymphs, but it is accurately 
added, which are called Naiads.. Why likewife the cave is reprefented as containing: 
bowle and urns, when no mention is made of their receiving any liquor, but the bees. 
are faid to depofit their honey in thefe veffels, as in hives? Then again, why are oblong 
beams placed here for the nymphs; and thefe not formed out of wood, orany other 
ductile matter,. but from ftone, as well as the bowls and urns?) Which laft.circum- 
{tance is indeed lefs.obfcure ; but that on thefe ftony beams, the nymphs fhould weave 
purple garments, is wonderful not only to the fight, but to the auditory fenfe. For who. 
would believe that goddeffes weave garments in a-cave involvedin darknefs, and on ftony: 
beams ; efpecially while he hears the poet affirming that the purple webs of the goddeffes 
were expofed' to human infpeion.. Befides this too is wonderful, that.the cave fhould: 
have a double entrance; one prepared for the defcent of men, the other-for the afcent of. 
gods. And again, that the gate pervious by men fhould look to the north, but the portal af. 
the gods to the fouth. Since the reafon‘of this diftribution affords juft matter. for furprize - 
and enquiry : and why an eaftern and weftern fituation was not preferred. For almof all 
temples have their entrance and ftatues towards the eaft : but thofe who enter them look 
towards the weft, when ftanding: with: their faces-turned to the ftatues they honour 
and worfhip the gods. Hence fince this narration abounds with obfcurities, it follows. 
that it is neither 3 fable, rafhly devifed. for the puspofe of procuring delight, nor con-- 
tains.a true and certain defcription.of a place :. but that-fomething is fignified by the - 
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poet, under its obfcure difguife; who likewife places, with a myftic intent, an olive a 

the entrance of the cave. All which particulars the ancients thought very laborious te 
inveftigate and explain, and we who fucceed them are of the fame opinion, while en- 
deavouring from our own inventions to unfold the concealed meaning of the allegory. 
Hence thofe men appear to have written very negligently concerning the fituation of the 
place, who ‘believe both the cave and its contents, to be a mere poetical figment. But 
the beft and moft accurate writers of geography, and among thefe Artemidorus the 
Ephefian, in the fifth book of his work, which confifts of eleven books, thus writes: “‘ The 
ifland of Ithaca, containing an extent of 85 ftadii*, is diftant from Panormus, a port of 
Cephalenia, dbout 12 ftadii +. It has a port named Phorcys; in which there is a ‘fhore, 
and on that fhore a cave facred to the nymphs, in which the Phzacians are reported 
to have placed Ulyfies.” 

By no means therefore is this cave a mere Homerical figment. But whether the poet 
defcribes it according to its real nature, or adds fomething of his own invention, yet the 
fame queftions remain to be folved; whether you are difpofed to inveftigate the inten- 
tion of the poet, or of thofe who confecrated the cave. Since neither did the ancients 
confecrate temples without fabulous fymbols ; nor is it ufual with Homer to relate any 
thing rafhly concerning their peculiarities. For indeed, by how much the more any 
one endeavours to fhew, that this defcription of the cave is not an Homeric fi€tion, 
‘but was confecrated to the gods, before Homer’s time; by fo much the more he 
evinces, that this facred cave is filed with ancient wifdom. On which account it is 
highly worthy our ‘inveftigation, and neceflary that its fymbolical confecration and ob- 
{cure myfteries fhould be rendered evident by the light of philofophical enquiry. 

Y Antiquity then with great propriety confecrated caves and dens to the world, whether 
taken collectively as the univerfe, or feparately according to its parts. Hence they 
-confidered earth as the fymbol of that matter from which the world is compofed ; fo 
that, according to the opinion of fome, matter and earth are the fame: by the fymbol of 
a cave, fignifying the formation of the world from matter. For indeed caves are moft 
commonly fpontaneous productions, congenial with the earth herfelf, and compre- 
hended by one uniform ftone; whofe interior part is concave, and whofe exterior parts 
are extended over an immenfe {pace of earth. But the world being felf-born, (i. e. pro- 
duced by no external caufe but from a principle within,) and in perfe& fymphony with 
itfelf, is allied to matter which they call, according to a fecret fignification, a {tone and a 
sock. For like thefe hard bodies it is fluggifh and inert, and receives the impreffion of 
ornamenting form: at the fame time they confidered it as infinite on account of its 
formlefs nature. But fince it is continually flowing, and of itfelf deftitute of the fuper- 
vening inveftments of fpecies by which it is formed and becomes vifible, the flowing 
waters, darknefs, or, as the poet fays, obfcurity of the cavern exhibit apt fymbols of what 


® 1. e about ten Italian miles. $ Viz. a mile and a half. 
the 
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the world contains on account of that matter with which it is conne&ted. Hence 
through the dark union of matter, the world is obfcure and dark, but from the prefence 
and fupervening ornaments of form (from which its derives it name) it is beautifyl and 
pleafant. ‘The world therefore may with great propriety be called a cave; agreeable 
indeed, at its firft entrance, on account of its participation of'form, but involved in the 


deepeft obfcurity to the intellectual eye which endeavours to difcern its dark founda- 


tion. So that its exterior and fuperficial parts are pleafant, but its interior and pro- 


found parts obfcure : and its very bottom is darknefs itfelf. After the fame manner the’ 


Perfians myftically fignifying the defcent of the foul into an inferior nature, and its af- 
cent into the intelligible world, initiate the priefl or myftic ina place which they deno- 
minate a cave.. For according to Eubulus, Zoroafter firft of all among the neighbouring 
mountains of Perfia, confecrated a natural cave, florid and watered with fountains, in 
honour of Mithras the father of ali things: a cave in the opinion of Zoroafter bearing 
a refemblance of the world fabricated by Mithras. But the things contained in the‘ca- 
vern, being difpofed by certain intervals, according to fymmetry and order, were fym- 
bols of the elements and climates of the world. We find too that after Zoroafter it 
was ufual with others to perform initiatory rites îm caves and dens, whether natural 
or artificial. For as they confecrated temples, groves, and altars to the celeftial gods; 
but to the terreftrial gods and to heroes altars alone, and to the fubterranean divinities 
vaults and cells; fo to the world they dedicated caves and dens; as likewife to nymphs, 
on account of the waters trickling, and difperfed through caverns, in which the nymphs 
called Naiads, as we fhall fhortly obferve, prefide. But the ancients not only confidered 
a cave as the fymbol of this generated and fenfible world, but as the reprefentative of 
every invifible power: becaufe as a cave is obfcure and dark, fo the effence of thefe 
powers is unknown. Hence Saturn fabricated a cave in the ocean itfelf, and concealed 
his children: in its dark retreats. Thus Ceres educated Proferpine with her nymphs in 
a cave; and many other particulars of this kind may be found by any one who perufes 
the writings of Theologifts. But that caves are attributed to nymphs, and efpecially 
to Naiads, who dwell near fountains, and are called Naiads from the waters over 
whofe flowing ftreams they prefide, the-hymn to Apollo indicates in thefe words: 

e “ The nymphs refiding in caves fhall deduce fountains of intellectual waters to thee, 
(according to the divine voice of the Mufes,) which are the progeny of a terrene fpirit. 
Hence waters burfting through every river, fhall exhibit to mankind perpetual effufions 
of fweet ftreams.” From hence as it appears to me the Pythagareans, and after them 
Plato took occafion to call the world a cave andaden. For the powers which are the 
leaders and guides of fouls thus {peak in a verfe of Empedocles. 

« We will enter into this cave covered with rocks.” 


* Thefe verfes are not to be found in any of the hymns now extant, afcribed to Homer. 
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And Plato in the feventh book of his Republic, {peaking of the condition of mankind in 
this fenfible world, fays, “ Behold men as if dwelling in a fubterranean cavern, whofe 
entrance opens through the whole cave to the admiffion of the light.” But when the 
other perfon in the dialogue fays, you relate an abfurd fimilitude, he fubjoins: <° It is 
requifite, friend Glaucus, to apply this fimilitude to ali that has been previoufly faid s- 
affimilating this terrene habitation which is the obje€t of corporeat fight, to the dark 
refidence of a prifon: but accomodating the fire fhining in the receffes of the cavern to- 


the. folar light.” And thus it is fufficiently evident, that theologifts have confidered a: 


eave as 2 fymbol of the world, and of the powers it contains. But we obferved that they 
likewife confidered a cave as the fymabol of an intelligible eflence; led to this opinion by 
reafons very different from the former. For they placed it as a fymbol of the fenfible 
world, becaufe caverns are dark, ftony and humid ; refembling in all thefe refpeéts the- 
world on account of the obfcure nature of that matter from which: it is.compofed, the: 
eontinual impreflion of forms to which it is obnoxious, and the conftant flowing of alt! 
its parts. But a cave refembles intelligible effence, both becaufe invifible-to the eyes: 
aud-~fenfe, ard becaufe its fubftance is folid, firm, and. durable. And’ in. the fame: 
manner particular virtues or powers are inconfpicuous, efpecialiy fuch as. are united: 
with matter. For they did not confider a cave as the fymbot:of a material and’ imma— 
terial nature on account of its figure as fome have fafpećted : (fince-every cave is not: 
eircular as appears from this Homeric cavern with a double entrance) but. from furvey- 
ing the natural condition of caves, involved in the depths of obfcurity and night,. and: 
formed from the union of a hard and ftony fubftance.. Again, fince a cave has a twofold. 
fimilitude, it muft agree in fome particulars with fenfible fubftance, but in others-with. 
an intelligible effence. ‘Fhus the prefent cave fince it contains perpetual waters, in this. 
refpett refembles a fubftance united: with matter, and. nct that: which is immaterial: 
and intelligible. On this account the cave is not facred to mountain divinities, to thofe: 
who dwel? on hills, or to other deities of this kind, but to Naiads fo called by the Greeks. 
from ruca, fountains ;. becaufe they prefide over: waters | and tlis termis commonly: 
applied to all fouls pafling into the humid and flowing condition: of a generative na~ 
ture. Thefe fouls they confidered as incumbent on-the water, which is nourithed by a: 
divine fpirit as Numenius affirms :. and hence a prophet faid, that the [pirit of God moved. 
orn the waterse The Egyptians likewife on this account place all demons, not.connected: 
with any thing foltd or ftable, but raifed ona failing veflel ; and it. is known:that hu- 
mor invades the fun itfelf, and all animals defcending into generation.. Hence Hera~ 
clitus obferves “* that it appears delightful, and not mortal to. fouls, when they-are born, 
connected with humidity.” And he fays in another place, {peaking of unembodied 
fouls, ‘* we live their death, and we die their life.” Hence the poet calls men exifting 


in generation Suagucy i. €. humid, becaufe their fouls are drenched in moifture. On this. . 


account too, fuch fouls delight in blood and humid feed :. but water adminifters nutri- 
, | mien: 
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ment to the fouls of plants. Befides, according to the opinions of fome men aerial and 
celeftial. bodies, are nourifhed by the vapours of fountains and rivers and other exhala- 
tions. Thus the Stoics affert that the fun is nourifhed by the exhalation of the fea; the 
moon from the effluvia of fountains and rivers; but the ftars from the exhalation of the: 
earth. Hence according to them the fun is a certain intellectual compofition formed 
from the fea; the moon from river waters; and the ftars from terrene exhalations. It is 


neceffary therefore that fouls, whether they are corporeal or incorporeal, while they — 


attract bodies, muft verge to humidity, and be incorporated with humid natures; efpe- 
cially fuch fouls, as from their material inclinations ought to be united with blood, and 
confined in humid bodies as in a watery tegument. Hence the fouls of the dead are evo- 


cated by the effufion of bile and blood: and fouls infnared by corporeal love, and ate - 


tracting to their nature a humid fpirit, condenfe this watery vehicle like a cloud; for 
a cloud .is nothing more than humour condenfed in the air. But the pneumatic part 
thus condenfed, through too great an abundance of humour becomes the objeé of cor- 


poreal fight. And among the number of thefe we muft reckon thofe apparitions of 


images, which from a fpirit coloured by the influence of imagination, prefent themfelves 


to mankind. But pure fouls are averfe from generation; on which account the fame © 
Heraclitus obferves “a dry foul is the wifeft.” But fouls thus defiring to be mingled 


with body, and attra€ting a humid vapour, by their propenfity to generation render 
their pneumatic part moift and wet, and by thus verging to the ever-flowing waters of 
generation, are defervedly called Naiads. Hence it is cuftomary with the Greeks to 
call nymphs yapspeas, or married, as thofe who are copulated to generation; and to 
wath in a bath whofe waters are derived from fountains or perpetual rills. This 


world then is facred and pleafant to nymphs, i. e. to fouls proceeding into a material’ 


nature, and to genii participating of generation, although it is naturally dark and opake; 
on which account fome are of opinion that fouls are compofed from a certain aerial 
opacity. Hence a cave is a habitation peculiarly adapted to fuch fouls; fince it is both 
pleafant and obfcure, like this material region, in which fouls refide. A cave likewife 
through which perpetual waters flow is well adapted to nymphs, the divinities of waters. 
The .prefent cave therefore muft be allowed facred to fouls, and to thofe more particu- 
Jar powers denominated nymphs, who from their being preefects of rivers and foun- 
tains are called seyaiaè and raidis, i.e. fountain and river divinities. What then are the 
different fymbols, fome of which correfpond to fouls, and others to the divinities of 
waters, by which it may be manifeft that this cave is at the fame time dedicated and con- 
fecrated to both? We reply that the ftony bowls and urns are fymbols of the aquatic 
nymphs. For veffels of the fame form are fymbols of Bacchus; but their compofttion 
is teftaceous, that is, from baked earth. And indeed fuch as thefe are correfpandent to 
the gift of this god; fince the fruit of the vine is brought to a proper maturity by the 
. eeleftial fire of the fun. But the ftony bowls and urns, are moft admirably accommo- 
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dated to nymphs prefiding over waters which flow from rocks.. And what fymbot is: 
more proper to fouls defcending into generation, and the tenaeious veftment of body, 
than as the poet fays, ‘‘ Nymphs weaving dn ftony beams purple garments wonderful to: 
behold?” For the ficth is generated in and about the bones, which in the bodies of 
animals may be compared to ftpnes. On which account thefe-textorial- inflyuments,. 
are fabricated from ftones alone. But the purple garments plainly appear to be the flefh- 


with which we are invefted; and which is woven as it were and grows by the con-- 


necting and vivifymg power of the blood, diffufed through every part: Befides, pur-- 
ple garments are tinged with the blood’ of animals; and fleflr is produced ‘and fabfifts . 
from blood. Add too that the body is a garment with which the foul is invefted; a- 
circumftance indeed wonderful to the fight, whether we regard its compofitton, or con-- 
fider the corme€ting band by whiclrit is knit to the foul. Fhus according to Orpheus, , 
Proferpine who prefides over every thing’ generated‘from feed, is reprefented Weaving - 
a web;, and the ancients called’ heaven by the name of wsrA0c,-whicly istas it were the- 


veil or tegument of the celeftial gods. But why are the amphora reprefented. filled! 


with honey-combs, and not with water?’ For. in thefe as he fays the. bees .deépofit- 
their honey. But the word tilaCucour fignifies nothing more.than rilsa: ne Boow, i. e.. 
to depofit aliment. And honey is the nutriment of.bees.. : 
Indéed, theologifts have made honey fubfervient to many and various fymbols, be— 
caufe it is indued with a variety of powers : for it poffeffes a purging and preférving - 
quality.. Hence bodies are kept from putrefaction by its ufé, and ulcers of long ftanding- 
are purified’: befides it is fweet to the tafte, and’ bees. produced ‘from: putrid ‘oxen, , 
colle& it by a wonderful’ art from flowers... On-this account when in the facred rites. 
called Malisz, thofe who are initiated, pour honey inftead of water on their hands, it is. 
fignified by this practice, that: their hands fhould; be pure from: every. forrowful, , 
noxious, and abominable concern: Thus,.others purify the initiated by a purgatorial” 
rite from fire, but are averfe from water as the enemy of fire.. Befides they purify the. 
tongue from. all the deflement of evil with honey.. But. when the Perfiars. offer: 
honey to the guardian of fruits, they regard its preferving power as a fymbol of its, 
fimilitude to a divine nature. In like manner when the poet pours neétar.and ambrofia. 
into the noftrils of the flain, for the purpofe of preferving the bady from putrefaction, . 
{fome have interpreted honey as the aliment of the gods. For Homer ina certain place calls , 
nectar yellow ; which is alfo the colour of honey. But whether or not honey is to be taken : 
for nectar, we fhall hereafter more accurately examine.. Again, we find in Orpheus that. 


Jupiter employs ftratagems againft Saturn from honey. For Saturn full of honey is - 


intoxicated,-his fenfes are darkened as if from the effeéts of wine, and fhe fleeps : juft. 
as Porus, according to Plato, is diftended with nectar ; for wine (fays he)*>was not yet: 
known. But night admonifhes Jupiter to employ the ftratagem of honey, according to; 
Orpheus, i in thefe words, , 


As l 
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(© Ay foon as you behold-him {pread undér-the lofty oaks, intoxicated with the fweet. 


honey; produced by the bees, bind him in chains.” 


Saturn, therefore, intoxicated with honey is bound by Jupiter ; and caftrated in the . 
fame manner as Czlum. But the theological poet intimates by this fable that the divine 
effences are, as it were, bound, and’drawn down by delight into the fluCtuating empire . 
of'generation ; and that when refolved in pleafure, they produce certain powers by their - 


‘ feminal virtue. Thus Saturn caftrates.\Celum, who, by his defire of coition defcends N 


toearth. But the intoxication of honey, fignifies among theo!ogifts nothing more than. 
the defire of coition ;- by the enfnaring power of which Saturn is caftrated. For Saturn - 
and his orb is the fir- of. the celeftial {pheres, which.moves contrary to the courfe of - 
- Celum or the heavens. But certain virtues defcend as well from the heavens as from... 
the wandering ftars, and the influences of the heavens are received by Saturn, and thofe. 


of -Saturn by Jupiter. Hence, fince honey is :affumed in purgations, and as an anti- 
dote to- putrefaction, and aptly reprefents the pleafure and dehght.of defcending into 
the fafcinating realms of generation, it is accounted a {ymbol well adapted to nymphs the 


divinities of waters ;. fignifying the nature of the waters over which they prefide free. 
‘from putrefaction : intimating. likewife the purgative quality of the waters and their.. 
co-operating in the bufinefs.of generation. For water promotes generation. ‘The poet, . 


therefore, very properly reprefents the bees as depofiting their honey in bowls and urns: 


fince bowls fignify fountains-; and-on this account a-bow] or cup is placed next to My-- 
thras inftead of-a fountain. But we draw the waters.of fountains in Amphora; and. | 


fountains and rivers are proper to aquatic nymphs, and efpecially to the nymphs called 
by the ancients fouls, which antiquity likewife peculiarly denominated purovas, i. e. arti- 


ficers of fweetnefs or bees : for fouls are, indeed, the authors of all the pleafure peculiar - 


to our nature. 
Hence Sophoclés does not fpeak improperly, when he-fays, 
‘6 The {warm of the dead utters a buzzing noife.” 
- But the priefteffes of Céres, as minifters to the terrene goddefs were formerly caHed bees; 


` and her daughter Proferpine psariridy, or delicious, alluding to the fweetnefs of honey. ` 


Befides the moon who is the queen of ‘generation was denominated by the ancients a 


bee, and likewife.a bull : for the exaltation of the Moon is Taurus, and bees are gene-. | ` 


‘rated from oxen ; on which account they are called Reyes, which name is likewife at- 


- tributed to fouls proceeding into gencration. Alfo the god Mercury is efteemed a : 
ftealer of oxen, who is fécretly confcious of generation. Befides honey is‘confidered - 
ag a fymbol of death, in the fame manner as gull is of life; whether they indicated by- 
fuch fimilitudes thatthe life of the foul dies by the noxious embraces of pleafure, but en=) 
| joys life from bitternefs, which by its difguftful fenfation prevents the foul from finking : 
into that drowfy oblivion produced by corporeal delight-(on which account they facri- - 


ficed gall to the gods) 3 or whether the fymbol originated from confidering that death is 


the.end of evils, but that the prefent life is laborious and bitter. But it isghere neceffary 
l : v’ 
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to.obferve that they did not promifcuoufly call‘all fouls defcending into the whirl of ge- 
neration bees ; but only thofe who, while refiding in this fluctuating region, acted juftly;. 


and who, after being in a manner acceptable to the divinities returned to their priftine 


felicity. For the bee is an animal, accuftomed to return to its former place ; and is 


ftudious. of juftice and fobriety, on which account libations with honey are called 
_ Pade, or fober. The ancients likewife refrained from fitting on beans, which they 


confidered as a fymbol.of-generation proceeding in a regular feries without being inter- 
cepted ; becaufe this leguminous vegetable is almoft the only one, amongft other fruits, 


whofe ftalk.is perforated throughout without any intervening knots. We muft, there- 


fore, admit that honey-combs and bees are fymbols, as well peculiar as common te 
nymphs the divinities of waters; and at he fame time to fouls wedded to the humid and 
fluctuating nature of generation. 

But let us now return to the cave and conlider its double entrance. The molt an- 


‘cient of mankind then, before temples were raifed to divinity, confecrated caves and dens 


tothe gods. Hence the Curetes in Crete dedicated a cave to Jupiter ; in Arcadia a cave 
was facred-to the Moon, in Lyceum to Pan, and in the ifland Naxus to Bacchus. The 


worfhip of Mithras toa, wherever this god was known was performed in caves. But 
with refpeét to this.cave of the nymphs ‘in Ithaca, Homer was not alone content with 


faying that it had two gates, but he adds that the one looks to the north, and the other, 
more divine, ‘to the fouth ; concerning which he does not mention whether it its per- 
_ vious to the defcent of either immortals or mankind, as is the cafe with the northern 
entrance, but he only fays, 

“ The other :of thefe tends to the fouth, which is not pervious to men, but is alone 
open to immortals” 

It remains, therefore, to inveftigate either the fecret meaning of thofe who firft in- 


ftituted this cave, according to the poets defcription; or what occult fignification 


Homer himfelf intended to convey, if it is nothing more than a fiCtion of his own in- 


venting. Since then, the prefent cave in an eminent degree is a fymbol and image of 
the world, as Numenius and his familiar Cronius affirm, it is neceflary, in order to 


elucidate the reafon of the pofition of the gates, to obferve that there are two extremities 


in the heavens ; viz. the winter-folflice, than which no part of heaven is nearer to the 
fouth ; and the fummer-folftice which is fituated next to the north. But the fummer 
tropic, that is, the folftitial circle is in Cancer, and the winter tropic in Capricorn. And 
fince Cancer is the neareft to the earth, it is defervedly attributed to the moon, which 


is itfelf proximate to the earth. But fince the fouthern pole by its great diftance is in- 


confpicuons.to us, Capricorn is afcribed to Saturn, who is the higheft and moft remote of 


all the planets. Again, the figns from Cancer to Capricorn are fituated in the following 
order ; the firft is Leo called by aftrologers the houfe of the fun; afterwards Virgo, 
or the houfe of Mercury; Libra of Venus; Scorpius of Mars; Sagittarius of Jupiter; 


and 
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and Capricornus or the houfe of Saturn. But from Capricorn in an inverfe order, f 
Sagittarius is attributed to Saturn; Pifces to Jupiter; Arics to Mars; Taurus to 

Venus; Gemini to Mercury; and laft of all Cancer to the Moon. From among 
the number of thefe theologifts confider Cancer and Capricorn as two ports; Plato. 
calis them two gates. Of thefe, they affirm that Cancer is the gate through 
which fouls defcend, but Capricorn that through. which they afcend, and: exchange: l | 
a material for a divine condition. of being “.. Cancer. is, indeed, northern and: Cosas thf mo 


: 


- adapted 


© Macrobius in the 12th chapter of his comment: on Scipio's dream, Has derived fome of the ancient arcana: ` 
which it contains, fiom the prefent part of this admirable work. What he has farther added, I hall tranflate | 
en account of its excellence, and conneGion with the above paffage of Porphyry. “ Pythagoras (fays he) thought: G A a a 
thae the empire of Pluto, began dawnwards from the milky way, becaufe fouls falling from thence, appear al-. a / 
ready to have receded from the gods. Hence he afferts, that the nutriment of milk is firft offered to infants,. - 
becaufe their firt motion commences from the galaxy, when they begin to fall into terrene-bodies. On this. 
accownt, fince thole who-are abou: to defeend,, are yet: in Canser, and have not left the milky way, they rank in. 
the order of. gods.. But when by falling they arrive at the Lion ;.in this conftellation, they enter on the ex- 
ord'um of their future condition. And, becanfe in the Lior, the rudiments of birth, and certain primary ex-. E i 
ercifes of hun an nature commence ;- but Aguarius.is uppofite to-the lion, and'prefently fets, after the lion rifes :. 
hence, when the fun is in. Aquarius, funeral rites are performed to departed fouls ; becaufe he is then carried im. 
a fign, which is conirary, or adverfe to human life. From the confine, therefore, in which the zodiac, and galaxy 
touch each other, the foul defcendirg from a round figure, which is the only divine form, is produced into a cone. 
by its defluxion.. And as a line is generated from a point, and proceeds into length, from an indivifible ; fo the 
foul from its own point, which is a monad, paffes into the duad, which is the fist protra@ion.. And this is- 
the effence which lato in the Timaus, ca:ls indivifible, and at the fame time divifible, when he fpeaks of the 
fabric of tha mundane foul.. For as the fuul of the world, fe likewife that of man will be found in one refpe&: 
ignoranvof divifion, if the fimpiicity of a divine nature is confidered y aud in another refpect capacious of divifion, . 
if we regard the diffufion af the former through the world, acd of the latter through the members of the body. 

As foon, therefore, as the foul gravitates towards body, in this firft produ@ion of Werfelf, the hegins to experi. 
ence a material tumult,, that is, matter flowing into her effence. And thisis what Blato remarks in the Phado,. 
that the foul is drawn iuto body, ftaggesing with recent intoxication ; fignifying. by this the new drink of: 
matter’s impetuous flood, throug which the foul becoming deft'ed and heavy, is drawn into a terrene fituation. 
But the ftarry ep, placed between Cancer and the Lion, is a fymbol of this myftic truth, fignifying that dcfceuds. 
ing fouls firft. experience intoxication in that: purt of the heavens, through the inflex.of matter. Hence, oblivion . 
the campanion of intoxication, there begins filentiy to. creep into the recefles of the foul. For if fou's retained - 
in their defcent to bodies, the memory of divine concerns of which they were confcious in the heavens, there 
would‘be no diffenfian amarg. men, concernizg divinity. But all, indeed, in defcending drink of oblivion 3. 
though fome mere, and others Jefs. On this account, though truth is not apparent to all men on the earth, 
yt all exercife their opinions about it :- becaufe a defe? of memory, is the origin of opinion. But thofe difcover awft, 
who have drank leat cf oblivion : becaufe they cafily remember what they had known before.in the heavens: 
Nenee, that. which is ca‘led Jeffo by the Latin», is called by the Greeks arayswri¢, or repeated knoivledge ; becaule 
when we-learn any truths,, we recognize what we naturally knew, before matcrial infuzion, ruhing-into the 
bady, bad intoxicated the foul. But-it is this byle or -matter.which compofes all that body.of the. world, which we. 
evcry where perecive adorned with the impreffions of forms. Its highef and pureft part, hiuwever, by which. 
divine natures, arc either. fuftained, or compoled, is.called waar, and: is believed to be the drink of the gods : 
but its more inferiar and turbid part, is the drink of fouls. Ard this is what the ancients have denominated the: 
siver of Lethe, But according to the Orphic writers the vic iruxés, or material intelied?, is Bacchus, who pro- 
ceeding from that ind:vifible part, is divided mto particulars. Hence, in the Orphic myfteries, be is reparted to 
have beea tors in pieces, by Titanic fury, and the fragments being buried, are faid to have rifen entire, and - 

i collected. 


“ 
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adapted. to defcent : but Capricorn, is fouthern, and accommodated to afcent. And, 


„indeed, .the gates of the.cave which look to the north, are with great propriety 
-faid to be pervious to the defcent of men’: but the fouthern gates, are not the avenues 


of the gods, but of fouls afcending to the gods. -On this account the ‘poet does not fay 


Atis the paflage of the gods, but of immortals; which appellation is alfo common to 
our fouls, whether in their whole effence or from fome particular and moft excellent 
‘part only, they are denominated immortal. It is reported that Parmenides men- 


. tions thefe two ports in his book, concerning the nature of things: as likewife that they 


were not unknown to the Egyptians and Romans. For the Romans celebrate their Sa- 
jturnalia when the fun is in Capricorn, and during this feftivity the fervants wear the 
fhoes of.thofe who are free, and all things are diftributed among-them in common ; the 


‘Jegiflator intimating by this ceremony, that thofe who are fervants at prefent, by the 


condition of their birth, will be hereafter‘liberated by the Saturnalian feat, and by the 
houfe attributed to Saturn, i.e. Capricorn ; when -reviving in-that fign, and being di- 
-yefted of the material garments of generation, they return-to.their priftine felicity, and 
‘to the fountain of life. But fincethe path beginning from Capricorn is retrograde, and 
pertains to defcent ; hence the origin of the word Januarius or January from Janua a 
gate, which is ‘the fpace of time meafured by the fun-while ‘returning from Capricorn 
towards the eaft, he directs his courfe to the northern parts. But with the Egyptians 
the beginning of the year is not Aquarius, as among the Romans, but Cancer. For the 


colle&ed i into one ; becaufe intclle&t by paling into a divifible from an:indivifible nature, and again returning 
from divifible to indivifible, both accomplies the duties of the world, and does not defert the arcana ie 


its own nature. 

The foul, therefore, falling with this firt weight, from the godis and milky-way into each of the fubje& 
fpheres, is not only clothed with the acceffion of.a luminous body, but produces the particular motions, which 
it is to exercife in the refpetive orbe. Thus in Saturn, it energifes according to a ratiocinative and in‘elleQive 
power, which they call Aeyicsxty and Semgnriady: in the fphere of Jove, according to the power of ading, 
which is called wgaxtixy: in that of Mars, according to the ardour of courage, which is denominated Supuxiy: 
in the orb of the fun, according to a fenfitive and phantaftic nature, which they call ascOneixdy and parracinds + 
but according to the motion of defire, which is deneminated isiunurinéy, in the planet Venus: of pronouncing 

and interpreting what it perceives, which is called igunvevrixéy, in the orb of Mercury ; and according to a 
planta] nature, and a power of ating on body, which is denominated gurixty, when it enters the lunar globe. 
And this fphere, asit ia the Jaft among the divine orders, fo it is the firfl in our terrene fiteation. For this 
body, as it is the dregs of djvine concerns ; fo it is the firft fubftance of an animal. - And this is the difference be- 
tween terrene and fupernal bodies (under which laft, I comprehend the heavens, the ftars, and the other ele 
ments) that the latter are called wpwards to be the feat of the foul, and merit immortality from the very nature 
of the region, and an imitation of fublimity ; but the foul is drawn down +o thefe terrene bodies, and is on this 
account reported to die, when it is inclofed in this fallen region, and the feat of mortality. Nor ought jt to 
caufe avy difturbance, that we have fe often named the death of the foul, which we have pronounced to be im- 
mortal. For the foul is not extinguifhed by its own proper death, but is only overwhelmed for atime. Nor 
docs it lofe the hencfit of perpetuity, by its temporal demerfien:: dince when it deferves to be purifiéd from the 
contagion of vice, through its entire refinement from body ; it will be reftored to the light of perennial life, 
and will return to its priftine integrity and perfection.” 


ftar, 


` 
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ftar, fo this borders on Cancer, which ftar the Greeks denominate Kus, or the Dog. 
When this ftar rifes they celebrate the calends of the month, which begins their year ; 
' becaufe this is the place of the heavens where generation commences, by which the 
world fubfifts. On this account the doors of the Homeric cavern, are not dedicated to 
to the eaft and weft, nor to the equinodtial figns, Aries and Libra, but to the north and 
fouth, and particularly to thofe ports or celeftial figns which are the neareft of all to 
thefe quarters of the world : and this becaufe the prefent cave is facred to fouls, and 
to nymphs the divinities of waters. But thefe places are particularly adapted either to 


fouls defcending into generation, or to fuch as are feparating from it. On this account | 
they afligned a place congruous to Mithras, near the equino€tial ; and hence he bears the . 


{word of Aries, becaufe this animal is martial, and is the fign of Mars: heis likewife carried 
| in the Bull the fign of Venus ; becaufe the Bull as well as Venus is the ruler of genera- 
tion. But Mithras-is placed near the equinoétial circle, comprehending the northern 
parts on his right, and the fouthern on his left hand. Likewife to the fouthern hemi- 
fphere they added the fouth, becaufe it is hot, dnd to the northern hemifphere, the 
north, on account of the coldnefs of the wind in that quarter. Again, it was not with- 
out reafon that they connected winds with fouls finking to generation, and again fe- 


parating themfelves from its ftormy whirl: becaufe, according to the opinion of fome, ` 


fouls attraét a fpirit, and obtain a pneumatic fubftance. Indeed, Boreas is proper to 
fouls pafling into generation: for the northern blafts recreate thofe who are on the 
verge of death; and refreth the foul reluctantly detained in the body. On the contrary, 
the fouthern gales diffolve life. For the north, from its fuperior coldnefs, colle&ts into 
one, detains and ftrengthens the foul in the moift and frigid embraces of terrene gener- 
ation : but the fouth diffolves the humid bands, and by its fuperior heat, having freed the 
{oul from the dark and cold tenement of the body, draws it upward to the incorporeal 
hight and heat of divinity. But fince our habitable orb verges moftly to the north, it 
is proper that fouls born in this turbulent region fhould be converfant with the 
north wind s and thofe who depart from hence with the fouth. It is, indeed, on this 
account that wind blowing from the north, is immediately on its commencement ve- 
hement ; but the fouth, on the contrary, is more vehement towards the end. For the 
former hangs directly over the inhabitants of the north pole, but the latter is more 
diftant, and the blaft from places very remote, is more tardy than from fuch as are near ; 
but when it is gradually collected it blows abundantly and with vigour. Hence, be- 
caufe fouls enter into generation, through the northern gate, they have feigned this 
wind to be amatorial ; and hence the poet : 

$ & Boreas changed into the form of a horfe mingled himfelf with the mares of P- 
rithonius; and they big with young produced twice fix foal.” And they report that 
he committed a rape on Orithyia, from whom he begot Zetis and‘Calais. But attri- 


* Wiad. lib, xx.: 223, &c. j 
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buting the fouth to the gods, when the fun is at his meridian, they draw the curtains 
before the ftatues of the Gods in temples; and conceal them from the view, obferving 
the Homeric precept, that it is not lawful for men to enter temples when the fun is in- - 
clined to the fouth: ‘* for this path is open to immðrtals alone.” ‘ 

+ Hence when the god is at his meridian they place a fymbol Pimia- day and of the 
fouth in the gate of the temple. Befides, in other gates it was efteemed unlawful to 
{peak at all times; becaufe they confidered gates as facred. On this account too the 
Pythagoreans, and wife men among the Egyptians, forbade any perfon to {peak while 
palling through gates or portals; for at that time the divinity who is the principle of 
the univerfe is to be worfhipped in filence. But Homer was not ignorant that gates are 
facred, becaufe he reprefents Oeneus in the place of fupplication knocking at the gate. 


e 


Before his gates the aged Oeneus came, 
And fuppliant fhook their well-compadcted frame ft. 


Befides he knew that the gates of heaven were committed to the care of the hours, com- 
mencing in cloudy places; and which are opened and fhut by the clouds: for he fays, 


“« Whether they unfold, or clofe a denfe cloud §.” : 
Hence likewife they are faid to refound becaufe thunders roar through the clouds. 


Heaven’s gates fpontaneous open to the powers, 
Heavens founding gates kept by the winged hours ff. 


Befides Homer elfewhere makes mention of the gates of the fun, fignifying by thefe 
Cancer and Capricorn: for the fun proceeds as far as thefe figns, when he defcends from 
the north to the fouth; and from thence afcends again to the northern parts. But Ca- 
pricorn and Cancer are fituated about the milky circle, Cancer occupying the northern 
extremity of this circle, and Capricorn the fouthern. ‘Again, according to Pythagoras 
the people af dreams * are fouls, which are a to be collected in the milky way; the 


appellation. 


+ In the original icacay dy nai ovpeloroy rite parnuCeiag ral vu vóru, Ext rh Sica feonGeraovi@ ru Sex. Which 
Holftenius tranflates mot erroneoufly, as follows: “ Auftrum igitur meridci fymbolum ftatuunt 


een : cum Deus 
meridiano tempore oftio immineat.” 


ł Iliad. lib. ix. l. 579. § Iliad. lib. viii. 1, 395. tf Iliad. lib. viii. 1. 393.4 


e This affertion of Pythagoras that the people of dreams, dipece iveigev, are fouls fituated in the milky Way, ade. 


mirably contributes to elucidate the following paffage in the 24th book of the Odyfiey, refpecting the defcent. 
of the fuitors fouls to the region of fpirits ; 


Tiag Mica Qasar Ts pede nal Acuxada wireny, 
H’ Xè mag’ neriowo wirag nas Sipcoy cvelpay 

Hicay, alla Pixnovto mar’ aogodeAdy Aguara, 
"Erba ve vainot Juyal tiðwra xasta, 


i. e. * But they paffed beyond the flowing waters of the ocean, and the rock Leucas, and the gates of the fun, 
and sbe peopie of dreams: and they immediately came into meadows of afphodel, where fouls the images of the 


á dead 


|o 


a 
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appellation of which is derived from fouls, nourifhed with milk after their lapfe into ' 
the whirls of generation. Hence thofe who defire to evocate departed fouls, facrifice 
& to 


dead refide.’”” For it is evident from hence that the fouls of the fuitors paffed through the galaxy, or the feats of 
the bleffed, according to the moft ancient theology : and I doubt not but Homer defcribes in thefe lines the com- 
plicated progreffion of an impure foul till it regains its original habitation in the ftars, and again begins to gra, 
vitate to this terrene abode. ‘This, I prefume, willbe manifeft from the following elucidation of thefe admirable 
lines. f 2> 

In the firft place thefe fouls are faid to pafs over the flowing waters of the ocean, and the Leucadian, or white rock, 


~ Now by this nothing more is meant than the flight of the fuitors fouls to the extremity of the earth, in order to 


a fubterranean defcent: for, according to the moft ancient opinion, the earth is bounded by the ocean; and the 
Leucadian rock may, as Euftathius obferves, be fome rock on the earth’s extremity, which receives the laft rays 
of the fun. Afterwards they are faid to pafs through the gates of the fun, by which, as Perphyry informs ug 
above, we muĝ underftánd the tropics of Cancer and Capricorno : and as Capricorn is fubterranean, and affords 
a paflage to afcending immortals, we muft conceive that they enter through this prior to the tropic of Cancer, 
But in order to comprehend the perfect propriety of this tranfition, we muft obferve that the fouls of the fuitors 
on account of their impurity, are punifhed in the recelfes of the earth, before they entcr the celeftial tropics, 
and pafs into the meadows of Pluto. This the poet evidently evinces by the /creaking noife, which they utter, and 
the fqualid paths, through which they defcend: a noife¢ of thie kind gs Proclus well obferves, (in Plat. Repub.) 
“ reprefenting a fpecies of life folely given to appetite and imagination.” After they have been purified therefore l 
by fubcerranean punifhment, they are fit to afcend to the people of dreams, or the fouls of the bleffed fituated in the 
milky way. However as the foul, on account of her middle nature, is incapable of a perpetual famenefs of fitua- 
tion, but is formed for infinite circulations (as will be demonftrated in the following elements) ; hence Homer, 
without mentioning her duration among the gods, though it is doubtlefs very extended, agreeable to the my- 
fic brevity of his Mufe, makes her immediately pafs into the meadows of Afphodel, where fouls the images of the dead: 


refide. Now thefe meadows of Afpbodel, form the fupreme part of Plato’s dominions: for, according to Pytha~ 


goras, as we are informed by Macrobius, in the preceding note to page 287, the empire of Pluto commences 
downwards from the milky way; fo that thefe meadows are moft probably ficuated in the Lion, the conftellation 
into which fouls fiat fall, after they leave the tropic of Cancer. But the defcription of the Afphodel, perfectly 
correfponds with, and confirms the preceding expofition. For the Afphodel is a plant, bearing a naked farry 
flower, which comprehends an ovarium, or orhbicwler figure, after the manner of a cup. And what can more 
aptly fymbolize with the ftars, than fuch a flower? It was ufual too with the ancients to fcatter this plant in 
the tombs of the deceafed ; occultly intimating moft probably, the fimiiitude of this flower to the priftine and 
proper habitations of the foul. And hence it derived its appellation from z70%;, afbes, dia wiv tày xaseivay 
vexziey onodi, i. €. from the afbes of burnt dead bodies. 

In thefe meadows, then, the images of the dead are faid to refide. Now thefe ifera, or images, are no othe: than 
thofe vehicles of the foul, which have been fo copioufly, and admirably ditcutfed by Synefius, in the preceding 
quotation from his book on dreams; and which, from their refidence in the ftarry regions, muft be laciform, 
etherial, and pure. Ie is this phantaftic {pirit, or primary vehicle of the foul, which Virgil alludes tu, m thefe 


beautiful lines : 





ena exinde per amplum 
Mittimur Eiyfiam, et pauci lati arva tenemms: 
Donec longa dies perfecto temporis orbe 
i Concretum cxcmit labem, purumque reliquit 
Æthcrium fenfum, atque aural fimplicis iguem. 


ie. t We are afterwards fent through ample Elyfium, and a few of us poffefs the joyful plains: tilla long pew 
riod, when the revolving orb of time has periccted its circulation, frees the foul from its concrete Rains, and 
leaves the etherial fenfe pure, together with te fire (or Splendour ) of fimple ater.” For here he evidently Con joitte 
the rational foul, or the etherial fenfe, with its fplerdid vehicle, or the fire of funple ether; fince it is well known that 
this vehicle accorditig to Plato, is rendered by proper purgation abyortis, or lucifurm, and divine. It muĝ here 
however be obferved that fouls in thele meadewes of afplitel, or jummit of Pluto's empire, are ina falling hate; or 
other words through the fecret influx of matter, begin to defire a terrene firuation. And this explains the 

veafow why Hercuies in the iafernal regions, is reprefented by Homer boulling of bis terrene exploits and glory- - 
Ppe : ‘ing 


202: RESTORATION OF THE 


to them with milk fweetned with honey: convinced that by the allurements of pleafure;, 
thefe fouls would defire to pafs into generation, with the very beginning‘of which milk. 
is generally produced. : 


Befides the fouthern regions produce {mall bodies, becaufe being attenuated by the- 
heat they are diminifhed and dried up: aud by a contrary reafan all bo:lies generated ii, 
the north are large, as is evident in the Celtz or Gauls, Thracians, and Seythians ; and: 
thefe regions are humid and abound giith much patture. Tor the word Boreas is de-. 
rived from the Greek Fea, which fignilizs aliment. Hence alfo the wind which blows 
from a land abounding in nutriments is called Bezes or nutritive. From thefe caufes- 
therefore the northern parts are properly adapted to the clafs of fouls obnoxious to mur- 
tality and generation; but the fouthern quarter toimmortais, exempt from the muta-. 
bility infeparable from the flowing realms of generation: in the fame mauner as the 
eaft is attributed to the gods, and the weft to demons.. Hence fince diverfity. is. the- 
origin of nature, the ancients confidered every thing with a double entrance, age 
the fymbol of nature. For the progreffion of things is either through an intelligible or. 
a fenfible nature. And:if through a fenüble nature, either through the {phere of the- 


ing in bis pritiae valour: why Achilles laments hie fituation in thefe abodes; and fouls in general are ene 
gaged in purfuits, fimiiar to their employments on the earth : for all this is the natural confequence of-a propen 
fity to a mortal nature, and a defertion ef the regions every way lucid and divine. Let the reader-too obferve,. 
that, according to the arcana of the Platonic dodtrine, the firft and truett feat of the foul, is in che intelligible- 


world, where fhe lives entirely divefted of body, and enjoys the ultimate felicity of her nature. And this is. 
what Homer divinely imfinuates when he fays +- . i | 


Tir Si pet’, ercevonca Binv “Heaxaneiny, 
ElSwaev’ aùrèç Ši pear abavarciss soisi 
Tigneras.iy Saring, xal ixe narrisguew HCnramem s Po Xe. 


i, e. “after this I faw the Herculean power, or image: but Hercules himfelf is with the immortal gods, délights- 
ing in celeftial banqucts, and enjoying the beautiful-footed Hebe.” Since for the foul to dwell with the gods en— 
tirely feparated from its vehicle, is to abide in the intelligible world, and to exercife, as Plotinus expreffes it, 
the more facred contefts of wifdom. 

Should it be enquired why departed fouls, though in a ftete of felicity are compared by Homer to dreams and’ 
fhadows, I anfwer witb Porphyry (apud Stob. p. 132.) that they are fhadows with refpea to. human concerns, . 
both becaufe they are deftitute of body, and are void of memory: for after.they have paffed the Stygian river, . 
they are entirely ignorant of their priftine life on the earth, though they recognize, and converfe with each, 
other, as is evident from the difcourfes between Patroclus, Ajax, and Antilochus. Indeed together with mee- 
mory, they lofe all knowledge of corporeal refemblances, which are rendered apparent through tLe niinifiry of- 
the phantafy. For fince the phantafy confifts from memory, as Plato afferts in the Phelebus; whatever w- imas 
gine perishes with the memory; and when this is taken nway all the perturbations of the foul are removed, as. 
fhe then becomes wholly intelle&ual, and paffes into a ftate divinely prudent and wifé. However, by means of. 
‘the blood, which, as we have before obferved, is, according to Homer, the inftrument of the phantaftic foul, dee 

parted fpirits recognize material forms, and recollect their priftine condition on the earth.. And to the phantafy . 
reafoning pertains; fince it is nothing more than an aggregation of memory, collected through imaginations, . 
into the judgment of univerfals. But this is very different from. the intel@ive energy, acquired by the foul be» 
yond Acheron, which Cocytus and- Pyriphlegethon fill, from the whirling ftreams of the dreadful Styx. Let: 
the reader, however, remember that the phantafy is twofold, communicating in its fapreme part with the ra-- 


tional foul, and in its inferior part with fenfe; aud that it is this inferior part which the foul defests, when it- 
acquires an intellectual] condition of being. 


fixed: 


PLATONIC THEOLOGY. 293 


fixed ffars, or through the orbs of the planets; and again- either with an immortal ora | 
mortal motion. Likewife one centre or hinge of the world is above the earth, but the 
other is fubterranean; and one part of the heavens is-eaftern, and another weftern. In 
like manner fome parts of the world have a dexter, and others a finifter pofition. ‘Thus 
too night is oppofed to day; and the harmeny of the univerfe confifts from the amica- 
ble junGion of contrary and not fimilar natures. Plato alfo makes mention of two gates, 
one of which affords a paflage to thofe afcending into the heavens, the other to thofe 
defcendinz on the earth: and theologifts piace the fun and moon as the gates of foula, 
which afcend through the fun and defcend through the moon. So, according to Homcr,, 


e Two urns by Jove’s high throne have ever ftood, 
The fource of evil one, and onc of. good *.” 


But Plato, in his Gorgias, by vafes underftands fouls, fome of which are beneficent, 
and others malignant, and again. fome are rational and others irrational. But fouls are 
denominated vafes. becaufe they are capacious of certain energies and habits, after the 
manner of veffels. In Hefiod too we find one vafe fhut, but the other opened by plea- 
fure, who diiffufes its contents, and leaves nothing but hope behind. For in whatever 
concerns a depraved foul diffufed about the dark and turbulent nature of matter, de- 
ferts the proper order of its effence ; in all thefe, it:is accuftomed to:nourith itfelf with 
the pleafing though delufive pro(pects of hope.. 
Since. then. every twofold divifion is a fymbol of nature, this Homeric:cavern has with: 
great propriety two gates, numerically different; the one peculiar to gods and puze 
‘fouls; but the other to fuch-as are mortal-and depraved. Hence Plato took occafion to: 


_fpeak of bowls, and to fubftitute vafes for Amphora, and two gates, as we have alrea dy : 


obferved, in the place of two ports. Alfo Pherecydes Syrus, mentions receffes, and 


dens, caves, gates, and ports, by which he infinuates the generation of fouls, and their 
feparation from a material nature. And thus.much for an interpretation of Homer’s 
cave, which we appear to have fufficiently explained, without adducing any farther tef-. 
timonies fiom ancient philofophers and theologifts, which would give:an unreafonable. ; 
extent to our difcourfe.. : . 
One particular however remains to be explained, and that is the fymbol of the olive: wo ae 
at the top of the cavern; fince Homer appears to infinwate fomething egregious by giving: # 


fuch a pofition : for he. does not merely fay. that an olive grows in this place, but that: 
it flourifhes at the head or vertex of the cave.. 


« High at the head 2 branching olive grows, . 
7 Beneath a gloomy grotto’s cool recefs, &c.” ’ 


But the growth of the olive in fuch a fituation is not fortuitous as fome may füfpe&;, 

fince it finifhes and contains the enigma of the cave. For asthe world was not produced : 

hy the blind concurrence of chance, but is the work of diving.wifdom and an intellec-- 
© Iliad xxiv. l, 527. 

tuaki 
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tual nature, hence an olive the fymbol of divine wifdom, flourifhes near the prefent ca- 
vern, which is an emblem of the material world. For the olive is the plant of Minerva, 
and Minerva is wifdom. And fince this goddefs was produced from the head of Ju- 
piter, the theological poet gives a proper pofition to the olive, confecrated at the head 


.of the port: fignifying by this fymbol that the univerfe is the offspring of anintelligible ` 


Mature, feparated indeed by a diverfity of eflence, though not by diftance of place 
from his work; and by unremitting and ever prefent energies, not remote from any 
part of the univerfe, but fituated as it were on its very fummit, that is governing the 
whole with pérfeét wifdom. from the dignity and excellence of his nature. But fince 
an olive always flourithes, it bears a fimilitude peculiar and convenient to the revolutions 
of fouls in this material region. For in fummer the white part of the leaves is upwards, 
but in winter it is bent downwards. On this account alfo in prayers and fupplications 
they extend the branches of an olive, prefaging from this omen that they fhall exchange 
the forrowful darknefs of danger for the fair light of fecurity and peace. But the oli e is 


` not only of an ever-flourifhing nature, it likewife bears fruit, which is the reward of la- 


-bour, is facred to Minerva, fupplies the victors in athletic labours with crowns, and 
affords a friendly branch to the fuppliant petitioner. Thus too the world is governed by 
-an intelleCtual nature, and a wifdom ever flourifhing and vigilant, who alfo beftows on 
the conquerors in the athletic race of life, the crown of victory, as the reward of fe. 
vere toil, and patient perfeverance: and the mighty builder who fupports the univerfe 
by his divine energitg, invigorates miferable and fuppliant fouls, contending for the 
moft glorious of all prizes, the olympiad of the foul. | 
In this cave therefore, fays Homer, all external poffeffions muft be depofited ; here, 
-naked and affuming a fuppliant habit, affli€ted in body, and cafting afide every thing fu- 
perfluous, fenfe too being averfe from needlefs poffeffions, it is requifite to fit at the 
foot of the olive, and confult with Minerva, by what means we may moft effectually 
' amputate and ‘deftroy that hoftile rout of paffions, whick lurk in the fecret receffes of 
the foul. Indeed as it appears to me it was not without foundation that Numenius 
thought the perfon of Ulyffes in the Odyffey reprefented to us a man who paffes in a 
regular manner over the dark and {tormy fea of generation *; and thus at length arrives 
-at that region, where tempefts and feas are unknown, and ‘finds a nation ~ g 
‘© Who ne’er knew falt, or heard the billows roar.” 
.Again, according to Plato, the deep, the fea, and a tempeft are fo many fymbols of the 


conftitution - 


® This was ho doubt fully proved by Porphyry, in fome of his unfortunately’ loft writings $ fuch as his book 

‘on the philofo, by of Homer ; or that, on the Allezories of the Greciin and Egypticn Tbevlegy. of which we huve already 
made mention. However, it does not feem impoffible, from the hiuts afforded us in this excellent treatife, for 
`aperf n converfant in the Platonic phil. fophy, to evince the tuth af t! is aficrtiois Prefuming, thercfo'e, that 
-an attempt of this ki:d will be acceptable to the liLeral re ader; theugh my abilities are far inferior to thofe 
of Po phyry ; I -fhall :equeft his attention to the contents, and his pardon for the Jengih of the enfuing dif- 
courf& IT only premife, that 1 fhall make uic of a finall trentife in Greek, cn. the wanderings of Ulyitcs, by 


“an anonymous author, where he appears to have penetrated the ae ef the allegory ; and freely reject his in- 
te:pretation 
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conftitution of matter: and on this.account, I think, the poet called that port by the 


name of the marine god Phorcys.” 
“* But 


terpretation, when foreign from the leading character of Ulyfles, above mentioned, according to Numenius 
and Porphyry. 

The firft apparently fabulous adventure then of Ulyffes, is that of the E E ; a coaft upon which he was 
driven by the violence of the winds ; and which produced a fruit called Lotos, whofe encha::ting tate caufed 
oblivion, and a vehement defire of perpetually abiding B the Lotophagi.. Or as it is beautifully defcribed by ' 
by Homer, in the clegant verfion of Mr. Pope » i a 


The trees around them all their fruit produce, . 
Lotos the name, divine, neétarious juice ! 

(Thence call'd Lotophagi) which whofo taftes, . 
Infatiate riots in the {weet repatts, 

Nor other home, nor other care intends, 

But quits his houfe, his country, and his friends : 
The three we fent from off th’ enchanting ground. 
We dragg’d reluctant, and by.force we bound :. 
The reft in haftc forfook the pleafing fhore,. 

Or, the charm tafted, had return’d no more. . Lib. ix. l. 94. &c. 


Here we view Ulyffes fubje&t to different defires, and blown about by contrary blafts of fortune, inconfiderately - 
permiting the various affections of his foul to be engaged in improper employments; who, after they have 
tafted of fenfual pleafures, and fradulent manners, refufe to return to ruling intelle&, and the natural good - 
habits of the fuwl. Hence, fafcinated by delight, they confign their country and kindred to oblivion; and de- - 
fire to live forever loft in the intoxication of pleafure. Reafon, however, no longer fufaining that her 
dignity fhould be obfcured by depraved enjoyment, immediately recalls the affections from fradulent deeds ; . 
which is reprefented by Ulyffes withdrawing his men from the coafts of Lotophagi. After this fhe binds and 
reftrains them, by the moft weighty arguments, fo as to prevent them from afterwards returning to evil. And. 
indeed, fhe treats the affected parts of the foul, ina manner accommodated to their difeafe; and ees 
and fortifies fuch as are not affected, and removes them from the poffeffion of noxious delight. 


The next advent»re of Ulyffes is that of the Cyclops, whom he deprived of fight, and irritated with re- 
proaches.: Now, according to Porphyry in the above excellent treatife, this is no other than a malignant natal - 
dzmon, who deftroys by his ftratagems the geod affections of the foul ; which is occultly fignified by Ulyffes . 
Joofing his companions, through the brutal appetite of the deftructive.demon. Ulyfies, however, lamenting the 
dreadful effects of his voluntary confinement, meditates, and at length accomplifhes his deliverance, together 
- with that-of the remaining good habits of his foul; and glories in refuming the liberty he has loft. But this.. 
fable indeed coutains one of the greatcft’ arcana of philofophy : for this is what Synefius occultly intimates, in - 
the preceding quotation from his book on dreams ; when he {peaks of matter marking her votaries in her fecret - 
volume, aud feverely punifhing fuch as defert from her fervice. Thus Ulyffes.after a voluntary fubmifiion to his - 
natal dzmor, `y indulging the irrational appetites and defires of his foul, flies from his bafe fervitude ; and adds 
irritations to his-flight. He is, however, purfued by the anger of the marine and material dzmons, and punifh- - 
ed for his efcape. For he who blinds the eye of fenfe, and extinguifhes its light, after his wil has profoundly af-. 
fented to its ufe, muft expec penifhment for the attempt ; as neceflary to his own private good, and the general - 
order of the univerfe. Indeed, troubles and misfortunes refulting from fach undertakings, not only contribute 
to appeafe the anger of their malevolent authors, but likewife purify and benefit the fubjedts of their revenge. 
He, therefore, who in the prefent life, perceives himfelf like Ulyffes, attended by uncommon misfortuncs, while 
he is in the road of virtue, and vagerly fearching fur wifdom, may fafely conclude, that either here, or in a prior ~ 
ftate of exiftence, he has voluntarily fuymitted to the power of his natal dæmon, and has now deprived him of 
fight ; ; and that he has been profoundly delighted with the nature of matter, and is now abrogating the confef- ~ 
fions which he made. This too is infinuated in the beautiful ftory of Pfyche, by Apuleius, when the terreftriat | 
Venus, fends Mercury, with a book in which her name is inferibed, to apprehend Pfyche as a fugitive from her ~ 
mifkaels.. For this whole ftory relates to the defcent of the fuul into this terrenc body, and its wanderings and pu- - 

; - nihments.. 
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- ™ But it is the port of the ancient marine Phorcys ț”. 


Likewife his daughter Thoofa, is mentioned in the E EA of the Odyffey. But 
from Thoofa the Cyclops was born, whom Ulyffes deprived of fight that he might by 
this 


nifhments till it returns to its true country and priftine felicity. And this I may probably demonftrate in fome- 


future period, by publifhing a tranflation cf this admirable fable, and a cumment on the divine myfterics it con- 
tains. We muft here, however, obferve, that as the advancements of Ulyfics in virtue are but moderate, till 
he leaves Calypfo ; fo the greateft of his troubles commence after that period, as our difcourfe will fhortly 
evince. 

In the next fable, which is that of Æolus, a being, as the name implies, various and verfatile, though hofpitable 
and benignant, we-fee Ulyffes furrowful and wandering, through the anger of his natal demon, enquiring after 
a refuge from misfortune ; though not as becomes one ftudious of piety, but commiting himfelf to enchanters 
and magicians, and relying on their incantations for his deliverance from danger, He cannot, however, ac- 
.complifh his end, by fuch undertakings, but remains fruftrated of his hope, and filled with fhame fur his dif- 
appointment. The Poet too, by attributing the ill fuccefs of Ulyfics to his Reep, egregioufly infinuates that the 
rational foul was in a dormant ftate, when he confided in practices fo incapable of producing the defired 
.end, and fo inconfiftent with the goods which intelle& confers. Such methods, indeed, as they increafe the 
defire of fuccefs, fo they prefent ftrongly to our view, the diftant object of our purfuit ; but this is immediately 
{ueceeded by the deep of reafoa, and the deftructiun of hope. And this is what Homer, appears to fignify, by 
the following verfes : 


Nine profp’rous days, we ply’d the lab’ring oar ; 

The tenth prefents our welcome native fhore : 

The hills difplay the beacon’s friendly light, 

And rifing mountains gain upon our fight. 

Then firt my eyes by watchful toils oppreft, 

Comply’d to take the balmy gifts of reft ; 

Then firft my hands did from the rudder part, 

(So much the love of home poffefs'd my heart.) Lib. x. 1. 28. &c. 


And hence ; 


ran oe oes the thongs unbound, 

The gufhing tempeft {weeps the ocean round 3 
Snatch’d in the whirl, the hurried navy flew, 
The ocean widen’d, and the fhores withdrew. 


After this fucceeds the adventure of the Leftriguns which feems to indicate the yet imperfect condition of 
Ulyffes’ nature, unable to diftinguith the coaft of virtue, from the infamous regions of vice. Hence he becomes 
` an involuntary prey to the depredations of depraved manners; and is for fome time incapable of exerting the 
power of reafon. However, at length perceiving the magnitude of the evils with which he is furronnded, he 
cuts the detaining cables of vice, and fies from his dangerous fituation ; deploring, indeed the ruined ftate of his 
Detter manners, but rejoicing that his principal part has eefcaped, and that he is not totally deftroyed. And this 
she poet appears to me to infinuate by the following verfes : 


Whilft thus thcir fury rages at the bay, 

My fword our cables cut, I call'd to weigh ; 

And charg’d my men, as they from fate wonld fly 

Each nerve to ftrain, each bending oar to ply. 

The failors catch the word, their oars they feize, 

And {weep with equal ftrokes the fmoky feas ; : 
Clear of the rocks th’ impatient veffel flies ; 

Whilft in the port each wretch encumber'd dics. 


t oim Bi vig ish aui aalo yeh. 


With 
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‘this means while failing over the ftormy ocean be reminded of his fins, till he was 
fafely landed in his native country. On this account too, a feat under the olive is pro- 
per 
With earneft hafte my frighted failors prefs, 
While kindling tranfports glow’d at our fuccefs ; 


But the fad fate that did our friends deftroy 
Cool’d every breaft, and damp’d the rifing joy. Lib. x. L 125, ka 


In the next fable, which is the beautiful allegory of Circe, we thall find fome deep arcana of philofophy 
contained, exclufive of its conne@ion with Ulyfies. By the ean ifland then, in which the palace of Circe 
was fituated, we muft conceive the region of forrow and lamentation ; for this word is evidently derived from 
the interjeCtion at, alas / and the adjeGive aiméc, lamentable. And by Circe we muft underftand the goddefs of 
fenfe: for thus Porphyry in Stobæus p. 141. "Opengog 2% Tor exuxhw arigiotey À aregipegay wadtyyerising, Kiguny 
wr gocuyopevnsy, nhiw walla, Te Micay Obepay yarei, Ù ysnom Gu wany pleed cyvawiovres aa à cunugovieg. i.e. “ Ho- 
mer calls Circe, the daughter of the fun, the period and revolution of regeneration in a circle, whe ever con- 
ne&s and combines all corruption with. generation, and generation again with cerruption.” Hence, we may 
obferve that the Æean ifle, or this region of fenfe, is with great propriety called the abode of trouble and 
lamentation. In this region then, the companions of Ulyfics, that is, the thoughts and natural powers of his foul, 
are changed by the incantations of the goddefs ; and his opinions and natural motions, rafhly wandering from 
‘the authority of ruling intelle&, are converted through the allurements of delight, into an unworthy aad ip- 
rational habit. Ulyfles, however, or the rational foul, is by the affiftance of Mercury, or reafon, prevented. 
from deftru@ion. Hence, intelle& roufed by its impaflive power, and recollecting the ills which its natural 
faculties endure ; at the fame time, being armed with prudent anger, and the plant moly, or virtue, which is 
able to repel the allurements of pleafure, wars on the goddefs of fenfe, and prevents the effects of her fafcinat- 
ing charms. Nor is reafon alone free from the dire incantations of delight, but it likewife reftores to their pro- ' 
per form the powers of nature, which had been previoufly corrupted ; and thus departs a gaincr by its-lofe. Fur he 
who returns to himfelf from the dominion.of vice, derives at leaft this advantage in his return, that he becomes after, 
wards more prudent in refifting its incurfions, and employe his fir defeat as an incitement to the acquifition af 
virtue. It muft here, however, be obferved that Ulyffes is an involuntary offender, in all his adventures pofterior to 
that of the Cyclops. His paffions, indeed, hurry him into various vices and misfertunes, but his will by no 
means concurs with their endurance. But his connection with his natal dæmon was voluntary ; and after his 
departure from hence, he muft be confidered as in a gradual courfe of purification, though his progrefs in virtue 
is but {mall, till the latter part of his abode with Calpyplo. 

But Homer's account of Circe, exclufive of its relation to Ulyffes, contains, according to Porphyry (in Stob. 
p. (41), an admirable explanation of the foul. ‘ For thus, (fays he) Homer {peaks ; . 


No more was feen the human form divine ; 

Head, face, and members, briftle into [wine ; 

Still curft with fente, there minds remain alone, | 

And their own voice, affrights them wheu they groan. Lib. x. 1. 239, &e. 


This fable, therefore, is the enigma of the opinions of Pythagoras and Plato. rcfpecting the foul ; fignifying 
that at is of an incorruptible and eternal nature, but not void of paffion and mutability ; fince by diffulution and 
death, it is capable of being tranfmuted and changed, inta other corporeal forms; and by its defire of pleafure it 
purfues a form adapted and allied to the condition of its life. And in this the affiftance of learning and piilo- 
fophy is perceived, if the foul, mindfyl of what is honcft, and difdaining bafe and unlawful pleafures, can govern 
and defend herfelf from being changed into a beaft ; and from embracing a brutal and impure body, which 
increafes and nourifhes a nature dull and irrational, together with defire and anger, rather than reafon. Indeed, 
the order and sature of this tranfmutation is predicated by the demon of Empedocles, whwuu he fays : 


Fagner addbyrers wagicihrAusa XITOY 
Kal pst’ auwixeura tac’ Foxas. 


i. e. folding round the- external garment of flefo, and afterwards iavefting fouls witb tis covering. But the Kaean ifle, 
a Vor. ll. `> Qq ; which 
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per to. Ulyffes, as to one who fupplicates divinity, and would pleafe his natal demon 
with a fuppliarit branch. For indeed it will not be lawful for aiy one to depart from“ 
this 


. ‘which receives the dead body is that part of the continent, into which fouls firii defcending wander and lament, - 
and are ignorant 

~ what coaft before them lies 
j l Or where the fun fhall fet, or where hall rife. 





Indeed, fince tbrough the love of pleafure, they defire an affociation, and ncurifhment in the fleth, and in cose 
junétion wigh its nature, they again fall into the confufed mixture of generation, truly mingling things eternal 
and mortal, prudence sad pafon, celeftials, and terreftrials ; enfuared and fafcinated by pleafures, again leading to 
the flu&uating realms of generation. And in this cafe, fouls particularly require the greateft felicity and pru- 
dence ; left purfuing the mioft bafe concerns, and becoming bound to their parts and paffions, they obtain an 
unhappy and brutal life. For that which is called the reedec, or triple path of Hades, is perceived in the rational, 
irafcible, and defiderative parts of the foul ; each of which contains the principle of a life convenient to its nature. 
And thefe affertions are not to be reckoned the figments of fables and the inventions of poets, but are to beefteem~- 
ed as truc and natural difcourfes. For thofe whofe defires, in their mutation and generation, obtain the principality, 
will be changed into affinine bodies, and an impure life, through the dominion of gluttony and luft. But when the 
foul raging with weighty contentions, and odious cruelties, fecks a fecond generation, it betakes itfelf full of re- 
cent feverity, into the nature of a wolf, or lion ; acquiring a body of this kind as a defenfive organ, adapted to its ral 
ing affection. Hence, it is requifite that every one fhould be pure with refpe& to death, as in the facred myfteries 
of initiation, by banifhing eyery depraved affection, mitigating every defire, and expelling envy and anger from all 
éonnetiton wih the body. And this isthe true Mercury with his rod vf gold, the clear indicator of honeft condug, 
who entirely prohibits and reftrainethe foul from the mixture of generation; or if the fhould drink the envenom- 
ed potion, preferves her in a human life, as long as can poflibly be cffeed.” 

After this follows the allegory, refpedting the defcent of Ulyffes into the infernal regions, which, exclufive of 
its connection with Ulyffes, contains likewife fome of the greateft arcana of the Grecian theology. As it refpects 
Ulyffes, it appears to me to infinuate, his flying to the affiftance of necremancy, in order to know the refult of the 
i1)s with which he is furrounded, throagh the anger of his natal demon. Hence Tirefias is nothing more than a 
departed fpirit evocated by magical art, for the purpofe of difclofing the fecrets of futurity, and informing 
Ulyffes how he may return to the truc empire of his mind. The faccefs, however, was not anfwerable to the cere 
tainty of the informat: on: and perhaps Homer meant to intimate by this allegory, that the end of fuch illicit 
practifcs is never correfpondent to the defires by which they are undertaken. Hence he plainly indicates the 
p adnefs of fuch a condué, by the confequences which may poflibly attend its execution; and by the hortor 
which forced Ulyfles to haften its conclufion : for thus U]yfles {peaks : 


Curious to view the kings of ancient days, : . 
The mighty dead that live in endlefs praife, 
Refolv’d I tand; and haply had furvey’d 
The god-like Thefeus, and Perithous’ fhade; 
But {warms of fpectres rofe from deepeft hell, 
With bloodlefs vifage, and with hideous yell, 
They {cream, they fhrick; fad groans and difmal founds 
Stun my fcar’d cars, and pierce hell’s utmoft bounds. 
No more my heart the difmal din fuftains, 
And my cold blood hangs fhiv’ring in my veins ; 
Left Gorgon rifing from th’ infernal lakes, 
With horrors arm’d, and curls of hiling {nakcs, 
Should fix me ftiffen’d at the monftrous fight, 
A ftony image, in eternal night! Lib. ii. 1. 627. &e. 
Indeed — 
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this fenfible life in a regular way and in the fhorteft time, who blinds and ciate his 


material demon ; but he who dares to do this, will be purfued by the anger of the ma- 
rine 


Indeed by fuch a condu&, he becomes impious, profane, and execrable; till he returns to that condition of 
miud, in which the judgement of reafon, and the light of intelle& emerges through the gloom of impiety and 
folly; and prudent cogitations dance round the liberated foul. For {a this cafe it may be truly faid : 


Here the gay morn refides in radiant bow’rs, 
Here keeps her revels with the dancing hours. Lib. xii. I. 3. & 4. ° 


With refpe& to the recondite wifdom centaingd in the defcriptign of the infernal regions, T fhall only obferve 
from Porphyry (ap. Stob. p. 131.) that the reafon why departed fpirits, are reprefented as poflefing nu know- 
ledge of human concerns, till they inhale the vapour of blood, is becaufe according to Homer and many of hie 
fucceffors, human intelligence or prudence confifts in blood. And shis fays Porphyry is confirmed by the tefi- 
mony of moft writers pefterior to Homer, who inform us that when the blood is inflamed by a fever or the bile, 
imprudence and foolifhnefs is produced. ‘But Empedocles confidered the blood as an inftrument of prudence, 


when he fays : 


Aluaros iy widdyacs O A pe PEE 
. Ti Ti réspa pddica mundhoxeras arbpowase. 


Alua yas avipeiwose waginaptscy içi véna. 


The fenfe of which is, ** that the blood furrounding the heart is the feat of intelligence in men.” 
But we muft now view Ulyffes paffing from fenfeto imagination ; in the courfe of which voyage, he is affailed by 
various temptations, of furprifing power, and deftructive cffe&. We thall perceive him victorious in fome uf 
_ thefe, and finking under others; but ftruggling againit the incurfions of all. Among the firft of thefe is the en- 
chanting melody of the Sirens, | 
Whole fong is death, and makes deftruction pleafe. 
By which the poet evidently fignifies alluring and fraudulent pleafures, which charm the foul in its paffage from 
a fenfible life, with flattering and mellifluous incantatiens. Thefe delights however will be vanquithed by him, 
who, imitating the example of Ulyffes, clofes, with divine reafons and energies as with war, the powers of the. 
foul, and the organs of fenfe; fo that every. paflage being barred from accefs, they may in vain warble the forte 
of extacy, and expe to ruin the foul by the enchanting ftrain. It will however be requifite that befides this, 
the corporeal affaults, fhould be reftrained hy the bands of philofophy, and rendered irrefiftible by external ma. 
chines: for thus like Ulyfles, we fhal] employ the fenfes, without yielding to their impetuous invafions; and ex- 
perience delight without refigning the empire of reafon to its fafcinating controul. i 
Ulyffes having cícaped the danger of the Syrens, paffes on to the rocks of Scylla and Charybdis, of terrific ap- 
pearance, and irrefiftible force. By thefe two rocks, the puet feems to fignify the affections comprefing human 
life on both fides; and which every one muft expcrience, who proceeds like Ulyffes in a regular manner to an | 
intelleQtual fkate of exiftence. Some of thefe, which are converfant with the foul, are like Scylla, of a lofty ma- 
lignity; fraudulent yet latent, and obfcure, as concealed in the penetralia of the mind. And fuch is pride, and 
other depraved affections of the foul. In thefe recefles, a demon, the prince of fuch affeQions refides, a dire 
and enraged dog, who partly expoles his own malice, and partly hides it in impenetrable obfcurity. Hence he 
is capable of producing mifchief in a twofold refpeét : for he privately hurts by malignant ftratagems, openly ra- : 
withes the foul, on the lofty rock of haughtinefs, and rends it with the triple evil of deadly teeth, I mean revolt, 
hatred of humanity, and haughty arrogance. Indeed a dæmon of this kind will be perpetually vigilant, in en- 
deavouring to deftroy, at one time the whole, and at another time a part of -the koui ftruggling like Ulyfes ` 
againft paffion, and yielding relyctantly te its invafions, | 
But the other affections which beleng to the body, are indeed lofty, and evidently deftruive, but far infe 
rior to the others; fince their bafenefe is confpicuous, and not cohcealed by oftentation. A wild fig-trec, that 
is the will, is produced on the top of this rock; wild indeed, on account of its free nature, but {weet in 
Qq 2 z _ fruition 
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rine and material gods, whom it is firft requifite to appeafe, by facrifices, labours, and 
patient endurance; at one time by contending with perturbations, at another time by 
employing 


fruition; and under which, often through the day, the impetuolities of the boiling body, are accuftomed to ab- 
forb, and difturb the man, agitating upwards and downwards inflamed defire, fo that mighty deftru&tion botk 
to foul and body, is produced by their mutual co: fent. But it is highly proper that a rock of this laft kind, 
fhould be anxivufly avoided by one, who like Ulyfics is labouring to return to his true country and friends, 
Hence if neceflity requires he will rather expofe hinrielf to the other : for there the energy of cogitation, and 
of the fouls fimple motions, is alonc neceflary to be exerted; and it is eafy to recover the priftine habit of the 
foul. In fhort the poet, {cems to reprefent by this allegory of the two rocks, as well the dangers f{po.:taneuudly 
arifing from the foul, as thofe which happen from the external mafs of matter ; both of which muf be fuftained, 
or one at leaft by a neceffary confequence. For it is impoffible that neither of them fhould be experienced by 
any one, whois pafling over the ftormy ocean of a fenfible life. 

| After this fucceeds the allegory of the Trinacrean ide, containing the herds facred to the god of day, which 
were violated by the companions of Ulyffes ; but not without deftruien to the authors of this impiety, and the 
moft dreadful danger te Ulyffes. By tie refule of this fable, the poct evidently thews that panifhment attends 
the facrilegious, aid the perjured; and teaches us that we fhould perpetually reverence divinity with the greate 
fan&ity of mind, and be cautious how we commit any thing in divine concefns contrary to piety of manners, 
and purity of thought. But Homer by attributing fenfe to the fieh and hides of the fain herds, manifeftly c- 
vinces, that every bafe deed, univerfally proclaims the iniquity of its author: but that perjary and facrilege are 
attended with the moft glaring indications of guilt, and the moft horrid fignatures of approaching vengeance, 
and- inevitable ruin. We may here too obferve that the will of Ulyffes, was far from cunfenting to this imp ou, 
deed; and that though his paflions prevailed at length over his rcafon, it was not till after frequent admonitiong 
had been empioyed, and great diligence exerted to prevent its execution. This indeed is fo eminently true, that 
his guilt was the confequence of furprize, and not of premeditated delign; which Homer appears tu infinuate, 


- by relating that Ulyffes was afleep, when his affociates committed the offence. 


In the next fable, we find Ulyffes impelled, by the fonthern wind, towards the rocks of Scylla and Charybdis; 
in the latter of which he found fafety, by clinging on the fig-tree which grew on its fummit, till fhe refunded 
the maft, on which he rode after the tempeft. But the fecret meaning of the allegory appcars to me as follows: 
Ulyffzs who has not yet taken his leave of a fenfible life, is driven by the warmth of pafon, reprefented by the 
fusihern gales, into the dire charybdis of infane defires, which frequently boiling over, and toffing on high the 
ftorms of depraved affections, plunges into ruin, the foul obnoxious to its waves. However he 1s far from 
thameful idlenefs, and carelcfs fecurity ; but perceiving the danger to which he is expofed, when the bafe ftorm, 
begin to {well, and the whirlpools of depravity roar, he feizes the helm of temperance, and binds himlelf faft 
to the folid texture of his remaining virtue. The waves of defire are indeed tempeftuous in the extreme ; but 
before he is forcibly merged by the rage of the affections, into the depths of depravity, he tenacioufly adheres to 
his unconfenting will, feated as it were ou the lofty fummit of terrene defire. For this like the wild fig-tree af. 
fords the beft refuge to the foul ftruggling with the billows of bafe perturbations. Hence he by this means ree 
covers the integrity which he had lof, and afterwards {wims without danger over the waves of temptation ; ever 
watchful and, affiduous while he fails through this impetuous river of the fich, and is expofed to the formy 
biafts of heated paffion and deftru&tive vice. Hence too while he is thus affe&ed, and anxious left the loís from 
unworthy affections fhould return upor himfelf, he will efcape being lacerated by the teeth of arrogance, though 
fhe fhould terribly and fiercely bark in the neighbourhood of defire, and endeavour like Scy‘la, to {natch him on | 
her lofty rock. For thofe who are involuntarity difturbed like Ulyffes by the billows of defire, fuffer no inconve~ 
nience from the depraved rock of pride? but confidering the danger of their prefent fituation, they relinquifl, 
confident conceit, for modeft diffidence, and anxious hope. 

Hitherto we have followed Ulyffes in his voyage over the turbulent and ee ocean of fenfe; in which 
we have feen him fltugg:ing againft the ftorms of temptation, and in danger of perifhing through the tempef- 
tuovs billows of vice. We muft now attend him in the region of imagination, and mark his progrefs from the 

ncyanted ifland, till he regains the long loft empire of his foul. That the poet then by Calyplo occultly figni- 
fics 
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employing ftratagems of various kinds, by all which he tranfmutes himfelf into different 
forms; fo that at length being ftripped of the torn garments by which his true perfon 
i t- -— : _was 
fies the phantafy, is I think evident from his defcription of her abode, (for the anonymous Greek author, affords 
` us no farther affiftance.) For the is reprefented as dwelling in a cavern, illuminated by a great fire ; and this 
cave, is furrounded with a thick wood, is watered by four fountains, and is fituated in an ifland, far remote 
from any habitable parts, and invironed by the mighty ocean. All which particulars corfefpond with the phan- 
tafy, as I prefume the following obfervations will evince. In the firft place then, as the phantafy is firuated be- 
tween fenfe and cog tation, it communicates with each in fuch a manner that its beginning is the end of the co- 
gitative power, and its end is the commencemant of the fenfes. Hence on account of its tw: fold nature it par- 
takes of a twofold !ight ; receiving in its fupreme part the fplendor of cogit:tion, and :n its inferior part, a light 
correfponding to that of fenfe. Now it is this inferior part or the common phantafy, which is reprefer.ted by 
he cave of Calypfo, for its light is artificial and external like that of fire: and this covrefpondence is evident 
frem the etymology of the phaatafy, which is derived from ade, or /ight. In the next place the ifland is faid to 
be furrounded with a thick wood, which evidently correfponds to a material nature, or this humid body, with- 
which the phantafy is invefted: for fan, or a wood, implies matter according to its primary fignification. But 
the four fouutains by which the cave is watered occultly intimate thofe four gnoftic powers of the foul diicovered 
by the Pythagoreans, and embraced by Plato; intelligence, cogitation, opinion, and imagination. And thefe fountains 
are faid, with great propriety atid correfpoudence to communicate with each other. In the laft place the ifland 
is faid to be invironed with the ocean, which admirably agrees with a corporeal nature, forever fowing with- 
out ‘admitting apy periods of repole. And thus much for the {ceret agreemeut of the caveru and ifland with 
the regions of imagination. 

But the poet by denominating the goddefs, Calypfo, and the ifland, Ogygia, appears to me, very evidently 
to confirm the preceding expofi:iun: for Calypfo is derived from xaddwie, which means to cover as with a veil 
and Ogygia, is from wyýywt, ancient- Now, as we have been previoufly informed by Synefius, the phantaftic. 
{pirit, is the primary vehicle of the rational foul, which it derived from the planctary {phcres, and in which it, 
defcended to the corporeal world. It may therefore with great propriety be faid to cover the foul, as with a fine, 
garment, or vei}; and it is no lels properly denominated ancient, when confidered as the firft vehicle of the foul. 

In this region of the phantafy then, U.yffes is reprefented as an involuntary captive; continually employed in 
bewailing his abfence from his true country, and ardently longing to depart from the fafcinating embraces of 
the goddefs, For thus his fituation is beautifuily defcribed by the poet; a 


But fad Ulyffes by himfe!f apart, 
Pour‘d the big furrows of his {welimg heart ; 
All on the lonely fhore he fat to weep, 
° And roli'd his eyes around the reftlefs deep ; 
Tow'rd his lov’d coat, he roll’d his eyes in vain, 
Till dim’d with rifing gricf they ftream’d again, Lib. v. l. 82. &c. 


His return however, isat length effe&ed by means of Mercury, or reafon, who prevails on the goddefs to ywTd 
to his difmiffien. Hence after her ccnfent, Ulyfles is faid with greas propriety, to have placed himself on the 
throne, where Mercury had fate: for rcafon now refumes her proper feat, and begins to exerc:fe her authority 
with undifturbed controul. But Homer appears to me to infinuate fomething egregious, when he reprefents U- 
lyffes on his departure fom Calypfo, failing by night, and contemplating the order and light of the kars, in the 
following beautiful lines : 


, And now rejoycing in the profp’rous gafes, 
With heating heart Ulyffes fpread his fails; 
Plac’d at the helm he fate, and mark’d the Kies, 
Wor clos'd in feep his ever watchful eyes. 
‘Shere view'd the Piciads, and the northern teanty, © 
And great Orion’s more refu'gent beam, 
To which around the axle of the fky 
7 ` The bear revolving, poiuts his golden eye 5 
Bw rent. LF Who. 
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was concealed, he may recover the ruined empire of his foul. Nor will he even then be 
freed from raoleftation, till he has entirely pafled over the raging fea, and taken a long 
farewell 

Who fhines exalted on th’ ztherial plain, ? 

Nor bathes his blazing forchead in the main. 

Far on the'left thofe radiant fires to keep 

The nymph directed, as he fail’d the deep. 

Full feventeen nights he cut the foamy way ; 

The diftane land appear’d the following day ; 

Then fwell’d to fight Phxacia’s dufky coaf, 

And woody mountains half in vapour loft ; 

That lay before him, indiftin& and vaft, 

Like a broad thield amid the wat’ry watte. Lib. v. J. 269, &e. 


Indeed as Ulyffes is the image of a man pafling in a regular manner from a fenfible life, and advancing from 
darknefs to light, he is very properly reprefented as failing by the fplendor of the ftars, and directing his courfe 
by the moft confpicuous of thele illuftrious orbs. For ftar-light correfponds to the light of the mathematical 
fciences, which are the proper employment of one who is departing from the fenfible phantafy, and her detain- 
ing charms. And the ftars themf{elves cercefpond to ideas, from which the light of {cience is derived. Ulyfles 
therefore who is haftening to an intelleQual life, contemplates thefe lucid obje&s with vigilant eyes, rejoycing 
in the iJluminatiens and affiftance they afford him, while failing over the dark ocean of a material nature. 

But as he is now carneftly engaged in departing from fenfe, he muft unavoidably be purfued by the anger of 
Neptune, whofe fervice he has forfaken ; and whofe offspring he has blinded by ftratagem, and irritated by re. 
proach. Hence in the midf of thefe delightful contemplations, he is almoft overwhelmed by the waves of mif- 
fortune, roufed by the wrath of his implacable foe. He is however through divine affiftance or Leucothea, en- 
abled to fuftain the dreadful ftorm: for receiving from divinity, the immortal fillet of true fortitude, and 
‘binding it under his breaft, (the proper teat of courage) he encounters the billows of adverfity, and bravely thoots 
along the boifterous ocean of life. 

Ulyffes therefore having with much difficulty efcaped the dangers arifing from the wrath of Neptune, lands 
at length on the ifland of Phzacia, where he is hofpitably received, and honourably difmiffed. Now as it is proper 
that he who like Ulyffes departs from the delufions of imagination, fhould immediately betake himfelf to the 
more intelle&ual light of thought, the land of Phxacia, ought -to correfpond to the realms of cogitation ; and 
that this is the cafe the following difcourfe will I perfuade myfelf abundantly evince. In the firft place then this 
ifland is reprefented by the poct, as enjoying a perpetual {pring ; which plainly indicates, that it is not any ters 
rene fituation. Indeed the critical commentators have been fo fully convinced of this, that they acknowledge 
Homer defcribes Phzacia, as one of the Fortunate Iflands; but they have not attempted to penetrate his defign, by 
fuch a defcription. Now if we confider the perfect liberty, unfading variety, and endlefs delight, which the regions. 
ef cogitation afford, we fhall find that it is truly the fortunate ifland of the foul. In the next place the poet 
by the defcription of the palace of Alcinous, the king of this ifland, egregioufly infinuates the pure and fplendid ` 


light of cogitation: for thus he fpeake ; 


The front appear’d with radiant {plendors gay, 
Bright as the lamp of night, or orb of day. 
The walls were maffy brafs: the cornice high 
Blue metals crown’d, in colours of the fky : 
Rich plates of gold che folding doors incafe; 
The pillars filver, on a brazen bafe ; 

Silver the lintels deep projecting o'er, 

And gold the ringlets that command the door. 
Two rows of ftately dags, on either hand, 

In fculptur’d gold, and labour'd filver ftand. 
Thefe Vulcan form’d intelligent to wait 
Immortal guardians at Alcinous’ gate. Lib. vii. 1. 84, &e. 


bx 


the ships fabricated by its inhabitants : for thus he beautifully defcribes them z 
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‘farewell of its torme ; till though connected with a mortal nature, thraugh deep atten- 
ition to intelligible concerns, he becomes fo ignorant of marine and material operations, 


.as-to miftake an oar for a corn-van. 


Nor 
And he reprefents it, as no lefsduminous internally, by night. 
Refulgent pedeftals the walls furround, 
Which boys of gold with Baming torches crown’d; 
The polifh'd ore reflecting ev'ry ray; 
Blaz'd on the banquets with a double day. 


For this palace is not like the cavern of Calypfo naturally obfcure, but remarkably brighe and refulgent. Indeed. 


Homer by his defcription of the outfide of this palace, fufficiently indicates its agreement with the planet Mer- 


cury, who is the god of fpcech; and cogitation as Plato beautifully obferves in the Theatetus, is nothieg mete ` 

than inward difcourfe. For, according to aftronomers, the planet Mercury is refplendent with the colours of 
all the other planets. Thus Baptifta Porta in Cæleft. Phyfiog. pe 88. Videbis in co Saturni luridum, Martis 
ignem, Jovis candidum, Veneris favum, nec-non utriufque nitor, hilaritafque, et ob id non peculiaris formz, 
fed corum formam capit, cum quibus affociatur, ob id in defcribendo ejus colere aftrotogi differunt. That is, 


.* you may perceive in this planet the pale colour of Saturn, the fire of Mars, the whitenefs of Jupitér, and*the 


yellow of Venus : likewife the brilliancy and hilarity of each; and on this account it is not of a pecul’ar form, 
but receives the form of its affociates, and by this means caufes aftrologers to differ in defcribing its colour.” 
Bot that the ifland of Phzacia, is the region ef cogitation, is indifputably confirmed by Homer's account of 


‘ 


"Oden or 75 wiuwees tirurxbanas pees vite a ee: Be A 
Od ydg Gaihxsoos xhagrerigss lasi ) 

OU ri moda bed tár daras viec ixeucr. 

"AAR aùral frac: rohuara nal ppivac ardperr. s 

Kal wdrrevicacs wodsac nal wines dype 

"Arvocedrar. nal AnTrua tdyick! ddde sNES 

Nips nal vipidrn xexarugepsivas’ ovdi work epu. 

Ovré Ti wapabina ise dhos ob?’ awericbase Lib. viii. l. 556, &c. 


i. e. “ That thips intently dire@ed by intelle@, may fend you to your country. For the Pbzacians have no pi- - 
Sots, nor have the fhips helms like others: but they know the thoughts and minds of men. They likewife know 
the cities and fertile fields of all men ; and fwiftly fwim over the waters of the fea, covered with darknefs and | 
clouds: fer they never are afraid of {uftaining any damage, or of being utterly loft.” Or in verfe: 


` Se fhalt thon inftant reach the realm affign’d, 
In wond’rous fhips {elf-mov'd, inftin& with mind; 
Ne helm fecures their courfe, no pilot guides, 
Like man intelligent they plow the tides, 
Confcious of ev'ry coaft, and ev’ry bay, 
That lies beneath the fun’s all feeing ray ș 
And veil’d in clouds impervjous to the eye, , 
Fearlef{s and rapid thro’ the deep they fiy. 


~ 


Now it is abfurd to fappofe that Homer would ever employ fuch an hyperbole, in merely deferibing the excel-- 
lency of the Phæacian fhips: for it fo eminently furpaffes the bounds of probability, and is fo contrary to the 
admirable prudence, which Homer continually difplays, that it can only be admitted as an allegory, pregnant 
with latent meaning, and the recondite wifdom of antiquity. 

It muft here however be obferved, that as the energies of cogitation are twofold, according to the objects on 
which they are employed (for they are either fenfible or intellectual) ; fo the manners of Alcinous and his no- 


bles, are perfectly oppofite to thofe of the other inhabitants. For thefe latter are thus defcribed by the pocet : 


2 ` ; A race 


304 RESTORATION OF THE 


Nor is it proper to believe that interpretations of this kind are forced, and are nothing 


more than the conjectures of ingenious men: but when we confider the great wifdom af 
antiquity, 
A race of rugged mariners are thefe ; 
Unpolih’d men, and boiftrous as their feas ; 
The native iflanders alone their care, 
And hateful he that breathes a foreign akr. ` 
Thefe did the ruler of the deep ordain 
To build proud navies, and command the main ; 
On canvas wings to cut the wat’ry way; 
No bird more light, no thought more [wift than they. Lib. vii. 1. 33, &c 


| The laft of which lines, fo remarkably agrees with the preceding account, that I prefume no ftronger confirma- 
tion can be defired. Nor is the original lefs fatisfa@ory : 
Tov vite arias wos? wrecty hà véaua. : : 

i.e. “ The thips of thefe are {wift as a wing, or as a conception of the mind.” But the inhabitants of the palace, 
are reprefented as {pending their days in continual feftivity, and unceafing mirth: in liflening to the harmony 
of the lyre; or in forming the tuneful mazes of the joyful dance. And this diftinction of manners, admirably 
agrees with the difference between vulgar, and intelle@ual cogitations: for the former of thefe are boifterous, 
and rough, felfifh and prond; {killed indeed in rapidity, but groveling and unpolifhed. But the latter are con. 
ftantly employed in intelle@ual feftivity and mirth; in tuning the melodious lyre of divine recolle@tion, or 
forming the refponfive dance of refined imaginations. It was with the greatcft reafon therefore, that Ulyilés 
exclaimed on this occafion : : 


How fweet the produdts of a peaceful reign ? 

The heav'n taught poet, and enchanting frain; 

The well fill'd palace, the perpetual feat, 

A land rejoycing, and a people bleft. 

How goodly feems it ever to employ 

Man's focial days in union, and in joy? . 

The plenteous board high-heap'd with cates divine, 

And o'er the foaming bew] the laughing wine. Lib. ix. L 3, &c. 


And here we may obferve how much the behaviour of Ulyffes at the palace of Alcinous, confirms the pre- 
ceding expofition, and agrees with his chara@ter as a man paffing in a.regular manner from the delufions of 
fenfe, to the realities of intellectual enjoyment. For as he is now feated in the palace of cogitation, it is highly 
proper that he fhould call to mind his paft conduct, and be afflited with the furvey; and that he fhould be 
wakened to forrow by the lyre of reminifcenfe, and weep over the follies of his active life. Hence when the 


™ 


divine bard Demodocus, infpired by the fury of the mufes, fings the wrath ef Ulyfles and Achilles, on his golden 


lyre ; Ulyffes is vehemently affe&ed with the relation. For: 


Touch’d at the fong, Ulyffes Rtrait refign'’d 

To fuft affi@ion all his manly mind : 

Before his eyes the purple veft he drew, 

Induftrious to conceal the faliing dew: 

But when the mufic paus'd, he ceas’d to fhed 

The flowing tear, and rais’d his drooping head. Lib. viii. 1. 83, &e. 


And when the inhabitants of the palace, or refined cogitations, tranfported with the fong, demanded its repetition : 


Again Ulyffes vcil’d his penfive head, 
“n Again unmann’d a fhower of furrow fhed, 


Š ; For 


-m-a 
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antiquity, and how much Homer excelled in prudence and in every kind of virtue, we 


eught not to doubt, but that he has fecretly reprefented the images of divine things un- 
der 


f 


For reminifcence is delightful to the former, becaufe purified from guilt: but afflictive to the latter, becaufe 
he has not yet arrived at the fummit of virtue, and acquired the perfection of contemplative good. ee 

But while Ulyffes is at the palace of Alcinous, Homer takes oceafion of introducing, fome admirable mythole- 
gical arcana, in the ftory of Mars and Venus; the explication of which from Proclus, on Plato's Republic, page 
388. will I perfuade myfelf be acceptable to the Platonic reader, and vindicate Homer from adting improperly 
by introducing this excellent fable. ‘ Both Vulcan and Mars then (fays Proclus) operate about the univerfal 
world. And Mars indeed feperates, perpetually nourifhes, and conftantly excites the contrarities of the univerfe, 
that the world may exift perfe& and entire from all its parts. But Vulcan aderns the whole fenfible machine by 
his artifice, and fills it with certain reafons, proportions, and powers of nature. Hence he is feigned by Homer 
to conftrua& twenty tripods about the heavens, that he may adorn them with the moft perfe& of many-fided: 
figures: and he is likewife faid to fafhion a multitude of fublunary forme, variouily figured, and artifically ad- 


oracd; as when he fays: 
Chains, bracelets, pendants, all their toys 1 wrought. Iliad. x viii. 


But each of thefe deities requires the affiftance of Venus; Mars that he may infert order and harmony in con- 
trary natures; but Vulcan that he may induce beauty, in fenfible operations, and thus render the world beauti- 
. ful and divine. However fince Venus is every where, Vulcan indeed always enjoys her, according to the fupe- 

rior orders of beings. As for inftance, if Vulcan is fuper-mundane, Mars is mundane; and if the former is 
in the heavens, the latter enjoys Venus, in the regions fubje@ tu the moon. Hence Vulcan is faid to have taken 
Venus for his wife according to the will of Jove ; but Mars is reported to have committed adultery with Venus. 
For the caufe of beauty, and conciliation, is naturally conjoined with the artificer of fenfible concerns: but is 
after 2 manner foreign from the prefiding deity of divifion and contrariety : for the collective, are oppofed te 
the feparating genera of gods. And hence fables have given the appellation of adultery, to this cenfent of diffi- 
milar caufes. Buta confent of this kind was necefiary to the world, that contraries might join im mutual cone 
ciliation, and the war of the univerfe terminate in peace. Indeed as in the celeftial regions, beauty, elegance 
of form, aud the fabrications of Vulcan, are particularly confpicuous: but in the realms of generation, elemen- 
tary war, oppofition, contrariety of natural powers, and the gifts of Mars, refide: on this account I fay, the 
fun beholding from the heavens the congrefs of Mars and Venus, betrays it to Vulcan, with all whofe a&tions 
he unites in amicable co operation. 

After this, Vulcan entangles them with all-various bonds, invifible to other gods, that he may conned the 
mundane genera, with art ficial reafone; and may produce one conftitution from the contrarictics of Mars, and 
the conciliating benefits of Venus. For both are required in generation. But according to Timzus, there are 
fome bonds of celeftial, and others of fublunary concerns: and the latter are diffoluble, but the former of a 
perpetual nature. Hence Vulcan at laft diffolves the bonds, with which he had confined Venus and Mars; and 


this he effets through the perfuafien of Neptune. 
Who fues importunate to loofe the god. __ , j 


} 


ai 


For Neptune defirous that the perpetual continuity of generation, may be preferved, and that the circle of mu- 
tation may revolve into itfelf, caufes begotten natures to be corrupted, and fueh as are corrupted to be renewed. 
Is there any reafon then, why, we fhould wonder at Humer’s fe'gning Mars and Venus to be fcttered with the, 
bonds of Vulcan, fince Timæus alfo gives the appellation uf bonds, to the demiurgic reafons, by which the cee. 
leftial gods confti-ute generated natures? Is it not likewife congru-us to the nature of things, that thefe bonds: 
fhould be again diffolved, fince they are the bonds of generation? Indecd the firk, and moft perfec artificer of 
things feems to have compofed the world from contrary elements, and to ‘have givén them friendhip in a certain 
proportion, by uniting the effed&s of Vul:an, Venus, and Mars, in affociation with each other. For preducing 
the contraricties of the clements, he operates within hinifelf, according to Ma's: but when he fabricates friend. 
fhip, he cnergizes according to the power of Venus; and by connecting the matures of Venus and Mars, he ap-- 
pears to contain in himfelf the primitive exemplar of Vulcan’s art. Hence be is all, and operates vith all the gods. 
Befides the junior artificers imitating their father, produce mortal animals, and again reccive them when they 
perifh, fabricating at the fame time with Vulcar, murdane bonds, and primarily comtaining ip themfelves 
Vou. Il. - Re ; the 
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der the cohcealments of fable. For it is not pofible that this whole expòfition could be 
devifed, unlefs from certain eftablifhed truths, an occafion of fiction had been given: 
But 


the caufes ‘of their diffolution. For every whore, he who poffeifes a bond, knows alfo the neceflity of its fo- 
Ration.” . 

We may here teo ebferve that Ulyfles, with the greatelt propriety aa his pat adventures iu the palace of 
Alcinons: for as he sow betakes himfelf to the intelicQual light of thought, it.is highly neceffary that Le fhould 
review his paft conduc, faithfully enumerate the errors of his life, and anxioufly follicit a return to true mag- 
mets, and perfe& rectitude of mind. But the defcription of his departure from Phzacia is no lefs pregnant 
with philofophical myftery, than poetical beauty. For as he is now paffing by the pure energy of thought, to. 
Ids crue country, the rational foul ; he is reprefented as departing. hy night, and falling into fo profound a deep. 
in hós voyege,, as te as infenfible for fome time of its happy confummation. For thus according to the poet : 


` He climb’d the lofty ftern; then gently preft 
The {welling couch, and lay compos’d to reft. Lib. xiii. I: 75. 


_ And the vehemence of his thoughts, is finely reprefented by the rapidity of the veffel.: 


Now plac’d in order the Phzacian train ' 

Their cables loofe, and launch into the main :. 

At once they bend, and ftrike their equa! oars, A 
And leave the finking hills,- and lefs’ning thores. 
While on the deck the chief in filence lies, 

And pleafing flumbers fteal upon his eyes. 

As fiery courfers in the rapid race 

Urg’d. by fierce drivers thro’ the dufty fpace, 

Tofs their high heads, and fcour along the plain ; 

So mounts the bounding veffel o'er the main. 

Back to the ftern the parted billows flow, 

And the black ocean foams and roars below. 

s Thus with fpread faile the winged galley flics ; 

Lefa fwift an eagle cuts the liquid kkies ; 

Divine Ulyffes was her facred load, 

A man in wifdom equal to a god! 

Much daager Jong and mighty toils he hore, 
-In ftorms by fea, and combats on the fhore ; 

All which foft feep now banith’d from his breat, 

Wrapt in a pleafing, deep, and death-like reft. 


By the night, therefore, Homer intimates the ftillaefs and tranquillity which attends intelledtual contemplation: - 


awd by the fweet and death-like fleep of Ulyffes, his being abflradted from all fenfible concerns, while merged 
in the profduad and delightful energies of thought. For he has now bid adieu to the ftorms of paffion, and the 
eonflids of defire ; and is haftening to expel thefe dangerous foes, from the feeret receffes of his foul. 

Nor is it without reafon that the poet reprefents Ithaca as prefenting itfelf to the mariners view, when the 
EM meee ftar emerges from the darknefs of night. For thus he fpeaks s 


But when the morning ftar, with early ray, 

Flam'd in the front of heav’n, and promis’d day ; : 

Like diftant clouds the mariner defcries 

Fair Ithaca’s emerging hills arife. Lib. xiii. 1. 93, &e. 


Since it is only by the dawning beams of intelle&, that cogitation can gain a glimpfe of the native country, “and 


proper empire of the foul. 
Bot when Ulyfics awakes from the delightful Acep of his corporeal energics, and, through the afliftance of Mi- 
pesva; 
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But rejecting the difcuffion of this to another work, we fhall here finith our propofed 


explication of the cave of the nymphs. 
s ECT i ON 


nerva, recognizes his native land, OEE EEEE E E E EE ETRO E 
tually banifh the various perturbations and inordinate defires which yet lurk in the penetralia of his fuul. Fee 
this purpofe it is neceffary that he fhould relinquith all external poffeffions, mortify every fenfe, and employ 
every ftratagem, which may finally deftrey thefe malevolent focs. On this occafion the garb of poverty, the 
wrinkles of age, snd the wastes of life, are Tymbols of mortified habits, defertion of fenfible purfuits, and an inti- 
mate converfion to intelle&ual good. For the fenfitive eye muft now give place to the purer fight of the rational 
foul; and the ftrength and energies of a corporeal nature muft yield to the fuperior vigour of intelleQual exertion, 
and the fevere labour of moral inveftigation. And this Homer appears moft cvidently to infinuate by the follow- 


ing beautiful lines: 


Now feated in the olive’s facred thade, 
Confer the hero and the martial maid, 
The goddefs of the agure eyes began : 
Son of Laertes! much-experienc’d man ! x 
The fuitor train thy earlíeft care demand, 
Of chat luxurious race to rid the land : 
Three years thy houfe their lawlefs rule has feen, 
And proud addreffes to the matchlefs quecn. 
But fhe thy abfence mourns from day to day, 
And inly bleeds, and Silent waftes away : 
Elafive of the bridal hour the gives 
Fond hopes to all, and all with hopes deceives. Lib, zlii. L 379, 


Jt fits thee now to wear a dark difguife, 
Aad fecret walk unknown to mortal epes, 
For this my hand thall wither ev'ry grace, 
And ev'ry elegance of form and face, l 

O'er thy fmooth fkin a bark of wrinkles fpread, 

Turn hoar the auburn honours of thy head, 
‘Disfigure every limb with coarfe attire, 

And in thy eyes extinguifh all the fire; 

Add all the wants and the decays of life, 

Eftrange thee from thy own; thy fon, thy wife $ 

From the lvath’d obje& ev'ry fight fhal turn, — 

And the blind fuitors their deftru@ion fcorn. Lid. xiii. 1.397, &e. 


_ Alter this follows the difcovery of Ulyffes to Telemachus, which inno bís philofophically fublime than poeti- 
cally beautiful. For by Telemachus we nmf underftaad intelleQual virtue, the true progeny of Ulyfies, or 
the rational foul. Hence Ulyfies, while employed in the great work of mortification, recognizes hie legitimate of- 
fpring, and fecretly plans with him the deftrudtion of hie infidions foes. The affiftance howevor of Minerya, or 
wifdom, is requifite to this difcovery, who beautifies and adorns the rational foul, and referes it on this occafion, 
to its priftine dignity and excellence uf form. But it is neceffary that this fhould he nothing more-than a tem- 
porary change, till the enemies of reafon are defteoyed, andthe dominion of intelle& regained. With great pros | 
priety, therefore, is Telemachus reprefented as exploring his abfent father, and impatient for hisreturn: for the 
rational foul then alone affuciates with trae virtue, when it withdraws itfelf from fenfible delights, and earochly 
meditates a reftoration of its fallen dignity, and original fway. 

And now Ulyffes prefents himfelf to our view in the habits of mortification, haftening to his long deferted 
palace, or the occult receffes of his foul, that he may mark the condu@, and plan the deftruction of the malevo- 
lent paffions, who ate feerctly attempting to fubvert the empire of his mind. Hence the poct very properly 
‘aad pathetically exelaime : | 

Rr: | Aad 


got RESTORATION OF THE 


S E C T I O N IIL. 


Tis now requifite thet we fhould direét our attention to Iamblichus, the celebrated” 


A difcipleof Porphyry, who, on account of the fublimity of his- geniùs, and his admir- 


‘able proficiency in theological. learning, was furnamed, the divine, ‘This. extraordinary 
man who appears to have been born for the advancement of theology, though zealoufly 
attached 
And now his city ftrikes the morarch’s eyes, ` 
Alas! how chang’d! a man of miferies ; 
Propt on a ftaff, a beggar old and bare, 
“Ip tatter’d garments, flutt’rjog with the air !- Lib. xvii. J. 201, &e. 


Mowever- as this difguife was folely affumed for. the purpofe of procaring ancient purity and Jawful rule, he- 
divefts himfelf of the torn garments of mortification, as foon as he begins the deftructian of occult defires ; and- 


refumes the proper dignity and ftrength of his genuine form: But it is not without reafon that Penelope, who 
is the image of intelletua] purity, furnifles the inftrument by which the hoftile rout of paffions are deftroyed : 


for what befides the arrows of purity can- be fufficient to extirpate the leading bands of impurity and vice È- 
Hence as.foon as he is furnifhed: with this irrefiftible weapon, he no longer defers the ruin of his infidious foes, | 


but.: 


Then fierce the hero o'er the threfhold ftrodé ; . 

Stript of his rags, he blaz’d out like a god. 

Full in their face the lifced bow he bore, 

And quiver’d deaths a formidable ftore ; 

Before his feet the rattling flrow’r he threw, 

And thus terrific to the fuitor crew, Lib. rrii. L 1; &e. 


‘But Homer .reprefents Penclope as remaining ignorant of Ulyffes, even after the fuitors are defttoyed) and he. 


Se feated on the throne of majefty, anxious ta. be known, and impatient to return her chafe and afftctionate em- 
brace. For thus he defcribes her: 


\ Then gliding through the marble valves in ftate, ’ 
Oppos’d before the ining fire the fate. 
The monarch by a column high entbron’d, 2 
` His eye withdrew, and fix'd it on the ground 
Anxious to hear his queen the filence break : 
Amaz’d fhe fate, and impotent to {peak ; 
O'er all the man her eyes fhe rolls in vain, 
Now hopes, now fears; now knows, then doubts again. Lib. xziii. L. 88, dc, 


Mor ought this to appear ftrange, for purity has been fo long abfent from his foul, that it is difficult to obtain a. 
recollection of their priftine union, and legitimate affociation with each other. ` Hewever in order to facilitate. 


' this difcovery, he renders all harmonious and pure, within the recefles of his foul ; and by the affiftance of Mix. 


nerva, or wifdom, refumes the garb and dignity which he had formerly difplayed. 


i Then inftant to the.bath, (the.monarch cries) 
Bid the gay youth and fprightly virgins rife, . 
Thence all defcend in pomp, and proud array, . 
And bid the dome refound the mirthful lay ; 
While the {weet lyrift airs of raptures fings, 
Apa forms the dance refponfive to the ftrings.. Lib. xxiii: l- 133, &e 


ay 
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attached to the Platonic philofophy, yet explored the wifdom of other feéts, particularly . 
of the Pythagoreans, Egyptians, and Chaldeans; and formed one beautiful fyftem of . 
recondite knowledge, from their harmonious conjunction. There is a fhort life of this 
philofophic hero extant, by Eunapius, the fubftance of which is as follows: Iamblicus 
was defcended of a family equally illuftrious, fortunate, and rich. His country was 
Chalcis, a city of Syria, which they denominate Czlen. He affociated with Anatolius, 
who was the fecond to Porphyry, but he far excelled him in his attainments, and af- 
cended to the very fummit of philofophy. But after he had been for fome time con- 
nected with Anatolius, and moft probably found him infufficient to fatisfy the vaft de- 
fires of his foul, he applied himfelf to Porphyry, to whom (fays Eunapuis) he was no- 
thing inferior, except in the ftructure and power of compofition. For his writings 
were not fo elegant and graceful as thofe of Porphyry ; they were neither agreeable, nor 
confpicuous; nor free from impurity of di€tion. And though they were not entirely 
involved in obfcurity, and perfectly faulty ; yet, as Plato formerly faid of Zenocrates, he 
did not facrifice to the mercurial Graces.. Hence he is far from detaining the reader with 
delight, or inviting him to a perufal of his works; but he rather feems to avert and dull 
the attention, and fruftrate the reader’s expeCtation. However, though the furface of his 
conceptions is not covered with the flowers of elocution, yet his thoughts contain a. 
moft admirable. depth, and his imagination is truly divine. He fhared in an eminent 
degree the favour of divinity on account of his cultivation of juftice; and obtained a 
multitude of affociates and difciples, who came from all parts of the world; for the pur- 
pofe of participating the ftreams of wifdom, which fo plentifully flowed from the facred’ 


And alterwaeds Ulyffesis defcribed, as appearing through the interpofition of Min§y, like one of the immortals : | 


So Pallas his heroic form improves 
With bloom divine, and like a god he moves. Lib. xxiii. L 163.. 


Por indeed he who, like Ulyffes, has deftroyed the power of his paffions, and purified himfelf from their de- 
fling natare, no longer ranks in the order of ‘mortals, but affimilates with divinity itfelf. And now that he may 
become entirely known to intellectual purity, that chafte Penelope uf the foul, he need only relate the fecrcts of 
thuir mryfRic union, and recognize the bower of celeftial love. For then perfe& recolle&ion will enfues and - 
the anxiety of diffatence will be changed into tranfports of affurance, and tears of rapturous delight. 

And thus we have attended Ulyfies through his various wanderings and woes, till he recovers the ruined em- 
pire of his foul, We muft however remember, according to the beautiful obfervation of Porphyry, in the above 
tréatife, that he is not freed from moleftatien till he has paffed over the raging fea of a materiat nature, has en- 
tirely appeafed the anger of divinity, and is become fo infenfible to the concerns of a corppreal life, as tobe ige. 


perant of their nature and ufe. For: 

Then heav'n decrees in peace to end his days, 

And feal himfelf from life by flow decays; 

Unknown to pain, in age refign his breath, 

When late ftern Neptune points the shaft of death ; 

To the dark grave retiring as to reĝ ; 

Hig people bicfling, by his people bleg, Lib. iid. 1. 281, &e. 
| fountain. 
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fountain of his wonderful mind. Among thefe was Sopater * the Syrian, of the 
greateft eloquence, both in compofition and difcourfe; Euftathius the Cappadocian ; 


. - and of the Greeks, Theodorus and Euphrafius. All thefe were excellent for their vir- - 


tues and attainments, as well as many others of his difciples, who were not much infe- - 
rior to the former in eloquence; fo that it feems wonderful, how Iamblichus, could at- 
tend to them all, with {uch gentlenefs of manners and benignity of difpofition. 

He performed fome few particulars relative to the ‘veneration of divinity, by himfelf, 
without his affociates and difciples; but was infeparable from his familiars in moft of 
his operations. He imitated in his diet the frugal fimplicity of the moft ancient times 3 
and. during his repaft exhilerated thofe who were prefent by his behaviour, and filled 
them as with nectar by the fweetnefs of his difcourfe. Some of thefe inflamed with an 
unwearied defire of hearing his wifdom, and incapable of being fatiated with its plea- 
fure, were his conftant guefts, and‘ once addreffed him as follows: “ Why, O divine. 
malter, do you thus act alone, without communicating to us your moft confummate 
wifdom? Yet it has been reported to us by your fervants, that you have been feen, while 
engaged in prayer, elevated more than ten cubits from the ground, your body and gar- 
_ ments at the fame time being changed into a golden colour; and that when your prayers 
have been finifhed, your body has returned to its priftine form, and defcending to the 
earth you have affociated and difcourfed with us as before.” Upon this Iamblichus. 
laughed (though he was not addicted to laughter) and replied: ‘‘ He who invented 
this falfe relation, was not unpleafant; but in future, nothing fhall be tranfacted with- | 


7” 


out you.” 
The two following circumftances, relative to the theurgical powers of this wonderful 


man, are related by Eunapius, which the reader may credit or reject as he'pleafes. At 
that feafon of the year, when the fun rifes in conjun@tion with the dog-ftar, Iambli-- 
chus went with his difciples to. facrifice, in one of the fuburbs of the city; and after 
the facrifice was performed they returned to town, gently walking along, and dif- 
courfing concerning the gods, as a fubje&t very proper for the occafion. Then Iambli- 
chus, who was perfectly loft in thought in the midft of the difcourfe, whofe voice was’ - 
fallen, and eyes immoveably fixed on the earth, turned to his companions and exclaimed : 

“ Let us take another read, for not far from hence there is a funeral procefiion”.- Iamblie - 
chus accordingly chofe a purer: way, and was accompanied by fome who were afhamed i 
to forfake their mafter: but the greater part, among whom was Aedefius, obftinately | 


perfifted in the former road, afcribing the affair to the vanity and fuperftition of the .. 


man, and tracing the event with avidity and caution. In the mean time, thofe whofe 
office confifts in burying the dead approached, contrary to the expeCtation of his difci- 
ples; and upon enquiring whether they had taken that road from the firft, they an- 
{wered in the affirmative, and that no other path led to the place of their deftination. 


® This Sopater, fucceeded Plotinus in his philofuphical {chool. Vide Suzom. Hift. Ecclef. 3, 5. 
| 7 l But 
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But the fecond relation is far more wonderful than the prefent: for in the firk (fays 
Eunapius) perhaps the fight and {mell of Iamblichus was more poworful than that of 
his difciples. His affociates therefore, not fatisfied with this teftimony of his extraordi- 
naty powers, were defirous to try him in a greater affair, and upon folliciting Iambli- 
chus for this purpofe, he replied that a proof of this kiad was not dependant on his 
own will, but muft be referred to a proper opportunity. In a fhort time after this, 
they all went to Gadara in Syria, a place fo famous for baths, that, after Baiz in Came 

pania, it is the fecond in the Roman empire. Here a difpute concerning baths arifing 
while they were bathing, Iamblichus {miling, faid to them: “ Though what I am about 


to difclofe is mot pious, yet for your fakes it thall be undertaken ;” and at the fame | 


time he ordered his difctples to enquire of the natives, what appellations had been for- 
merly given to two of the hot fountains, which were indeed lefs than the others, but 


more elegant and graceful. Upon enquiry, they found themfelves unable to difcover - 


the caufe of their nomination; but were informed that the one was called igas, eros, or 
~ Jove, and the other arrg, anteros, or the god who avenges the injuries of lovers. Lambli- 
= chus immediately touching thé water with his hand (for he fat perhaps on the mar- 
gin of the fountain) and murmuring a few words, raifed from the bottom of the foun- 
‘tain, a fair boy, of a moderate ftature, whofe hair feemed to be tinged with gold, and 
--the upper part of whofe breaft was.of a luminous appearance. His companions being 
aftonithed at the novelty of the affair, let us pafs on fays he, to the mext fountain; and 
at the fame time he arofe, fixed in thought, and performing the fame ceremonies as 
before, called forth the other love, who was in all refpeéts' fimilar to the former, except 
that his hair, fcattered in his neck was blacker, and was like the'fun in refulgence. At 
the fame time both the boys, eagerly embraced Iamblichus, as if he had been their na- 
tural parent: but he immediately reftored them to their proper feats, and when he had 
wafhed departed from the place. After this affair, the aftonifhment of his familiars 
and difciples was {6 great, that they fubmitted to the dogtrines of Iamblichus with im- 
plicit affent. Eunapius obferves that ‘other extraordinary particulars were related of 
Iamblichus, but that they had too much the appearance of fables to be combined with 
hiftorical veracity. He adds that he fhould fear the preceding relations, were delufive 
‘and fictitious, if they had not been confirmed by men who were eye-witneffes of their 
reality. 

A celebrated philofofpher named Alypius, lived at the fame time as Iamblichus, alio 
was deeply fkilled in diale€tic ; but was of fuch a fhort ftature, and fo flender in body, 
that he exhibited the appearance of a pygmy. However his great abilities amply com- 
penfated for this trifling defe&t ; and he might be faid to have emigrated into foul alone, 


by which he was poffeffed as by fome infpiring god. This Alypius had many followerg, | 


but his mode ‘of philofophifing, was confined to private conference and difpntation, 
without committing any of bis dogmata to writing. Henge ‘his difciples gladly applied 


themfelves | 


r 
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themfelves to Iamblichus, defirous to draw abunifantly from his copious mind, as from 
a perennial and overflowing fountain. The fame therefore of each continually in- 
creafing, they once accidentally met like two refulgent ftars, and were furrounded’by fo 


great a croud of auditors, that it reprefented fome mighty mufeum. While Iambli- 


chus on this occafion waited rather to be interrogated than to propofe a queftion him- 
felf, Alypius, contrary to the expectation of every one, relinquifhing philofophical difeuf- 


‘fions, and feeing himfelf furrounded with a theatre of men, turned to Iamblichus, and faid 


to him: tell me.O philofepher, ts the rich man unjuft, or the heir of the unjuft ? For in this cafe 
there is no medium. But Jamblichus hating the acutenefs of the queftion, replied, ‘6 This kind 
of difputation, O illuftrious man, relative to external concerns, is foreign from our philo- 
fophical mode; fince we alone propofe as fubje€ts of f{peculation, characters replete 
with philofophic virtue.” After he had faid this he departed, and at the fame time all 


„the {urrounding multitude was immediately difperfed. But Iamblichus colleCting him- 


felf when alone, and admiring the acutenefs ofthe queftion, often privately reforted to 


. Alypius, whom .he vehemently extolled for the fubtility of his judgment; and the fa- 
.gacity of his genius; and whofe life he hiftorically and copioufly delineated. This 


Alypius was an Alexandrian by birth, and died in his own country, worn out with age: 
and after him Iamblichus *, leaving behind-him many roots and fountains of philofophy ; 
which, through the cultivation of fucceeding Platonifts, produced a fair variety of vi- 


` gorous branches and copious dtreams. 


The writings of this extraordinary man, though ineftimably valuable, are not.nume- 
rous; and the greater part are unfortunately loft. The only one which is preferred, 
relative to the Platonic theology, is the following : 

On the myfleries of the Egyptians, Chaldeans, and Affyrians: or an anfwer to the epiftle of © 
Porphyry to the prophet Anebo. This admirable book contains many of the greateft 
arcana, of the ancient theology, refpecting gods and demons, their cultivation and 
commerce, and the conjun€tion of the foul with divinity. It fully folves all the doubts ` 
concerning the impaflivity of a divine nature ; demontftrates its omniprefence, and never- 
failing energy; fhews that we are continually furrounded with its light; and that all 
the divinities fubfift in indivifible union, and indiffoluble confent. There is an excel- 
lent Greek and Latin edition of this work, :publifhed, with copious notes, by the learned 
Gale: and it is greatly to be withed, though but little to be expected, that it was once 
tranflated into Englifh, accompanied with a philofophical comment, which might both 
difclofe its beauties, and reveal the facred myfteries it contains. 

Among the loft writings of Iamblichus, refpecting theology, we may reckon in the 
firft place, three books, concerning the phyfics, ethics, and theology of arithmetic: or guoa 
klind nas Qsoroyd pera “Agipariniic. Thefe three books, form the fifth, fixth, and feventh, 


ie The cxa& time of Iamblichus’ death is nnknown; it is however certain, that it was during the reign of 
-Conftastine; and according to the aia Fabricius, prior to the year of Chrift 333. Biblioth, Grec. 
Tom. 4 p..383. - 


of 
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of a great work by Iamblichus, in ten books, entitled, a collection of the Pythagoric dog- 
mata. And the feventh book, Fabricius thinks is ftill extant. 

2. Concerning the gods.. From this work the emperor Julian derived moft of the dog- 
mata contained i in his elegant oration to the fun. 

3. Commentaries on the Parmenides, Timaus and Phedo of Plato. The ineftimable value 
of the firt and fecond of thefe commentaries is fufficiently evident from the frequent 
mention made of them by Proclus, in his writings on thefe dialogues; and from the ad- 
mirable paflages contained in them, which he has fortunately preferved. 

4. Concerning the perfection of the Chaldaic philofophy. ‘The twenty-feventh book of this | 
great work, is cited by Damafcius, in his MS. treatife wag! aexwr: and this whole dif- 
courfe was ftudied with avidity by Proclus, and enabled him as we are informed by Ma- 
rinus, tq afcend to the very fummit of theurgic virtue. And thus much for the works 
of Iamblichus relative to the. Platonic theology. R ' 

But here we may obferve with wonder how the deepeft myfteries of this theology, 
became more and more explicitly unveiled, in proportion as.the Roman empire was 
haftening to its diffolution; and Chriftianity to an univerfal eftablifhment. Though 
‘ the works of Plotinus and Porphyry contain all the arcana of theology, yet they contain 
them occultly and concifely. Their depth is in a great meafure latent, and their fire 
condenfed. But in Iamblichus we find greater copioufnefs and precifion: theology is ren- 
dered more eafy of accefs, and her light is more widely diffufed. The profundity of barba- 
rian theology is more accurately explored, and its confent with that of Pythagoras and 
Plato more abundantly and diftinétly evinced. We find in his works, myftery united with 
bright evidence, religion with fublime philofophy, and fcience with divine illumination. 
Now this difference in the mode of unveiling the Platonic theology, is perfe€tly agree- 
able to the ftate of the Roman empire, and the new religion, at the periods when thefe 
modes were adopted. In the times of Plotinus and Porphyry, when Galienus, and 
Dioclefian {wayed the fceptre of the world, Rome was in the middle of her courfe to 
deftruction and Chriftianity had nearly accomplifhed one half of her journey to eccle- 
fiaftical empire. However as neither the fall of Rome, nor the eftablifhment of Chrifti- 
anity, were then abfolutely certain, thefe philofophers were cautious in difclofing all, 
that a bafer period might require. This period Iamblichus was deftined to fee approach 
under the reign of the emperor Conftantine; when the new religion was eftablifhed, 
and the old treated with ridicule and contempt. Indeed the new religion had no fooner 
afcended the throne, and affumed fhe reins of arbitrary power, but fhe was furrounded 
with myriads of unphilofophic converts, and in her progrefs to defpotifm, drew after 

her the capital of Rome; and ct once fixed the deftruétion of its ancient empire. And 
thus we may fec that the writings of Iamblichus were perfectly correfpondent to the 
depravity of the times. l 

The moft celebrated difciple of Iamblichus, appears to have been one Œdefius a Cap- 

padocian, who was of noble birth; put; ag is generally the cafe with philofophets, 
Vou. II. S € s policies 
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poffeffed bat a flender eftate. According to Eunapius who wrote his life, he was not 
much inferior to Iamblichus, except'in a divine afflatus, which feems to have been 
peculiar to that illuftrious hero. ‘To Œdefius we may add Maximus and Dexippus, both 
difciples of Iamblichus; and frequently cited by Simplicius in his elaborate commentary 
on the predicaments of Ariftotle. But here we muft regret, that none of the imme- 
diate fucceffors of Iamblichus, contributed any thing to the advancement of the ancient 
theology. They reverenced indeed the arduous flights, and divine genius of their maf- 
ter; but never attempted even to imitate, what they could not equal, and were con- 
tent to grovel without prefuming to foar. ‘The iniquitous times indeed of the emperor 
Conftantine, may afford a reafonable apology for the decay of 5 genius, and the langour 
of philofophy. The deftruétive rod of ecclefiaftical empire was already extended; 
and its lethargic influence was: already felt on the a&tive fpirit of liberal inveftigation. 
Religious faction had now ftarted from the bofom of delufion; and boly perfecution, was 
haftening from the infernal feats, to maffacre the nations, and deluge Europe and Afia 
in blood. The peaceful aud inftructive difputes of philofophers; were now beginning 
to be exchanged for the jargon of orthodox and heterodox fećtaries; and the calm voice 
of ancient theology, was filenced by the barbarous and tumultuous founds, of Arian and 
Trinitarian clamours. This alarming change however, checked only for a fhort period, 
the generous ardour of the philofophic genius: for thè æra was now at hand in which 
theology was deftined to difplay he full blaze of her celeftial light. Sacred zeal indeed 
pre{umed to hurl the darts of faith, againft her venerable perfon : but her arm was def- 
titute of vigour, and her weapons fell innocent to the ground. The buckler of true theo- 
logy was not to be tranfpierced, by fuch imbecil darts; and the attempt was like that of 
weak ald oa againit the {trong and youthful Pyrrhus. 


 ——v oe telumque imbelle fine itu 
Conjecit : rauco quod protenus ære repulfum, 
Et fummo clypei necquicquam umbone pependit. 


But the order of difcourfe now brings us to a furvey of the laft branch of the theological 


tree, in which we may difcover amid numerous ramifications, and elegant foliage, 


exhauftlefs vigour, and luxuriant fruit. The fource of this illuftrious branch was the 
great Athenian Plutarch, of whom fuch honourable mention has been made, in the 


_ preceding -life of Proclus *. ‘To Plutarch fucceeded Syrianus and Olympiodorus ; and 


to thefe Hermeas and Proclus. It was by the tabours of this laft philofophical hero, that 
theology received the confummation of excellenée, and exhibited diffufed elegance, 
combined with majefty and ftrength. This will be evident from perufing his life, and 
ftudying his more abitrufc writings, among which the following elements may be de- 
fervedly ranked. ‘Though Marinus as we have obferved in the life of Proclus, was his 
immediate fucceffor, yet Afclepiodotus the mafter of Damafcius, was his beft difciple ; 


® See vol. I. of this work. 
and 
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and was moft capable of receiving the exuberant ftreams of wifdom, which vigoroufly 
flowed from his philofophic mind. After Afclepiodotus an illuftrious feries of philofo- 
phers fucceeded, who terminated the golden chain of Platonifts, and were the laft ad- 
vocates for the dignity of ancient wifdom and theology. ‘Thefe great men were Zeno, 
dotus, Severianus, Ammonius Hermias, Hierius, Afclepius, Simplicius, Ifidorus, Da- 
mafcius, Diogenes, Eulalius and Prifcian. But of alt thefe,-none except Damafcius, | 
appears to have contributed any thing to the perfection of theology : for the works of ` 
the reft confilt for the moft part in excellent commentaries on Ariftotle; but Damaf- 
cius, in his book, on prihciples, has preferved a moft valuable ftore of recondite wif- 
dom, and unfolded fome of the fublimeft myfteries of ancient theology. This ineftim- ° 
able work is however ftill in manniceph and is not likely in the prefent age to emerge 
from its fhameful concealment. ! 

Seven of the preceding illuftrious herpes, who were united by friendfhip as well as 
philofophy, Damafcius the Syrian, Simplicius of Cilicia, Eulalius the Phrygian, Prif- 
cian the Lydian, Hermias and Diogenes of Phoenicia, and Ifidorus of Gaza, difgufted 
with the religion of their fovereign Juftinian, determined to feek from Chofroes the 
Perfian king, that liberty of conduct which their native country denied. Chofroes 
though a barbarian, was deeply fkilled in the philofophy of Plato and Ariftotle; and 
was fo imbued with the dogmata of Plato, that not one of his abftrufe dialogues efcaped 
his penetrating genius. ‘The ill fuccefs however of thefe philofophers in their journey 
to Perfia, gives us reafon to fufpeét that the philofophic attainments of Chofroes, were 
influenced more by pride than the love of truth: and that he affected the name without 
poffeiling the requifites of a fage. The return of thefe philofophers was precipitate, 
and their difappomtment extreme. They derived however a confiderable advantage 
from their expedition; and the conduct of Chofroes in this particular will confer im- 
mortal honour on his character and name. He was the means of procuring for the 
feven fages, an exemption from the barbarous penal laws of Juftinian againft the Pa- 
gans; and thus enabled them to end their days in fecurity and peace, and in the enjoy- 
ment of that liberty of confcience which no religion before the Chriftian, ever attempted 
to deftroy. 

The reign of Juftinian, indeed, as it firmly eftablifhed the Chriftian religion, termi- 
nated the glorious empire of philofophy, by fuppreffing the fchools of Athens, and fuf- 
pending the ecclefiaftical {word over the heads of heathen theologifts. But the fall- of 
philofophy was naturally fucceeded by the darknefs of delufion and ignorance ; by the 
Spirit of wild fanaticifm, and intolerant zeal; by the lofs of courage and virtue ; and by 
the final diffolution-of the empire of the world. She was ruined indeed but not with- 
out revenge. War, peftilence, and famine, were the fcourges of a prince who had 
prefumed to demolifh her {chools, and intercept the diffufion of her facred light: and 
his reign was di fgracga by an irreparable decreafe of Mankind, in the moft fertile re- 
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gions of the earth. We may add too that his dominions were alarmed with the dread- 

ful blaze of two mighty comets, whofe malignant light foretold approaching calamities 

and war; and fignified perhaps the eftablifhment of religious anarchy, and the com- 

menccment of Lartarous impiety and folly. And to complete this catalogue of prodigies 

and defolation, every year of his reign was marked with violent earthquakes of un- 

` common duration, and incredible extent. The whole furface of the Roman empire 

was agitated with horrid internal convulfions; and enormous chafms were formed by 

the earth’s ftrong vibrations. Large bodies were difcharged into the air, and the fea 

concurring in the general ruin, overflowed or deferted its natural bounds, by alter-.- 
nately advancing and retreating with accumulated majefty and ftrength: and a moun- 

tain was torn from Libanus, and hurled into the waves, amidft the dreadful toflings of. 
the deep. Hiftory after this period exhibits nothing but religious diffenftons, def{pica-. 
ble councils, and bigotted feéts; the enmity of /aints, and the difcord of Neftorians and 

Jacobites, Maronites and Armenians, Copts and Abyffinians. Religious war,. and pious. 
rebellion fucceeded to philofophical theory ; and Neftor and Cyril led the confufed and: 
clamorous dance of ecclefiaftical difputation. 

Tt would neither be confiftent with the defign of this hiftory, pleafing to the author, 
mor entertaining to the Platonic reader to trace the rapid increafe of barbarifm and i igno- 
Tance, after the abolition of the Athenian and Alexandrian f{chools. It will be fufficient: 
to obferve, that the jargon of innumerable fects, eftablifhed a tyranny unknown to the. 
Pagan world, the tyranny of religious defpctifm ; and finally extirpated from the earth, | 
the dominion of ancient wifdom and virtue. From the incredible multitude of differ-. 
ent perfuafions, Chriftianity loft all appearance of a revelation; and by the conduct of 
its profeffors, feemed rather calculated to confound than illuminate mankind. 'The 
fame infatuated fpirit has indeed marked its progrefs to the prefent day ; and we find 
that in proportion as this baneful zeal prevails, knowledge retires, virtue droops, and 
magnanimity 1s deftroyed: hypocrify becomes the fubftitute for generofity ; and whining 
cant. fucceeds the decent confidence, infpired by genuine dignity and worth. As the 
rapidity of a river is increafed by the contraction of its channel; fo its vigour is di- 
minifhed by the multiplication of its {treams. In a fimilar manner, the influence of any 


' religion ig leffened, when it is divided into various ftreams of opinion, by the difcord 


of party, and the zeal of profeflion. |The energy of the whole is loft by diffufion; and 
the river of the Church is weakened by the numerous and narrow rivulets of Difenters. 

Expetience unfortunately fhews, that the profeffors of a national religion, are generally 
men of greater integrity, than thofe who compofe the diffenting fects; and the fat may | 
be fupported by a rational theory. The trifling employments, gro`scling cares, and con- 
temptible fame which are neceflarily connected with religious diffenfion, unavoidably 
debilitate the mind, and. contract the heart. The whole attention is engrofied in re- 
garding the little concerns, Rnd {upporting the narrow opinions of a party; and that 
‘ flrength of underflanding, and integrity of character, which are requifite to acquire 
emincnee 
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erainence in fcience and virtue, are loft in imbecile exertions and hypocritical cant. It 
is on this account that I fhould prefer a diffenter in Scotland, and a papift in France, 
to a diffenter and catholic in England: for in thofe countries they ceafe to be fećtaries, 
and may confequently in fome degree become virtuous and wife. 

It feems at firft fight furprifing that there fhould be no feéts among. the Grecian 
polytheifts: they were unanimous in their belief of a multitude of gods fubordinate to ’ 
one fupreme: their mode of worfhip was uniformly the fame ; and they appear to have 
had no conception of religious innovation. Shall we fay that a religion is falfe in pro-. 
portion to its unity; that truth may be branched out into an endlefs variety of difcor- 
dant ftreams; and that error alone refifts the power of copious and confufed divifion? 
Such a {peculation is indeed curious, but not fafe ; and its refult would perhaps be more 
logical than orthodox, and. more informing than difcreet! Let us therefore direét our. 
attention, to a more important fubjeét, and confider the excellence of the Chriftian 
religion with refpect to the commercial interefts of mankind. That Chriftianity is not 
favourable to philofophy (I mean that of the ancients) is evident from its caufing the 
deftru€tion of the ancient {chools; which it has not yet reftored, though more than a 
thoufand years have elapfed fince their diffolution. Indeed the wifdom of a age, is not 
likely to,coincide with the doctrine of a fi/berman; and implicit faith, ills fuits with li-. 
beral doubt, and fevere inveftigation. However, the fpirit of meekne/s, which Chrifti- 
anity fo admirably inculeates, thofgh oppofite to the dignity of philofophy, promotes 
the humility of merchandize, and facilitates the emoluments of trade. It enables men. 
to fupprefs their paflions from confiderations of intereft; teaches them to refer every 
thing to private advantage ; and to confider magnanimity as a dangerous and arrogant. 
virtue. It is to this {pirit, that we’mutft afcribe the great extent of commerce, in all 
the civilized parts of the world; and that Europe is much richer, though lefs wife than. 
of old. The fpirit of meeknefs by gradually fupprefling the noble ardour of ancient 
heroifm, and withdrawing the attention from abftract inveftigations, as daring and ‘pre- 
fumptuous, has given birth to innumerable difcoverics in the arts, unknown to the {pes 
culative genius of antiquity. Hente the luxuries of life have received an immenfe im- 
provement ; and the fpirit of meeknefs though not calculated to foar, has wandered over 
the furface of the earth, and diffufcd its humble bleffings even to the remote regions of 
the poles. Penetrating and fmooth, it has crept like oil, through the communitics of 
mankind; and increafed the activity, by lubricating the joints of the flexible. body of 
Commerce. As oil too allays the fury of the fea, and calms its agitated waves; fo meek. 
nefs fuppreffes the effervefcence of defire, reflrains the refllefs fpirit of enquiry, and 

calms the impetuofity of genius. Hence though we are no longer furprifed with the 
daring exploits, and prodigious talents which diflinguifhed the ancient world, yet we 
can boaft a greater uniformity of character, a more generaMequality in moderate attain. 
ments, and a more interefted fpirit. In confequence of this univ nee mediocrity, our 


capacity, 
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capacity for commerce is increafed, and our abilities enlarged, for accumulating wealth 


_ by groveling purfuits. But the moft important advantage acquired by the fpirit of 


meeknefs, iş that méntioned by the great apoftle of the Gentiles, ‘í of becoming all 
things to all men.” The benefits indeed which fuch a pliability.of temper confers on a 
commercial kingdom, compofe fo great a part of the arcana of traffic, that revelation 
alone could have made mankind fenfible of their importance. Meeknefs like Proteus 
afflumes every poffible appearance which the intereft of concealment may require ; and 
philofophy alone can trace it, through its multiform fhapes, and wanguk its transdon: 
ing power. 

But though we excel the ancients in the virtue of meeknefs, and its attendant arts, 
we are infinitely below them in the cultivation of intelle€tual philofophy. By the in- 
vention of the microfcope and telefcope, we have indeed difcovered the ftru€ture of 
the fubtile parts of body, and beheld ftars invifible to the ancient world. Hence our 
Knowledge of particulars has received, and is continually receiving an immentfe increafe : 
but we forget that particulars are infinite, and that while they produce the fleeting fa- 
bric of opinion, they are incapable of forming the fteady and permanent bafis of fcience. 
The doctrine of caufes, was the object of ancient inveftigation: the enumeration‘of 
effects is the bufy employment of the moderns. Experimental inquiries have enabled 


the philofopher of the prefent day to folve partial phenomena, and to deceive the ım- ` 


portunities of doubt by the intervention of fecondary caufes. However, arguments de- 
rived from the modifications of matter, can only fatisfy fuperficial enquirers 3 and will 
be indignantly rejected, by the profound and contemplative genius. So far from de- 
riving any illumination by accumulated experiments, the profeffors of this philofophy 
confcfs their ignorance of principles; and neglect their inveftigation under the fpecious 
pretext of declining hypothefes. On the contrary the philofophers-of antiquity impelled 
by intellectual dignity and ftreneth, afcended to principles, as the pillars of the univerfe, 
and the fources of conviction and repofe. Hence they gloried in afferting and vindicat- 
ing the capacious powers of the foul: and by fevere invefligation, experienced the fe- 


rere fplendours of knowledge, and banifhed the anxieties of doubt. The intellectual 


philofophy refines the morals while it enlightens the mind, and improves the heart 
while it exalts the powers of imagination and thought. On the contrary the mechani- 
cal philofophy produces oppofite confequences, by introducing the darknefs of igno- 
rance, and debafing the energies of the foul. 


But there cannot J think be a more cgregious inftance of the barren ftate of philofophy 


at prefent, than the prevailing opinion that the moft valuable knowledge is derived from 


common life, and the general conduét of mankind. The manners of the multitude, fo 
far from affording any really valuable information, exhibit nothing but fpecimens of 
folly and vice, aftonifhingly various, and differently combined. A knowledge of this 
kind may indeed be neceflary to the man who wifhes to accumulate wealth, and acquire 


popular honours; but is infinitely remote from the poffefion of true wifdom, and the 


2 true 
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true cultivation of human underftanding, The beft, as well as the moft exalted know- 
ledge, is as we have already proved.*, that which is defirable for its own fake ; which 
confers felicity on its pofleffor, and gives a final refpite to the arduous labour of mental 
inveftigation. The knowledge of common things, is alone the province of common, or 
uncultivated minds ;. and men of great genius in every age, have been diftinguifhed by 
their happy ignorance of the trifling purfuits, and empty attainments of the vulgar. In- 
deed he who mixes much with the multitude, neceffarily imbibes falfe opinions and 
engages in puerile occupations: the ftrength and activity of his mind, is continually 
weakened, or unworthily exerted, by a general diffufion; and he at length Jofes all 
that intellectual energy, which nature firft implants, but retirement cails forth into the 
bloffoms of elegance, and the perfection of vigor. 

The late Dr. Johnfon is a ftriking inftance of the truth of thefe obfervations; anda 
lafting example of the wretchednefs of a mind unenlightened by philofophy. His ta- 
lents were indeed vaft and uncommon, but degraded by falfe cultivation and ruined 
through neglect. Hence he employed himfelf folely on fubjects of vulgar {peculation. 
and thought deeply on nothing but the vices and follies of the illiterate and the bafe. 
Like a giant in the dark, his ftrokes were indeed powerful, but often ineffectual; and 
were never directed by the hand of wifdom,, or affifted by the irradiations of truth. Thus 
he conftantly difplayed ftrength without fkill, and exertion without knowledge, abili- 
ties without genius, and grandeur without a grace. He appears to- refemblc indeed: 
nothing fo much as the eyelefs Polypheme. Deprived of the cheering light of {cience 
and philofophy, he wandered in the caverns of fenfe, wretched through the want of 
fight, and avoided by the timid multitude who trembled at his ftrength. To approach 
him too near was generally deftructive of the order of fociety, and often fatal to the 
peace of bold but ignorant individuals. 

His piety too as well as his literary talents fhews iow little of felicity is to be expeéted 
where philofophy is wanting. For though he profefled to believe in the immortality of 
the foul, he was a perpetual flave to the dread of death: aud though he was conti- - 
nually exercifed in the externals of religion, he could find no confolation when alone. 
There is nothing indeed whofe certainty is. fo generally admitted in difcourfe as the 
foul’s immortality; and yet nothing at prefent is fo generally difbelieved. For I will 
not difgrace the word belief, by fuppofing it poflible that a man can be firmly affured- 
of this important truth, and yet continually feck for arguments in defence of its reality. 
This is however the cafe with modern believers. ‘They profefs reverence for the deci- 
Gons, and faith in the doctrines of revelation; but are glad to feck for conviction in the 
arguments of philofophy. Faith is found fufficient to fupport the mind, while it re 
clines. on the bofom of the church,- or clings round the pillars of orthodox opinion. | 


* Vol. I. Sect. 4, 
But 


ed 


eee 


3 RESTORATION OF THE 

But when it is once fhaken by enquiry and ftaggered by doubt; when it leaves the ena 
chanted enclofure of faith, and ventures on the wide ocean of -enquiry ; it can alone find 
fecurity in the harbour of reafon, and reft in the embraces of philofophy. 

Dr. Johnfon is however celebrated by his female biographer as “a man good beyond 
the imitation of mortals.” As if goodnefs could ever refide in a foul perpetually harraffed 
with fears, and agitated with paffion; diftracted ‘with the profpects of futurity, and 
afraid of retiring into itfelf, Is it not ridiculous to fuppofe that a confcioufnefs of vir- 
tue and worth can ever be combined with mifery and fear; or that the fteady and ferene 
light of truth can ever dwell enfhrined in the gloom of defpondence, or beam through 
a mind difturbed and clouded with care? ‘ The good man fays Plotinus is ever tran- 
quil ‘and ferene, undifturbed by paflion, and fuperior to grief:” and that religion is 
but of little worth, which confers on its votary nothing but the torments of anxiety from 
confcioufnefs of inward folly or vice; and the dread of diffolution from the uncertainty 
of its refult. We may reft affured that no one can be truly worthy who is wretched in 
himfelf: for to-be truly good is to refemble the divinity: and to fuppofe that mifery 
‘can be combined with fuch a character, is to afcribe imperfcCtion to deity, ‘and unhappt- 
nefs to the fountain of good. For the exemplar cannot be contrary to its image, though 
it may be infinitely fuperior in excellence and dignity of nature. 

And thus much for a hiftory of the reftoration of the Platonic theology by the latter 
Platonifts. I only add, that I am in no refpect a debtor to the gratitude of the public : 
for my writings hitherto, have, neither been attentively ftudied, nor liberally received. 
Solely influenced by the love of truth, I have endeavoured to diffeminate the wifdom of 
Greece, and to draw afide the myftic veil of recondite theology: but experience has 
convinced me that the period of philofophy is paft ; and that fome fortunate revolution 
cap alone reftore its fallen honours, and eftablifh its original fway. Should the prefent 
work furvive the literary wreck, which will probably precede the revival of philofephy, 


I thall confider myfelf amply rewarded for the ‘toil of its exccution: and I am not 


afhamed of owning, that the pleafing hopes of fuch an event have infpired me with 
the patience and vigour requifite to fo laborious an undertaking. In fhort whateyer may 


' be its immediate or future fuccefs, my views have been liberal in the publication, and 
“my mental advantages confiderable from the ftudy of ancient philofophy. Amidft the 


various ftorms of a life diftinguifhed by outrage and difeafe, it has been a never-failing 
fupport, and an inviolable retreat. It has fmoothed the brow of care, and difpelled the 
gloom of def{pondence ; fweetned the bitternefs of grief, and lulled agony to ret. Af- 
ter reaping fuch valuable advantages from its acquifition, I am already rewarded, 
though my lubours fhould be unnoticed by the prefent and future generation. The lyre 
of true philofophy is no lefs tuneful in the defert than in the city; and he who knows 
how to call forth its latent harmony in folitude, will not want the tetimony of tke 
multitnde to convince him that its melody is extatic and divine. 
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ON THE ON-E. 
PROPOSITION L 


All multitude participates in a certain refped of the one. 


O R if it in no refpect participates of the one, nater will the whole be one whole, 
nor each of the many from which the multitude is compofed : but each of thete 
will alfo be multitude, and this will be the cafe in infinitum; and each of thefe 
infinites will again be infinite multitude. For if it in no refpect participates of the 
ene, neither according to its whole felf, nor according to each of its parts, every 


where, and throughout there will be infinite multitude. For each of thefe manys, 
which 


@ Ihave already mentioned this admirable work, with the praife it fo juftly deferves, in my account of the 
life and writings of Proclus. (Vol. I. of this work, p. 38.) I now add, with great pleafure that I have been no 
lefs fortunate with refpe& to the tranflation of thefe Elements than in tranflating the commentaries of Proclus, 
For the Greck text, is very frequently defective in parts effential to the meaning; and confequently neceffary te 
the perfection of the whole. This defe& I have been able to fupply from a Latin verfion of Patricius (Ferran. 
1523) who appears to have had a perfe& manufcript in his poffefion. But notwithftanding this affiftance, I muft 
freely own, that I never tranflated any thing which required fo much intenfe thought, and fevere labour in its 
execution. This indeed muft neceffarily be the cafe, if the abftrufenefs of the fubje&, the difficultly of finding 
proper terms, and the defects of the original, are properly confidercd. But the learned reader may be experi- 
mentally convinced of the truth of this affertion, if he only compares the Greck text with the Latin verfion of 
Æmilins Portus; in which I am forry to fay, he will fcarcely fiud one propofition, in which Portus has not 
miftaken the fenfe of his author. Indeed were I difpofed to entertain the critical reader, I might {well the vo- 
jume with copious notes from the blunders of Portus; and difplay the fuperiority of my own verfion by contraft. 
ing the Englith with the Latin. But I confider verbofe criticifms of this kind as both ufelefs and pedantic ; as 
remote from the philofuphical genius; and as alone calculated to fill up the leifure hours of men, who have ruined 


“their underftandings in the tudy of words. The genuine Platonift whe may be ignorant of Greek, will I pere 
Voet. I. Te ° vade 
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which ever you afflume, will either be one or not one, will either be multitude or 
nothing. But if each of thefe manys be nothing, that which is compofed from. them- 
fhall alfo.be nothing. But if each be many, then each fhall confift from infinite infi- 
nites. But thefe confequencies are -impoffible. Since no being-ts compofed from in- 
finite infinities *;. For there is nothing greater than infinite. But that which is confti-. 
tuted from all is greater. thaneach particular. Nor can any thing be compofed from no= 
thing. All multitude therefore participates in.a.certain refpeét of the one.. 


- 


PROPO'SETEON. H.. 


Every thing which participates of the one, is both ome and not one.. 


OR if it be not the one it/elf (adroit) (fince it participates of the one) becaufe it is fome- 
thing different from the one, it fuffers-the one, by participation, and fuftains itfelf to. 
become one.. If. then it. be nothing elfe befides the one, it is one alone, and does not. 
participate of the one, but is the one st/e/f. But if it be fomething different from the one, 
which is not the.one, but its participant, it is both mot one and one, not indeed the felf- 
fubfifting one, but one being, as participating Of the one it/e/f. ‘This then is neither one, 
nor does it fubfift as the one, but it is one being, at the fame time participating of the one, 
and on this account, fince it is not the felf-fubfifting one, it is both ene. and not one, 
hecaufe it is fomething different from the one. For fo far as it abounds it is mot cne., but 
fo far as it is paflive from. participation, it becomes ove. Every thing therefore which 
participates of one,. is both ove, and not one., 


fuade myfelf, rejoice to fee this invaluable treafure in his native tongue: and thofe who have been led to cenfi- 
der the theology of the heathens as delufion, and abfurdity, will doubtlefs be {urprized to find, that it is replete 
with the fublimeft knowledge, and the moft important truths. Yet 1 muft admonifh the reader, that thefe Ele- 
ments cannot be underftood by any onc, who is not a thorough adept iu the preceding Conimestaries on Euclid 3 
for the propofitions relate to the. moĝ abftra@ fubje@s that can be conceived ; and the demonftrations are un., 
commonly .fubtle and profound. Iudeed if opportunity permitted, I fhould attempt a commentary on. every 
propofition: but this if ever I fhould be able to accomplifh it, muft be.referved for fome more aufpicious pe- 
riod. In the mean time I hope that my uceafional clucidations, will be acceptable to the Platonic reader, and. 
affift him in the ftudy of thisineftimahle work. L.only add, that thefe Elements form an admirable introduGion 
te the fix books of Proclus on Plata’s theology... 


@ The abfurdity of this confequence confifts in this, that from the hypothefis of unity being excluded, infinite 
infinites would fubfift {eparate from cach other, without any bond of conciliating unity; which is evidently ims 
poflible. For though every line contains infinite infinites in capacity, becaufe the {malleft part of every line is- 
rane of infinite divifion; yet thefe infinites in capacity are conneétcd by the power of unity, and farm one 

ite line. l l 


E'R O P O.. 
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PROPOSITION HII. 


Every thing which becomes one, becomes fo through the participa- 
tion of one; and is one, fo far as it fuffers the participation of 
one. l i 


FOR H things which are not one, become one, it muft be by a conjunction, and con» 

munication with each other: and they will fuftain the prefence of one, without 
being one it//f. Hence they will participate one, fo far as they fuffer themfelves to 
become one. For if they are already one, they will not become one: fince that which 
is, does not become that which it already is. But if they are formed from non-one, 
and privation, they will in the firft place poffefs one, from fome one, being ingenerated 
in their nature. 


PROPOSITION IV. 
Every thing united, is different from the one s¢/elf. 


‘S 


OR if it is united it will participate of-one, fo far as it ‘is called united. And that 
- which participates of one is both one, andnon-one. But one is/elf, is by no means one. 
and non-one. For if this alfo was both ene and non-one, the one which it contains | 
will alfo poffefs both, and this ‘in infinitum; fince there is no one itfelf in which the pro-: 
greffion ‘can ftop; but every thing will be both one and non-one. That which is. 
united therefore is fomething different from one. For.if that which is united was the 
fame with one, one would be infinite multitude ; and in like manner each of the parts - 
from which the united nature is compofed. 


PROPOSITION V. 
All multitude is pofterior to the one itfelf. 


F OR if multitude is prior te the one, the one indeed will participate of multitude, 
. bat the multitude which is prior tothe one, will not participate of the one: fince- 
it is-multitude prior to the fubfiftence of the one. For it cannot participate that which `- 
ig not: becaufe that which participates of the one, is both one and non-one. But the 
‘one does not yet fubfift, ince multitude is the firft. It is however impoffible, that there 
Tt2 fhould 


*« 
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fhould be any multitude, which in no refpeét participates of the one. Multitude there- 
fore is not prior to the one. But if multitude fubfifts together with the one, it will be of 
the fame order with the one : for time cannot hinder fuch a conjunction. Hence neither 
the one can be effentially many, nor multitude one, becaufe they are at the fame time 
contra-diftinguifhed ; fince neither is prior, or pofterior tothe other. Multitude there- 
fore will. not be effentially one, and every thing it contains will be a non-one, and this 
in infinitum, which is impoffible. Hence it naturally participates of the one, nor can 
any part of it be affumed which is not one: for if any part is not one, it will be an in- 
finite compofed from infinites, as we have demonftrated. And hence it entirely parti- 
cipates of the one. But if the one which is one itfelf, in no refpe€&t participates of mul- 
titude, multitude will be perfectly pofterior to the one; participating indeed of the one, 
but not participated by the one. But if the one fhould participate of multitude in fuch 
a manner as to exift as one according to fubfiftence, but as net one according to parti- 
cipation; the one itfelf will be multiplied, in the fame manner as multitude is united 
by the one. Hence the one will communicate with multitude, and multitude with the 
one. But things which coalefce, and communicate after a manner with each other, if 
they are congregated by fomething elfe, that fomething muft have a prior exiftence. 
But if they conne&t themfelves, they are not oppofed to-each other: for oppofites do not 
haften to a mutual conjun@ion. But if the one, and.multitude have a contrary divifion, 
and multitude, fo far as multitude, is not one, and the one fo far as one, is not multi- 
tade; hence the one cannot fubfift in the other: for they would be at the fame time 
beth one aid: two. But if there be any thing prior to the one, and multitude which 
colleéts. them. into one, this will either be one, or non-one. And if non-one, it will 
either be many, ar nothing.. But it is not many; left multitude fhould be prior to the 
one. Nor is it nothing: for how can that congregate which is nothing? Hence it is 
the one alone.. For this one is not.alfo many, left we fhould advance in an infinite 
progreffion. Etis therefore the one itfelf; and all multitude proceeds from the one. 


CONCERNING UNITY. 


| PROPOSITION VWI. 
Every multitude is either compofed from things united, or from unities. 


OR that every one of things many is not multitude alone, is evident; and it is like- 
~ wife clear that each part of this multitude again, is not multitude alone. But if it 


be not multitude alone, it is either united, or unities. And indeed if it participates of 


unity it is united : but if it be compofed from things primarily united, it is unities. For 
if 
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f there be one itfelf, there is alfó that which: primarily participates the one, and is pri- 
marily united, But this is compofed from unities, For-if it is compofed from things 
united, thefe are again united from certain others, and this will take place in infinitum, 
But it is requifite that. a nature which is primarily united, fhould be ¢ompofed from uni- 
ties. And thus we have difcovered what we propofed in the beginning.. 


Concerning PRODUCING CAUSES, and THINGS PRODUCED: 


| PROPOSITION VIL 
Every thing productive of another, is more excellent. than‘the:nature- 
of the thing produced. 


OR it is either more excellent, or worfe, or-equal. Let it be in the firft place, equaf.. 
That which is produced’from this therefore, wilt itfelf alfo,, ether poffefs a power 
productive of fome other, or it will be entirely barren. But if itbe barren, it will on this 
account be worfe than its producing caufe: and becaufe of its inefficacy, it will be un-- 
equal to that which is prolific, and poffefles a produCtive power.. But if it be productive 
of other natures, it will either produce that which is equal to itfelf (and this will be the 
cafe in all things, and all beings will be equal to each other, and nothing will be more 
excellent than another, fince the produ&tive nature, always conftitutes the thing pro- 
duced equal to itfelf), or that which is unequal. But in this cafe, it will not be equal to - 
its producing caufe: fer it is the property-of equal powers to fabricate equal effects. . 
But the productions of thefe are unequal to each other, fince on this hypothefis the 
producing caufe, is equal to that which is prior to itfelf, but that which is pofterior 
is unequal to it. It is requifite, therefore, that the thing produced fhould not be equal . 
to its producing. caufe. . . 

But neither can the producing caufe be ever worfe than the thing produced. For if ` 
the producing caufe, confers effence on the thing produced, it beftows power alfo, accord» - 
ing to eflence. And if itis productive ef all the power which that pofterior to. itfelf pof- 
feffes, it can alfo make itfelf.fuch as its production. But if it can do'this, it will alfo - 
make itfelf more powerful: for impotence cannot binder, fince a fabricative power is: 
prefent, nora defeét of will: for all things naturally defire good. Hence if it can ‘form . 
any thing elfe more perfect; it will alfo perfect itfelf, before it perfeéts that which iş: 
pofterior to itfelf. The thing produced, therefore, is neither equal'to, no rmore exe - 
cellent. than its producing caufe: and hence the producing caute is entirely more excel- - 


lert than the, nature of the thing produced, . i 
| ee 


2 
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.-On.the FIRST. coop, which is called THe Goop 1TSELF. 


PROPOSITION VII. 


‘Fhe firt good which is no other than good itfelf, precedes all the 
>participants of good. 


AOR if all beings defire good, it is evident that the firft good is above beings. For if 
he is the fame with any one being, either being is the fame with the good, and fo 
-this particular being, will no longer be defirous of good, fince it is the good itfelf; for 
that which defires any thing, is indigent of that which it defires, and by its defire is differ- 
ent and foreign: or being and the good are different 3.and the good, will indeed participate 
of being, and being of the good. It is, therefore,.a particular good refident in fome particu- 
lar participant, but not good fimple and univerfal, and which all beings defire : for thisisthe 
common obje& of defire to all beings. But that which is generated in another, participates 
alone of that,-in which jt is generated. The firit good therefore is nothing befides good.. For 
if you add any thing elfe, by addition you diminifh the good itfelf; effeQling a particu- 
lar good, inftead of good fimple and univerfal. For that which is added, fincc it is not 
good itfelf, but fametbing lefs, diminifhes by its effence the good itfelf, 


Concerning ‘that which is SUFFICIENT TO ITSELF. 


PROPOSITION IX. 


Every thing fufficient to itfelf, either according to effence, or according 
to energy, is more excellent than that which is infufficient, and 
-the caufe of whofe perfeGtion depends on another caufe. 


JOR. if all beings, naturally defire good, and one thing fupplies itfelf with good, 
- byt another is indigent of fomething elfes the former, will indeed have the caufe 
of good prefent, but the latter feparate and-apart. By how much the nearer, therefore, 
that is which affords the object of defire, by fo much the more excellent will it be than 
-that which requires a feparate caufe, and externally receives the perfection of its being 
ot energy. Befides, that which is fufficient, is both fimilar and dimmifhed, and more 
fimilar to the good itfelf. It is diminifhed, becaufe it participates good, and becaufe it 
„is not the firt good. ‘Yet it isin fome refpect allied to the good, becaufe it can poffefs 
-good from itfelf. But that which participates, and participates through another, is 
„more diftast from the firft good, which is nothing elfe than good. l 
PROP O- 
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PROPOSITION X. 


Every thing fufficient to itfelf is worfe than that which is fimply good. 


OR what is that which is fufficient, than that which from itfelf, and in itfelf, pof- 
fefles good? But this is now full of good, which alfo it participates: but it is not 

the fimply good. For that, as has been demonftrated, is more excellent than the parti- - 
cipation and repletion of gaod.. H then that which is fufficient. fills itfelf. with good, 
that from which it fills itfelf will be more excellent than that which is fufficient, and 
will be fuperior to fufficiency: for that which is fimply good is not indigent of any 
thing. For it does not defire any other; fince by defire it would be imperfect ;.and : 
thus would be full of good, and not the firft good. 


CONCERNING CAUSE.. 


PROPOSITION XL 


All beings proceed from one firft caufe. ` 


TOR either there is no caufe of beings, or the caufes ofall terminated beings revolve 
in a circle, or there is an infinite afcent of caufes ;. fo that one thing is the caufe of 
another, and the prior fubfiftence (æguwóracis). of effence, no where ftops its progref- 
Gon. Butif there be no caufe of. beings, neither will there-be an order of things fecond 
and firft; of the perfecting, and perfect ; of the adorning, and aderned; of the genea 
rating, and generated ; of the active and paflive :. nor. wil there be any fcience of: be- 
ings. For the knowledge of caufes ts the employment of fcience : and we then affert 
that we know, when we know the caufes of beings. But if caufes revolve in a circle, | 
the fame caufes will be both prior and pofterior, more powerful and more debile. 
For every thing which produces is more excellent than the nature of the thing pro- 
duced. But there is no diffrence, whether we conjoin the caufe with the thing 
caufed by many, or fewer mediums, and place the thing caufed as fubordinate.. For 
the caufe is more excellent than all the intervening natures of which it is the caufe : 
and by how much the greater the number of mediums, by fo much the more is it a 
caufe. But if there be an-ad:ition of caufes in infinitum, and-one always proceeds 
from another; on this. hypothefis likewafe fcience cannot fubfift : for there is no know- 
ledge of infinites. But caufes being unknown, neither can there be any fcience of 
things 
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-things fubfequent to caufes. If, therefore, it is requifite that there fhould be a caufe of 
‘beings, and caufes are diftinét from things caufed, and there can be no infinite afcent ; 
there will be a firft caufe of beings, from which as a raot particulars proceed, fome of 
which exift in propinquity, and othérs at a diftance from his nature. For that it 1s 
neceflary there thould be one principle, 45 demonttrated ; becapfe all multitude is fee 
condary :to ) the one. 


PI ION XU 
‘The principle and firft caufe of all beings is the good. 


OR if all things proceed from one caufe, it is requifite to call that caufe, either 
the good, or more excellent than the good. But if it be more excellent than the 
good, we afk whether any thing emanates from this caufe into beings, and into the na- 
ture of beings, or nothing ? And indeed if nothing, it will be abfurd: for we cannot, 
on this hypothefis, any longer preferve it in the order of a caule ; fince it is every 
where requifite that fomething fhould be prefent from the caufe to the things caufed, 
and efpecially from the firft caufe, from which all things depend, and through which 
every being exifts. But if there is a participation of this firft caufe in beings, in the fame 
manner as there is of the good, there will be fomething more excellent than goodnefs, 
penetrating into beings from the firft caufe. For fince it is more excellent, and fupe- 
rior to the good, it cannot beftow on fecondary natures any thing worfe than the 
benefits diftributed by that which is pofterior to itfelf. But what can be more ex- 
eelient than goodnefs itfelf? Since we apply the term more excellent to that which 
participates more of the goad. If then that which is non-good, is not more excellent, 
at muft be pofterior to the good. But if, likewife, all beings defire good, how can any 
thing be prior to this caufe ? For if good alfo defires, how can it be good in the moft 
eminent degree? But if it.does not defire, muft not all beings defire that caufe of all, 
from which they proceed? And if it is the good itfelf, from which all beings depend, 
ghe good muft be the principle and firk caufe cf all. 


PROPOSITION XIN 


naa E 

Ewery Good is endued with a power of uniting its participants, 

and every union is good; and the good itfelf, is the fame 
with the cne. 


FOR if the good itfelf is the preferver of all beings, and on this account is defirable 
by all, but the one itfelf, preferves and contains the effence of each: (for all things 
are 
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are preferved by the one, and difperfion removes every thing from effence) hence the 
good caufes thofe things to be one, to.which it is prefent, and contains them by union; 
But if the one is endued with a congregating and containing power, it perfects every 
being by its prefence: and hence it is good to all things to be united. But if union is 
effentially good, and good is unific (or unifying), the fimply good, and the fimply one is 
the fame: at the fame time uniting, and benefiting beings. Hence it is, that things 
which in a certain refpect fall from good, are alfo deprived of the participation of one: 
and that things which are deftitute of the one, becaufe they are replete with feparation, 
are after the fame manner likewife deprived of good. 
COROLLARY. 

Hence both goodnefs is union, and union is goodnefs; and the good is the one, and 

the one is the firft good. | 


Concerning an IMMOVEABLE, and ‘sELF-MOTIVE PRINCIPLE 
Or CAUSE. i 


PROPOSITION XIV. 


Every being is either immoveable, or moved; and if- moved, it is 
either moved by itfelf, or by another. — 


N the firft place if it is moved by itfelf, it is felf-motive, but if by another, it is 
I alter-motive (èrsouimlo.) Every being therefore, is either immoveable, or felf-mo- 
tive, or alter-motive. For it is neceflary, that fince there are alter-motive natures, there 
fhould be fomething immoveable, and between thefe, a felf-motive nature. For if every 
thing alter-motive, when in motion is moved by another, motions are either performed 
in a circle, or in infinitum. But they can neither fubfift in a circle, nor in infinitum, 
fince all beings are terminated by a principle, and the motive nature, is more excellent 
than the thing moved. Something immoveable therefore will be the firft mover. But 
if this be the cafe, it ts neceflary that there fhould be fomething felf-motive. For fhould 
all things fland ftill, what will that be which is firt moved? It cannot be the immove- 
able itfelf, for motion is not natural to this. Nor the alter-motive, for it is moved by an» 
other. It remains therefore that the felf-motive, muft be that which is firft moved; 
fince it is this Which unites the alter-motive to the immoveable, exifting as a medium, 
moving, and at the fame time moved. For of thofe, the one moves alone, and the 
ether is alone moved. Every being therefore, is either immoveable, or felf-motive, or 
alter-motive. | 
| COROLLARY. 

From hence alfo it is evident, that of things which are moved, a felf-motive nature is 
the firft, but of things motive, an immoveable nature. | 

Vou. I. ` Uu ` Concerning 
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Concerning an INCORPOREAL ESSENCE, and its PROPERTIES. 


PROPOSITION XV. 
Every thing which is converted to itfelf, is incorporeal. 


OR no body is naturally adapted to be converted to itfelf. For if that which is con- 

verted to any thing, is conjoined to that to which it is converted, it is evident that all 
the parts of a body muft be conjoined with all the parts of that which is converted to 
itfelf: fince felf-converfion then takes place, when that which is converted becomes 
one. with that to which it is converted. But this is impoffible in body, and in all part- 
ible natures. For the whole of that which is partible, is not conjoined with the whole, 
on account of the feparation of the parts which are differently fituated. No body there- 
fore is naturally adapted to felf-converfion, fo that the whole may be converted to the 
whole. And hence whatever is felf-convertive is incorporeal and impartible, 


PROPOSITION XVL - 


Every thing which is converted to itfelf, has an effence feparate 
from all body. 

OR if it be infeparable from any body, it will not poflefs fome action feparable from 

body. For if effence is infeparable from body, it is impoffible that an effential ener- 
gy fhould be feparable : fince in this cafe energy would be more excellent than effence 3 
becaufe the latter would be indigent of bodies, but the former would be fufficient to it- 
felf, without requiring the affiftance of body. Ifthen any thing be infeparable according 
to effence, it muft be fo likewife according to energy, or indeed more infeparable. But 
if this be the cafe, it is not converted to itfelf. For that which is converted to itfelf, as 
it is different from-body, has an energy feparate from body, neither fubfifting through 
body, nor in conjun@tion with its nature : fince a@tion, and that to which aétion is di- 


rected, is not indigent of body. Hence that which is converted to itfelf, is entirely fẹ- 
parable from bodies. 


PROPOSITION XVII. 


Every thing which moves itfelf P:imarily, is endued with a felf- 
convertive power. | 

FOR if it moves itfelf its motive energy alfo is 

moving is at the fame time one with the thin 

= a part, but is moved in a Part, or the contrary. 


refident in its nature, and the thing 
& moved. For either it moves with 
But if one part is motive, and another 


part 


ercu 0 ag 
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part is moved, it will not be effentially felf-motive, becaufe it will fubfift from non- 
felf-motive natures: and it will appear indeed felf-motive, but will not be fo effentially. 

But if the whole moves, and a part is moved, or the contrary, there will be fome part 

in each, which, according to one, will be at the fame time both moving and moved *: 

and this will be primarily felf-motive. But if one and the fame moves and is moved, it 

will poffefs with itfelf the energy of moving, becaufe it is felf-motive; but it will be 

converted to that in which it energifes. Every thing therefore primarily {elf-motive is 
converted to itfelf. 


PROPOSITION XVIII. 


Every thing which fupplies being to others, is that primarily whith 
it beftows on the things fupplicd. 


OR if it gives being, it procures the communication from its own effence. But that 
which it gives is worfe than its own effence : and that which it is, is more excellent 
and perfect. For every artificer of any thing, is more excellent than the nature of the 
thing fabricated; and hence that which pre-exifts in the donor, is more fublime than 
the gift; for the one is primary, but the other fecondary and fubordinate. For it is ne- 
ceffary, either that both fhould be the fame, and that there fhould be one reafon of both ; 
or that nothing fhould be common, os the fame in both; or that this fhould be frft, 
‘but thatthe fecond. But if there be, one and the fame reafon, or definition, the one will 
no longer be caufe, and the other effe&t; nor this in itfelf, but that in the thing given ; 
nor will this be the efficient, but that the effect. But if they have nothing the fame, 
the remainder will not fubfift, in confequence of the exiftcnce of the other, becaufe it 
will communicate nothing to its being. It remains therefore, that this which beftows 
is firt; but that which is beftowed is fecond; among which the being of the one is 
fupplied from the other. | 


> PROPOSITION XIX, 


+ . 

Every thing which is primarily inherent in any of the natures among 

beings, is prefent to all the beings diftributed acccrding to that na- 
ture, in one reafon, and after the famé manner. 


OR if it be not prefent to all after the fame manner, but to thefe, and not to thofe ; 
‘tis evident that it will not be primarily inherent in that nature. But it will be pre- 
fent with fome primarily, and in others which participate fometimes but not always, 


© Becaufe, fince the whole is motive, the part which is moved will a fo be motive, and fo wili be at the fame 

time both moving and moved. And if a part moves, and the whole is moved; then becaufe of the mution of 
hole, the part will be both moving and moved. l 

Ba Uuz feconda- 


i 
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fecondarily. For that which fometimes fubfifts, and fometimes not, does not exif prie- 


marily, nor effentially, but is adventitious, and extrinfically accedes to the natures im 


which it refides. 


Concerning the GRADATION OF BEINGS. 


PROPOSITION XX. 


The effence of foul is fuperior to all bodies; and an intelle€tual na- 
ture is fuperior to all fouls: and‘the one itfelf is fuperior to all 
intellectual effences. , 


OR every body is moved by another, but is naturally incapable of moving itfelf. 


But it is moved by itfelf, through the participation of foul: it likewife lives through 
foul, and by means of its prefence, is after a manner felf-motive; but when foul is ab- 
fent it is alter-motive ; becaufe it is effentially endued with this nature, but foul is allotted 
a felf-motive effence. For it imparts felf-mobility to whatever it fupervenes. But foul 
is much prior to that which it effentially imparts. It is therefore above bodies, as a felf- 
motive effence: fince thefe become felf-motive through participation. Again, foul which 
. ismoved from itfelf, has the fecond order from an immoveable nature, exifting immove- 
able in energy; becaufe a felf-motive nature precedes all things that are moved, but an 
immoveable effence, all moving natures. If therefore foul which is felf-motive, moves 
others, it is requifite that an immoveable mover, fhould be prior to foul. But intelle@ 
~ moves, exifting immoveable, and always energifing according to the fame. For foul 
participates through intellect of eternal intelligence ; in the fame manner as body par- 
‘ticipates through foul of a felf-motive nature. For if eternal intelligence, was prima- 
rily refident in foul, it would be inherent in all fouls; in the fame manner as a felf-mo- 
tive nature. And hence this is not primarily inherent in foul. It is therefore requifite, 
that a firt-intellective nature fhould be prior to foul. Intellect therefore is prior to 
fouls. But the one is prior to intellect. For intelleét though immoveable, is not the 
one: fince it underftands, and energifes about itfelf. But all beings of whatever kind, 
participate of the one, but all do not participate of intellect. For it is neceffary that 
thofe natures fhould participate of knowledge, to whom a portion of intelle& is prefent ; 
becaufe intelle&tual cognition, is the principle, and firft caufe of knowledge. Hence 
the one is fuperior to intelle&t; nor is there any thing fuperior to the one: for the one 
is the fame with the good. But the good is the principle of all things, as we have de- 
monttrated. pa t 


That 
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That INTELLECT is not the FIRST CAUSE. 


PROPOSITION XXI 


Every order beginning from unity proceeds into fome multitude co~ 
ordinate to unity: and multitude of every order is reduced to one 


OR unity poffefling the relation of a principle, generates a multitude proper to it- 
felf. Hence one feries, and one univerfal order defcends from unity into multi- 
tude. For there would neither be any order, nor feries, if unity was effentially barren. 
But multitude is again reduced into one common caufe of all co-ordinates. For that 
which is the fame in every multitude, does not proceed from one of the things which 
multitude contains: fince that which emanates from one out of many, is not common to 
all, but is alone peculiar to the property of that one. Since therefore according to every 
order, there is both a certain communion, coherence, and identity, on account of which 
thefe are {aid to be co-ordinate, and tho of another order, it is evident that the famee 
nefs of every order proceeds from one principle *. There is therefore in every order an 
unity prior to multitude, affording one reafon, and feries to the things ordered in itfelf, 
as well with refpect to each other, as likewife to the whole. For admitting that among 
things contained under the fame feries, one thing is the caufe of another, yet it is necef- 
fary that before all things, there fhould be a caufe that the feries is one, and that from 
it all things fhould be generated as co-ordinates ; not that every thing may be a particu- 
lar fomething, but may exift of this particular order. . 


© The truth of this may be exemplified in light. Thns for inftance we fee many fpecies of light; one kind 
emanating from the fun, another from fire and the ftars, another from the moon, and another from the eyes of - 
many animals. Bnt this light though various, is every where fimNar, and difcovers in its operations a unity uf 
nature. On account of its uniformity therefore it requires one principle, and not different principles. But the 
fun is the only principle of all mundane light. And though there are many participants of light pofterior to the 
folar orb, yet they fcatter their uniform light, through one folar nature, property and power. But if we again 
feck for the principle of light in the fun, we cannot fay that the folar orb is the principle of light: for the va- 
tious parts of this orb diffufe many illuminations. ‘I here will therefore be many principles. But we now re- 
quire one firft principle of light. And if we fay that the foul of the fun generates light, we muf obferve that 
this is not effected by her animal multiplicity, or the would diffufe different lights: and hence we muft affert 
that fhe generates vifible by intellectual light. But this produGion again, does not fubfift through intelle&uah 
variety, but rather by a unity of intelle&: and this unity is a fymbol of that imple unity which is the prigci- 
ple of the univerfe. And to this principle the folar intelle@ is united by its unity: and through this it becomes 
a god. This divine unity of the fun, therefore, isthe principle of the uniform light of the world; im the fame 
manner as fimple unity and goodnels is the author of intelligible light to all intelligible natures. 


COROL- 
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COROLLAR Y. 

From hence it is evident that both one and multitude, is inherent in the nature of 
‘body, and that one nature has many coherent natures, and that many natures depend 
.on the one nature of the univerfe. And this property belongs to the order of fouls, 
‘to begin from one firit foul, and to defcend into a multitude of fouls, and to reduce 
multitude into one. And to an intellectual effence it is peculiar to poffefs an intel- 


lectual unity, and a multitude.of intellects proceeding from one intellect, and intimately | 


converted to its nature. And to the one prior to all things, a multitude of unities is 
prefent, and to unities themfelves-a return to the one. Hence after the firt one, uni- 


ties * fubfif_is; intelleAs after the firft intelle& ; fouls after the frit foul; and natures 
after univerfal nature. 


| PROPOSITION XXIL 
Every*thing which fubfifts primarily, and according to the nature of 


a principle, is in every order one; and is neither two, nor more 
‘than two, but is univerfally felf-begotten. 


F OR if pofible let it be two; fince the fame abfurdity will enfue fhould more than 
: two be admitted. Then if it be two, it is either that which is compofed from both 


unities ; and in this cafe the firft will be one and not two: or it is each of the unities. 


But in this cafe, either one of each, and not both, will be the firt; or both will be e- 
qually the firft. But if equally, neither of them will be the firft: for if the one is firft, 
but this one is not the fame with the other, what order will it poffefs ? For that fubfifts 
primarily, which is nothing elfe than what it is denominated. But each of thefe being 
different, the one from the other, each at the fame time is, and is not that which itis faid 
tobe. But if thefe differ from each other, yet not with refpe& to that which is called firft 


(for this primarily fuffere identity), both will not be firft, but that through the partici- 
pation of which, both are faid to be firft. 


COROLLARY. i 
From hence it is evident that the firft being is one alone, and that there are not two, 
or more firft beings, And that the firft intellect is one alone, but that there are not two 


* This will be evident by confidering that the one, or the fir principle of ail 
proceeds from himfeif, by union (xa6’ Zwei.) And as his firft pr 
to himfe'f, and muft be at the fame time multitude 
it is neceffary, that this progreffion muft be no other 
fublime dudctrine, as Proclus beautifully obferves (T 
‘unity, and many unities prior to beings: and one 
wife follows that the firt principle of all is a fuper- 
effential unities. And we may confider ever 
fummit and centre about which every bei 


doctrine, Rudy. the third book of Proc! 


» mult produce that which firt 
oduction muft be the moft fimilar of all things 
(or in what rcfpe& would it differ from the onc); hence 
than felf-perfe& unities. In confequence therefore of this 
heul. Plat. p. 123.) there is one god, and many gods; one 
goodrefs, and many gocdncflis after this firft good. It Jike. 
effential one; and that after this one, there are many fuper- 
y unity of beings, as the flower of fome ce:tain being; and as the 


ng fubfils. For a farther account and confirmation of this fublime 
us on Plato’s Theology. 


fir 


/ 


nominated an imparticipabie. 
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firft intellects. And that the firft foul is one; and in every particular fpecies, the fame 
conclufion will refults as for inftance the: firit beautiful, firt equal, and fimilarly in all 
the reft. In like manner there is the fame demonttration, with refpeét to one firft form 
of animal and man. : 


Concerning the imparticipable * (or that which j is akon 
i participation), and that which participates. 


PROPOSITION XXIL 


Every imparticipable produces from itfelf participants, and all parti- 
cipated hypoftafes, or fubfiftencies, are reduced to imparticipable 
effences. | . 


OR an imparticipable poffefing the relation of unity, as depending on itfelf, and not 
; on another, and as feparated from participants, generates things able to participate. 
For either it remains in itfelf barren, and poffeffes nothing honourable ; or it gives fome- 
. thing from itfelf. And that which receives from this imparticipable participates, and that 
which is given fubfifts in a participated manner. But every thing participating of an- 
other by which it is generated, is-pofterior to that nature whichis fimilarly prefent to al 
things, and which fills all things from itfelf. For that which fubfifts in one thing is not 
in others: and that which is fimilarly prefent to all things, that it may. illuftrate.all, is 


- not in one thing, but before all. For it either fubfifts in all, or in one of all, or before 


all. But that which fubfifts in all, becaufe diftributed into all, again requires another, 
which may unite its divided nature: and all things will no longer participate of the 
fame, but this will participate one thing, and that. another, if the one is diftributed into 
many. But if it fubfifts in one of all, it will no longer be common to all, but to one. If 
therefore it is common to things capable of participating powers, and is likewife oom- 
mon to all, it will be prior to all things. But this is imparticipable. 


© By imparticipable, in thefe Elements, we muft underftand that which participates nothing belonging to the 
characteriftic of its nature, and which is likewife participated through proper mediums by all fubordinate natures. 
Thus for inflance impartic: pable being, is that which participates nothing of deing, but is the fource of being, to 
others: and at the fame time it is not part: icipated without a medium by fubordinate effences; fince the parti¢i- 
pation of being, in fubord:nate natures, is accomplifhed through the immediate progeny of being itfelf. And fo 
of the reft. Nor ought it to feem wonderful that an imparticipable fhould prefide over every feries of caufes: 
for this is a neceffiry confequence, if we confider that evcry caufe muft be.that to its following progeny, which 
the firft cau‘e of all, is to the univerfality of things. But the firk caufe of all is perfectly imparticipable; fince 
he would mot be purely the ene, if he was ming'ed with many, and received the condition of a fubordinate na 
ture. As the divine unities therefore are participated by all che following orders of things, and are the me- 
diums, by which every being is conjoined with the firft caufe of all; fo the inmediate progeny of every primary 
caufe ‘conjoins all the fubfequent progrefions with that cavfe, which from its fimilarity to the frf is properly dé» 


PROPO.-.. 


ty 
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PROPOSITION XXIV. 


Every participant is inferior to that which it participates, and that 
which is participated i is fubordinate to an imparticipable. - 


OR the participant being imperfe& prior to participation, but becoming perfe& 

through participation, is entirely pofterior to that which it participates ; fo far as it 
as perfec through participation. For fo far as it was imperfeĝ, it is inferior to that 
which it participates ‘and which is the caufe of its perfe€lion. But that which is partici- 
pated becaufe common to fome one, and not to all, is on this account allotted a fubfif- 
tence inferior to that which is common to all, and not to fome particular one: for the 
latter is more allied, but ‘the former, lefs, to the caufe of all things. Hence an imparti- 
cipable, precedes things participated; and thefe laft.precede participants. And in fhort 
that wWich is imparticipable is one prior to many; that which is participated is one in 
many; and every participant is at the fame time non-one, and one. 


CONCERNING THE PERFECT. 


PROPOSITION XXV. 


Every thing perfect proceeds to the procreation of fuch offspring as 
it is able to produce, imitating the one principle of the univerfe. 
OR as the principlé of the univerfe, on account of his goodnefs is uniformly confti- 


tutive of all beings (for the good is the fame with the one, and on this account 
that which is endued with the form of good, is the fame with that which is uniform); 


fo things pofterior to the principle, on account of their proper perfection haften to gene- | 


rate other things fubordinate to their own effence : and this perfection is a certain por- 
tion of the good; and the perfect fo far as perfect imitates the good. But this is con- 
flitutive of all things. Hence the perfec alfo is naturally produétive of things within 


its power; and that which is more perfect, by how much the more perfeét it is, by fo 


much the more is it the caufe of more numerous productions : for that which is more 
perfect, participates more of the good. But this is nearer to the good, is more allied to 
the caufe of the univerfe, and is the caufe of more numerous productions. But theim- 
perfect, by how much the more imperfe& it is, by fo much the more is it the caufe of 
lefs numerous effects: for exifting more remote from the producer of all thirtgs, it be- 
comes the caufe of fewer effets. For to conftitute and adorn, or perfedt, or contain, 


or 


ge 
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or Ean or fabricate all things, and to effect each of thefe i in many, is allied to the prin- 


ciple of all. But if this is accomplifhed i in a few it, becomes more foreign from the prin- 


ciple. | 
| COROLLARY. 
From hence it is evident that matter which is moft diftant from the principle of the 


univerfe, is barren, and the caufe of nothing. For if it fhould generate any thing, it 


would have fomething pofterior to itfelf, and it would not be the moft remote. But 


that which it produces, would be more diftant than itfelf, and becaufe it produces and - 


imitates the productive caufe of all beings, it would be nearer to the principle of the 
‘univerfe. 


CONCERNING THAT WHICH PRODUCES. 


PROPOSITION XXVL 


suey caule productive of other things, abiding in itfeif produces 
natures pofterior and fubfequent to itfelf. 


FOE if it imitates the one itfelf, but that immoveably generates natures pofterior to, ita 

felf, hence every produktive nature will in a fimilar manner poffèfs the caufe of pro- 
ducing. But that the one itfelf immoveable generates, is evident from hence. For if he 
generates through motion, either motion will be refident or non-refident in his nature, 


and that which is moved will be no longer one ; be¢aufe it will be changed and moved. 
from one. Hence the one will either produce in infinitum *, or immoveably. And every 


producing nature will imitate the one productive caufe of the univerfe. For from that 
which is firft, that which is not firt every where emanates. And hence from that 
which is productive of all things, that which is productive of fome things will proceed. 
Every producing caufe, therefore, produces fubfequent natures, abiding in itfelf: and 

while productive natures abide in themfelves undiminifhed, fecondary natures are pro- 
duced from them. For that which is in any refpect Sonne cannot abide fuch 


as it is. 


© Beeasle if the one generates through motion, ani infinite motion muf take place, through the want of an 
immoveable nature. 


Vou. I. 


Xs s. PROPO- 
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PROPOSITION XXVI. 


Every producing nature, on account of its perfection, and abundance 
| of power is produdtive of fecondary natures. 


T OR if it produces,, not on account of its perfection, but through a defect of. power, 

it cannot preferve its own proper order immovable. For that which affords being 
to another, through its defect and imbecillity, confers on it effence by a mutation and 
- alteration of itfelf:. but every producing nature abides fuch.as.it is, and while it abides, 
that which is pofterior to itfelf proceeds into being. Hence exifting full and perfect, it 
procreates fecondary natures immovably, and without diminution: at the fame time 
exifting fuch as it is, neither changing itfelf into its progeny, nor diminifhing its nature. 
For the thing produced is not a diffeCtion of the parts of the producing caufe : fince this 
is neither proper to generated natures, nor to generating caufes. Nor is it a tranfition ; 
fince it is not the matter of that which proceeds to generation. For the producing caufe 
abides fuch as it is, and the production is different from itfelf. That which generates 
therefare abides without alteration, and without diminution, multiplying. itfelf through 
its prolific power, and fupplying from itfelf fecondary fubfiftencies. 


- 


PROPOSITION XXVII. 


Every producing nature generates things fimilar to. itfelf, prior to 
fuch as are diffimilar.- 


OR fince the producing, caufe isneceflarily more excellent than. the thing produced, 
thefe can never. be mutually the fame fimply confidered, or equal according to 
power. But if they are not the fame and. equal, but different and unequal; they are 
either entirely feparated from each other, or they are both united and feparate. But if 
they are entirely feparate, they cannot be conciliated with each other, and the thing 
produced will not fympathize with its caufe. Hence the one will not participate of the 
other, becaufe they are entirely diferent. For that which is participated, imparts a 
communication to its participant, with refpe€t to that of which it participates. But it 
as neceffary that the thing caufed fhould participate of the caufe, as.that from which its 
effence is derived. But if that which is produced is in one refpect feparated, and in an= 
. other united to its producing caufe; if it equally fuffers both, it equally participates 
and does not participate of its producing caufe. It will therefore both poffefs and not 


i poffefs 
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poffefs an effenee from it, after the fame manner. But if it fhould be more feparated, 
. the thing generated will be more foreign from its generating caufe than is proper, and 


will be to itfelf more inelegant than elegant, and more deprived than endued with fym- - 


pathy of nature. If then generated natures, are both allied according to effence, and 
in fympathy with their caufes, naturally depending upon, and defiring a conta& with 
them, purfuing good and obtaining the object of defire through caufe, it is evident that 
things produced are more united with their producing caufes than feparated from them. 


_ And things which are more united are more fimilar than diffimilar to the natures with 


which they are efpecially united. Every productive caufe therefore generates things 
fimilar prior to fuch as are ane: 


PROPOSITION XXIX. 


Every progteffion i is accomplifhed by a fimilitude of chilies. fecondary 
to fuch as are firit. 


OR. if a producing caufe generates fimilars prior to diflimilars, fimilitude generates 

things produced from their producing caufes. For fimilars become fimilar through 
fimilitude, and not through diflimilitude. If, therefore, progreffion in its diminution 
. preferves the identity of the thing generated to its generator, and exhibits that which is 
pofterior to itfelf fecondarily, fuch as itfelf is primarily, it will poffefs i its eflence through 
fimilitude. 


PROPOSITION XXX. 


f 


Every thing immediately produced from another, both abides in its. 


producing caufe, and proceeds from it. 


OR if every progreffion i is effe&ed while things firft abide, and is perfected ‘through 
fimilitude, things fimilar fubfifting prior to the diflimilar, the thing produced will 
abide in a certain réfpeét in its producing caufe: fince that which has entirely proceeded 
from its caufe, poffeffes nothing the fame with that which abides, but is perfeftly fepa- 
rated. But if it poffeffes any thing in common, and united with its abiding caufe, it will 
alfo abide in its caufe, in the fame manner as that abides i in itfelf. But if it abides only - 
without proceeding, it differs nothing from its caufe, nor will it while that abides, be 
effeéted fomething different v for if it is fomething elfe, it will be diftinét and feparate. 
But if feparate, and its caufe abides, it proceeds from its caufe that it may be feparated — 
_ from its aoiduig generator. So far, therefore, as the thing produced poffeffes any thing 
Xx 2 the . 
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the fame with its praducing-caufe, it abides inthis caufe: but fo far as it:poffefies fome- 
thing different, it proceeds. from its caufe, But on account af its, fmilitude; it is:at the 
fame time in a certain refpect both the fame with, and different. from its producing caufe. 


‘It abides therefore, and at the fame time proceede witir ite:caufe, and neither is foparate: 


from the other. ` 


¢ 


PROPOSITION. XXXI. 


Every thing proceeding from: another. effentially, is converted to that, 
from which it proceeds. j 


OR if it fhould indeed proceed, without being converted to the caufe of its pro= 

grefion, it will not defire this caufe.: finca every. defiderative nature (rè deryéysvor) is 
converted to the object of its defire. But every being defires good ;.and its acquifition 
takes place through a caufe proximate-ta. particulars. Hence particulare défire theit 
caufe. For well-being is diftributed to any particular being, through the fame caufe as 
being itfelf. But defire is primarily dire€ted to that caufe from which well-being pro: 
ceeds: and converfion is directed to that, to which defire primarily tends. . 


PROPOSITION XXXI. 


_ Every converfion is effected by a fimilitude of the converted natures. 


- _ to the obje& of their converfion. 


FOR every thing converting itfelf to another, haftens to conjoin itfelf with the objeét - 


“of its converfion, and defires its communion and conjunction. But fimilitude col- 
lects all. things, in the fame manner as diffimilitude feparates and digides. Converfon. 
therefore is a certain communion and contact. But every communion and every con- 


_ tact is caufed by fimilitude. And hence every convertion is effected by fimilitude. 


| PROPOSITION XXXIIL 
* Every thing proceeding from, and returning to another, has a 


é 


circular energy. 


FOR if it is converted to that from which it proceeds, it conjoins the beginning with 
| the end. And there is one and a continued motion: this commencing from, and 


* In order to underftand this propofition the reader muft obferve that the hypothefis requires that both the 
progreffion and regreffion fubfitt together. And this hypothedis jis no lefs proper than true; for unlefs effecte 
were continually converted to their caufes, they could not exif ; fince they depend on thefe for their fubfiftence, 
and this can ouly be procured by converfion. 


that 
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that. proceeding to the abiding nature.. Hence all things proceed circularly, from caufes f 
to caufes. But thefe circles of regreflion are greater and léfs : fince fome converfions 
proceed to- things proximately placed above them, but others to things more fuperior, 
and fə on to the. principle of all. For all things proceed from this, and to this finally 
return. . 


PROPOSITION XXXIV. 


Every thing which is naturally converted, converts itfelf to that 
from which it derives the progreffion of its peculiar fubfiftence. 


OR if it is naturally converted, it poffeffes an effential defire towards that to which 
it is converted, and it direéts all’ its being towards that to which it makes an efen- 
tial converfion.. And itis alfo effentiaHy fimilar to the obje& of its converfion ; and on 
this account isin. fympathy with it according to nature, becaufe allied to it by effence.. 
But if this be the cafe; either the effence of both is the fame; or the one proceeds from 
the other; or both derive their fimilitude from fome other one. But if the effence of 
both is the fame, how can the one be naturally converted to the other? And if both 
proceed from one; both will be naturally converted to this one. It remains therefore 
that the one muft derive its eflence from the other.. But if this be the cafe, progreffion _ 
alfo muft originate from that to which there is a converfion according to nature. 
COROLLARY. 
From hence it is evident that intelle&t is the obje& of defire to all things :- that all 
things proceed from intelle€t; and that the whole world, though eternal, derives its ef- 
{ence from intellect. For it is not becaufe eternal. excluded from proceeding from intel-. 
leét. Nor is it becaufe eftablifhed in perpetual order, excluded from converfion:. But. 
it both perpetually advances and is eternal according to effence ; -and it is perpetually: 
` converted and indiffoluble according to its invariable order.. 


PROPOSITION XXXV.. 
Every thing caufed (or produced by a caufe), both abides in its caufe;, 


proceeds from, andis converted to it, 


OR if it alone abides, it will differ in nothing from its caufe; from which it wilf 
be indiftin®. For progreffion fubfifts together with diftinétion. But if it 
alone proceeds, it will be unconjoined with its caufe,, and in no refpeét communi-. 


'2 cate 
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cate with it according to a fympathetic affe€tion. But if itis alone converted, how 
can that which does not derive its effence from its caufe, be naturally converted 
to that which is foreign from its nature? But if it abides and proceeds, and is not 
converted, how can the natural -defire of every thing to well-being, and to good, 
and an excitation to its generator, arife? But if it proceeds indeed, and is, con- 
verted, but does not abide, how, fince it is diftant from its caufe, can it haften to be 
conjoined with it? Since it would be unconjoined prior to its departure. For if it was 
conjoined, according to this conjunétion it would entirely abide. But if it fhould abide 
and be converted, but fhould not proceed, how, fince not feparated, can it be converted ? 
For every thing returning to its caufe, in the act of returning is aflimilated to that from 
which it is effentially divided. But it is neceffary that the thing caufed, fhould either 
alone abide, or be alone converted, or alone proceed; or that the extremes fhould be 
conjoined with each other; or that the medium between thefe, fhould be united with 
each extreme; or that all thefe fhould take place together.. It remains, therefore, that 
cyery thing caufed muft abide in, proceed from, and be converted to its caufe. 


PROPOSITION XXXVI. 


of all things which are multiplied in progreffion, fuch as are firft 
-are more perfect than fuch as are fecond, and fuch as are fecond 
than thofe of a poftertor order, and fo on in continual fuccefñon, 


OR if progreflions diftinguifh things produced from their caufes, and are the fubor- 


dinations .of fecondary natures to fuch as are firft; firft progreflions will be more | 
conjoined with their caufes, from which they are produced, and of which they may be 
confidered as the blofloms. But fecondary progreifions are more remote from their l 
caufes ; and this will be the cafe in a continual fucceflion. But things nearer, and more . 


allied to their caufes, are more perfect: for caufes are more perfeét than things caufed. 
But fuch as are more remote are more imperfect, becaufe on this account diffimilar to 
their caufes, 


PROPOSITION XXXVIL 


Of all things which fubfift according to converfion, the firft are more 


imperfect than the fecond; and the fecond than thofe in fucceffion. 
But the laft are the moft perfect. 


‘OR if converfions are produced in a circle, and converfion tends to that from Aa | 


the progreflion began; but progrefion is from the moft perfeét, converfion alfo 
will tend to the moft perfecte And if that to which progreflion tends is the laft, the firft 
converfion 
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eonverfion will originate from this. But progreffion to the laft is the moft imperfeét ; 
amd converfion commences from the moft imperfect. In things, therefore, fubfifting ac- 
{ cording to converfion, the firk are the moft imperfect, but the laft the moft perfect. 


È \ 


PROPOSITION XXXVIH. 


Every thing proceeding from a certain. number of caufes, is converted 
to them by the fame number as it proceeds from them; and every 
converfion fubfifts through the fame caufe as progreffion. 


‘OR fince’ oth are produced through fimilitude, that which. immediately proceeds 
"from any ca., is immediately converted to it; for the fimilitude was immediate. 
But that which requires a medium in its progreflion, requires alfo a medium in its conver- . 
fion. For it is requifite that both progreflion and converfion fhould fubfift about the fame. ` 
Jt will, therefore, be firft converted to the medium, and afterwards to that which is more 
excellent than the medium. Hence well-being is diftributed to every thing through. 
the fame number of caufes.as being ; and the contrary of this is likewife trues. 


PROPOSITION XXXIX. 


Every being is either alone effentially converted, or vitally, or accord- 
ing to a gnoftic mode (yvwsixiws). E 
OR it either poffeffes being alone from.its caufe,. or life together with being, or it. 
receives from thence a gnoftic power.. So far, therefore, as it is dzing alone, it makes 
- arreffential converfion.. But fo far as it likewife /ves,.a vitakconverfiom Ard fo far as 
it knows, a gnoftic converfion. For according to its progreffion, fuch-is its converfion 3; 
and the meafures of its converfion are defined by the meafures of its progrtefiion.. 
Hence fome are endued with defire. according to being alone ; this defire being adapted 
to. the participation of caufes. But others according to life; and this vital defire is a 
motion to more excellent natures. And.others according ta cognition, which defireis. , 
a perception of the goodnefs of caufes.. _ 


PROPOSITION XL. 

Self-fubfiftent natures antecede all‘things proceeding from another caufe,. 
OR if every thing fufficient; is more excellent, either according to effence, Or ag- 
cording to energy, than that which depends on another caufe, but that which pro- 

duces itfelf,becaufe productive of- its-own being, is fufficient to itfelf. But that which 

E na is- 
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is alone produced from another is not faficient. Likewife fince that which is fuficient 
is more allied to good; and things more allied and fimilar to caufes, Subit from cause 
prior to diffimilars: hence things felf-productive, and felf-{ybfiftent, are more ancient, 
than fuch as proceed to being from another alone. For either nothing is felf-fubfiftent 3 
or the good itfelf is fuch; or things which are the firft fubfiftents from the good. But 
if nothing is felf-fubfiftent, there will not be a true fufficiency in any thing. For this 
cannot refide in the good, fince that is more excellent than fufficiency, fubfifting as the 
one; and being the good, but not poffefling good. But neither on this hypothefis can 
fufficiency refide in natures pofterior to the good. For all things will-be indigent of 
that which is prior to their nature. But if the good is felf-{ubfiftent, becaufe it pro- 
duces itfelf, it will not be one. For that which proceeds from one, is not one: and it 
will proceed’from itfelf, if it fubfifts by itfelf. And hence the one itfelf will be at the | 
{gme time one, and not one. It is neceffary, therefore, that a felf-fubfiftent nature 
fhould be pofterior to the firft: and it is evident, that it muft likewife be prior to things 
alone proceeding from another caufe. For it is more principal than thefe, and, as we 
have demonttrated, is more allied to the good. 


PROPOSITION XLI. 


- Every thing refiding in another is alone produced by another. But | 
every thing refiding in itfelf, is felf-fubGftent. 


F OR that which abides in another, and is indigent of a fubje&, can never be genera- 
“tive of itfelf, For that which naturally generates itfelf, does not require a foreign 
feat, fince it is contained by itfelf, and is preferved in itfelf feparate from a fuperior. But 
that which is capable of abiding, and of being eftablithed in itfelf, is productive of ìt- 
felf: fince it proceeds into itfelf, and contains its own nature; and abides in itfelf; as 
a thing caufed in its caufe. For it doea not abide as in place, nor as in a fubje&t. For 
place is different from that which fubfifts in place, and that which refides in a fubject 
-is different from its fubje&t. But this is the fame with itfelf. For it is felf-fubfiftent, 

and abides in itfelf, as the thing caufed in its caufe.- | 


= 


PROPOSITION XLI. _ 


a Every thing felf-fubfiftent is converted to itfelf. 

F OR if it proceeds from itfelf, it will alfo return to itfelf. For that which is 

`` the fource of progreffion to particulars, is likewife the end of a converfion co- 

ordinate to the progreflion. For if it fhould alone proceed from itfelf, but fhould 
ar not 


ELEMENTS OF THEOLOGY, nag 


“not be converted by a progrefhon into itfelf, it will never defire its own proper 
good, and that which it is able to afford itfelf. But every caufe is capable of confer- 
ring on its progeny, together with the effence it affords, well-being, which i is conjoined © 
to the effence which it diftributes. Hence it can confer this on itfelf. And, therefore, 


this is the proper good of a felf-fubfiftent nature. But this, according to the hypothefis, 


will not be defired by that which is converted to itfelf : and becaute it does not defire 


this, neither will it purfue it; and in confequence of not purfuing, it will be imperfett 
But if fufliciency and perfe€tion belong to any thing, they muft be pro- 


and infufficient. 
And hence it will purfue and defire its own proper goods. 


per to a felf-fubfiftent nature. 
and will be converted to itfelf. 


PROPOSITION XLII. 
Every thing converted to itfelf, is felf-fubfiftent. 


OR if it be naturally converted to itfelf, and is perfect in its felf-converfion, it will 
For that to which converfion according to nature 


alfo poffefs effence from itfelf. 
If, therefore, it 


tends ; from this alfo the effential progreflion of every thing proceeds. 
affords to itfelf well-being, it will alfo indeed afford to itfelf being; and it will be the 


lord of its own fubfiftence. Hence that which is i a of being converted to itfelf, is 
telf-fubhitent. 


PROPOSITION XLIV. 


Every thing converted to itfelf according to energy, is alfo converted 
to itfelf aecording to effence. 


OR if it can. be converted to itfelf- according to energy, but is not converted effen- 

. tially, it will be more excellent according to energy than according to effénce ; 
fince the former is convertible, and not the latter. For that which depends on itfelf, is 
more excellent than that which depends on another. And that which preferves itfelf, 
is more perfect than that which is only preferved by another. If, therefore, it is converted” 
to itfelf, according to that energy which proceeds from effence, it will likewife be al- 
lotted a convertive effence ; fo that it will not only energize to itfelf, but will likewife 


alcpend on itfelf, and will-be contained and perfeed by itfelf. 


Vou. IL Yy = PROPO-' 
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PROPOSITION XLV. 


Every thing felf-fubfiftent is without generation. 


F OR if it be generated, becaufe generated it will be effentially imperfe&t, and indi- 

gent of that perfeCtion which proceeds from another. But becaufe it produces it- 
felf, it is perfe€&t and fufficient. For every thing generated is perfe€ted by another, 
which brings it into exiftence from a non-exiftent ftate. Since generation is the paf- 
fage from that which is imperfect to its contrary, the perfet. But if any thing produces 
itfelf, it is always perfect ; becaufe it always coheres to its own caufe, or rather inheres 
in that which is perfective of its effence. 


PROPOSITION XLVI. 
Every thing felf-fubfiftent, is incorruptible. 


A OR if it may be corrupted, it may defert irfelf, and exift feparate ftom itfelf. But- 
this is impofhble. For, on account of the unity of its nature, it is at the fame time 
both a caufe and the thing caufed. But every thing which is corrupted,. is corrupted 
by a departure from its caufe. For fo far as any thing depends on that which contairis 
and preferves it, fo far it is contained and preferved. But that which is felf-fubfiftent 
will never defert its caufe, becaufe it will not defert itfelf. For it is its own caufe. And: 
hence every thing felf-fubfiftent is incorruptible. 


PROPOSITION XEVII. 


_ Every thing felf-fubfiftent is impartible (i. e. without parts) and fimple.. 
F OR if that which is felf-fubfiftent is partible, it will conftitute itfelf partible, and. 

the whole will be converted to itfelf *, and all will be in all itfelf.. But this is im- 
poble. Hence that which is felf-fubfiftent is impartible. But it is likewife fimple.. 
For if compofite, it will contain both that which is excellent, and that which is bafe t 
and the mare excellent will proceed from the more bafe, and the more bafe from, the 


® This is abfurd, becaufe every partible nature muft be converted. to fomething different from itfelf, on aca 
count of its parts. So likewife fince a felf-fubfiftent nature refides in itfelf, if fuch a nature was partible, one di- 
vifible whole would be in another, not different from itfelf. 


+ Becaufe every compofite caufifts of matter and form; the former of which is hafe, and the latter more 


more ` 
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more excellent, fince, according to hypothefis, the whole proceeds from the whole itfelf. 
Befides it will not be fufficient to itfelf, becaufe it requires the elements of itfelf, from 
which it iscompofed. Every thing therefore which is felfdubfiftent is fimple. 


Concerning that which is Eternal, for the Purpofe of 
demonftrating the Eternity of the World: 


: PROPOSITION XLVIII 


Every thing not eternal, is either a compofite, or fubfifts in another. 


OR it is either capable of being diffolved into its component parts, and is entirely” 

compofed from the parts into which it is diffolved; or being indigent of a fubje&, 
and deferting its fubjet, it paffes into non-entity. But if it is imple, and abides in it- 
felf, it will be indiffoluble and incapable of diffipation. 


PROPOSITION LXIX. 


Every thing felf-fubfiftent is eternal. 


F OR there are two modes according to which it is neceffary, that any thing fhould be 
non-eternal. The one flows from compofition, and the other from refiding ina fub- 

je&. But that which is felf-fubfiftent, is neither compound, but fimple; nor does it 

abide in another, but in itfelf. And hence it is eternal. : . 


PROPOSITION L 


Every thing which is mealured by time is generation, either according 


to effence, or according to energy, fo far as itis meafured accord- 
ing to time. — | l 
F OR if it is meafured by time, effence or energy, according to time, is proper to its na- 
‘ture. And it is likewife proper that the terms, # was, and it will be, fhould be dif- 
ferent from each other. For if it was, and it will be; were numerically the fame, that 
which is meafured by time would fuffer nothing from time proceeding, and always 


kaving fomething prior and pofterior. If them it was, and it will bé differ from each 
Yy2 other, 
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other, that which is meafured by time is in generation (ywopsr ist) and never truly is *, 
but proceeds together with time, by which it is meafured, exifting in a ftate of ten- 
dency 


® The truth of this reafoning may be evinced by the following confiderations: Every thing which is mea- 
fured by time, and fuch is every corporeal nature, depends on time for the perfection of its being. But time is 
compofed of the paft, prefent, and future. And if we conceive that any one of thefe periods is taken away from 
the nature with which it is connected, that nature muft immediately perit. Time, therefore, is fo effentially 
and intimately upited with the natures which it meafures, that their being, fuch as it is, depends on the exiftence 
of time. But time, as is evident, is perpetually flowing, and this in the moft rapid manner imagination can con- 
ceive. It is evident, therefore, that the natures to which it is fo effential, muft fubfift in a manner equally trang- 
tory and flowing. As we cannot therefore afirm with propricty of uny part of time, that it is; fince even be- 
fore we can ferm the affertion, the prefent time is no mofe; fo with refpet to all corporeal natures (from their 
fabfiftence in time) before we can fay that they exift, they lofe all identity of being. But as it appears to me 
this flowing, and evanefcent nature of things cxifting in time, may be aptly iHaftrated by the following iimik- 
tude. Conceive a line, all whofe parts are in a contioual flux, like the waters of the moft rapid river: and let 
ie be diftinguifhed by three different colours, fo profoundly mingled with each other, that every part of the line 
' may poffefe thefe colours, in the fame manner as the whole line. Now a line of this kind; will very properly 
reprefent time, diftinguifhed by paft, prefent, and future, to which the three colours correfpond. If then we 
conceive another line moving on this coloured line, with an equable uniform motion, correfponding to the mo- 
tion of the parts of the coloured line, and fo that in every inftant of its motion it may be tinged with one of 
thefe colours in regular fucceflion; we fhall fee the condition of a nature whofe being is meafured by the pro- 
gteffions of time. For as the perpendicular line, in its uniform motion, no fooner affumes one colour, than it 
deferts it for another, and cannot on this account be faid to poffefs any colour; fo every corporeal nature, from 
‘its being profoundly mingled with the fleeting and unreal ¢effence of time, cannot be faid to poffefs any truc and. 


fubftantial being. 

Such then is the unreal condition of every thing fublifting in time, or of every thing corporeal, and entangled 
with matter. But this thadowy effence of body is finely demonftrated by Plotinus in the fixth bcok of h's third 
Ennead, as follows: “ Being (fays he) properly fo called is neither body, nor is fubje@ to corporeal affeãtions : 
but body, and its properties, belong to the region of non-entity. But you will afk, how is it pollible, that vifi- 
bly matter, fhould. | poflels no real being: that matter, in which ftones and mountains refide, the folid earth, and 
bodies which mutualiy refift; fince bodies’ which impel each other, confefs by their collifion, the reality of their 
exiftence? You wil likewife afk after what manner things which neither ftrike againft, nor refift each other: 
which neither externally act, nor internally fuffer, nor are in any refpe& the objects of fight, viz. foul and in- 
tcile&, are to be reckoned true and real beings? We reply, that, on the contrary, things more corpulent are 
more fluggifh and inert, as is evident in bulky maffes of carth: but whatever is lefs ponderous is more movable 
and alert; and the more elevated the more movable. Hence fire; the moft movable of all the elements, flies 
in. a manner from a corporeal nature. Ecfides, as it appears to me, whatever is more {ufficient to itfelf, difturb, 
ethers lefs, and brings lefs inconvenience : but fuch things as are more ponderous and terrene, unable, from their 
dofed of being, to raife themfelves a'oft, and becoming debile and languid, ftrike and opprefs furrounding bodies, 
by their falling ruin and fluggifh weight. Since it is evident, that bodies deftitute of life, fall with moleftation 
oa-any proxmiate fubftance, and more vehemently impel and pain whatever is endued with fenfe. On the con. 
trary, animated beings, as participating more of entity, by how much the more of being they poffefs, by fo much 
the more harmlefs they impinge on their neighbouring bodies. Hence motion, which is a kind of life, or foul, 
or an imitation of life in bodies, is more prefent with whatever is lefs corpulent; as if more of body was necelz 
farily produced where a defe& of being happens in a greater degree. Again, it will more manifeltly appear 
fram paflivity, that whatever is more corpulent is more paflive ; earth in a greater degree than the other ele- 
ments;, and the ref in a fimilar proportion. For fome things, when divided, fuddenly return to their former 
union, when no obftacle prevents their conjun@ion; but from the fectiun of a terrene body, the divided por- 
gions, always remain feparatc; asif deftitute of natural vigour, and without any inherent defire of union and 

confent. 
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dency to being, or in becoming to be (ir ty yinobas tr). Nor does it ftop in the fame ftate ` 
of being, but always réceives different being; fo that its now becomes perpetually differ- 
ent on account of the progreflion of time, and prevents its exifting totally atthe fame 
period of time. For it fubfifts in a difperfion of temporal extenfion, and is co-extended 
with time. But this is no other than to poffefs being, in non-being. For that which ie. 
in generation, or a ftate of becoming to be, is not generated. Generation, therefore, is.. 
that which fubfifts in a flowing exiftenice.. 


PROPOSITION LI. 


Every thing felf-fubfiftent is exempt from things meafured by time: 
according to effence.. 
OR if that which is felf-fubfiftent is without generation, it cannot be meafured by 
time according toeflence. For generation fubfifts about a nature meafured by time. . 
Hence nothing felf-fubfiftent fubfifts in time.. 


‘“ PROPOSITION `I 


Every thing eternal, ts at once total. 


OR whether it only poffeffes an eternal efferice, it will poffefs the whole at'once pre- - 

fent. Nor will it have one of its parts already conftitutcd, but another which re- 
mains to be conftituted, becaufe not yet in exiftence; but as much as is poffible it 
poffeffes the whole without diminution, and without extenfion. Or whether it 
poffeffes an energy with refpe& to effence, and this collected into one, and abiding in . 
the fame meafure of perfeftion, and eftablifhed as it were according to one and the fame 


~ 


confent. Hence thcy are ready, by every trifling impulfe, to remain as they are impelled; to rufh from the em- 
braces of bouad, and haften into multitude, and non-entity. So that whatever becomes corporeal in an eminent - 
degree, as falling faft into nen-entity, has but little power of recalling itfelf into one. And on this account pon- 
derous and vehement concuffions are attended with ruin, when by mutual ruhing one thing impels another. 
But when debility runs againft debility, the one is valid againft the other, in the fame manner as non-entity 
rufhing on non-entity. And this we think a fuffcient confutation of their opinion, who only place being in the 
genus of body, porfuaded by the teftimony of impulfes and concufftons, and the phantafms perceived through . 
the fenfes, which teflify that fenfe is alone the ftandard of truth. Such as thefe are affected in a manner fimilar ` 
to thofe in a dream, who imagine that the perceptions of fleep are true- For fenfe is alone the employment of the 
dormant foul: fince as much of the foul as is merged in body, fo much of it fleeps, But true elevation, and true 
Vigilance, is a refurrection frum and 'not with the dull mafe of body. For indeed a refurrection with body, is 
only a tranfmigration from fleep to flecp, and from dream to dream, like a man paffing in the dark from bed to . 
bed. But that elevation is perfectly true, which entirely rifes from the dead weight of bodies: for thefe poi- 
{fefling a nature repugnant to foul, poffefe fomething oppofite to effence. And this is farther evident, from 
their generation, their coutinual fowing and decay ; properties entirely foreign from thc nature of being, fub- . 


ftant ial and real”? - 
| | | bound, 
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-. bound, immovably, and without progreflion, it will ftill poffefs the wholé:at once. pre» 
fent, For if it be eternal, as its name denotes, it is a perpetual being (rò dad.) But 
to be fometimes, and to have an exiftence.in becoming. to be, is different from that which 
always is. . And. hence it is requifite that an eternal nature fhould not poffefs any thing 
prior and pofterior: for in this.cafe it would become generation and non-entity. But 
where neither prior, nor pofterior, not it was, and it will be have any fubfiftence, but 
being alone, there an effence at once total abides ”. And every thing energizes accord- 


_ ing to its effence. 
COROL- 


©, The account ‘of eternity given by Plotiaus,. in whioh its totá? nature is copioufly demonftrated, is fo inimit- 
ably fublime- and: profound, that I cannot. refrain from prefenting the reader with the following paraphrafed 
tranflation, of the moft confiderablc part of the feventh book of his third Ennead, relative to the nature of etere 
nity. Proclus (in Theol. Plat. p. 49.) obferves that the definition of eternity given by Plotinus in this difcourfe, 
viz. “Infinite life, which at once openly exhibits itfelf, and manifeftly declares its own being,” is a definition 
frimed in a mofi divinely infpired manner (iv Staginsirara,) 
« Since we reckon eternity and time to be different from each other, and that the one ref pects a nature which 
always is, aud that the other is converfant with things in generation, unftable and flowing, from which this fen- 
. fible univerfe is compofed; we are apt to believe that from our natural ingenuity, and a fudden view of intcili- 
. gence, an inftin@ive kuowledge concerning time and eternity, is profoundly inherent in our fouls; fince weal- 
ways affirm the fame properties of thefe, and never vary in the appellations we align them. But when we en- 
_deavour to approach nearer to thefe, and to explain their natures in a more perfe& manner, we are immediately 
perplexed with doubts; and receiving the different fentiments of the ancients on this fubject, according to the 
difference of our opinions,.and perhaps conceiving the fame fentiment, in a manner different from other men, we 
advance no farther’in eur enquiries; efteeming it fuflicient, if when interrogated, we are able to relate the opi- 
nions of antiquity on this important fubje&. Indeed it is proper te believe that fome of the ancient, and bleffed 
philofophers, have difcovered the truth: but it is highly neceffary to enquire what method they purfued in their 
inveftigation, and how we may arrive at the knowledge of the fame exalted truths. And firft, it will be pro- 
per to enquire what they think of eternity, who judge it to be different from time : fince from the knowledge 
of that which is, as the exemplar, we may perhaps more plainly underftand, the nature of its image, which is 
denominated time. But ifany one previous to his contemplation of eternity, fhould conceive the nature of time- 


in his imagination, he may perhaps happen, by advancing into the intelligible world, and by a certain reminif- 


_ cence, to comprehend that to which time is affimilated: fince time poffefics a fimilitude to eternity. 


What then fhall we fay eternity is? Is it intelligible effeuce itfelf, in the fame manner, as fome are reported 
to affirm, that time is the whole heavens, and the world? For fince we imagine and underftand eternity to be 
fomething efpecially.venerable, which we likewife affirm of au intelligible nature,-we are not able to difcerp 
which of thefe is:moft venerable. And as that which is fuperior to thefe, ought not to be defcribed by appella- 
tions of chis-kind, perbaps eternity, and an intelligible nature, may with propriety be received as the fame. A- 
gain, both-eternity, and-the intelligible world, comprehend. in themfelves beings entirely the fame. But when we 
fay that the one abides in the other, placing intelligibles in eternity, and when we pronounce every thing intelli- 
gible eternal, as in the Timæus of Plato, where it is written, “ If the nature of the exemplar is eternal, &c.” in 
-thefe cafes, I fay, we affirm eternity to be fomething different from an intelligible nature; at the fame time con- 
_fefling that eternity dwells about, or is refident in, or is prefent with an intelligible nature. For indeed it-is not 
neceflary that becaufe both are venerable, they fhould be perfe@tly the fame: fince perhaps the venerablenefs of 
the one, is derived from the other. And what is farther added to cftablifh their identity, that the fame things 
are contained by each, is to be thus explained: that an intelligible nature centains every thing belonging to it- 
felf, as parts; ` but that eternity compeehends at-the fame time the whole, not asa part, but becaufe all things of 

'-this kind are called eternal, from itstontinual prefence. But eught we to-judge of eternity according to perma- 
„ent Ration in the intelligible world, as in this fenfible world we are accuftomed to cunfider time according -to 
motion ? 





‘ 
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COROLLARY. 
From hence it is evident that eternity is the caufe of total'exiftence. _ Since every thing: 
eternal, has either its effence or its energy totally prefent with itfelf, either according to 


effence,. or. according to energy. PROPO- 


motion? But it may be properly enquired, in the firĝ place, whether eternity, is the fame with ftation belonging 
to being. For if it is the fame with ftation, we cannot with more propriety, fpeak of a ftation which is eternal, 

than we can of an eternal eternity: fince that i eterna] which participates of eternity. Befides, if ftation is the 

fame with eternity, how can motion be eternal? For in this cafe, it muft lofe its nature, and become permanene 
and ftable. Befides, how is the notion of ftation contained in the ever itfelf? 1 do no not mean the ever, or al- 

aways which refpects time, but that which we underftand when we {peak of eternity. But if the ever it feif, is con-- 
tained in the ftatien of being, we muft confequently fegregate the other genera of beings from eternity. Be- 

fides, it is requifite to conceive of eternity, not in ftation alone, but as abiding in ene; and to preferve its indiftant ° 
property, left it thould become entirely the fame with time. But ftation, confidered fimply as ftation, neither 
contains in itfelf the intelligence of one, nor of that which is indifant. Hence we predicate of eternity, that it 
abides in ones and confequently it participates of station, without being ftation itfelf. 

Whas then isthe nature of that, . by which we call the whole of the divine world eternal and perpetual ? And. 
what is perpetuity itfelf? Is it the fame with eternity, or-dves eternity fubfift according to the perpetual? Per- 
hape we ought to conceive of eternity, as a certain-one colledted from many; viz. cither as one intelligence, of 
one nature ; whether confequent to things in the intelligible world, or exifting together with it, or beheld as fi- 
tuated in the depths of its effence. All thefe, I fay, reduced into eternity.as one, whieh js alfo many, and is en- 
dued with a various capacity. Indeed he who beholds a various capacity, when he confiders it as a fubje&, de- 
nominate it eflence; but-fo far as he perceives life, he denominates it motion, and afterwards ftation, confidered 
as abiding in a manner entirely the fame. He will hkewife behold difference and famenefs, fo far as they are. 
many, bound iù one. So that he whe contracts the difference, fubfifting in things which are many, into one 
life alone, and contemplates an unceafing famenefs of energy, never pafing its intelligence, or life, from one. 

| ing into another, but ever abiding in the fame manner in itfelf, far remote from ali diftance ; he, I fay, who bo- 
holds all thefe, contemplates eternity, viewing life ever poffefling a prefent whole, where all things abide toze- 
ther in famenefs, without the order of firft and laft, and are comprehended in an indivifible bound. Where all ° 
things are colle&ed into one, as into a point, not yet proceeding i into a linear flux, but abiding in famenefs, that 
is, ia itfelf, in an ever prefent sow : because nothing of its nature is paĝ, nothing in it is future; but what it is, i, - 
always is. Hence eternity is not a fubject, but that which beams as it were from its fubje@, ‘according to the pof- 
feffiun of an ever prefent identity; promifing itfelf, that its ever abiding nature, will never be changed. For . 
what fhould happen to this in fature, which it is not at prefent? Since it is a perfe@ and prefent plenitude of al} . 
things. Nor can the term was, the appellation of time paft, belong to eternity. For what can that be, which 
was prefent with its nature, and is paf? It is in like manner independant of all connection with futurity. And 
hence eternity is that which neither was, nor will be, but alone is, which it poffeffes in a ftable manner ; becaule 
it is neither changed into a future, nor altered froma paft duration. So that the eternity, which we are now 
inveftigating, is lile total and full, abiding in its effence about being; and is every where indiftant and - 


one. 


Nor indeed is it to be thought, that eternity happens extrinfically to the firft effence ; but we thould confider it, ° 
as dwelling in this effencc, as emanating from, and abiding together with it. For it is beheld as profoundly ` 
refident in its eflence ; becaufe from perceiving every thing elfe which we affirm tu abide there, as perfectly in- 
timate, we fay that all things emanate frum effence, and abide together with eflence. . For it is requifite that . 
firft natures fhould abide with, and refide in firft beings, and in thefe have the whole of their effence, becaule . 
the beautiful dwells in thefe, and emanates from them: and this alfo may be affested of truth, And partly indecd . 
the whole itfelf, is as it were in a part, but partly, as parts in the whole: as if this true nature was- a whole, . 
not congregated from parts, but itfelf generating parts, that on this account it may be truly all. Bcfides, truth 
which flourifhes there, is not a certain confonance towards another, but is peculiar to every thing of which it ie. 
the tiuth. Indeed it is requifite that this tutal truth, if total, fhould not only be total, fo far as it is all things, but 

avid .: 
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PROPOSITION LIL 


Eternity tfl if has an exiftence prior to all eternal natures, and time 
itfelf exifts before all temporal natures, 


OR if every-where participated natures are prior to their participants, and impartici- 


pables before fuch as are participated, it is evident that an eternal being is different 


from the eternity-in an eternal nature, and different from eternity itfelf. . For the firft 
` of 


.fhould likewife fo poffefs the whole, that nothing may be wanting to itfelf. And if this is the cafe, no affettion 
of futurity can poffibly belong to this being : for if the circulation of time can add any thing to its eflence,. it 
muft be defective till fuch an acceffion takes place. Befides, nothing contrary to nature can happen te this 
: truc being; for it fuffers nothing. So that fince othing is generated in it, its being is independent of all tem- 
. poral connections; and hence it is neither about te be, nor will be, nor was made, nor is made. Uf indeed the af- 
fetions of futurity are taken away from generated natures, becaufe they are converfant with perpetual acquifi- 
-tion, they ceafe to exift. But to things of a nature effentially different, the addition of any future circumftance 
-of being caufes them to fall frem the ftab!e feat of effence. So that it is manifeft from hence, that being itfelf 
could not refide in thefe natures, if they were compofed frum the paft, and future proceffions of time. Since 
effence in generated natures appears to be nothing more than a certain proceffion from real being, from the begin- 
sing of generation, till it arrives at the extremity of time, when it ceafes any longer to exift. And that whick 
is called the being of thefe, fubfifts in fuch a manner that by déminifhing any part of this extenfion, life is like- 
«wife diminifhed: for in this manner it is neceflary that every thing which participates of futurity fhould exift. 
.Hence it continually haftens, by a natural defire, to what is future, without defiring to repofe ; fince it continually 
-draws frefh fupplies of being to itfelf, while it performs one thing after another, and is moved in a certain orb 
_of progreflion, by its delire of effence. And thus we have difcovered the exiftence of temporal beings, and the 
_caufe of their motion to eternal duration, through the affiftance of futurity. 
-to beings truly bleffed, the defire of futurity is unknown: for they are already total; and whatever of life they 
-ought to poficfs, they now totally poffefs: fo that they feck after nothi.g, becaufe nothing which is requifite to 
the full energy and perfection of their effence is futuregand confequently nothing happens to them connected with 
futurity. The abfolute and total effence, therefore, of a being which is not feparated into parts, but is total in all 


its perts, and in no one circumftance of being deficient; and to which nothiug of non-entity can poffibly happea . 


Afor it is not only »equifite that all beings fhould be prefent with that which is univerial, and total, but that every 
-thing appertaining to non-entity, fhould be always excluded) is eternity: for that is called eterual which al. 
ways is.’ 

And fhortly after thig he adds: “ Hence eternity is fomething efpecially venerable, and is the fame with a 
god, as inherent intelligence affirms, But intelligence likewife dictates that eternity is the fame with that god, 
whom we denominate being and life. And it may with the greatett propgiety be faid, that eternity is a deity 
‘fhining and-unfolding bimfelf in intelligible light, fuch as he is in his effence sin an sflence, I fay, perfe&tly un- 

„changeable, and the fame, and thus firmly abiding in an unceafing energy of life. Nor ought any one to won- 
der that we fpeak of eternjty, as compofed from many. For every thing which abides in the intelligible world, 
is called many, on account of its ir. finite power; fince infinite there receives its denominat on, becaufe it never 
alls off from the ‘confummate intellectual plenitude of its nature, And indeed it is particularly called after this 

smamner, becaufe its lofes nothing of its own: and if any one fhould defcribe eternity after this manner, as life 
already infinite becaufe univerfal, and becaufe it never deferts the integrity of its natures (fince it cannot be di- 

-Iinifhed by the paft, nor increafed, by the future, becaufe it is a perfeét whole) he who thus defcribes eternity, 
will approach very near to its true definition. For what is afterwards added, that it is a perfect whole, and lofcs 
nothing of its integrity, is only a eertain expofition of the definition which affirms it to be infinite life. But 
‘hetaufe a nature of this kind, thus all-beautiful and eternal, abies shout the one i: ‘Uf, emanat'ng and in no re- 
Spet departing. frem it, but ever abiding about and in it, and living with it, in ind'club!e union; hence it is fuid 

by 


But to fuch things as are firft, and ` 
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of thefe fubfifts as a participant, the fecond as a thing participated, and the third as an 
imparticipable. In like manner with refpeé to time, one thing exifts as a participant, and 


` the time which it contains, as a thing participated, and the time prior to this, as an im- 


participable*, And each of thefe confifts from imparticipables every where, and in all 


things the fame. But participated time alone exifts in the natures by which it is partici- 
pated. For there are many eternal and temporal natures, in all of which eternity abides 
according to participation. And fince fuch a time is indivifible, there is alfo a divided 
time. And there is one time prior to thefe. And eternity itlelf is an eternity of eternities, 
but time itfelf, is a time of times ; and they are fultainers of participated natures. 


PROPO- 


by Plato, not rafhly, but ig a manner truly beautiful, and profound, tbat eternity abides in one: fo that he not only 
reduces that which eternity contains into one; but the life of being in like manner reduces itfelf, about the one 
isfelf. This then is what we inveftigate, and that is eternity, which thus abides. For that which is the energy 
of life abiding from itfelf, and refiding m the depths of unity, without any deception, either in effence or life, is 
without all controverfy cternity. Since traly to be, is never not to be, and to poffefs no diverfity of being, But 
when in difcourfing on eternity, we ufe the term ever: alfo when we fay, it is not fometimes diag, and fomee 
times non-being, we muft confider thefe appellations as adopted only for the purp.fe of explanation ; hecanfe the 
term ever is not ae principally affumed, but is employed, iu order to fhew, an incorruptible, and never- 
failing nature. 

But here it is proper to enquire, whether we affirm all this concerning eternity, by means of a power foreign 
from its nature, and as of a foreign concern? But how is this poflible? For how can intelligence take place in 
the foul, unlefs by an intimate union of intelle@, with the gbjca of its intelle@ion? And after what manner 
can this profound anion fubfift, by an intelligence of [uch things as are foreign from our intellectual nature? It 
is therefore requifite, that we fhould be partakers of eternity; or we could not thus define its nature, and exhi- 


bi the properties which it contains.” 


* The nature of time itfelf, which every thing in generation participates, has been a fubjc& of much fubtle 
and profound fpeculation to the Pythagoric, Platonic, and Peripatetic philofophers. According to Archytas the 
Pythagorean (as we are informed by Simp icius, on Ariftotle’s Categories) “ time is a generative number, pro- 
ceeding from the motion of the mundane foul, as from unity.” But others of the ancients confidered it as a cer- 
tain cxtenfion of foul about intellect. Others confeffed, that time was the period of foul and intellect. Accord. 
ing to the determination of others, it is a natural eatenfion aboat intelle@. And others defcribed time, by cir- 
culations in a circular nature; all which the Pythagoric fe& comprehends. Time, therefore, according to Ar- 
chytas and the moft ancient philofophers, is a felf-moving motion, and the number of temporal unity : for as 
eternity abides in one, fo time is moved in number. According to Plato, “ time is a certain image flowing in 
number, of eternity abiding in one.” But according to Ariftotle, “ it is the number, or meafure of motion ac- 
cording to prior, and pefterior.” But the opinion of Plotinus refpeGting time, is perhaps the moft profound of 
all: and though the preceding definitions when attentively confidered contain an abundance of intellectual truth, 
yet the doctrine of Plotinus on this fubject rekindles a greater light inour intellectual conceptions. In his book 
then on eternity and time, which we have cited in the preceding propofition, after many admirauig doubts con- 
cerning the nature of time, he enters on its definition, as follows : 


« But it is requifite to recal ourfelves again to that nature which we have faid refides in eternity: a nature im. 
mutable and total, and a life infinite and indeclinable, and abiding in, and about the oue. But time was not as 
yet, or at leaft was not among thefe true beings, but was about to follow, by a certain reafon and nature of a 
pofterior energy. Supernal natures therefore acting quietly among themfelves, if any one defires to know how 
time firft fell, he will not perhaps improperly call upon the Mufes, who then were not, for the important ex- 
planation. Perhaps alfo he will opportunely invoke them, fince the Mufes then exifted, according to true con- 
ceptions of their nature. And perhaps fuch a one will find time already generated, fuch as it now is, and mani- 
fefts itfelf to our intelle&ual view. But he will {peak concerning it after the following manner : | 

“ Before priority originated, and was indigent of that which is pofterior, time not yet exifting according to pro- 

Vou. IL Zz ceffion, 


% 


$ 
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PROPOSITION Llv. 


Every eternity is the meafure of eternal natures, and every żime of 


temporal natures; and thefe are the only two meafures of life and 
motion in beings. 


“OR every thing which meafures, either meafures according to a part, or meafures 
the whole, when it is accommodated to that which is meafured. But that which 
meafures according to the whole is eternity; and that which mieafures according to parts 


istime. ‘There are therefore only two meafures, this of eternal, and that of temporal 
natures. 


ceffion, repofed together with priority in being itfelf, with a tranquil and intelletual energy. But at length 
time defiving a nature engaged in a multiplicity of affairs, and anxious to govern itfelf, and become independent, 
and always chufing to poffels more of that which is prefent, began to be agitated, and at the fame time com- 
menced a flowing duration, fubfifting in continual fucceflion, and a tranfition into different periods of exiftence. 
And by conceivieg that from this motion, a certain longitude of proceffion is effected, we eftablifh time, as an 
image of eternity. For fince it isa certain reftlefs power of the mundane foul, defirous of transferring what it 
there beholds, into another, it cannot fuftain that a collected whole fhould be at once prefent with its nature : 
but as the fpermatic reafon, unfolding itfelf from a certain quiet feed, acts according to an abundant difcurfive 
energy ; difperfing in the mean time that which is called abundant, by a certain divifion, and inftead of the one 
which abides in itf-lf, unfolding and confuming a ron-abiding one, and thus proceeding into a more debile exten- 
fon: fo likewife the naturc of the mundane foul fabricating the fenfible world in imitation of that which is fupe- 
rior, and agitated with a motion, not fuch as the intelligible world contaius, but rather fimilar to the motion which 
is there; with a motion I fay affecting to reprefent its image, it renders itfelf in the firft place temporal, as a fub- 
{titute for eternity. But afterwards it endcavours to become fubfervient to time, hecaufe it compels the world to 
refide in time, comprehending all its tranfitions in its forming nature, For the world is moved in this nature; 
fince there is no other place for the univerfe than the mundane foul ; and in the time of this foul, it is agitated 
without end. For this fuul applying one energy after another in fucceflion, generates that which is confequent 
together with its energy, and at the fame time proceeds with a cogitation pofterior to this energy, and which 
before this had no exiftence, becaufe cogitation was not yet in energy. Its prefent life too, is now not entirely fimilar 
to the preceding life: and hence together with this energy, another life fucceeds ; and in confequence of this 
another time is produced. Time, therefore, is allotted a diflance and protraction of life ; and a perpetual proroga- 
tion of life, poflefles a perpetual time. If any one, therefore, fhould fay that time is an energy of the mundane 
foul, perpetually proceeding in a certain tranfitory motion, from one life to another, he will perhaps appear to 
affert fomething correfpondent to the truth. For if eternity is life abiding in ftation, and ina habit fimilar and 


` tht fame, and already infinite; and if it is requifite that time fhould be the image of eternity, in the fame man- 


ner as this univerfe is the image of the inteliigible world, certainly inftead of the life which flourifhes.there, 
another life muft refide in a certain power of the mundane foul, equivocal with refpeé to intelligible life ; and 
inftead of intellectual motion, it is requifite that thcre fhould be a motion of fome part of the foul. Likewife 
inftead of identity, and a fimilar and abiding habit, that which does not abide in the fame, but always purfues 
a different energy muft fucceed. And again inftead of a property indiftant, and one, a refemblance of one pof- 
fefling unity ina continued fucceffion. Befides inftead of that which is infinite and total, that which perpetually 
propagates itfelf in infinite fucceflion. Laftly, inftead of that which is a colleéted whole, that which fuftains parts 
and is always about to be total and perfect. For thus it will imitate that which is total, colle@ed, and infinite, 
if it withes its effence to confift iu a continual purfuit of being ; and+thus refembles the being of eternity itfelf, 
But it is requifite not to receive time external to foul, in the fame manner as eternity is not external to being it- 
felf. Nor again, muft we conceive that time exifts as an appendage, or any thing pofterior, in the fame manner 
as conceptions of this kird, are not proper to eternity: but we muft contemplate it as beheld feated in the re- 


-eeffes of foul, with which it exiftsin conjunction, juft as eternity fubfitts in being itfelf.” 


PROPO. 
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PROPOSITION Ly. 


Every thing fubfifting according to time, either fubfifts in an eternal 
time, or has its fubfiftence in fome part of time. 


OR if all progreflions fubfift by fimilitude, and prior to things perfectly diffmilar, 

things fimilar are more proximate to firft natures than fuch as are diffiimilar: and 
if it is impoffible to conjoin with eternals, things formed in a part of time: (for as 
things generated differ from fuch as are felf-fubfiftent, and things which have a partial, 
from fuch as have a perpetual exiftence, but the middle of thefé and thofe, are partly 
fimilar to them, and partly difimilar.) Hence between things which are fometimes ge- 
nerated, and fuch as are eternal, the medium muft either be tht which is always in ge- 
neration, or that which is fometimes, or that which is not truly, or does not poffefs 
true being. But it is imrpoflible that the medium fhould be that which fometimes traly 
is. And that which is not true being, ‘is the fame with that which is fometimes in ge- 
neration. Hence the medium cannot be that which /ometimes is. It remains therefore 
that that which is always in generation, or in becoming to be, muft be the middle of 
both : for on account of its paling, or flowing exiftence, it is conjoined with the worfe 
nature, but on account cf its perpetuity it imitates an eternal nature. 


-C OROLLAR Y. 

From hence it is evident that eternity is two-fold: for fome things are of themfelves 
eternal, but others according to time. And the former of thefe, is an abiding éternity ; | 
but the other a flowing eternity, or fuch as exifts in becoming to be. And the former of 
thefe has its being united, and at once total ; but the latter diffufed, and unfolded accord- 
ing to temporal extenfion. And the former of thefe is effentially total; but the latter 
is compofed from parts, each of which are feparated according to prior, and pofterior. 


PROPOSITION LVI. 


‘Every thing which is produced from fecondary caufes, is alfo pro- 
duced from thofe prior and more principal caufes, from which fe- 
condary caufes are produced. 


OR if that which is fecondary poffeffes its ele effence from that which is prior 

to itfelf, its power of producing emanates alfo from thence. For productive powers 
refide in producing caufes according to effence, and replenifh the effence of thefe. But 
if they : are allotted a productive power from a fuperior caufe, they poffefs from this 
422 the 


v 
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the caufe of being, meafured from thence according to an hypoftatic, or fabricative 
power. But if this be the cafe, the productions of this fecondary caufe, are caufed on 
account, of that which is prior to its nature: for that which perfects a caufe perfects 
alfo the thing caufed. And that the thing caufed is more perfected from thence, is ma- 
nifeft. For if that which is firft gives to the fecond, the caufe of producing, it will 
primarily poffefs this caufe; and on this account that which is fecond generates, re- 


“ceiving from thence a fecandary generative power. But if the one becomes productive 


through participation, but the other by communication; on this hypothefis lskewife that 


will be the primary and more principal canic; which beftows a power of generating on 
another proximate to its nature. 


PROPOSITION LVI. 


Every caufe both energizes prior to the thing caufed, and is pro- 
ductive of more effects pofteriér to the things caufed. 


OR fo far as it is caufe, it is more perfect and powerful than that which is pofterior 

to its nature. And if this be the cafe it is the caufe of more effects. For it is the 
property of a greater power to produce more, of that which is equal, equal, and of that 
which is lefs, lefs effects. And that which in things fimilar can effect greater things, 
can alfo accomplifh fuch as arelefs. But that which can accomplith lefs effects, cannot 
neceffarily effect greater. If, therefore, the caufe is more powerful than’the thing 
caufed, it is alfo productive of more effects. But whatever the thing caufed can ac- 
complifh, the caufe is much more capable of effecting. For every thing which is pro- 
duced from fecondary caufes, is much more produced from prior and more principal 
caufes. Whatever, therefore, the thing caufed is naturally adapted to produce, co-exifts 
with the caufe. But if the caufe produces prior to the thing caufed, it is evident that 
it energizes before the thing caufed, according to its productive energy. Every caufe 


therefore energizes prior to the thing caufed; and in conjunction with, and pofterior 
to its nature conttitutes other effects. 


COROLLA Ry. 


From hence it is manifeft, that whatever is caufed by foul, is alfo caufed by intellect, 
but whatever is caufed by intellect, is not alfo caufed by foul. For intellect energizes 
prior to foul; and whatever the foul confers on fecondary natures, intellect alfo confers 
in a more ample manner. And when foul no longer energizes, intellect illuminates with . 
its gifts, natures to which foul does not communicate its effence. For that which is 


inanimate, fo far as it participates of form, participates of intelleét, and the formation 


of 
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of intellect. Befides, this likewife follows that whatever is caufed by intelle& is alfo 
_ caufed by. the good, but not the contrary. For the privations of forms emanate from 
the good: fince all things flow from ee But intellect fince it is form, is not the fa- 
bricator of privation. 


PROPOSITION LVIL 


Every thing produced from many caufes, is more eienpcuiled, than 
that which is produced from a few. 


OR if every caufe confers fomething on that which proceeds from it, many caufes 

wilt confer many gifts, but fewer caufes will beftow fewer gifts. Of participants, 
therefore, fome will confift from many, but others from a few of the things which each 
participates; the former indeed on account of their progreflion from many caufes, but 
the latter on account of their progreflion from a few. But the former proceeding from 
many caufes are ‘more compofite: and things proceeding from a few, are more fimple 
than thofe which proceed from many caufes. Hence every thing produced from many } 
caufes, is more compounded ; but that which proceeds from a few is more fimple. For. 
the more compounded participates of that which the more fimple participates, but the- 
- contrary to this, ig not true. 


PROPOSITION LIX. 


l Every thing effentially fimple, is either more excellent, or worfe than: 
compofite natures. 


OR if the Aighe# of beings are produced from things fewer and more fimple, but fuch 

as are in the middle, from. a many, thefe will be compofite. And with refpeét to 
the extremes, fome are more fimple, according to that which is. more excellent, but 
others according to that which is worfe. But that the ngheft beings are produced from. 
fewer caufes, is evident from their being fuperior, and originating prior to inferiors, 
and extending themfelves over beings, beyond the progreflions of fubordinate natures, 
on account of their diminution of power. For on this account the laft of beings *, is 
moft fimple, as well as the firft, becaufe it proceeds from the firft alone. But one kind: 
of fimplicity fubfifts according to a nature more excellent, but another kind, according 
to that which is more bafe than every compound; and there will be the fame proportion. 
in all things. 


© By the laft of beings, he means matter, which on account of its formlefs nature may be confidered as nothing. 
more than the fhadow of being; or fomething if poflible {till more privative and imple. 
' 5 P ROPO- 


`N 
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PROPOSITION LX. 


Every thing which is the caufe of a multitude of effets, is more 
excellent than that which is allotted a power produdtive of a 
few; when the few are parts of the many. 


Fok if this is the caufe ofa few, but that of a many, and the few are parts of the many, 

that which forms the one, will alfo form the reft, if fabricative of a many. It is, 
therefore, more powerful and comprehenfive of a greater multitude. For as produétian 
is to production, fo is one producing caufe to another, according to a mutual relation. 
But that which is capable of accomplifhing more, pofféffes a greater, and more univer- 
fal power. And this is nearer to the caufe of all: but that which is nearer is a greater 
good: fince the caufe of all, is the good itfelf. Hence that which is the caufe of many 
effets, is effentially more excellent than that which produces but a few. 


PROPOSITION LXI. 


Every power when impartible is greater, but when divided be- 
. comes lefs. 


OR if it is divided, it paffes into multitude. And if this is the cafe, it becomes 

more diftant from unity ; and on this account is diminifhed in power; fince it de- 
patts from unity by which it is contained, and acquires imperfeGtion. Since. the good 
of every thing fubfifts through the benefit of union. 


PROPOSITION LXII 


Every multitude which is near to unity, is lefs in quantity than things 
farther diftant, but is greater in power. 


OR that which is near is more fimilar to unity. But unity is conftitutive of all 
things without multiplication. The caufe, therefore, of many effects, is more fimi- 
lar to unity. Since the caufe of all is the moft uniform and impartible of all things; if 
the caufe of all is ove. As, therefore, that which is lefs multiplied is more allied to the 


one; fo that which is productive of a multitude of effects, is more allied to the caufe 
of all. Buta nature of this kind is more powerful. 


COROL- 
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7 COR OLLAR Y. 
From hence it is evident, that there are more corporeal natures than fouls; more 
fouls than intellects; and more intellects than divine unities. And in all other natures 
there is the fame proportion. f 


PROPOSITION LXIII. 


Every imparticipable produces twofold orders of things participated ; 
one in things which fometimes participate; but the other in fuch 
as participate always, and in a connate manner. 


OR that which is always participated, is more fimilar to an imparticipable than 

that which is fometimes participated. Hence that which is always participable, 
will fubfift prior to that which is fometimes participated. Becaufe it is participated in- 
deed, differing from that which is pofterior to itfelf, but becaufe it is always more al- 
lied, it is alfo more fimilar to animparticipable. Nor are there alone things, which are 
fometimes participated: for prior to thefe are the natures which are always participated ; 
through which they are conjoined with imparticipables according to a certain well or- 
dered progreflion. Nor are there alone natures which are always participated: for thefe, 
fince they poffefs an unextinguifhable power (on account of their perpetuity), bear other 
natures in their effence, viz. the natures which are fometimes participated. And as 
far as to thefe diminution and fubjection extends. 

COROLLAR Y. 

From hence it is manifeft, that of the unions, which illuftrate beings from the one, 
fome are always participated, but others fometimes: and that intelleCtual participations 
are in the fame manner twofold; and likewife the animations of fouls, and of other 
forms. For beauty, and fimilitude, and ftation, and identity, are imparticipable, but 
they are participated, through things which always participate, and by things which 
{ometimes participate in a fecondary manner, according to the fame order. 


PROPOSITION LXIV. 


Every principal unity produces a twofold number ; one indeed.of felf- 
perfect fubftances ; but the other of illuminations, poflefling their 
fubtiftence in others. 

OR if its progreffion takes place by fubjection, and through things proper to fabri- 
cative caufes; and if perfect natures proceed orderly from the perfect, and things 
imperfe& 
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imperfect through thefe as mediums: hence fome will be felf-perfeat fubftances, but 
others imperfect; and thefe laft will become the forms of participants. For fince they 
are imperfe@t, they will be indigent of fubjels to their exiftence. But the pesfeét na- 
tures will make themfelves their own participants: for fince they are perfe@t, they will 
replenifh and eftablifh themfelves. But they ‘will require nothing of inferior natures, 
to their proper fubfiftence. Self-perfect fubftances, therefore, on account of their dif- 
tinction into multitude, are diminifhed from their principal unity; but on account of 
their felf-perfee&t effence, they are in a certain refpect affimilated to it. But imperfe@ 
{ubftances becaufe. they refide in others, are remote from that which is telf-fubfiftent ; 
and becaufe they are imperfect, they are diftant from that which perfects all things. 
But progreffions are accomplifhed by things fimilar, as far as to things perfeQly diffimi- 
lar. Hence every principal unity produces a twofold numbet. : 


COR OLLAR Y. 


From hence it is evident, that with refpeét to unities, fome are felf-perfe&t proceed- 
ing from the one: but that others are illuminations of unities and intelle&. And again, 
that fome of thefe are felf-perfect effences, but others nothing meré than refemblances 
of fouls which are animated. And hence, neither is every unity a god, but this is pe- 


culiar to a felf-perfect unity alone. Nor is every intellectual preperty an intelle&, but 


that which is effential alone. Nor is every illuftration of foul, a foul: but there are 
likewife images of fouls. : 


PROPOSITION LXV. 


Every thing which fubfifts in any manner whatever, either fubfifts 
according to caufe, in a primary manner (or poffefling the form 
of a principle apyoedas) or according to hyparxis *, or according 
to participation, after the manner of an image (éxowxgc.) 


OR either the thing produced is beheld in its producing caufe, as in a pre-exiftent 
 caufe: (becaufe every caufe previoufly affumes in itfelf, the thing caufed, being 
that primarily, which its effect is fecondarily) or the producer, is beheld in the thing 
produced. For fince that which is produced participates of its producing caufe, it ex- 
hibits in itfelf, in a fecondary manner, that which its producer is primarily. Or every 


© By inaelic, byperxis, in thefe Elements is meant that charaGeriftic or fummit of any nature, through which it 


fubfifls: and in the gods is the fame with the wnity and deity of their natures. And it is likewife neceflary to 


inform the reader, that by imoragic, bypoftafis, or fubfiftence, is meant any individual nature whether effential, 
or {uper-effential, confidered as fumething diftinct and different from asctdent. 


thing 


- 
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‘thing is to be confidered in its own order, and is not to be contemplated either in its 
‘caufe, or in the thing caufed. For the one fo far as it exifts, fubffts after a more ex- 
cellent mode; but the other, fo far as it is, in a fubordinate manner. But it is requifite 
that this laft alfo, fhould be fuch as it is. And every thing fubfifts in its own order, ac- 


cording to hyparxis. 


PROPOSITION LXVI. 


All beings are to one another either wholes, or parts, and are either 
the fame, or different. 


OR either one comprehends, but the remainder are comprehended; or they nei- 

ther comprehend, nor are comprehended. And they either fuffer that which is the 
fame, as participating one; or they are diftinguifhed from one another. But if they 
comprehend they are wholes: and if they are comprehended they are parts. But if many 
things participate one, they are the fame according to one. But if they are many 
only ; fo far as many they are different from each other. . 


PROPOSITION LKXVIL 


Every totality is either prior to parts, or compofed from parts, of 
contained in a part. 


OR we either contemplate the form of every thing in its caufe, and affirm that the 
whole which fubfifts in its caufe is prior to parts; or we contemplate the form of a 
thing in the parts which participate of that form. And this in a twofold refpect. For 
the form is either collectively in all the parts ; and this is a whole compofed from parts, 
any one of which when abfent diminifhes the whole itfelf. Or it is in each of the 
parts; fo that every part according to participation becomes a whole, i. e. a partial 
whole. But the whole compofed from parts fubfifts on account of effence. But that 
which is prior to parts according to caufe: and that which fubfifts in a part, according 
to participation. For this is a whole according to ultimate fubje€tion, fo far as it imi- 
tates the whole confifting from parts; fince it is not any part indifferently, but that 
which is capable of being affimilated to a whole, whofe parts alfo are wholes. 


Vou. if. 3A PROPO 
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PROPOSITION LXVIUH. 


Every whole contained in a part, is a part of that whole which is 
compofed from parts.. 


F OR if it is a part; it is a part. of fome whole: and is either a part of that whole: 


which abides in. itfelf, according- to which it. is called a whole in a part. But on 


this hypothefis the whole would be a part of itfelf, and a part. would be equal to: the. 


whole, and each would be the fame.. Or it will be a part of fome other. whole; and if 


of fome other, it.is either only a part of that other; in fuch a manner as again to differ. 


in no refpect from the whole. Or it will be a part together with fome other whole. 
For the parts of every whole, are more. than one; and this will be a whole compofed 
‘from many parts. And thus. the whole contained in.a part, is.a part of that whole 
which is compofed from parts. | 


PROPO SITLON LXIX: 


Every whole compofed from parts, participates of that totality which 


is. prior to parts. 


Fo R if it is compofed from parts, it becomes paffive. to a whole, For the parts fince,. 


they are made one, ,{uffer a whole, on account of their union: and this is a whole 
fubfifting in parts which are not wholes.. But- that which is imparticipable.has an ex- 
iftence prior to every thing participated. An imparticipable totality, therefore, exifts 


prior to a participated totality.. And hence there is a certain fpecies of totality, prior: 


to that whole, which is compofed from parts. And this is not a paflive whole, but is 
an effential totality ;.from which the totality refulting from parts proceeds. Since like- 
wife that whole which is compofed from parts, fubfifts in many places, and in various 
ways, in many other things.compofed from parts. Dut it is requifite that there fhould 
be an effential monad or unity of all totalities. Far each of thefe wholes is not fincere, 
becaufe indigent of the parts from which it is compofed, and which are themfelves dif- 
ferent from wholes. Nor if this whole was generated in any thing particular, could it 
be the caufe that all others are wholes. The caufe, therefore, by which all things are 
wholes, is prior to parts. For if this alfo was compofed from parts, it would be a cer- 
tain whéle, and not that which is fmply whole. And this again would fubfift from an- 
other whole: and this muft either be the cafe in infinitum, or there muft be a farft 
whole; a whole not compofed from parts, but that which is a perfect totality. 


f 3 P R OP O- 
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PROPOSITION LXX., 


‘That which is more univerfal fubfifts in principal side: wd prior 
to particulars illuminates participants; and leaves that which par- 
‘ticipates as fecond in order from principal caufes. 


OR a more univerfal caufe begins its energy in fecondary natures, prior to that which 

is pofterior to a more univerfal caufe: and it is prefent not only when that which 
is pofterior is prefent, but even when the energy of that which is pofterior is no more; 
and it energifes in a more caufal manner, and this not only in different fubjects, but 
alfo in each of the things which fometimes participate. Thus for example it is requifite, 
that being fhould be firft, afterwards animal, and then man. And the fpecies man no 
longer exifts, when deferted by the rational power: but animal, breathing and fentient, 
will ftill fubfGift. And again, though life is taken away, being remains: for when mar 
ceafes to live, being is prefent. And the fame reafoning may be adopted in all things. 
But a caufe which is more efficacious, and which is on this account more caufal, ener- 
gifes firft in a more caufal nature: for it fuffers the fame from a- caufe more. powerful, 
and prior to itfelf; and it co-energifes with that which is fecondary when in energy. 
For every thing which generates that which is fecorndary, congenerates alfo that which 
is more caufal: and when that which is fecondary deferts the more caufal nature, that 
which generates the fecondary nature is prefent. For the communication of a more 
powerful caufe, when it is more efficacious, leaves that which participates it, the laft 
of all. For through the communication of that which is fecond, it ftrengthens its own 


illumination. . 
\ 


PROPOSITION LXXI 


All things which abide in principal caufes, and which poffefs a more 
univerfal and fuperior order in effects, according to the illumina- 
tions proceeding from them, become in a certain refpe& the fub- 
jets of the communications of particulars. And the illuftrations 
emanating from fuperior, receive the progreffions of fecondary 


natures. And thus fome participations antecede others, and repre- 
3A2 fentations, 
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fentations, or refemblances (eugaces) fupernally coalefce one 
after another in the fame fubje&t: things more univerfal energiz- 
ing firft, but particulars pofterior to the energy of univerfals, 
heftowing their communications on their participants. 


OR if things which partake more of caufe, energize prior to things fecondary, 

on account of their exuberance of power, and are prefent with, and illuminate 
things endued with a more imperfect aptitude: but if things more fubordinate, and» 
which are fecond in order, receive their communications from thefe ; it is evident that 
the illuftrations of fuperior natures preeoccupy that which participates of both, and- 
eftablifh the communications of fubordinate natures. But thefe illuftrations ufe 
the refemblances emanating from fuperior natures, as fupports and foundations, and. 
operate in a participant prepared by fuperior natures. 


-” 


PROPOSETION LXXI, 


All things which in their participants have the relation of'a fubjed, 
proceed from more perfect and univerfal caufes. 
OR the caufes of many effects are more powerful and univerfal, and nearer to 


the one, than the caufes of a few effects. But things producing the fubjects of 
others, are.the caufes of many effects, becaufe they likewife produce aptitudes, before 


forms are prefent. And hence thefe are more univerfal and perfect in the. order of. 


caufes. 
COROLLA R Y. 

From hence it is evident why matter which derives its fubfiftence from thé one, is 
effentially deftitute of form. And why body is effectually deftitute of foul, although 
it participates of being. For matter which is the fubjeét of all things proceeds from 
the caufe of all *: but body which is the fubje& of animation, fubfifts from that which 
is more univerfal than foul, becaufe it participates of being in a certain refpect. 


© By matter proceeding from the caufe of all, nothing more is meant than that it depends entirely on-the 
frh caufe for its fhadowy and unreal fubfiftence : for as the emanations of caufes are extended in proportion to 
their eminence ; hence the proceflions of the one extend beyond thofe of every other caufe, and even leave 
faint traces of their illuminations in the dark receptacle of matter. 


PR OPOQ- 
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PROPOSITION. LXXIII 


Every whole is at the fame time a certain being, and participates: 
of being: but every being is not a whole. 


OR either being and whole is the fame; or the one is prior, and the other pofterior: - 
But.a part: al{o,. fo far as a part, is a certaimbeing (for that which is a whole con- 

fifts.from partial beings) yet is not an effential whole. And hence being and whole is 
not the fame: for on this hypothefis, a part would be a non-entity. But if the part is- 
a non-entity, neither can the whole be being. For every whole is a whole of partsg 
either confidered as exifting prior to the parts *, or as inherent in the parts. . But the 
part being anon-entity, itis impoflible that the whole.can exift.. But if the whole is. 
prior to being, every being will be immediately a whole; and fo a part, will not be. 
a.part, which is impofible. For if.a whole.is a whole, and is a whole of parts; the. 
part alfo exifting as a.part, will be a part of the whole. It remains therefore that every: 
avbole is being, but. not every being a whole. 


COROLLARY.. 
For hence it is evident that the firt being is above totality, fince being is prefent 
„to a multitude of things: for it affords effence to parts, fo far as parts. But totality 


is prefent to fewer natures. For the capfe of a multitude of effects is more excellent: : 
but that of a few is fubordinate, as is demonftrated. 


_ 


PROPOSITION LXXIV: 


Every form is a certain whole. . 


OR itis compofed from a multitude of things, each of which replenifhes the form.. 

“ But every whole is not a form. For that which is particular, and an indivifible, . 
is indeed a whole, fo far as it is an indivifiblé; but is not a form: For every whole - 
confifts from parts.. But form or fpecies,.is that which may be divided into many par- ; 
ticular forms. Hence whole, and form differ from each other: and the former is inhe- - 
rent in more natures than the latter. That which is whole, therefore, is above the forms . 


bel asf, 
pE DEINE COROLLARY. 


From hence it js evident that whole pofleffes a middle order between being, and | 
forms, and hence it follows that being is prior to.forms, and that forms, are. beings; + 


® This follows from Prop. 69. For every whole prior to parts, may be faid to be a whole of parts, becaufe < 
every- whole formed from parts, participates of that totality which is prior to parts, -~ re 
anc - 
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and yet every being is not a form. From hence likewife in effeéts, privations are after 
„a certain manner beings, yet they are not forms *. But on account of the unifying 
power. of being, they likewife receive a certain debile reprefentation of being. 


PROPOSITION LXXV. 


‘Every thing which is called a caufe properly, is exempt from its 
effec. l 


TOR if it fubfifted in its effet, it muft either replenith its effe&, or be indigent of 
it in a certain refpeét, in order to its being. and thus be more.imperfe& than its 
.efe&t. But that which abidesdn its effe&, is more an affiftant-caufe than caufe itfelf: 
becaufe it is either a part of that which is made, or an inftrument of that which makes. 
For the part fubfifting in that which is made, is more imperfect than the whole: and 
the inftrument which fupplies the meafures of fabrication to the efficient, is not able to 
sfeparate itfelf. very thing, therefore, which is properly a caufe, if it is more perfect, 
-than that which proceeds from it, affords likewife a meafure to generation, and is ex- 
~ empt from inftrements, and elements, and from every thing which is fimply called an _ 


_affifting.caufe. 


PROPOSITION LXXVI 


‘Every thing which is produced from an immoveable caufe, poffeffes 
an immutable hyparxis: but every thing which emanates from a 
moveable caufe, poffefles a mutable hyparxis. 


OR if every thing which fabricates is entirely immovable, it produces that which is 
“| fecond from itfelf, not by motion, but by being. But if this be the cafe, that which 
-emanates from it, concurs with its eflence. And if+this be the cafe, as long as it exifts, 
-it will produce. But it always is, and therefore will always produce that which is pof- 
terior to itfelf& Hence too that which is pofterior always emanates from thence, and al- 
sways is; conjoining its own pregre/ive ever, with the ever according to energy, of an 
ammoveable caufe. If, therefore, the caufe is moved, that alfo which is produced by 
«it will be effentially mutable. For that which derives its effence through motion, when 


è Thus matter poffeffes a certain obfcure image of being, but does not preferve the moft debile impreffion of 
‘form. For as the gradations of being are more extended than thofe of form, and as matter is the laft of things; 
thence matter may be faid to retain the footRep of being in its dark receptacle, whilft the proceffions of form 


ate reflected like.echoes from its. rebounding feat, 
the 
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the motion is changed, changes its being. For if that which is produced from motion 


abides immutable, it will be more excellent than its producing caufe: but this is impof- - 


ible. It will not, therefore, be immutable; and will confequently be changed, and . 


moved according to effence, imitating the metion by which it is produced. 


PROPOSITION LXXVII.. 


Every being in capacity, emanates from that which is.energy ;. and 


that which is in capacity proceeds iato energy. But that. which is’. 


in a certain refpect in capacity, fo far as it is in capacity, emanates. 


from that which is in a certain refpect in energy. And that which - 


is all things in capacity. proceeds from that which -is all. things in 
energy. | 


OR that which is in capacity is not adapted to produce itfelf into energy, becaufe it ° 


` is imperfect. For if that which is imperfect fhould become the caufe of perfeétion 


to itfelf, and this in energy, the caufe will be more imperfect than that which it proe - 


” 


duces. Hence that which is in capacity, fo far as in capacity, will not be to itfelf, the — 


caufe of fubfifting in energy. For on this hypothefis, . {o far as it is imperfedt, it will . 
be to itfelf the caufe of the perfect: fince every thing in capacity, fo far as in capacity, 3 
is. imperfect. But every thing which is in energy, fo far as in energy, is perfect. If- 
then that wbich is in capacity becomes in energy, it will inherit perfection from fome- - 
thing elfe. And this again, will be either in capacity; (but then again, the imperfect ° 
will be generative of the perfect), or it will be.in energy. . And either fomething elfe, . 
or this which is incapacity, will rife. into energy. But if fomething elfe in energy ope- - 
rates, acting according. to its propriety, it will produce into energy, that which is in - 
capacity, in another. - Nor will this again be in.energy ; unlefs it rifes into energy from - 
capacity.’ It remains, therefore, that from that which is in energy, that which is in ca- - 


pacity muft, be changed into energy» . 


PROPOSITION: LXXVIII.. 
All power or capacity is either perfect, or imperfect. 


F OR that which produces energy is a perfe& power : for it makes other things pere - 
` fe&t through its energies. But that which is perfedlive of others, is greater, be- - 
caufe it. is.more felf-perfect. But the power which is indigent of .fomething pre-exift- - 
ing ...: 


3 


-i 
ma 
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ing in energy, according to which it is fomething in capacity, is imperfect : for it is in- 
digent of the perfect abiding in another, that it may become perfect through its partici- 
pation. And hence fuch a power is elfentially imperfeét. Hence too the power which 
fubfifts in energy is perfe&t, becaufe prolific of energy. But the power which fubfifts in 
Capacity is.imperfeét; deriving its perfection from power in energy. 


PROPOSITION LXXIX. 


Every.thing which is generated, is generated from a twofold power. 


OR it is requifite that it fhould be adapted to generation, and that it fhould poffefs 
_an imperfect power. It is likewife requifite that the agent being in energy, fuch 
as that which is generated is in capacity, fhould previoufly affume a perfe€&t power. For 


every energy proceeds from inherent power. For if the agent does not poffefs power, 
-how can it energife, and operate in another? But if that which is generated, does not 
poffefs power according to aptitude, how can it be fabricated? For that which pro- 


duces, produces every thing, in that which poffeffes a paflive power; but not in every 
thing; nor in that which is not naturally paflive to the energies of the producing caufe. 


PROPOSITION LXXX. 


Every body is naturally adapted to paffivity: but every thing incor- 
poreal is naturally adapted to fabricate. And the former is effen- 
tially inefficacious, but the latter is impaffive. Yet that which is 
‘incorporeal becomes paflive through its communion with body : 
juft in the fame manner, as bodies are enabled to fabricate, through 
the participation of incorporeals. 


Jo OR body, as body is divifible alone, and through this becomes paflive; being every 

way partible, and this every way.in infinitum. But that which is incorporeal, becaufe 
it is fimple, is impaffive. For neither can that which is impartible be divided, nor 
can that which is incompofite be altered. Hence nothing will be fabricative, or this 
muft be affirmed of an incorporeal : fince body fo far as body, does not operate, becaufe 
it is alone expofed to divifion and paflivity ; while on the contrary every agent poffeffes an 
active power. Hence it will not fabricate fo far as body, but according to a power of 
operating, which it contains. But body is effentially inefficacious, and impotent: and 
hençe when it fabricates, it fabricates by a participation of power. But incorporeals 


hkewife 
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hkewife participate of paflions, when they abide in bodies; becaufe in this cafe they are 
divided in conjuntion with bodies, and enjoy their partible nature, though at the fame 
time, they are impartible according to their proper effence. 


PROPOSITION. LXXXI. 


Every thing which is participated in a feparable manner, is prefent 
by a certain infeparable power, which it inferts in its partici- 


ant. 

a if it is feparable from its participant, aħd does not abide in it, as that which 

poffeffes a fubfiftence in itfelf, a certain medium is requifite, which may connect the 
one with the other, and which is more fimilar tothat which is participated, and to that 
which participates. For if this medium is feparable, how can it be participated by the 
participant? Since neither the participant contains the medium nor any thing proceed- 
ing from this medium. A power, therefore, and illumination emanating from this me- 
dium, into its participant, conjoins both. One thing, therefore, is that through which 
participation fubfifts, but the fecond is that which is participated, and the third is the 
participant. 


PROPOSITION LXXXII. 


Every thing incorporeal, becaufe converted to itfelf, when it is par- 
ticipated by others, is participated in a feparable manner. 

OR if in an infeparable manner, its energy will not be feparable from its participant, 

any more than its effence. But if this be the cafe, it will not be converted to 

itfelf. For if it is converted it will be feparable and different from its participant. If, 


therefore, it is capable of being converted to itfelf, it is participated in a feparable man- 
ner, when it is participated by others. 


PROPOSITION LXXXIII. 


Every thing endued with a felf-gnoftic power, is entirely converted 
to itfelf. 


OR that which is converted to itfelf, in energy, manifeftly knows itfelf: for that 


which knows is one and the fame with that which is known; and the knowledge 
Vou. IL. "3B of 
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of itfelf reverts to itfelf, as that which is known. And as this knowledge belongs to 
that which knows, it is a certain energy : but it is an energy of itfelf to itfelf, becaufe it 
poffeffes a power of knowing itfelf. But that this alfo fubfifts in eflence if in energy 
has been demonflratede For every thing which is converted to itfelf in energy, con- 
tains alfo an effence verging to itfelf. 


PROPOSITION LXXXIV. 


Every thing which always 7s, poffeffes an infinite power: 


OR if its effence is never-failing, its power alfo, according to which it is what it: 

is, and is able to be, muft be infinite. For if the power according to which it fub-- 
fifts was finite, it would fome time or other fail. But if it fhould fail, the being alfo of 
that which poffeffes this power muft fail; nor would it be any longer an eternal being. . 
It is requifite, therefore, that the power belonging to, and containing that which al-- 
ways is, fhould be effentially infinite. . 


PROPOSITION LXXXV. 


Every thing which is always iz generation. (asi. ywopevoy), pofféffes an. 
infinite power of being generated (re yiverOa). 


OR if it is always in the act of becoming to be, it contains a never-failing power of 
generation. For if its power was finite, it would ceafe in a infinite time. But if 


its power of being generated ceafes, that alfo which is in generation will ceafe; viz.. 


that which is in generation according to this power will ceafe; nor will it any longer 


be always in generation *, But it is always in generation, according to the hypotbefis : 


and confequently it poffeffes an infinite power of being generated.. 


® The propofition ends here in the Greek, though very erroneonfly ; and its conclufion forms the beginning 
of the next propofition. It is ftrange that Portus fhould not have detected, this egregious miftake, which the al- 
terat on of a fingle letter, would have enabled him to rectify. Thus if after arrd mor del iwixsiwas yivécarer, 
Ewtsgor aga iye ray re ywveebas žura, which is the conclufion of the propofition; war sè lwc &, dc. is retained, 
inftead of bay 7? Glee fv, and is made the beginning of the next propofition, the whole will be corre and plain. 
Such miflakes, are dreadful inftances of the danger attending the underftanding from the ftudy of words alone. 


7 PROPO- 
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PROPOSITION LXXXVI. f 


Every true being is infinite, not according to multitude, nor aecorde 
ing to magnitude, but according to power alone. 


OR every infinite is either in multitude, or in magnitude, or in power. But true 

being is indeed infinite, as poffefling an inextinguifhable life, a never-failing-effence, 
and an undiminifhed energy. Nor is it infinite on account of magnitude; fince that 
which is true being, is without magnitude, and felf-fubfiftent. For every felf-fubfiftent 
being, is impartible, and fimple. Nor is it infinite, on account of multitude, for it is 
moft uniform, on account of its vicinity, and alliance to the one. But the one is infi- 
nite according to power: and hence through this, true being will be impartible and in- 
finite. And indeed by how much the more it is one and impartible, by fo much the 
more will it be infinite. For power when diftributed into parts, becomes debile, and 
finite. And powers entirely partible, are entirely finite. For fuch as are lał, and moft 
diftant from the one, are after a certain manner finite: but firk powers are on account 
of their impartibility infinite. For partition diflipates and diffolves the power of every 
thing. But impartibility,. from its binding and colle&tive nature, contains in itfelf, 
that which is never-failing and undiminifhed. But infinite according to magnitude and 
multitude, is entirely a privation, and defertion of impartibility. For that which is fia 
nite proximately approaches to that which is impartible; while that which is infinite is 
moft diftant from an impartible nature, becaufe it on all fides departs from the one. 
Hence that which is infinite according to power, does not belong to the infinite, either 
of multitude, or magnitude: fince infinite power is co-exiftent with impartibility. But 
infinite, either in multitude or magnitude is moft diftant from an impartible nature. | If, 
therefore, true being was infinite, either in magnitude, or multitude, it would not be 
endued with infinite power. But it is endued with infinite power, and i is, therefore, 
not infinite, either according to magnitude, or multitude. 


PROPOSITION LXXXVII. 


Every thing eternal, is eing; but not every being is eternal. 
OR in generated natures the participation of being, is after a certain manner inhes 
rent, fo far as they are not that, which is in no refpect being. But if that which 
isin generation, is not that which is in no re/pect being (evlapsis ên) it is being, in a certain 
refpet (irs wing êr) But that which is eternal, or eternity itfelf, is in no refpef? inherent 
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in generated natures; and is particularly feparated from things which do not participate 
of eternity, according to the whole of time. But every thing eternal always is; 
for it participates of eternity itfelf, which confers perpetual being, on the natures by 
which it is participated. Being, therefore, is participated by more natures than etermt : 
and hence being is above eternity. For things which participate eternity, participate 
alfo.of being: but not all that participate of being, participate alfo of etcrnity. 


PROPOSITION LXXXVIII. 


Every true being, is either prior to eternity, or abides in eternity, 
er participates of eternity. 


U T that it is above, or prior to eternity, is demonftrated in tlre preceding propofi- 

tion. And it likewife abides in eternity: for eternity poffeffes perpetuity together 
with being. And this is alfo true of that which participates of eternity : for every thing 
eternal, is called eternal from its participation of perpetuity and being. For this ac- 
cording to participation poflefles both perpetuity and being. But eternity poffefles perpe- 
tuity the firft of all; but being, through participation *. And being itfelf, is the firit 
being. 


-~ 


PROPOSITION LXXXIX. 
Every primary being (mewrws ov) confits of bound, and infinite. 


Yr OR if it is endued with infinite power, it is evident that it is infinite, and through 

this fubfifts from izfinite. But if it is impartible and uniform, through this it parti- 
cipates of bound. For that which participates of the one, is bounded. But that which 
is impartible, is at the fame time cndued with infinite power. Every true being, there- 
fore, confifts from bound’and infinite. 


* To a reader not fkilled in the Platonic philofophy, it.will doubtlefs appear ftrange, that being fhould be 


prior to eternity, and yet each participate uf one another. This apparent paradox may he eafily folved, by cone. 


fidering that. the mode. of participation is different in each, For being participates of eternity, as eftabiithing, 
illuminating, replenifhing, and deifying eternity: but eternity participates of being, as depend'ng upon, efta- 
blifhed and deifyed by being. Sv that when a fuperior, participates of an inferior nature, the participation can= 
fits in the energy of. the former on the latter: but when an inferior participates of a fuperior nature, the par- 
ticipation confifts in its receiving the communications of the fuperior nature, 


PROPO 
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PROPOSITION xc. 
Firft bound, and firft infinity, have a felf-fubfiftence prior to all things 


which confift from bound and infinite. 

OR if beings which fubfift from themfelves, fubGift prior to certain beings, becaufe 
common to all, and primary caufes, and this not to fome in particular, but fimply 
to all; it is requifite that there fhould be a firft bound, and a firft infinity prior to that 
which confifts from both. For in that which is mixed, bound Participates of infinity, and 
„infinity ‘of bound. But the firft of each, is no other than that which it is. It is requi- 
fite, therefore, that that which is primarily infinite fhould not poffefs the form of bound, 
and that that which is primarily bound, fhould not poffefs the form of infinite. And. hence 

thefe fubfift primarily prior.to that which is mixed, 


PROPOSITION XCI - 


Every power is either bounded, or infinite. But every terminated 
power fubfifts from infinite power: and infinite power from frf 
mnpinity.. 

OR powers which have a partial exiftence, or fubfift fometimes, are bounded; be. 


caufe they have fallen from the infinity of perpetual being. But the powers of etere- 
nal beings, are infinite, becaufe they: never defert their own hyparxis. . 


PROPOSITION XCI 


Every multitude of infinite powers, depends on one firft infinity, 
which is not as a participated power, and which does not fubfitt 
in things endued with power, but is effential ; not exifting as the 
power of any participant, but as the caufe of all beings. 


OR though the firft being poffeffes power, yet it is not power itfelf: for it likewife 
pofleffes bound. But the firft power is infinity: for infinite powers, are infinite, 
through the participation of infinity. Infinity itfelf, therefore, will be before all 
powers; through. which being alfo poffeffes infinite power, and all things participate of 
‘infinity. For that which is firf, is not infinity: for that is the meafure of all things, be- 
caufe it is the good, and the one. Nor is being infinity: for this is infinite, but not in- 
finity (or infinite itfelf.) Hence between that which is firft, and being itfelf, infinity 
fubfifts, as the caufe of all things endued. with infinite power, and.of all the infinity ia 

beings. 
PROPQ. 


374 “ ELEMENTS OF THEOLOGY. 


PROPOSITION XCI 


Every infinite fubfifting in beings, is neither infinite with refpec to 
fuperior natures; nor is it infinite. to itfelf. 


F OB that by which every thing is infinite, by this alfo it is without circumícription. 
But every thing in natures fuperior to beings, is bounded in itfelf, and in all 
-things prior to itfelf. It remains, therefore, that the infinite belonging to inferior na- 
tures, belongs to them alone, above which it is expanded in fuch a manner, that it is 
incomprehenfible by them all. For however they may extend themfelves towards this 
infinite, yet it pofleffes fomething entirely exempt from their nature. And though all 
things enter into this inGnite, yet it poches fomething occult, and incomprehenfible 
by fecondary natures. And again, though it expands its powers, yet it contains fome- 
thing on account of its union, invincible, convolved, and furpafling their involutions. 
Likewife containing and bounding itfelf, it will not be infinite to itfelf; and much lefs 
will it be infinite with refpect to fuperior natures, becaufe it poffeffes a portion of the 
infinity which they contain. . For the powers of more univerfal natures are more infi- 
nite 7, becaufe they are more univerfal, and are placed nearer to the firft infinity. 


PROPOSITION XCIV. 


Every -eternity is a certain infinity, but every infinity is not an 
| eternity. 
F OR many infinites poffefs the infinite, not on account of their perpetuity ; as is evie 
dent in the infinity according to multitude, and according to magnitude, and in 

the infinity of matter; and whatever elfe may be infinite, either becaufe it cannot be 
paffed over, or on account of the indefinite nature of its effence. But that eternity is 
gn infinity, is evident: for that which never fails is infinite: and this becaufe it pofleffes 
a never-failing fubfiftence. Infinity, therefore, is prior to eternity. For that which 
conttitutes a greater multitude, and is more univerfal, is a more caufal nature. Firfè itm 
jinity, therefore, is above eternity, and izfnity st/elf, is prior to eternity. 

® The reader muft not be"furprifed to find that among infinites, fome are more infinite than others. For as 
among beings fome are truer than others, and poffefs more of real being in proportion as they approach nearer 
to being itfelf; at the fame time that they are all in a certain refpe& beings: fo infinites poffefs more of infi- 
nity, as they approach nearer to the infinite itfelf. Thus for inftance eternity poffeffes infinity more truly than 
time, though time alfo is infinite į becaufe the infinity of eternity, isa ftable indivifible life, but the infinity of 
time confifts in an unceafing progreffion, or as it were an unwearicd purfuit of infinity, which it can alone ob- 


tain in an extended and partible manner. And this difference among infinites extends even to matter itfelf, 
which is the mot degraded and abject of all infinites, becaufe it is infinite only in the moft dormant capacity. 


PROPO- 
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PROPOSITION XCV. 


Every power which poflefles more of the nature of the -one than of- 
multitude, is more infinite than the power which is multiplied, 


OR if the firt infinity is the neareft to the one, hence of the powers which are - 

moge allied to the one, that which is lefs diftant from the one, is more infinite. . - 
For when multiplied it lofes its uniform nature ; in which when it abides, it will pof- 
fefs a fuperiority among other natures, being contained by impartibility. For among. 
partible natures, collected powers are multiplied, but. fuch as are divided, are debi- - 
litated.. 


PROPOSITION XCVI.. 
The power. of every finite body, when infinite is incorporeal. 


OR if this power is corporeal, fince in this cafe it would be an infinite body, infi<. 

nite would refide in that which is finite. But.if this power is a finite body, it will: 
not be an infinite power, on account of body, but on account of famething elfe. For - 
if through body it is finite, but through power infinite; it will not be power, on acs-. 
count of body. Hence the infinite power, which refides in a. finite body is incorpo-- 
real. . 


PROPOSITION XCVII 


Every principal caufe in every feries, communicates its -property to: 
all that feries: and the. feries is that by remiffion, or fubjedtion, 
which this caufe is after a primary manner. 


O R if it is the leader of the whole feries, and all kindred natures, are co-ordinated ' 

to this caufe, it is manifeft, that it confers on all one idea, through which they 
are allotted an order under the fame feries. . For either all things participate of fimilie . 
tude with this principal caufe, without a caufe; or the famenefs which 3s in all, pro- 
ceeds from this principal caufe. But that this fhould be the cafe, without a caufe, is. 
impofhble: for that which is without acaufe is fortuitous. But among things in which : 
there is order, and a connection with each other, and which always abide in the fame - 
ftate,-, 
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ftate, chance can never take place. From this principal caufe, therefore, the whole 
feries reccives the property of its fubfiflence: And if from this caufe, it is evident that 
it receives this property with remiflion, and a defcent accommodated to fecondary natures. 
For either this property fubffts in a fimilar manner, in that which is principal, and in 


things fecondary, and the former prefides, but the latter are allotted a fubfiftence pof- 


terior to the principal; or it fubfifts in a diffimilar manner. And if this is the cafe, it is 
manifeft that identity in multitude proceeds from one, and not the contrary; and that 
the property which primarily pre-exifts in one, is fecondarily in multitude, and is ex- 
empt from the feries. 


PROPOSITION XCVIII. 


Every feparate caufe, is at once, every where, and no where, 


OR by the communication of its power, it is every where. For tbis is a caufe, 

which replenifhes things naturally adapted to participate of its nature, and is 
the leader of all fecondary natures, and is prefent to all the prolific progreflions of 
illuftrations. But, on account of an effence unmingled with things in place, and 
through its excellent purity, it is no where. For if it is feparate from effes, it is 
placed above all things. In like manner it refides in none of the natures fubordi- 
nate to itfelf. For if it was alone every where, it would not indeed be hindered 
from being a caufe, and it would be in all participants: but it would not be in a fe- 
parate manner prior to all. But if it was no where, without being every where, it 
would not indeed be reftrained from being prior to all things, and it would not be any 
one of fubordinate natures, but it would not be in all things; as caufes are naturally in 
things caufed, through their abundant communications. On account of its being a 
caufe, therefore, it is in all things which are able to participate its nature: and from its 
béing feparate in itfelf, it is prior to all the natures which it replenifhes ; and is at once 
every where and no where. And indeed it is not according to a part every where, and 
according to a part no where: for thus it would fuffer a divulfion and feparation from 
itfelf : fince one part of itfelf would be every where in all thimgs, and another part would 
be no where, and prior to all things. But it is total, every where and no where, after 
the fame manner. For things which are able to participate of this caufe, abide in the 
whole, and find the whole prefent with their nature; while this whole is exempt from 
its participants. For its participant does not. eftablifh this whole in itfelf, but partici- 
pates of it as much as it is able to receive. Nor in communicating does it contract it- 
felf, through the participations of a multitude of things: for it is feparate. ‘Nor do the 
participants -participate in a defeCtive manner: for that which communicates is every 


here. 
Bas PROPO 
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PROPOSETION XCIX. 


Every imparticipable, fo far as it is an imparticipable, does 1 not fub- 
fift from another caufe, but is the principle and caufe of all parti- - 
cipated natures. And ia confequense of this every a: in 
every feries is without generation. 


0] R if it is ipaa pable; it is allotted a principality i in its own proper feries, ‘ahd 

. does not proceed from otħere: for it would not be the firit, if it received: that! pro- 
perty-on- account of which it is imparticipable, from:any other., But if it is: worfe than 
others apd proceeds from them, itis, not allotted a progreffion, fo-far as it is impartici 
pable, but fo far as it is a participant. For in this cafe it participates of the natures 
ftom which it proceeds, and:the things which it participates, have-not 2 primary fabe 
fiftence. But that which: is: imparticipable’ has a primary fubfiftence.. And henes fo 
far as it is imparticipable. it does not flow: from a caufe.*. For if it proceeded from a 
` caufe, it would: be a participant, and-not.an imparticipable.. But. fo far as it is anite- 
participable, it is the caufe of participants, and not that which participates of others. _ 


. PROPOSITION G 

Every feries of wholes is extended: to an imparticipable- caufe and. 
principle. But all. imparticipables depend on one n principle 
of all. 


OR if every feries fuffers a certain famenefs, there is fomething in every ruling nae 

ture, which is the caufg of identity. For as all beings proceed from the one, fo like | 
wife every feries emanates from one. But all imparticipable unities are reduced to the 
ong isfelf; . becaufe, all of'them .are:analogous. to the:one. Sp far, therefore, as they fifi 
- fer, a certain famenefs, through their analogy to theyone, .fo far they are reduced to the 
one itfelf. And fo far as they all proceed from the, one, none of themis a principle, but 
they flow from zhe one, as from a principle. But fo far-a as each of them i is imparticipa- 


® Thus for inftance the firt being, or being itfelf, does not fow from any being as its caule, becaufe it is with- 
ont any participation of being: aod though it proceeds from a {uperiar. caufe, i. e. the one it/elf, yet it does not, 
proceed from thig caufe, on account of its being.an imparticipable, but on account of its. being fubordinate to the 
one,’arid confequently a participant of the one. ‘And this is likewife true in every other imparticipable. 


Vou. Il. | | 3 C ble, 
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ble, fo far each of them is.a principle. Becaufe, therefore, they are principles of cer- 


. tain things, they depend on the principle of all: for that is the principle of all, of which. 


all participate. But.the firft is alone participated. by all things ; while fome things only 


participate of the reft. And hence she one is that which is fimply the firft. But others. 
are firfts with relation to a certain ordet, but are not fimply frits. | : 


PROPOSITION Cr. 
The leader of all things participating of intellect, is an imparticipay 
ble intelle&: of all. things participating life, an imparticipable- 
life : and of all things participating being, an imparticipable being. 
But of thefe, being is prior to life, and life is prior to intelle&. 


F OR fince in every order of beings, imparticipables, are prior to participants, it is ree. 


' quifite that there fhould be.an intelle& prior to intellectuals, life prior to things. . 


vital, and’ being: prior to beings.. But-fince that which is the caufe of more effects pre-. 
cedes that which is the caufe of a fewer; hence among-thefe, being. will be the firft s. 


for it is prefent to all things, to which life and intelleét is prefent. For every thing. 


vital and intellectual participates of being; but the contrary is not a neceflary confe- 
quence: fince all beings are not endued with life, and intelle€t. But the fecond in or- 
der is life: for all things to which intellect is prefent, participate alfo of life; but the 
contrary is not-true. for many things are endued with life, but are deftitute of cogni- 
tiôn. - But the third is intelle&t. Eor every. thing which is endued ip any refpe& with. 
cognition, both lives, and poffefles heing.. If, therefore, being is the caufe of more 
effects; but life of fewer; and intellect of ftilh fewer + hence deing is the-firlt in order, 
life the fecond, and intellec? the third. | 


PROPOSETLION CI. 


All beings, in: whatever manner they may poflefs being, confift foon- 


bound and infinite, through the firft being. But alt'vitalnatures,. 


. are felf-motive, through, the firft life.. And.all gnofic natures, 


Participate of cognition, through the firft intelle&. 


F OR if that which is in every feries imparticipable, communicates ifs peculiar pro- 


perty, to all things under the. fame feries; itis evident that being fisft communi- 
cates. 


chee 
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cates to all things bound together with infinite; fince it is primarily mixed from thefe. 
And life imparts the motion refident in its nature: for-life is the firft progreflion and 
motion, from the ftable fubfiftence of being. And laftly, intelle&t imparts cognition: 
for the fummit of all cognition, is inintelle€t ; and intelle& is the firt gnoftic nature. | 


* 


PROPOSITION II. 
_ All things are in all, but fubfift peculiarly in each. 


OR in being there is both life and intellect; and in life, being and intelle€tion ; 

and in intelle&t, being and life. -But in intelle& all things fubfiit intellectually, 
in life vitally, and in being, according to true beings. For fince every thing fubfifts, - 
either, according to caufe, or according to effence, or according to participation : apd 
fince in the firft the reft fubfift according to caufe; and in the fecond, the firt fubfifts 
through participation, and the third through caufe: and inthe third, natures prior to 
its own, fubfift through participation; hente in being, life and intelle prefide. But 
fince every thing receives its characteriftic, according to hyparxis, and not according to 
caufe (for caufe pertains to other things, or to effects); nor yet according to participa- 
tion (for i it receives externally that which it participates): hence in being there is zrue * 
life and frue intelligence, efontial life and effential intelle€&t. And in life, there is 
being according to participation; but intelligence according to caufe. But both of thefe 
are vitally inherent in life: for its hyparxis is according to life. And in intelle& there 
is both life and effence, through pafticipation: but both thefe. fubfift intellectually. 
For the being and life of intelle& is knowledge. 


PROPOSITION CIV. 


Every thing which is primarily eternal, has both its effence, and 
energy eternal. E 


OR if it is primarily allotted the perpetuity of eternity, it does not partly participate 

of this, and partly not; but it entirely partiçipates of perpetuity. For either par- ° 
ticipating according to energy, it does not participate according to effence: but this is _ 
impofhble, fince in this cafe, energy would be more excellent than effence. Or partie 


© Opres in the original, which means indeed literally, truly. But the philofophical reader will pleafe to ob- 
ferve that as it is an adverb derived from the participle &v, or being ; its full meaning is truly escording to being. ` 
Se that by true life, we muk underftand /ife according to the truth of being; and fo of the reft. 


3C2 | - cipating | 
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eipating. according to- cience, it does not participate according to energy. And thug 
that which is primarily eternal, will be the fanie with that, which primarily participates. 
of time *. And time will primarily meafure the effénce of fome things, but eternity 
which is more-excellent thag all time, wili be the meafure of nothing: fince that which 
is primarily eternal, will not be contained by eternity according to energy t.- Every. 
thing, therefore, primarily ¢ternal, has both its effence and energy eternal. 


PROPOSITION CV. 
Every thing immortal .is. eternal, but every thing eternal ‘is noty 
| immortal.. 


R ‘if that is immortal which always participates of tife, and that-which always par-- 
- ticipates.of lifé, participates alfo of being, and that which is always vital is perpe-.. 
‘thal; hence every thing immortal, is, .cternal.. For that is immortal which does not re-.- 
ceive death, and perpetually /ives: but that is eternal which cannot receive non-being, ., 
and which always is. But if there are many beings more excellent and worfe than life, | 
but which are not fufceptive of immortality, though they are perpetual beings; it follows., 
that every thing eternal is not immortal, , But that many perpetual beings; are‘not ime .. 
mortal is evident. Yor there are certain beings, deftitute-iudeed of life; yet-perpetual _ 
atid incorruptible ț :- fince as being is to life, fo is that which is eternal to'that which. 
is immortal., For that life which cannot be taken away, is immortality itfelf. And be-.. 
ihg which cannot be deftroyed, is eternity itfelf. Bat being is more comprehenfive than. 
life: and hence that which. is eternal is more cémprehenfive than that which js im-.. 


mortal §. . ; - 


è For if that which is primarily eternal, is eterndl according to effence, but not according to energy,. it will., 
be the fame with the world, which is the firft participant of time. For the world is effentially eternal, becaufe 
though its parts, are fubje& to, change, yet confidered as a whole, it is perpetually the fame... But then it is not . 
eternal in energy, but in capacity alone, For it. fubfifts in a perpetual capacity of exiftence; ‘and its Mowing effence . 
is perpetually compofed from the paft, prefent, and future circulations of time. , ; 
~ +. In the original it is aar’ desav, but it fhould doubtlefs be read, according to our,tranflation nav’ Inpysidy. | 

- 4 Thus for inftance the qualities which fubfift about bodies are incorporeal, and confequently eternal and ine - 
eorruptible; but yet they are-not immortal, becaufe they are deftitute of life. . . 

§ In the Greck avave is erroncoufly printed, inftead of aĝavars, which tho reader will evidently perceive. . 
muft be the true reading. But though this is fufficiently obvious to thofe who underftand the propofition ; yet 
Portus, who feldom attends to the meaning, has, from not rectifying this miftake, given the moft ridiculous tranf- . 
lation of this concluding fentence, that can poffibly be imagined. The original is: +6 Bì oy ric Care wsgiknwlipebrager,. 
m4) ve Davdru, (lege, abavare) dps vi dhor. The tranflation of Portus: “ Illyd vero, quod eft, yitam, et mora - 
tem magis complectitur, wel, ipfum vero ens, plura compleffitur, et latius patet, quam vita ct morse Ergo iplum eter- 
num cf illud, quod non recipit ipfum non efe, et quod femper of; i.e. “ But that which is, comprehends in a greater - 
degree, life and death; ‘or being itfelf comprehends more, and is of greater extent than life and death, Theres. 
fore, eternity itfelf, ia that which does not receive nom-being, and which always is”, s 

a PROP O-. 
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PROPOSITION CVI. 


The medium of every thing. entirely eternal; both kadas to: 
effence, and according to energy, and of that which has ite eflence 
in time; is that which is in a certain refpect camal but waca: 
in a certain refpect is meafured by times. 


OR that which has its effence comprehended by time is entirely temporal: for this ~ 

in a mot primary manner, is allotted a temporal energy. But that which accorde - ` 
ing to all things is temporal, is perfectly difimilar to that which is according to all . 
things eternal. But all progreflions fubfift through fimilars.. There is, therefore, fome - 
‘medium between thefe. Hence either that is the medium which is eternal in effence, . 
but temporal in energy; or thé contrary. But this isimpoffible: for energy on this -~ 
latter, hypothefis would be more excellent than effence. . It remains, therefore, that the. . 
former hypothefis muft be the medium. . 


PROPOSITION: CVIL. 


Every thing which is in a certain refpe& eternal, but: in a certain» 
pipes temporal, is at the fame time being and generation. 


OR every thing eternal, is being, and-that which. is meafured by time is genera. . 
“ tion. And hence, if the fame thing participates both of time and eternity, ‘yet not. - 
according to the fame, or after the fame-manner; this fame thing will be, both being 
and generation, yet will not be both according to one of thefe alone *. . 


COR OL L.A RY. . 

From hence it is evident that generation, fince it has a temporal energy, depends on .. 
that which partly participates of being, and partly of generation; and which at-once - 
` participates of eternity and- time, -. But this is. rélated to that which is eternal according 
to all things. But that which is eternal according to all things is related to eternity ite .. 
felf: and eternity itfelf is related to-beiwg, which is prior to eternity. 


9 


_ © That is neither according to time.alone, nor eternity alone: but from the participation of both., 
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PROPOSITION CVI 


Every thing which is particular in each order, is capable of partici- 
‘pating in a twofold manner, that unity which is placed in a proxi- 
mate fuperior difpofition; either by its own proper totality, or 
through that which it contains, of a partial nature, and which is 
allied to fomething particular, according to an analogy to the 
whole feries. 3 7 | 


O,R if all things are converted through fimilitude, the particular nature which fub- 
fifts in an inferior order, is diffimilar to that which in a fuperior order is monadic, 


- and total; and is as that which is particular to that which is univerfal, and as different. 
orders are to each other. But this particular nature is fimilar to a whole of the fame fe- 


ries, on account of a communion of peculiarity ; and tohat fuperior proximately co-or- 
ordinated property, through an analogous fubfiftence. It is, therefore, evident that 
through thefe mediums a converfion from one to the other is effected, as through fimi- 
lars, to that which is fimilar *. For particular, ‘is milar to that which is particular, but 
that which is of the fame feries.is peculiar. And the univerfal, or whole which is placed 
above the feries, is diffimilat according to each of thefe, 


PROPOSITION CIX. 


Every particular intelle& participates of that unity, which is above 
intelle&, and is the firt; both through that which is unverfa/, 
and through a particular unity, co-ordinated to its nature. And 
‘every particular foul, participates of univerfal intelle; both 
through unzverfal foul, and a particular intelle&. And every 
particular nature of body, participates of univerfal foul, both 
through univerfal nature, and a particular foul. 

TZ OR every thing particular (by the preceding propofition) participates of that unity 


“placed in an order above it; either by its own proper univerfality; or by that par- 
ticular nature which it contains, and which is co-ordinated to fomething particular. 


-9 Inftead of ae X ady ardor, read aç X opaa liç seer. And read with aftonifhment the verfion of 
Portus; who not perceiving the error of tho text, has made nopfenfe of the paflage, as wuah. 
. PROPO- 


-æ ^" ~ 
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PROPOSITION CX. 


Of all things placed in order, according to every feries, fuch as are 
firft, and are conjoined with their unity, may participate of thofe. 
which are proximately eftablifhed in a fuperior order, through ana-. 
logy. But fuch as are more imperfet, and remote from their 

_ proper principle, are. not. ‘naturally adapted. to participate of their. 


. fuperiors.. 5 
OR becaufe fome things are allied to their fuperiors being allotted in their proper or+- 
der, a more excellent and divine nature ; _but others are more diftant, becaufe they are 

allotted a fecondary and minifterial, but not a.primary and principal progreffion in every, 
feries: hence fome: things are naturally conjoined with thofe of a fuperior-order; but. 
-others are not.conjoined.with a fuperior order: . For all things are not. of equal dignity;, 
though they belong to the fame diftribution. For there is not one reafon, of all things :.. 
but all things proceed from one, and return to one, from their.own.proper unity. And 
hence they-are not allotted`the fame power. But fome are able to :receive continually 
the participations of their fuperiors. But others of a diffimilar nature, are deprived: of. 
fech -a-power, parong their.far diftant progreflions from.their principles. .. 


PROPOSITION CXE 
©f every intellectual fertes, fome are divine intelleds. receiving the | 
participations < of the gods ; but others are intelleé&ts alone. And’ 
of every animattic feries (i. e. a feries compofed of fouls) fome are . 
intelle€&tual fouls, depending on their proper intellects; but others - 
are fouls alone. And of every corporeal nature, fome have fuper-. 
nally-prefiding fouls, but others are natures alone, deftitute of the 


prefence of fouls. ., 


OR in every feries the ore genus is not naturally deti to soar on that which 
is prior to itfelf; but this belongs to that more perfect nature which the genus cone- 
tains, and which is fufficient to coalefce with fuperior natures. Hence every intellect 


ie. not connected with a god; but this belongs to Tg higheft.and moft uniform intel-. . 
5 i Ieéts, ; 


3% ELEMENTS OF THEQLOGY. 


‘leéts, Gi. e. to intellects which participate moft of unity). For thgfe are allied to the 

-divine unities. Nor do all fouls pactiqipage qf participabl, integ; but this belongs to 
fuch as are moft intellectual. “Nor do all corporeal natures enjoy the prefence of foul, 
and. of that: Soul whiphiis participated bus: fuch, ealy.as ‘age mere — 4nd ‘rational, 
And E mode of PREN ia iş the fame iniaj 


3 


PROPOSITION ÇX 


‘Firft natures in every order, poffels the form of ais i ito 
themfelves. 


OR the higheft genera inevery order, are conjoined with their ieo by fimilj- 
tude, and through a continuation of the progreffion of univerfals. Hence fuch as 
fuperior natures are primarily, fuch is the form which things firft in every order are ~ 
„allotted, and which is allied to the nature of fuperiors. And through the Pecaltanity of 
stheir fubfiftence, they appear fuch as natures prior to themfelves. 


NNE PEEN CXIII. 


‘Every divine number is uzical (snescs), i, e. 'poflefes the form of unity. 


O R if a divine number has the one itfelf, as its preceding caufe, in the fame man- 
ner as an intelle€tual number has intelle€&t, and an animaftic number (Wwxixds, or 
number poffefling the form of foul) foul as its preceding caufe, and if multitude is every 
where analogous to its caufe ; it is evident that a divine number alfo, is uniform, Since 
the one itfelf, is the deity: and this becaufe. rhe good itfelf is the fame with the one. For the 
good itfelf, and the deity are the fame: fince that above which there is nothing, and 
which all things defire, is thedeity, And that from which all things proceed, and to which 
all things tend, is the good. If, therefore, there is a multitude of gods, it is.an uniform 
multitude. But that there is a multitude is evident: fince every principal caufe is, the 

leader of a proper multitude *; and to this multitude it is fimilar and allied. 
PROPO- 


° To fuch as underftand thefe Elements, this argument for the exiftence of 2 multitude of gods, is perfe&ly 
demonftrative and clear. Indeed as every production of nature poffeffes the powcr of generating its fimilar, it is. 
much more neceffary that the firft caufe of all thould generate a multitude the moft fimilar to himfelf, that can 
poflibly be conceived. For every being produces that which is fimilar prior to the diffimilar; as indeed a con- 
trary mode of procceding would be abfurd and impoffible. The immediate or fir pruduGious therefore of the 
firk god, muft be a multitude of gods: or otherwife his firft progeny would. not be perfectly fimilar to him- 
felf. Nor does this do&rine, in any refpeat derogate from the dignity of the fupreme god, as the ignorant fup- 

poles 
7 


ELEMENTS OF THEOLOGY. ~ 385 


PROPOSITION CXIV. 


Every god is a A Aee peMiec unity: and every felf-perfe& unity 
is a god. 


OR if there is a two-fold number of unities, as we have previoufly demonftrated, and 

fome of thefe are felé-perfe€t, but others illuminations emanating from the felf- 
perfect unities; and if a divine number is allied, and of a fimilar nature to the good; 
hence the gods are felf-perfect unities. And on the contrary every felf-perfe& unity 
‘is a god. For as unity is moft excellently allied to the one itfelf, and that which ig 
felf-petfect to the good, and through both the one, and the good, participates of a di- 
vine property ; fo likewife that which is felf-perfedt is a god. 


COROLLARY. 
But -if a god was a unity, yet not a felf-perfećt unity ; or a felf-perfe& hypoftafis, sei 
not a unity, he would be placed in another order, on account of a mutation of his pro- 


pe rty. 


; | PROPOSITION CXV. 


Every god is fuper-effential, fupervital, and fuper-intellectual. . 


OR if every god is a felf-perfeét unity, but each of thefe (viz. effence, life, and in- 
telleét) is not a unity, but united; it is evident that every god, is above effencé, 


pete; but on the contrary tends to exalt his majefty, and evince the ineffable beneficence and perfeGion of his 
nature. For though it eftablifhes a multitude of gods, yet it teaches that they are dependant on the firt, who 
ig perfe@ly incomprehenfible, and without participation. So that it leads us to confider the fubordinate deities, 
as fo many leffer luminaries fhiniug before the prefence of the fun of good, and encircling with awful gran- 
deur his ineffable radiance, and occult retreats. And that this doctrine fully difplays his fuperlative goodnefe, 
is fufficiently manifeft ; fince by a eontrary affertion we muft afcribe imperfection to the fountain of excellence, 
and leave deity impotent and harren. Indeed this opinion is fo natural and reafonable, that, excepting the Jews, 
it was embraced by every nation of the ancient world. Nor ought we to wonder that the Jews were an excep- 
tion to the univerfal confent of mankind, in this important particular. For with refpe& to the origin of this 
defpicable, though chofen people, it was {carcely known to the Heathens; ‘‘ the greater part of whom,” as Dr. Bur- 
neft juftly obferves (De Origin. Rer. cap. 7.) ‘' fuppofed them to be natives of Egypt, fprung from the fame 
root, or confidered them aga vile, and inconfiderable people.” And as to their learning we may remark with 
the fame author, -“ that they never excelled in philofophical, or mathematical knowledge; and never gave the 
world a famous example of the ftrength of human wit; from whence arofe that bitter reproach of A pollonius, 
That the Jews were the mof trifling of all the barbarians, and that they were the only people who bad never found out any 
thing ufeful for life.” The example of the Jews, therefore, ought to be fo far from deciding againgft Polythcifm, 
shat when their character is impartially eftimated, it will ftrengthen the evidence of its reafonablencfs and 
£ruth. 


Vou. IL 3D | Tife, 
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life, and intellect. Tor if thefe differ from each other, but all are in all, every one of 
-thefe being all things will not be one alone. Befides, if the firft deity is fuper-effential, 
but every god, fo far as a god is of the firft feries *; hence every god will be fuper-effen» 
tial. But that the firft deity is fuper-effential is evident : for effence is not the fame with 
unity; noris zo be, and ta be united one and the fame. But if efence, is not the fame with 
unity, that which is firft will either be both of thefe, and fo will not be one alone, but 
fomething befides one, and will. participate of the cne, without being the one itfelf; or it 
will be either of thefe. But if indeed it is effence, it will be indigent of the one. But 
it is impoflible that te good, and the frrft fhould be indigent. , It will, therefore, be she 
ene alone; and will confequently be fuper-effential. But if every thing fubfifting in a 
primary manner, confers the property of its primary fubfiftence on the whole feries; 
hence every divine number is fuper-effential. For every principal caufe produces fimilars 
prior to difimilars. If, therefore, the firft god is fuper-effential, all the gods, will be 


fuper-effential: for by this means they will be perfectly fimilar. But if they were ` 


effences they would be produced from the firft effence, as the unities‘of effences. 


s 


PROPOSITION CXVI. 


. Every deity, except ¢e one, is participable. 


po OR that the one is imparticipable, is evident ; fince if he participated any thing, and 
thus became dependant on fome other nature, he would no longer be the caufe of 
‘all things; both-of fuch as are prior to. beings, and of beings themfelves. But that other 


® Though the firft caufe or the one itfelf, confers on every thing a proper fymbol of his ineffable nature; yet- 


this occult unity, or impreffion is not divine in things fubje@ to generation and decay, but in true effences alone» 
in the number of which rational fouls muft be ranked. Such of thefe, however, as are of a partial nature, and 
en this account.are not the immediate progeny of the fiz) one, do not contain a unity whieh can be called a god; 


becaufe they are connected with. motian,. and are in a certain refpect compofite effences. But where there is a. 


moft true cflence, as in feparate intelle@s, and celeftial fouls, the unity of each isa god. And indeed on ace. 
count of thefe unities, which are as it were expreflive characters of the fir unity, the effences of the gods con- 
tain all things, and extend their providential care to every part of the univerfe, with unbounded beneficence, 
and immaculate power. But thefe divine unities are perpetually anited to the firft one, like rays to light, and 
lines to a centre. They likewife fubfift in the moft perfe@ union with each other. For fince union in other na- 
tures is effeed through the power of unity, thefe divine unities muft be much more clofely united, through their 
fubfifting much nearer to the firft and moft perfect one. Every divine unity, therefore, though it is neither 


eflence, nor obnoxious to effential multitude, yet abides in effence ; or is rather the fummir, and as it were blof. 


fom of effence. And as every thing is eftabliflied in its proper fpecies through form, and as we derive our being 
through foul; fo every god is a deity, from the fecret unity which he contains. Hence thefe divine unities 
fabfift in the intelligible world, and in the effences of the gods, like fo many fplendid lamps in diaphanous 
fphetes, mingling their rays with an ineffable union, energy, and confent. And fituated in moft admirable or- 
der, in the weftibule of the good, they occultly fignify divine filence, and folitary beauty; and perfpicuoufly an- 
pounce to poflerior natures the awful fanctuary of their incomprehenfible caule. 


' nities. 
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mnities are participants we fhall now demonftrate as follows: For if there is another im- 
participable unity after the firft, in what does it differ from the.one? For it either fub- 
fifts in the fame manner as that: but how in this cafe, is the one fecond, and the other 
firt? Or it does not fubfift in the fame manner. And fo that will be the one itfelf, but 
this will be both one, and non-one. But this non-one, if it is no hypoftafis (or fubfiftence) 
will be one alone. But if it is fome other hypoftafis befides the one, the one will be par- 
ticipated by non-one: and that will be a felf-perfecét one, by which it is conjoined. 
Hence this again, will be the deity. But that which fubfifts as non-one, will fubfift ‘in 
the participation of the one. Every unity, therefore, which fubfifts after the one is par- 
ticipable, and every god is participable. 


PROPOSITION CXVI. - 


Every god is the meafure of beings. 


Fe R if every god poffeffes the form of one (inas@-), he defines and meafureés all the 

multitudes of beings. For fince all multitudes, are naturally indefinite, they are 
‘bounded by że one. But that which is one, meafuring and bounding whatever it fu- 
pervenes, is willing to lead into bound, by its terminating power, whatever is indefi- 
nite. For that which is ene becomes uniform through participation: but that which is 
indefinite recedes from the one, through its interminable and infinite nature. And by 
how much the lefs it is uniform, by fo much the more is it indefinite and immenfe. And 
hence every multitude of beings, is meafured by the divine unities. 


PROPOSITION CXVII. 


Every thing which is in the gods, according to their idioms (or pro- - 
perties), pre-exifts in their natures. And the property of the 
gods, is uniform and fuper-effential. And hence all things are 
contained in the gods, uniformly, and fuper-effentially. 


OR if every thing fubfifts in a three-fold manner, either through caule, or through 
hyparxis, or through participation, but the firft of all numbers is the divine num- . 
ber; hence nothing will be inherent in the gods according to participation. But al] 
things will refide in them, either through hyparxis, or through caufe. But likewife, 
whatever ‘the gods, as the authors of all things previoufly receive, they previoufly re- | 
3D 2 ceive 
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ceive in a manner convenient, and appofite to their union. For every thing which 


` prefides over fecondary natures according to-caufe, naturally contains the caufe of infe- 
viors. All things, therefore, are in the gods uniformly, and fuper-effentially. 


PROPOSITION CXIX. 
Every god. fubfifts according to a. fuper-effential goodnefs,. and is 
_ good neither through habit, nor through effence. . 


OR both habit and effence are allotted an order fecondary and remote from the 
. gods: but thefe have a fuper-effential fubfiftence. For if the firft one, is alfo the 


good, and fo far as the one is the gaod itfelf, and fo far as.the good the one itfelf 5, 
hence every feries of gods, is both uniform, and beneficent (@yaSoudh), on account of © 


one property alone, and not through more than one. But every god, fo far as a unity 


is alfo a goodnefs, and fo far-as a goodnefs is alfo a unity; and on account of progref- - 


‘ Gon-from the firk is alfo-beneficent and uniform. For the firft caufe of all, is both the 
one.itfelf, and the good; and confequently all the gods are unities and goodneflés. 
. Ag.therefore. the one of the gods is fuper-effential, fo likewife the good, which they con- 
tain, is fuper-effential, and is nothing elfe than one. For every god is not firft of all 
fomething different from good, and afterwards good; but is good alone. Nor is. firft 
of all fomething befides one, and afterwards one; but is one alone. . 


CONCERNING PROVIDENCE. 
PROPOSITION CXX. 


Every god contains in his hyparxis.a providence of the univerfe;- 
and primary providence refides in the gods. 


F OR all things pofterior to the gods,, provide through the cammunion of -the gods : 
but providence is connate with the gods. For if to communicate good to things 


provided for, is the peculiar employment of'a providential property, but all the gods - 


are goodneiles ; hence they will either communicate themfelves to nothing, and fo there 
_ will be no good m fecondary natures (for whence can that which fubfifts by participa- 
tion emanate, but from natures which are primarily endued with properties); or if they 
` communicate, they will communicate good, and through this communication provide 
for the univerfe. Providence, therefore, primarily fubfifts in the gods. For where. 

can 
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can an energy prior to intelle& abide, but in fuper-effential natures? And hence provi- 
dence as the name indicates, is an energy prior to intellect. The gods, therefore, on © 
account of their being, and becaufe they are goodneffes, provide forall things *5 and 
fill all things with that -goodnef{s which. is prior to intellect. 


PROPOSITION CXXI 


Every thing divine has for its hyparxis.goodnefs itfelf, and poffeffes 
an uniform power, and a knowledge occult, and incomprehenfible 
by all fecondary natures. 


DOR if it provides for the univerfe, it contains a power comprehenfive of the things 
for which it provides; and by this invincible and indifcribable power, it fills all 
things with itfelf, and fubjects every thing to its own nature... For every :principal and 
' ruling caufe, rules through its abundance of power, and contains according to nature. 
There is, therefore, .a primary power in the gods, which does not govern fome things, 
and not others, but it equally affumes in itfelf in a primary manner, the powers of all 
_ beings: and this is neither an effential power, nor much more uneffential, but it is con- 
nate to.the hyparxis of the gods, and is fuper-effential. But likewife the boundaries of 
all cognitions, pre-exift uniformly in the gods. For all other cognitions fubfift, on ac- 


‘© We may farther infer the neceflity of providence in the gods, from confidering that as they are the produc- 
ing caufes of all things, fo all things abide, and are radically eftablifhed in their natures. For where can any 
thing fubfift, which is not contained in their unknown and all-pervading comprehenfions? But if this be the 
cafe, fince all things are in reality the offspring of the gods, they muft continually be the obje&s of their provi- 
dential exertions. For as goodnefs is the characteriftic of.thefe divine natures, it is impoflible that they fhould 
abandon their progeny, or ceafe to impart their beneficent, unenvying, and all-powerful commauuications. 
Nor muft we think that thefe providential exertions are Jaborious to the gods; fince, as.Proclus well obfervce, 
(Theol. Plat. p. 41.) that which .is according to nature, isnot laborious to any thing. “ For neither (fays he) 
isit laborious for fire to give warmth, nor for fnow to refrigerate, nor for bodics themfelves to energize accord- 
ing to their peculiar powers. Nor prior to bodies, is it laborious to natures themfelves to naurifh, or generate, 
or increafe : for thefe are the operations of natures. Nor again, prior to thefe, is it laborious to fouls te exert their 
peculiar energies: for many of their energies are attended with delight, many are the refult of their effence; 
and many motions are produced by their prefence alone.” Hence if the communication of good naturally be'ongs 
to the gods, providence alfo is-natural to these divinities, which they exert in a tranquil, unpolluted; and itcor- 

oreal manner. 

Should it be enquired- in what manner. providence operates, the follawing beautiful paffage from Proclus on 
the Parmenides, as cited by Ficinus, in his commentary on that dialogue, will give us abundant fatisfa@ion : 
«« Let us conceive (fays h-) a thip agitated by the winds and waves, and let us fuppofe, that the imagination of 
fome one is fo powerful, that while he imagines the fea, the fea immediately flows; that while he imagines the 
fhip, the fhip is conftructed ; and that the winds and waves, arife agreeable to his imagination, and as the cone 
fequences of its vehement energy. Now it is evident, that fuch a one would not be compelled, in furveying 
thefe particulars, to employ a confufed and diftraéted vifion; but both his knowledge and operation, would 
equally fubfift in a uniform manner. And fuch is the fimplicity of divine intelligence, with refpedt to the intuition 
and fabrication of inferior concerns.” © | 

caunt -: 
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count of divine cognition, which is abftra€ted fram the univerfality of things. Ani 


-this cognition is neither intellectual, nor much lefs does it helong to the cognitions pof- 


.terior to intellect: but according to its divine property, it is conftituted above intellect. 

If then this knowledge is divine, it is an occult and uniform cognition. But if the 
power is divine, it is uncircumfcribed by all things, and, in a fimilar manner, compre- 
“henfive of all things. But if the goodnefs is divine, it gives bound to the byparxis of 
‘the gods. For if all things are contained in the gods, and among thefe knowledge, 
power, and goodnefs; and if their hyparxis is characterized with that which is beft, 
the fubfiftence alfo of the gods will take place according to the beit: and this is no 
other than goodness. 


PROPOSITION CXXIL 


‘Every thing divine both provides for fecondary natures, and is fe- 

parated from the things for which it provides ; providence neither 

remitting its unmixed and uniform excellence, nor a feparate union 
obfcuring providence. 


ITOR the geds abiding in their uniform nature, and hyparxis, fill all things with their 
power. And every thing which is able to participate, enjoys the goods, which it is 
capable of receiving according to the meafure of its proper fubfiftence; the gods in the 
mean time, through being itfelf, or rather through a nature prior to being, pouring 
‘their illuminations on every thing which exifts. For fince they are no other than good- 
effes, they abundantly confer good upon all things, through being itfelf; not making 
a diftribution according to a reafoning energy, but becaufe thefe receive according to 
their ‘dignity, and thofe confer according to their hyparxis. Hence, in their providen- 
tial operations, they receive no impediment from the natures for which they provide: 
for they benefit all things through their very being itfelf. But every thing which ope- 
fates effentially, operates without habitude or refpect: for refpect, is an addition to be- 
ing itfelf: and is on this account contrary to nature. Nor again, becaufe they are fe- 
parate, do they take away their providential care; for thus they would remove (which ét 
dis unlawful to fay) their peculiar hyparxis whofe property is goodnefs. For the com- 
munication of good extends to every thing capable of its participation: and that which 
46 greate, is not that which is endued with a form of good, but that which is bene- 
ficent. This bencficent nature, therefore, either no being will poffefs, or the gods will 
poffefs it prior to beings. For to goods fubfifting through communication, it is impofk- 
‘ble that a greater good fhould be prefent, but a lefs good only, to fuch goods‘ as are firft. 


PROPO- 
2 
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PROPOSITION CXXIIL 


Every thing divine, on account of its fuper-effential union, is ineff- 
able and unknown to all fecondary natures ; but it is comprehentfible, 
and knowable by its participants. And-hence that which is Sirf, is- 
alone entirely unknown, becaufe it is imparticipable.. 


OR all- knowledge fubfifting through reafon, belongs to sings, and in beings pofleffes 

the apprehenfion of its truth: for it is converfant with conceptions, and fubfifts in in- 
telleGtions. But the gods are above all beings. Hence that which is divine, is neither 
to be apprehended by opinion, nor by a rational energy, nor by intelleGtion. For every 
being, is cither fenfible, and on that account the obje& of opinion, or true being, and 
on that account intelligible. Or it fubfifts between thefe, and is at the fame time being, 
and generable, and is on this account the fubjeét of a rational energy. If, therefore, the 
gods are fuper-effential *, and prior to:-beings, there can neither be any opinion of their 
natures, nor {cience, nor cogitation, nor intelle€tion. But they are known by depend- 
‘ant natures in a manner corre{pondent to their properties: and this by a neceflary con- 
fequence. Før the diverfities of participants are divided together with the properties of 
the things DE ER Nor does every thing participate every thing: for neither is 
there a compofition of things perfeétly diffimilar, nor does any thing participate for- 
_tuitoufly of another: but a kindred nature is conjoined with every thing kindred, and 
derives its progreffion from that to which it is allied.. 


N 


PROPOSITION CXXIV. 7 


Every god knows partible natures, in an ‘impartible manner, things 
fubfifting in time without time, things not neceflary, neceffarily, 
things mutable, immutably; and univerfally, all things, in a 
manner more excellent than the order of the things known. 


OR if evcry thing which is prefent with the gods is prefent, according to their cha- 
racteriftic ; it is evident that the knowledge of the gods will not fub&itt according to 


© The reader muft remember- that the gods are alone fuper-effential, through their usities, which are the 
characteriftics of their natures : for as irrationality is the effential fignature of a brute, and rationality of a man; fo 

a divine unity, is the invariable characteriftic of à god. 
the 
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the nature of things inferior, but according to the fingular excellence which the gods 


contain. Their knowledge, therefore, of multiplied, and paflive natures, will be uni- 
form and without pailion. Likewife if that which is the obje& of cognition, is part- 
ibie, divine knowledge will be impartible. If the fubjects are mutable, the gnoftic energy 
of the gods will be immutable: if contingent, divine knowledge will be neceffary ; and 
if indefinite, definite. For that which is divine does not receive knowledge into it- 
felf from fubordinate natures, that fo cognition may correfpond to the object of know- 
ledge ; but inferiors receive their indefinite fubfiftence, about the terminated nature 
of the gods, are changed about their immutability, receive with paflivity that which is 
4mpaffive, and temporally, that which fubfifts without time. ‘For.it is poflible that fub- 
ordinate, may be furpaffed by more excellent natures: but it is not lawful for the gods 
to receive in themfelves any thing from natures inferior to.their qwn. 


o PROPOSITION CXXY. 


Every god proceeds through all fecondary natures, in the order from 
which he begins to indicate himfelf. Always indeed multiplying 
and dividing his communications, yet preferving the characteriftic 
of his own proper fubfiftence. 
O R fince progreffions are produced through remiffion, things firft, every where 


multiply into the decrements of fecondary natures. But proceeding according to 
a fimilitude to their producing caufes, they receive the fame ordination; fo that the 


whole, is in a certain refpect the fame and different, and that which proceeds, with 


that which abides. For on account of its remiflion, it appears different, but on account 
of its coherence with the whole, -it does not depart from identity. But fuch as tha¢.is 
among firft natures, fuch is the fubfiftence of this among things fecondary, and fuch is 
its prefervation of the indiffoluble communion of the feries. Every god, therefore, ap- 
pears in a manner adapted to the orders in which he exhibits his prefence: but he pro- 
ceeds from thence even to the laft of things, through the generative power of primary 
natures. But he always multiplies the progreflion from one into multitude: but pre- 
Jerves identity, in the progreffion, on account of the fimilitude of the Progreflions to 
the governing and firt operative cayfe of every feries, 
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 PROPOSITIO N CXXVI. | 
Óf every deity, he i is the more univerfal, who i is nearer to the one: 
but he is more particular, who is more diftant. 
F OR he who is the caufe of more effects, is nearer to the caufe of all, but he who 
produces fewer effects, is more diftant. And he who isthe : author of many is 


more univerfal, but he who produces fewer effects, is more particular. And each of 
thefe is a unity. But the one is greater, and the other lefs. according to power; - And; 


fone 


able) or being multiplicd according to habitude (for they: are Sania, But they: gene- 
rate from themfelves through an abundance of power, fecondary progrefions, diminifaed 
from fuch as are firk. 


PROPOSITION CXXVII. 


Every thing divine ‘is primarily, and efpecially fimple; ‘and through 
this is moft fufficient. 


F OR that it is fimple,-is evident from its unity: for the whole i is lieni iooni 
But a nature of this kind, is moft eminently Gmple. But thatit is hkewife moft:- 
fuficient, may be learnt by any one who confiders, that a compofite, is ‘indigent, : 
though not of things external to its nature, yet of thofe from which it is compofed.. 
But that which is moft fimple, and uniform, and one, is the fame with the goed, in which 
good eftablifhing itfelf, it becomes moft fufiicient. But every thing divine, is of this 
kind. And hence it is neither indigent of externals, becaufe it is goodnefs itfelf, nor of 
things ai to compofition, becaufe it is uniform. 


PROPOSITION CXXVIIL 


Ewery god,: who is participated by natures nearer to his own, ig. im- 
mediately participated: but when he is participated by far diftant | 
natures, this is effected through mediums more or lefse numerous. ~ 


OR the former, fince they are by their alliance uniform, are on.this accoùnt ena- 


bled to participate the divine unities. But fuch as through their diminution, and 
VoL. Il. 33 | an extenfion 


, 
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extenfion into multitude become far diftant, are indigent of other things more united, 
that they may participate fuch as are no longer united, but are effential unities. For 
multitude united, fubfifts between effential unity, and divided multitude. And thus 
united multitude is able to coalefce with unity, through union ; but is at the fame time 
allied to divided multitude, through the manifef appearance of multitude. 


PROPOSITION CXXIX. 
Every divine body is divine, through a divine foul. But every foul, 
is divine, through a divine intelle&t: And every intelle& is divine 
through the participation of a divine unity. And unity indeed, is 
i ą god from itfelf (avrée 6eo¢) but intellect, is moft divine: and 
foul is divine, but body deiform, or endued with a divine form. 


OR if every number of gods is above intellect, but participations are effected through 

kindred ‘and fimilar natures, an impartible effence will firft of all participate the 
fuper-effential unities. But in the fecond place things conjoined with generation. And 
in the third place, generation itfelf. And each particular will participate through its 
proximate fuperior; the peculiarity of the gods proceeding even to the extremities of 
things in participants, through mediums allied to their natures. For unity confers on 
the firft intelle€t, its own illuftrious power among divine concerns, and caufes this in- 
telleé&t to be like itfelf, according to an uniform multitude. But through intelle& it is. : 
prefent alfo to foul, adapting and inflaming its conjuntion with intellect, when this 
intellect is participable. And by the refounding echo * as it were of foul, it imparts ite 
idiom or peculiarity to body, if it is a body participating in any refpe& of foul. And 
thus body becomes not only animated, and intelletual, but alfo divine. For it receives. 
life and motion from foul, but indiffoluble permanency from intelle&, and divine union. 
from participated unity. For each of thefe communicates its fubfiftence to fubfequent 
natures. l 


© By this drhyupa, or refevading echo of ful, we muft underftand that vital quality, by which the foul is united 
tv the body; and which is nothing more than the extreme image and thadow of the foul. The necefSty of fuck, 
è eonneAing quality, will eafily appear, from confidering that an iecerporeal nature, like that of foul, cannot be 
eonnedted with edy, without a vital medium. In confequence of this we may confider with Plotinus, (Ennead, 
ay. lib. 4.) the animated body as refembling illuminated and heated air; and the pains and pleafures of the body, 
T W e ere rere GE Mi Toit ; 
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PROPOSITION CXXX. 

In every divine order, things firt, are more exempt from the na- 

tures proximately placed under them, than thefe laft are from things 

fubfequent: and fecondary natures are more dependant on their 

proximate fuperiors, than following natures are dependant on 
thefe. 


‘OR’ by how much the more uniform, and univerfal any thing is, by fo much the 

more is it allotted an excellenc: greater than fubfequent natures: and by how much 
the more it is diminifhed according to power, by fo much the more is its alliance en- . 
creafed with things pofterior to its nature. And fublimer natutes are indeed more united 
with their more principal caufes: but inferiors are lefs united. For it is the property of. 
a greater powef to be more exempt from its inferiors, and to be more united with more, 
excellent natures. And on the contrary to recede more, and to be paflive together with 
thefe, implies a diminution of power. And this indeed happens to fecondary natures in 
every order, but not to fuch a as are firit, 


PROPOSITION CXXXI. 


Every god begins his own proper energy from himíelf. 


OR he firft exhibits in himfelf the peculiarity of his prefence in fecondary natures, 

becaufe he likewife communicates himfelf to others, according to his own exuberant 
plenitude. For neither is defeét, nor plenitude alone, peculiar to the gods : fince every 
thing deficient is imperfect; and it is impofhble that the imperfect, can caufe any 
thing to be perfeé&t. But that which is full, is alone fufficient,. and is not yet prepared . 
for communication. It is requifite, therefore, that the nature which fills, and extends its 
beneficence to others, fhould be above meafure full. Hence, if that which is divine, . 
fills,all things through itfelf, with the goods which it contains in itfelf, every thing di- 
vine is beyond meafure full. And if this be the cafe, it will primarily poffefe in itfelf, 
the property which it confers on others. For thus it will extend to others the commu- 


nications of over-flowing goodnefs. 
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PROPOSITION CXXXII 


-AN the orders of the gods, are bound in union, by a mediun. 


OR all the progreflions of beings, are ‘effected cheough fimilars ; ; and much more is 
it neceflary that the orders of the gods, fhould poffefs an indiffoluble continuity, be- 
caufe they fubfft uniformly, and are terminated according to one principal caufe of their 


fubfiftercee Their remifijong, therefore, take place in an united manner and through 


that fimilitude alone which is found among beings, of things fecondary to fuch asare 


firt: and this becaufe ‘the fubfiftence of the gods, much more confifts in union, than 
the fubfiftence of beings. AH the divine genera, therefore, are bound together by pros 
per mediums; fo that firt natures do not immediately proceed into progteffians entirely 
different, but through genera common to each, and of which they are the immediate 
caufes. For thefe genera combine the extremes inta one union, being. fubjefted to fome, 
through an alliance of.nature, but proximately feparated from others : and they. preferre 


_ the well-ordered: ‘progeny of divine caufes. 


PROPOSITION CXXXIII. 


Every god is a beneficent unity, or a goodnefs unific (sozocs) ; and 


each poffleffes this hyparxis, fo far asa god. But the firft god is 
fimply good, and fimply ome, And every god — to the c firb, 


is a certain goodnels, and. a certajn unity.. 

OB a divine property or idiom diftingnifhes the unities.and goodneffes of the godez 

fo that every god confers goodnefs on all things, according to a certain charaéter- 
iftic of goodness ; fuch ae that of perfecting, or containing, or defending. For each of.thele 
isaccrtain good, but not every good. But, that which is firft primarily eftablithes.a uni» 
form caufe. And this is no other than the good, conftitutive as it were ofal}, goods 
nefs. For all the hyparxes of the gods are not together equal to the one; ío preat ig the 
fuper-emineace of thu frf, with uii ta tħe. multitude of the goda» 


PROPOSITION CXXXIV. 


Every divine intelle&, underflands as intellec?, but provides as a god: 


E OR to poffefs a knowledge of beings, and a perfection in intellectual conceptions, îs 
thé property of intelle. But it is the province of a god to exercife a providential 
8 care, 
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care, and to fill all things with good. But this communication, and replenifhirg, fub- 

frfts through a union of the things replenifhed, with natures prior to their own. And 

intelle imitating this, becomes in its imtelleGions the fame with intelligibles. So 
‘far, therefpre, as a divine intelle& provides, it is a god ; becaufe providence is an energy 
prior to intelle&. Hence, as a god, it communicates itfelf to all things; but as intel- 

left, it is not prefent to all things. For a divine unity, extends beyond the progref- 

fions of an intellectual property. And this will be evident by confidering, that natures 

void of hitelligence, delite to provide, and to pafticipate fomething of good: and this 

becaufe all things de not defre intdileét, even among fach as are capable of its partici- 

pation ; but all things defire good, and haften to acquire its poffeffion. 


PROPOSITION CXXXV. 
Every divine unity is immediatély participated by fome being ; and 
every thing which is deified, is extended. to one divine unity ; and 
` the number of the participating genera of beings is the fame ás 
that of the participated unities. | 


F OR neither two, or more. unities: are ‘participated by one buing”. For bow isie 

pofhble,. that when the properties, which the unities contain, are changed, that 
which is’ connate to each, can remain without alteration; fince conjunétion fubfifts 
through fimilitudé 7, Nor is one unity participated-in a divifible manner by many be- 
ings : for many beings are unconjoined with unity; both confidered as beings, with ref- 
pect tor that: which is pdr tó beings, and-as multitude'to unity. But it is réquifite that 
the participant, fhould be partly fimilar to that which it participates, and partly different 
and difimilar. Since, therefore, that which participates, is fomething belonging to be~ 
ings, but. unity. is fuper-éffential, and the two are’ on: this account diffimilarss; it is re- 
quifite that. that which participates fhould be one, that by this means it may become fi- 
milar to the participated ane; though the latter ‘is one, becaufe it is a unity, but the 
former is one, becaufe it.is paflive to the communications of-one, and is united through: 
its participation. an | l om a 

*-This muft be uriderftood of immediate participation; and on this } refs, . it i â : 

ther two or more upitics aro partiaipated by = being For fince predator a re time 
are more unjveefal than othars,,two. cannot be immédigtely participated: by one being, without ari: alterati ai 
taking place in the fubfiftence of each. This is evident from the cxzxii. Prepoftien, in-~which it is ptevted tes 


ail the orders of the gods are bound in union by a medium: and confequently fince ali the unities ane connee 
r e ; e&ed. b 
per mediume, it isippofible that any two can be immediately participated š Sa eal 
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PROPOSITION CERXVI: 


Every god having a more univerfal fubfiftence, and being lical 
nearer to the frf, i is participated by-a more univerfal genus of be- 
ings, But every god who is more particular and remote, is parti- 
cipated by a moře particular genus of beings. And as being is to 
being, fo is unity to divine unity. = 


OR ifthe namber of unities, is the fame with that of beings, and on the other hand 

one unity is participated by one being; it is evident that the order of beings pro- 
ceeds according to the order of unities, aflimilated to an order prior to that of beings. 
And more univerfal beings coalefce with more univerfal unities, but more particular 
beings, with more particular unities. For if this be not the cafe, diffimilars will again 
be joined with diffimilars, and diftribution will not fubfift according to, dignity of na- 
ture: but both thefe cafes are impoffible; fince the one itfelf, and a proper meafure, 
through the divine unities illuminates and fupervenes all other natures. Much more, 
therefore, will there be an orderof participation in the divine unities; fimilars depend- 


jng on fimilars according to the power which they contain. - 


PROPOSITION CXXXVII. 


Every unity, together with tbe one conftitutes being participating 


of its nature. 


OR the one, as it 1s hypoftatic, erandi or conftitutive of all things, fo likewife it 
is the caufe of participated unities, and of beings depending on unities. But the 


unity belonging to every being, produces the property, which fhines forth to view in 


that particular being. And ¢he one, indeed, is the caufe of fimple being ; but unity is the 
caufe of alliance, becaufe it is connate to the one. Hence unity, is that which of itfelf 
defines the ‘being, which is its participant, and efantially exhibits in it a Super-offential 
charaCteriftic. For univerfally, from that which is primary, that which is fecondary 


obtains its fubfiftence. If, therefore, there is any {uper-effential property of deity, it 


mult oe to being, which participates it aa ` 


~ 
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PROPOSITION CXXXVII 


of all things which participate of a divine property, and which : are: 
deified, the firt and higheft is being it/elf. 


OR if being: is above intelleét and life, as we have demonttrated, and is the moft: ` 

abundant caufe after the one; hence being will be the higheft after the one:. For it: 
is more uniform than intellect and life, and is on this account more.venerable. But. 
there is no other prior to: this, except. the one : for what befides the one, can be prior tor ' 
uniform multitude? But deing iz/e/f is uniform. multitude, becaufe it confifts from bound 
and infinite. And univerfally, fuper-effential being * is prior to effence.. " For in the il-- 
luminations which are imparted to.fecondary natures, the one alone extends. beyond be 
ing. But eing fubfifts immediately after the one. For that which is being in. capacity, 
and is not as yet being im: energy, is neverthelefs according to its nature one.. And the: 
being, which. fubfifts after the one, is being in energy. Among. the principles of being,, 
therefore, non-Seing + {ubfifts immediately above being, as fomething more excellent, 
and no other than the. one itfelf.. l 


PROPOSITION CXXXIX.. 


All the participants of the divine unities originate from Jeing,. andl 
end in a corporeal nature. 


> OR being is. the firft. of participants, but. body the laft :. for we. fay. that. there are di~ 

vine bodies. For the highett. of all genera. are attributed to the gods, whether. they- 
are bodies; fouls, or intellects; as in every order, things analogous to the gods, contain, — 
and preférve fecondary natures, and. every number. is a whole, containing.all things in: 
itfelf according to. that whole: which.is contained.in a-part, and poffefling before all things: `. 
a divine charaéteriftic.. The divine genus, therefore, fubfifts both corporeally, and anie- 
maftically (ox. according to the nature of foul Jwxmòs) and. intelleCually :. and it is-evident: 
that all thefė are divine through participation. For that which is primarily divine fube- 
fits in. the unities.. The participants, therefare,. of the divine unities,, originate, from: 


Being, but end'in a-corporeal nature.. 


= @ For as being. itfelf; isme other than the bigheltorder of the godd and'the moft uniférma mukitudè, and'as. 
the -charrcteriftic of every god'is.a divine unity ;- hence the charaGeriftic of being itfelf, will be the. unity pros 
éceding: from bound: But: as-all the divine uaities are fuper-eflential 3 hence being itfelf accorde to its characep — 


seriftic will be fuper-effential: 
+ For ae-matter is defervedly called‘son-being, . becaufe: itis werf; than all things; in like PEE EN l 


tion is proper to the rR cause, as he is ésifer than all thinge.. R R.Q. R'Q- 
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PROPOSITION CXL. 


All the powers of divine natures, having a fupernal origin, and pro- 
ceeding through proper mediums, extend to the extremity of 
things, and to places fituated about the earth. 


F OR nothing intercepts thefe powers, and réftrains their univerfal prefence ; becaufe 

" . they are in no refpe& indigent of places and intervals, on account of their invin- 
cible excellence in all things, and a prefence every where pure and unmixed.. Nor is 
that which is adapted to the participation of thefe powers, prohibited from participa” 
tion: but as foon as any thing is prepared for their communications, they are immedi- 
ately prefent, neither then approaching, nor being prior to this abfent, but always pof- 
{effing themfelves in the fame uniform manner. If, therefore, any terrene nature is 
adapted to the participation of thefe divine powers, they are prefent to this; and fill 
all things with themfelves. And indeed they are more prefent to fuperior natures, but 
they are prefent to fuch as are middle according to the order of thefe,- and to laft natures, 
in an ultimate refpe&t. They fupernally, therefore, extend themfelves to the extremities 
of things: and on this account laft-natures: contain the images‘of fuch‘as are firft ; and 
all things fympathize with all *. For fecondary pre-exift in firft natures; and firft natures 
manifeftly appear in fuch as are fecond. For every thing fubfifts in‘a three-fold man- 
ner; either through cau/e, or through Ayparxis, or through participation. 


® He who underftands this divine fentence, that all things [ympathife with all, will fee that the wagic cultivated 
by the ancient philofophers, is founded in a theory no lefe fublime than ratioual and true. Such a ope will 
euntemplate the univerfe as one great animal, all whofe parts are in union and confent with each òther; fo that 
nothing is foreign and detached; nothing ftri&ly fpeaking void of fympathy and life: For though various parts 
of the world, when ,cenfidered as feparated from the whole, are defticute of peculiar life; yet they poffefs fome 
degree of animation however inconfiderable, when confidered with relation to the univerfe. Life indeed may 
be compared tu a perpetual and univerfal found ; and the foul of the world refembles a lyre, or fome other mufical 
inftrument, from which we may fuppofe this found to be emitted. But from the unbounded diffufion as it were 
of the mundane foul, every thiug participates of this harmonical found, in greatcr or lefs perfection, according - 
to the dignity of its nature. So that while life every where refounds, the moft abject of beings nny be faid to 
fetain a faint echo, of the melody produced from the mundane lyre. It was doubticfs from profoundly confider- 
ing thie Sympathy between the mundane foul,- and the parts of the world, that the ancient philofophers were 
enabled to procure the prefence of divinity, and perform effe&s, beyond the comprehenfion of the wigar. And 
hat this was the opinion of Plotinus, the following paflage evinces: “ It appears to me that the ancient wife 
men, who wifhed to procure the prefence of the gods, by fabricating ftatucs and performing facted rites, di 
reed their intelleQual eye to the nature of the univerfe, and perceived that the nature of foul was every where 
eafy to be attracted, when a proper fubje& was at hand, eafily paffive to its tofludnce. But every thing adapted 
to imitation, is readily paflive; and is like a misror able to [eize a certain form, and refed it tothe view.” Ene 
acad iv. lib. 3. 
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PROPOSITION CXLI. 


Every providence of the gods, is partly exempt from the natures 
for which it provides, and is partly co-ordinated with them. 


OR one kind of providence is entirely extended above the things which are illumi- 

nated, according to its fubfiftence, and the charaéteriftic of its order. But another 
kind provides for fubjects of the fame co-ordination with itfelf ; thefe fubjects themfelves 
- imitating the providential energy of the gods, who are feparated from the concerns for 
which they provide; and defiring to fill fecondary natures with the goods, they are ca- 
pable of receiving. | 


PROPOSITION CXLIL 


The gods are prefent to all things after the fame manner, but all 
things are not after the fame manner prefent to the gods. For 
every thing participates of their prefence according to its order and 
capacity. And this is accomplifhed by fome things uniformly, 
and by others varioufly ; by fome things eternally, and by others 
according to time ; and by fome things incorporeally, and by others 
in a corporeal manner. 


OR it is neceffary that the different participation of thefe, fhould either proceed 

from the participant, or from the thing participated. But every thing divine al- 
ways pofleffes the fame order: and with refpect to all things, is without reftraint, and 
without mixture. It remains, therefore, that mutation muft fubfift through the partici- 
pant ; and that in thefe that which is not perpetually the fame muft abide ; and thatthefe 
are differently prefent tothe gods. Hence the gods are prefent to all things, inthe fame 
uniform manner, though all things are not equally prefent tothem. But particulars are 
prefent according to their ability ; and they enjoy the divinities, agreeable to the man- 
ner in which they are prefent to their illuminations. For the participation of thefe ig 
according to the meafure of their prefence. 


i 
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PROPOSITION CXLIIl. 


All inferior natures fail before the prefence of the gods, though a 


participant among thefe may be adapted to participation. . Indeed — 


. every thing foreign departs from divine light, but all things are.at 
once illuminated by the gods. | 


OR divine natures always poflefs a more comprehenfive capacity, and are more 

powerful than their progreffions. But the inaptitude of the participants, is the 
caufe of the privation of divine light: for it obfcures divine light by its debility”. But this 
-obfcured light, appears to receive another domination, not according to its own power, 
but according to the impotency of the participant, which feems to fail and die away, 
before the illumination of a divine form. 


PROPOSITION CXLIV. 


All beings, and all the diftributions of beings, extend as far in their 
progreffions as the orders of the gods. 


F OR the gods produce beings together with themfelves, nor is any thing able to 

fubfift, and to receive meafure, and order beyond the influence of the gods. ` For 
all things are perfected, difpofed, and meafured through the power of the gods. Hence 
the gods have a fubfiftence prior to the laft genera of beings; who alfo difpofe thefe, and 
impart to them life, formation, and perfeCtion; who convert them to the good, and who 
are in like manner prior to middle, and primary natures. And all things are bound, 
and ftably rooted in the gods, and through this derive the continuance, and prefervation 
of their being. But when any thing apoftatizes, or recedes from the gods, and becomes 
on this account folitary and deftitute, it entirely departs into non-entity, and perifhes: 
becaufe perfectly deprived of thofe natures, by which it was contained. 


_ © For as this divine light operates according to the debilitated mature of the fubje& into which it is received 
(and there is no other way in which it can operate), it neceffarily appears to receive a dominion foreign from 


its own. Hence it appears both obfcure and impotent, though in reality neither: for thefe arë the imperfe@ions 
of the fubjeQ which it actuates and illumines. 


PROPO- 
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PROPOSITION CXLV. 


The characteriftic of every divine order, pervades through all fe- 


condary natures, and imparts itfelf to all the fubordinate genera of 
beings. 


OR if the diftributions of beings, extend as far as the orders-of the gods, there muft 

be in every genus of beings, a fupernally-illuminated property of the divine powers. 
For every thing receives from its proximate caufe, that characteriftic, or property, by 
which it is allotted its peculiar fubfiftence. I fay, for example, if any deity poffeffes a 
cathartic, or purgative power, there will alfo be a purgation in fouls and in animals, 
in plants and in ftones. Andin the fame manner with refpeét to a defenfive, convert- 
ing, perfective, and vivifying power. And a ftone indeed participates of a purgative 
virtuc, but in a corporeal manner only. But a plant participates it more clearly ac- 
cording to life. An animal poifeffes this form, according to the motion of appetite : 
but a rational foul, in a rational manner; and intellect, intelleCtually. But the gods 
poflefs- this fuper-effentially, and uniformly. And the whole feries is endued with 
this power, from one divine caufe: and there is the fame mode of reafoning in the reft. 
For all things depend on the gods. And different natures are illuminated by different 
gods; the divine feries, defcending even to the extremity of things. ‘And fome things 
are conneéted with the gods immediately, but others through more or fewer mediums; 


while all things in the mean time are full of gods. And whatever any being naturally pof- 
{effes it poffeifes from the gods. 


PROPOSITION CXLVI. 


The extremities of all the divine progreflions, are affimilated to their 


principles ; preferving a circle without beginning and end, through 
a converfion to their principles. 


OR if every progreflion returns to-the principle from which it proceeds, much more 

muft total orders, proceeding from their fummit, be converted to it again. But the 
converfion of the extreme to its principle, forms one whole, finite, and verging to it- 
felf ; and exhibiting through its inclination uniformity in multitude.. 
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PROPOSITION CXLYII. 


The fummits of all the divine orders, are affimilated to the extremes 
of their fuperiors. 


OR if it is requifite that there fhould be a coherence, and continuity in a divine 

progreflion, and that every order fhould be connected by proper mediums; it is ne- 
ceffary that the fummits of fecondary orders, fhould be conjoined with the extremes of 
fuch as are firt. But conjunction fubfifts through fimilitude: and hence there will be 
a fimilitude of the principles of an inferior order, to the extremes of one fuperior. 


PROPOSITION CXLVIIL 


_ Every divine order is united to itfelf in a triple refpe@t ; by the fum- 
mit which it contains ; and by its middle, and end. 


OR its /ummit poffefling a moft united power, tranf{mits this power into a total union, 

and unites every thing fupernally flowing into itfelf. But its middle extending to 
each extreme, connects every thing about itfelf: transfufing the gifts of primary na- 
tures, but extending the powers of fuch as are lat; and inferting in all things a commu- 
nion and connection with each other. For by this means one co-ordination is produced 
from replenifhing and replenifhed natures, mutually verging to the middle, as to a cer- 
tain centre. But the end returning again to the beginning, and reducing to this the pro- 
greflive powers, affords fimilitude and a mutual inclination to the whole order. And 
thus the whole order 1s one, through the unifying power of its primary parts; through 
the coherence fubfifling in its middle; and through the converfion of the extreme, to 
the principle of the progreffions. 


PROPOSITION CXLIX. 


Every multitude of divine unities, is bounded according to number. 


OR if it is proximate to the one, it is not infinite; fince that which is in- 
finite is not connate to the one, but foreign from its nature. For if multitude 
effentially recedes from fhe one, it is evident that infinite multitude is perfectly 
deftitute of the one: and hence it is likewife impotent and inefficacious. The mul- 
titude of the gods, therefore, is not infinite: and confequently, it is uniform and 
bounded, 
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bounded, and more bounded than any other multitude, becaufe it is more allied to the 
one. If, therefore, multitude was the principle of things, it would be requifite that eve- 
ry thing nearer to, fhould be a greater multitude than that which is more diftant from 
the principle: for that Which is nearer is more fimilar. But fince that which is firft is 
‘the one itfelf, the multitude conjoined with it muft be Jefs multitude than that which is 


more remote from the one. But infinite is not a lefs multitude, but multitude in the 
molt eminent degree. : 


PROPOSITION CL 


Every thing progreffive in the divine orders, is not naturally adapted 
to receive all the powers of its producing caufe. Nor do fecondary 
natures entirely receive all the powers of natures prior to them- 
felves: but thefe poffefs fome powers abftracted from inferiors ; 
and incomprehenfible by things pofterior to themfelves. 


OR if there is a difference in the characteriftics of the gods, thofe of the inferior 

muft pre-exift in the fuperior gods: but the characteriftics of the fuperior, as being 
more univerfal, do not refide in the inferior divinities. But the more excellent cha- 
racterftics impart fome powers to their productions, but eminently pre-occupy others 
in themfelves. For it has been demonftrated that thofe are more univerfal, which are 
nearer to the one, but more particular, which are more diftant. But if the more uni- | 
verfal poffefs powers comprehenfive of the more particular characteriftics ; hence thofe 
which poffefs a fecondary, and more particular order, will not contain the power of fuch 
as are more univerfal. Hence inthe fuperior, there is fomething incomprehenfible, and 
uncircumfcribed by the inferior properties. For every thing divine is truly infinite; 
nor does it exhibit itfelf to itfelf; nor to things of a much prior fuperiority to itfelf: 
but to all fuch as are pofteriorto its nature. But infinity refides in thefe laft, according 
to capacity. And infinite is incomprehenfible by thofe to whom it is infinite. Hence 
inferiors do no not participate of all the powers, which more excellent natures pre-oc- 
cupy in themfclves. For the latter are incomprehenfible by the former. Hence things 
fecondary, from their more particular fubfiftence, will neither poffefs the whole of fupe- 
rior natures, nor will they contain the properties which they poffefs, in the fame man- 


ner, as their fuperiors; on acount of that infinity through which fuperior excel fubor- 
dinate natures. 


PROP O- 
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PROPOSITION CL. 


Every thing paternal* in the gods has a primary fubfiftence, and 
pre-exifts in the order of że good, according to all the divine dif- 
tributions, 


OR that which is paternal, produees the hyparxes of fecondary natures, and uni- 

verfal powers, and eflences, according to one ineffable excellence. And on this 
account it is denominated paternal, indicating the uniform and beneficent power of the 
one, and the hypoftatical, or procreative caufe of fecondary natures. And in every order 
of the gods, that which is paternal, obtains the principality, producing and adorning all 
things from itfelf; becaufe it is eftablifhed analogous to the good. And with refpedct to 
thefe divine fathers, fome are more univerfal, but others more particular; juft as the 
orders of the gods differ in the proportion of caufe, according to more univerfal, and 
more particular. As many therefore as are the univerfal progreflions of the gods, fo ma- 
ny alfo, are the differences of fathers. For if in every order there is fomething analo- 
gous to the good, it is requifite that the paternal fhould refide in alJ, and that each order 
fhould proceed from a paternal union. 


PROPOSITION CLII. 


Every thing generative in the gods proceeds according to the infinity 
of a divine power, multiplying itfelf, penetrating through all 
things; and eminently demonftrating a never failing energy, in 


- 


the progreffions of fecondary natures. 


OR what elfe but the infinite power of the gods, through which all divine natures 
` are filled with prolific good, can multiply progreflions, and produce them into off- 
{pring from their occult comprehenfion in caufes? For that which is univerfally full, 


+ According to the Chaldaic theology, which is the fame with the Platonic, the intelligible order, fubfifting 
immediately after sbe one, confifts of three triads; the fummit of each being called futher, the middle, power, and 
the third iute//ec#?. This is profcundly and beautifully explained by Proclus in Theol. Plat. lib. 3. to which I refer 
the reader defirous of copious information, on this fublime and interefting fubje@.. I only add that Plato in the 
Timus, afcribes thefe appellations to the d:miurgus of the univerfe: and this fufficiently proves that words of 
this kind are not the invention of the latter Platonifts, according to the ignorant afftrtion of Hyde, in the prc- 
face’to his book, ** On the Religion of the Perfians;” a work of an alluring title, but of infignificant execution. 


produces 
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_ produces other things from itfelf, through its overflowing power. Hence 2 dominion 
of power, is the chara¢teriftic of generative deity : and this abfolute dominion multiplies — 
the powers of generated natures, caufes them to be prolific, and excites them to the ge- 
neration and production of others. For if every thing imparts its primary characteriftic 
to others, every thing prolific muft infert in natures pofterior to itfelf, a prolific progref- 
fion, and form a figurative reprefentation of that infinity, which is the firft progeny of 
the univerfe ; from which every generative power proceeds, and which eminently {cat- 
ters as from a fountain, the perennial progreffions of divine natures. 


PROPOSITION CLII. 
Every thing perfect in the gods, is the caufe of divine perfe4tion. 


OR as with refpect to hypoftafes, or fubfiftences, fome belong to beings, and others 

are fuper-eflential ; fo likewife of perfections, fome belong to the gods themfelves 
according to hyparxis, but others to fecondary beings pofterior to the gods. And the 
former indeed are felf-perfect, and. firft-artificers, becaufe in thefe good is contained in 
a primary manner: but the latter poffefs perfe€tion through participation. On this ac- 
count, therefore, ‘the perfection of the gods is different from the perfe€tion: of things 
deified. But that which is primarily perfect in the gods, is not only the caufe of per- 
fection to things deified, but to the gods themfelves. For if every thing perfe&t is con- 
verted to its domeftic principle, the caufe of every divine converfion, is the perfective 
genus of the gods. | 


PROPOSITION CLIV. 


Every thing in the gods endued with a proteGting power, preferves 
every thing in its proper order; uniformly feparating fecondary 
natures, and eftablifhing them in fuch as are firk. | 


OR if the prefervation of every order, preferves meafurc in an immutable manner, 
and contains all the protected natures, in their proper perfection, divine protection 
will infert in all things an eminence above their inferiors, and will permanently eftablifh 
in itfelf every thing, without mixture. It will likewife be the caufe of immaculate pu- 
rity, to protected natures, and will eftablifh them in their fuperiors. For every thing 
adhering to primary natures is perfect; but at the fame time it abides in itfelf, and is 


extended above inferior natures. 
PROPO- 
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PROPOSITION CLY. 


Every thing vivific in the divine genera, is a generative caufe ; but 
every prolific order is not alfo vivific. 


OR a generative power is more univerfal than that which is vivific, and is nearer to 

the principle of all. For generation manifefts a caufe producing beings into multi- 
tude: but vivifying (Cwoyoria) reprefents deity the fupplier of univerfal life. If, there- 
fore, the former multiplies the hypoftafes of beings, but the latter the progreffions of 
life; it will be as being is to life, fo is the generative order to the vivific feries. ‘And 
hence the generative order will be more univerfal, and the caufe of more effeéts, and on 
this account nearer to the principle of all. 


PROPOSITION CLVI. 


Every caufe of purity, is contained in the protecting order. But the 
protecting is not the fame with the purifying genus. 


OR purity inferts an unmixed nature in every thing inferior to the gods, and an un- 
polluted power, in the providence of fecondary natures. But protection likewife 
produces this, comprehending all things in itfelf, and firmly eftablifhing them in their 
fuperiors. Hence the protecting is more univerfal than the purgative genus. For it is 
fimply the property of protection, to preferve the order of every thing, both with refe 
pect to itfelf, and to things prior and pofterior to its nature. But it is the property of 
purity to feparate things more excellent from fuch as are more bafe *: and the former 
of thefe are primarily contained in the gods. For it is requifite that there fhould be one 
antecedent caufe of that which is contained in all things. And univerfally the uniform 
meafures of every thing good, are firft received from the gods; and there is no good 
in {fecondary natures, which does not pre-exift in the gods according to caufe. For 
what other origin, or caufe, can this poflefs? In the gods, therefore, purity is like- 
wife a primary good, together with protection, and every thing of this kind. 
® In confequence of this the caufe of protection muft be fuperior to the caufe of purgation, or purity. For 
fince protection preferves things in their proper order, but purity feparates things excellent from fuch as are bafe, 


and the latter is preparatory to the former; hence protection muft be fuperior in the order of caufes to purga- 
pion. 


, l P R OPO- 
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PROPOSITION CLVII. 


Every paternal caufe fupplies every thing with being, and conftitutes 
the hyparxes of beings. But every demiurgic, or fabricative caufe 
of forms, precedes compofite natures, together with their order, 
and divifion according to number : and is of the fame order with a 
paternal caufe, in the more particular genera of things. | | 


OR. each of thefe belongs to the order of bound, becaufe both Ayparxis, and number, 

and form, are all of them endued with the form of bound: and hence through this 
they are co-ordinate to one another. But that which is a demiurgic caufe, deduces fabri- 
cation into multitude. And that which is uniform, fupplies the progreffions of beings. 
And the former indeed is the artificer of forms, but the latter produces effence. In 
whatever refpet, therefore, form and being * differ from each each other, in the fame 
refpect that which is demiuggic differs from that which is paternal +. But form itfelf, is 
acertainone. A paternal caufe, therefore, is both more univerfal and caufal, and is fu- 
perior to the demiurgic genus; in the fame manner as being itfelf is more univerfal 
than form. 


PROPOSITION CLVII 


Every redutorial caufe (ro avaywyov) in the gods differs both from 
a cathartic or purifying caufe, and from convertive genera. 


TOR that a redu€torial caufe, ought to be primarily refident in the gods, is evident; 

as in thefe all the caufes of univerfal good pre-exift. But it fubfifts prior to a cathar- 
tic caufe; becaufe that liberates from bafer, but a reduCtorial caufe connects with 
more excellent natures. It has, however, an order more particular than the convertive 
genus; becaufe every thing convertive, is either converted to itfelf, or to a more excel- 


© That bing and form differ from each other is evident from the 73d and 74th propofition of thefe Elements, 
in which it is demonftrated that being is fuperior to ferm; becaufe being is above that which is total, and that 
which is total is above form. : 

+ He who underftands this will fee the propriety of the appellation fabricator, and father, given by Plato in the 
the Timaus to the artificer of the world; and why fabricater is placed before father; concerning which confult 
Proclus on Plato’s Theology, lib. v. cap. 16, 


Vor. 3G lent 


4 > 


şto ELEMENTS OF THEOLOGY. 

lent nature. But the operation of that which is reductorial, is characterized according 
to a converfion to that which zs more excellent; becaufe it leads that which is converted 
to fomething fuperior, and more divine. z 


PROPOSITION CLIX. i 


Every order of the gods confifts from the firft principles, bound and 
infinity.. But one order confifts more from the caufe of bound, and 
another feom that of: infinity. ae 
OR every order indeed proceeds from both, becaufe the communications of primary, 
penetrate through all fecondary caufes. But in fome orders bound predominates’ in 

the mixture, and in others infinity. And hence that in which bound prevails, becomes. a 

genus poffeffing the form of bound; but that in which injinity has the dominion, becomes 

a genus.endued with the form of infinity. 


CONCERNING INTELLECT. 


PROPOSITION CLX. 


Every divine intellect is uniform, and perfect; and is a primary in- 
tellect fubfifting from itfelf, and producing other intelle&s. 
FOR if it be a god, it is full of divine unities, and is uniform. But if this be the 

café it is alfo perfeét, being full of divine goodnefs. And again, if this be the cafe, 
it is a primary intellect, as being united to the gods: for deified intellect is more excel- 


lent than every intelle&t. But fince it is a primary intellect, it alfo confers fubfiftence 
on other intellects: for from firft entities, all fecondary beings obtain their hyparxis. 


‘PROPOSITION CLXI. 


Every true being depending on the gods, is a divine intelligible, and 
| is imparticipable. 
F OR fince true being- as we have demonftrated is that which firft participates a di» 


* vine unity, it alfo fills intellect, from itfelf. For intelle&t is being, as that wbich 
is 


é 

ELEMENTS OF THEOLOGY. ur 
is replenifhed with being: and confequently true being is a divine intelligible. It is di- 
vine indeed, as that which is deified; but as that whiclris filled-with intelle&, which 
it alfo participates, it is intelligible. And intelle& indeed is being, through the firft 
being. But the firit being.is fegarated from intelleét, becaufe:intélleét is pofterior to 
| being. And imparticipables are prior to things participated. Hence being united with 
intellect, pre-exifts by itfelf, and is imparticipable. For it is intelligible, not as co-ordi- 
nated with intelle&t, but as eminently perfeQting intelleét ; becaufe it communicates be- 
-ing to intelleét, and fills it with eflence fubftantial and real. 


PROPOSITION CL&XII. 


Every multitude of unities illuftrating true being, is occult and in- 


telligible. Occult indeed, as conjoined with the one; but intelli- 

gible, as participated by being. a ae 

OR all the gods are denominated from their dependants, becaufe the different hy- 

poftafes of the gods may be known from thefe. For every thing divine is of itfelf 
ineffable and unknown, becaufe connate to the ineffable one. But by the permutation of 
participants, it happens that the properties of the gods become known to fubordinate 
natures. Indeed the unities which illuftrate true being are intelligible ; becaufe true be~ 
ing is a divine intelligible, and is likewife imparticipable, as fubfifting prior to intelle&t. 
For this would not depend on the firft gods, unlefs they poffeffed a primary hypoftafis, 
and a power perfective of other gods: fince as participants are to each other, fo likewife 
are the hyparxes of participated natures, 


PROPOSITION CLXIII, 


Every multitude of unities participated by imparti eipable: intelle&, 
is intelle&ual. 


OR as intellect is to true being, fo are thefe unities, to intelligible unities. So far, 
therefore, as they illuminate divine and imparticipable intelle&t, they are intellec- 
tual: but they are not fo intelletual, as fubfifting in intellect, but as fubfifting through 
caufe prior to, and generating intellect. | 


a 
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PROPOSITION CLXIV. 


Every multitude of unities participated by imparticipable foul, is 
fuper-mundane. 


OR fince imparticipable foul, is primarily fuper-mundane, the gods alfo participated 

by this foul, are fuper-mundane ; poffefling the fame proportion to the intellectual, 

‘and intelligible gods, which foul has to intelle€t, and intelle& to true being. As there- 

_ fore every foul is extended to intelle€t, and intelle& is converted to that which is intel- 

ligible; fo likewife the fuper-mundane depend on the intelle€tual gods, in the fame 
manner as thefe laft, on fuch as are intelligible. 


PROPOSITION CLXV. 


Every multitude of unities participated by any fenfible body, iş 
mundane. 


F OR it fupernally illuminates the parts of the world, through the mediums of intel- 

le&t and foul. For neither is intelle& prefent without foul to any mundane body ; 
nor are deity, and foul immediately conjoined: for participations fubfift through fimi- 
lars. And intelle€t according to the intelligible which it contains, and the fummit of 
` its nature, participates of unity. Unities, therefore, are mundane, fo far as they fill the 


whole world, and deify apparent bodies. For each of thefe is divine, not through foul; _ 


{for foul is not the firft god) nor through intellect ; (for this is not the fame with the 
one), but is animated and felf-motive, through foul. But it always contains itfelf in the 
fame manner, and is carried in the beft order through intellect ; being at the fame time 
divine through a divine unity, And if it poffeffes a providential power, it is fuch through 
unity as the caufe. 


PROPOSITION CLXVI. 


Every intelle& is either imparticipable, or participable. And if par- 
ticipable, it is either participated by fuper-mundane, or mundane 
fouls. 


OR an imparticipable intellect poffeffing a primary hyparxis prefides over every mul- . 


titude of intellects. But of parueipatee jatellects, fome are fuper-mundane, and il- 
luftrate 
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luftrate imparticipable foul ; but others are mundane. For multitude emanating from an- 
imparticipable, is not immediately mundane; fince progreflions fubfift through fimilars. 
But that which is feparated from the world, .is more fimilar to an imparticipable, than 
that which is divided about it. And there is not only a fuper-mundane, but hkewife a- 
mundane multitude. Since there is likewife a mundane multitude of gods, ‘and the 
world is at the fame time animated and endued with intelleét. And the participation of . 
fuper-mundane gods by mundane fouls, fubfifts through mundane intellects as the con- . 


necting mediums. 


PROPOSITION CLXVII. 


Every intellect underftands itfelf. But the firft intelle& underftands 
itfelf alone *. And in this, intelle& and that which i is intelligible . 
is one in number. But all fucceeding intellects, underftand both 
themfelves and prior intelle&s. f And the intelligible to this firft 
intelle&, is partly that which it is itfelf, and partly that from 
which it proceeds. 


OR every intellect either underftands itfelf, or that which is above, or that 

which is pofterior to itfelf. But if it underftands that which is pofterior to 
itfelf; fince it is intelle& it will be converted to a worfe nature, and will not even 
know that to which it is converted, becaufe the object of its intelle€tion will not 
refide in its nature, but will be external. And thus it will only poffefs in itfelf a type, 
or figure, of this external objet. For it knows that which it poffeffes, and that to which 
it is pafhive, but not that which it does not poffefs, and by which it is not affected. 
But if it underftands that which is above itfelf, fince this is accomplifhed by the know- 
ledge of itfelf, it will both underftand itfelf, and the nature fuperior to its own. But if 
it knows that alone, it will at the fame time that it is intellect, be ignorant of itfelf. 
But by knowing that which is fuperior to itfelf, it knows alfo that it is a caute, and of 
what.it is the caufe: for if it is ignorant of thefe, it will alfo’be ignorant of that fuperior 


o. This muft be underftood, not as if the firft intelle&t underftvod nothing but itfelf; but that it underftands 
no other intelle& befides itfelf. For the divine unities, and the firft one, are the objeSts of its continual fpecu- 
lation : and in this exalted employment its life and felicity invariably and eternally confifts. 

+ This laft fentence of the propofition, is in the ‘riginal: xas sonten asl. Touto, 76 paar, È içi, vo de, ay’ ob ich, 
And this Portus renders with his ufual unfkilfulnefs: et eft mehte-perceptum. Hoc autem partim quidem, oft 
illud, quod eft, partim vero, ef illud, a up eft. That is,“ and itis intelligible. But this is partly that which {ft 
is, but partly is that from which it is.” The wrong pointing after sœ, which inftead of a period fhould be a 
comma, and rovro being erroneoufly printed for Toure Were the caufes of Portus’ miftake: and this he would 


have rectified, had he underftood the prepofitian. 
nature. 
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mature. And hence by knowing that which is prior.to itfelf, it will alfo know itfelf. If 
therefore any intelle& is intelligible, this by knowing itfelf will underftand an intelligi- 
bie, and will be itfelf its own intelligible. But each of the intelle€ts pofterior to this, 


will at the fame time- underftand that which is intelligible in itfelf, and that which is- 


prior to itfelf. There is, therefore, ih intelle&t, that which is intelligible, and in that 
which is intelligible intelle&. But the one, isthe fame with that which is intelligible *; 
and the other is the fame with the intelligible initfelf, but is not the fame with the intel~ 
ligible prior to itfelf. “For the one is fimply intelligible, and the other is an intelligible. 
in an intelligent nature. 


PROPOSITION CLXVITI. 


Every intellect knows. in energy that which i it underfiands, And it 
: is not the property of one part of its nature to know, and of an- 
. other to » underitand. that. which it knows. . 


OR if it fs iktelte& i ib ehergy; ac knows ttfelf as not different from the obje& of j ite 

intellection +5 . it- wills both sinew. and perceive itfelf. But beholding that wiich 
is intelligent, . and knowing ‘that ‘which .beholds, it will know that it is intelle& in 
energy. And knowing this, it will know that it underftands, and will not alone know 
the object of its intellection. {t will, therefore, atthe fame time both know that which 
is intelligible, and that it underftands this: and by intellection it will be underftood- 
‘py itfelf. 


i 


PROPOSITION CLXIX. 


Every intelle&t poffefles in eternity, its effence, power, and energy. 


O'R if it underftands itfelf, and intellect is the fame with that which is intelligible ; 
intellection alfo is the fame with intelle&t, and intelligible. For ‘fince intelligence 


© Thus for inftance intellect in being itfelf, which comprehends the higheft order of intelligibles, is wue venveg, 
or an inteHigible intelle; becaufe it ie the obje& of intelligence to all fubordinate natures, and becaufe its vifion is 


tranfcendently fimple and occult. But every intelle& is indeed the fame with the intelligible in its own nature, 
but is fubordinate to intelligible itflf. 


+ Intellect in energy, or in the act of underftanding is the fame with the object of its intellection. For the 
object of its perception, muft be refident in its effence, or it would perceive externally like fenfe ; and thus would 
not behold the thing itfelf, but only its image. But if that which is intelligible i is feated in the eflence of intel- 
le&, it will in no refpe& differ from intelle@&: for it will be effential to its nature, and will confequently be in- 
tellectual, as well as intelligible, 
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is 2 medium: between that which knows, and that which is known; and fince thefe two 
are the fame, intelligence alfo will be one and the fame with each of thefe. But fince 
the effence of intellect is eternal (for the whole fubfifts at once) intelligence alfo will 
be eternal: for it is the fame with the effence of intellect. But if intelle&t is eternal, 
it will by no means be meafured by time, neither according to effence, nor according to: 


energy. And fince thefe fubit in the fame manner, the -power alfo of intelle& is 


eternal. 


PROPOSITION CLXX. 
Every intelleét, at once underftands all things. But an imparticipa- 


ble intelle& underftands all things imply. And each of the in- 
telle€ts pofterior to this underftands all things according to one. 


OR if every intelle&t eftablifhes its effence in eternity, and together with its effence, 

its energy, it will underftand all things at once. And all things indeed exift accord- 
ing to parts, and a fucceflive energy, which do not fubfift in eternity. For every thing 
fucceflive fubfifts in time ; fince it poffeffes prior and pofterior, which are fucceflive, and 
do not fubfift allat once. Hf, therefore, all intelle€ts underftand fimilarly, they will not 
_ differ from each other: for if they underftand all things fimilarly, they are all things fi- 
milarly; fince they are no other than the things which they underftand. But if they 
are all things fimilarly, one intelle& will not be imparticipable, and another not: for 
their eflences are the fame with the objects of their intellections ; fince the intelle@tion 
of each is the fame with its eflence, and every intelleét{is both intelligence and effence.. 
It remains, therefore, either that every intellect does not equally know all things but 
one or more, and not all things together; or that it knows all things according to one *. 
But to affert that intellect does not underftand all things, is to make it ignorant of fome 
particular being. For if it is affected with tranfition, and does not underftand at once, 
but according to prior and pofterior, at the fame time poffefling an immoveable nature, 
it will be inferior to foul, underftanding all things according to motion, or a mutable. 
energy; becaufe intellect on this hypothefis, will only underftand one thing by its per- 
‘manent energy: It will, therefore, underftand all things according to one. For it 
either underftands all things; or one thing; or all things according to one. And the 
intelligence indeed ‘of all things perpetually fubSfts in all intelle@s: but’ they terminate 

® By an intellection according te one (wabty) we muft wundérftand a various intelligence fubfifting indivifibly, 


and without mutation. . Juft as when by one.and the fame energy of vifion, we furvey the various parts of the 
fame countenance though di(tant from each other. And an intellection of this kind belongs to all intellects [abor- 


dinate to the fir; fer the intelligence of thie is perfectly fimple, and comprehends all things in one. —_. u 
a 
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all things, according to one intelligence of all. Hence there is fomething pre-dominant — 


in intelle€tion, and the objects of intelligence ; fince all things are at once underftood 
as one, through the dominion of one, which charaCterizes all things with itfelf. 


PROPOSITION CLXXI. 


Every intelle& is an impartible, or indivifible effence. 


OR if it is without magnitude, incorporeal, and immoveable, it is impartible. 
For every thing in any refpe€t partible, is either partible on account of magnitude, 


_ or multitude, or on account of energies fubfifting in time. But intelle€t is eternal accord- 


ing to all things, and is beyond a corporeal nature; and the multitude which it contains 
is united. It is, therefore, impartible. But that intelle& is incorporeal, is manifeft, 
from its converfion to itfelf: for no body poffeffes a felf-convertive power. But that in- 
telleét is alfo eternal, the identity of its energy with its eflence evinces: for this we have 
already demonftrated. And that its multitude is united, is evident from the coherence _ 
of intelle€&tual multitude, with the divine unities: for thefe. are the firft multitude, and 
after thefe intclle€ts fubfift. Hence though every intellect is a multitude, yet it is an 
united multitude. For prior to that which is divided, that which is collected, and is 
nearer to the one, fubfitts. 


PROPOSITION CLXXI.’ 


Every intelle@ is the proximate fuftaining caufe of natures eternal, 
and immutable according to effence. 


OR every thing produced from an immoveable caufe, is immutable according to 
eflence. But immoveable intelle& being all things eternally, and abiding in eter- 
nity, effentially produces that which it produces. Butif itis perpetual, and fubfifts af- 
ter the fame manner, it will always produce, and according to one uniform energy. 
Hence it is not the caufe of things which are fometimes bein 


gs, and fometimes not, 
but it is the caufe of eternal beings. ` 


PROPOSITION CLXXIII. 


Every intellect is intellectually both the things which are prior 
and pofterior to itfelf. 

F OR it is the fame with things pofterior to itfelf according to caufe, and with things 

prior to itfelf by participation: but {till it is intelle&, and is allotted an intelle€tual 


effence. 


4 
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eflence. Hence it defines all things according to its eflence; both fuch as fubfift ace 
cording to caufe in another, and fuch as fubfift according to participation. For every 
thing according to its natural conftitution, participates of more excellent natures : but 
not according to the fubfiftence of its fuperiors. For thefe indeed are participated by 
all things, though in a different refpeét, according to the various natures of the partici-* 
pants. And hence participations fub&ift according to the characteriftic and power of the 
participants: and confequently in intellect things prior to its nature, fubfift in an intel- 
lectual manner. But intelle& is likewife intellectually things pofterior to itfelf: for it 
does not confift from its effets, nor does it contain thefe, but the caufes of thefe in it- 
felf. But intellect is the caufe of all things by its eflence, and its eflence is intellectual ; 
and confequently it contains the caufes of alt thimgs intellectually. Hence every intel- 
lect pofteiles all things inteljeQually; both fuch as are prior and fuch as are pofterior 
to itfelf. As, therefore, every intelleét contains intelligibles intelleQualy, fo likewife 
‘it contains fenfibles according to an intelleCtual fubfiftence. | 


PROPOSITION CLXXIV. 


Every intelle@ conftitutes through intelligence natures pofterior to it- 
felf: and its fabrication is contained in intebeQion, and its intelli- 
gence in fabrication. 


O R if intelligible and intelle& is the fame; hence the being of every intellect 

confifts in felf-intellection. But it fabricates that which it fabricates by its effence, 
aad produces that which is, according to being ; and confequently its productions arife 
from intelligence. For in inteledt being aad intelligence are one: becaufe intellect is 
the fame with every being which it contains. If, therefore, intellect fabricates by its 
efflenee, and ite effence is intelleftion, it will operate through intelligence, and iatelli- 
gence will fubfift in energy in mtellection. But this is the fame with its eflence: and 
ite effence con&fte im operating. For that which operates immoveably, always poflefles 
ite effence in operating ; and <onfequently intellection confidts in fabrication. 


PROPOSITION CLXXV. | 

Every intellect is primarily participated by thofe natures, which are 
intellectual, both according to effence, and according to energy. 

FOR it ie neceffary that it fhould citer be participated by thefe, or by other natures, 


which poffefs indeed. am inteliodtual effence, but are not always intelligent. But it 
Vou. II 3H is 
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is impoffible that it fhould be participated by thefe latter. For the energy of intellec® 
is immoveable. And hence the natures by which intelle€t is participated, always parti- 
cipate of an intellectual energy, which always caufes the participants to be intellectual. 
For that which poffeffes its energy in any part of time, cannot be conjoined with an 
eternity of energy. But as in effences themfelves, fo alfo in the variations of energies, 
between every eternal energy, and that energy which receives its perfection in fome 


' period of time, that energy intervenes which poffeffes its perfection through the whole 


of time. For progreffions fubfift no where immediately, but are produced through 
kindred and fimilar natures, both according to hypoftafes, and the perfe€tions of ener- 
gies. Every intellect, therefore, is primarily participated by thofe natures which are 
able to underftand through the whole of time, and which poffefs a perpetual intelli- 
gence; though their intelleCtion may fubfift according to time, and not according to 
the ftability of eternity. | | 


COROLLA R Y. 


From hence it is evident that the foul which fometimes underftands, and at other times _ 
is void of intelle@tion, cannot proximately participate of intelleét. | 


PROPOSITION CLXXVI. 
All intellectual’ forms fubfift in one another, and each is at the fame 
time feparate and diftin& from the reft. 


F OR if every intelle& is impartible, and the multitude which it contains is united 
through an intelleCtual impartibility: hence all that intelle& contains will entirely 


-fubfift in one, and impartibles will be united to each other, and all intelle@ual forme 


will penetrate through all. But if all intellectual forms fubfift immaterially, and incor- 
poreally, they are without confufien with refpe€t to each other, and each feparately 
preferves its own purity, and abides that which it is. But the characteriftic participa- 
tion of each diftinct participant, declares the unconfufed fulrfiftence of intelle&ual forms.. 
For if participated natures were not diftinguifhed, and feparate from each other, neither 
would their participants participate them diftinétly, but there would be a much greater 
indiftin@ confufion in fubordinate natures, from their fubfifting in a more degraded or- 
der. For from whence could diftinétion arife, if the natures which conftitute and per- 
fe& thefe, fhould be indiftin@ and confufed? Again, the hypoftafis of that which 
contains impartibly, and an uniform effence, atteft the union of forms. For things pof- 
feffing their hyparxis, in that which is impartible and uniform, fubfift impartibly in the 
fame. For how can that be divided, which is impartible and one? For natures of this 

kind . 
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kind fubfift together, and penetrate totally through each other, without diflance: fince 
thet which contains, is not diant; and one thing is not in this place, and another in 
/ at, as in things feparated by interval from each other. But every thing at once fub- 
i Áfts in that which is impartible and one: and confequently they all fubfift in each other. 
All intellectual forms, therefore, fubfift unitedly in each other, and each is at the fame 
time diftin&tly feparate from the reft. 


CO 8. P ALR E a | 

But if any one befides the above demonttrations requires examples, let him contem- 
plate the theorems refident in one particular foul; all which fubGf truly in the fame 
foul, in an effence deftitute of magnitude, and are united to each other. For the foul 
does not contain the things refident in its nature, according to magnitude, and locally, 
but impartibly, and without diftance, unitedly, and diftin&t. For the foul produces all 
things diltinctly, and each at the fame time feparate and apart, without attrating any 
thing to itfelf from the reft, which unlefs they were always diftinguifhed according to 
habit, would not be diftinguifhed by the energy of the foul. : 


PROPOSITION CLXXVIL 


Every intelle& fince it is a plenitude of forms, comprehends either 
more univerfal or more particular forms. And fuperior intelleas 
contain in a more univerfal manner, whatever pofterior intelleats 
contain in a more particular manner. But inferior intelleéts, con- 
tain. according to a more partial mode, whatever prior intelleéts 
contain more univerfally. 


OR fuperior intelle&s employ greater powers, becaufe they are more uniform than 

fecondary intelle&ts. But ‘inferior intellects, from their being more multiplied, 
diminifh the powers which they poffefs. For fuch as are more allied to the one, be- 
ing contracted in quantity, are fuperior in power to fuch as are pofterior ; while fuch 
as are more diftant from the one poilefs a contrary property. Superior intelleéts, there. 
fore, eftablifhing a greater power, but a lefs multitude, produce more effeets through 
forms, lefs according to quantity. [But * intelleéts pofterior to thefe, produce fewer 


* That part of this propofition, within the crotchets isin one place very defective in the Greek, which may be 
corrected as follows: Inflead of reading of Bè il’ extivoug, da mAtióyan, harsa. xara ry Dua'apaiv Oy EAL Liv Eeër 
BM thaccévay wAticva Wagayouriv, hinoj Tipa sy avrig Edy: read after whtnarwy i= harre, xara tiv Wray DAudien 
bs owy sxsves Ù, and the reft as above. 
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effets, through a greater multitude of forms, on account of their deficiency in power. 
If, therefore, fuperior intelleéts produce more effects, through a lefs number of forme, 
the forms which they contain are more univerfal.] And if inferior intelle@ts, produce 
fewer effects through a greater multitude of forms, the forms which they contain, are 
more particular. 


COROLLA R Y. 


From hence it happens that the natures which are generated from the fuperior orders 
according to one form, are produced in a divided manner from fecondary orders, ac- 
cording to a greater multitude of ideas. And on the contrary thofe natures which are 
produced from things fubordinate, through many, and diftin€ét forms, are produced by 
fuperior natures, through fewer, and more univerfal forms. And that which is univere 
fal and common, fupernally accedes to all participants. But that which is divided, and 
peculiar proceeds from fecondary natures. Hence fecondary intellects by the more par- 
ticular feparation of charaCteriftics, articulately lungu; and attenuate the forma- 
tions of primary intelleéts. 


PROPOSITION CLXXVIIL 


Every intelleQual form, is the framer of eternal natures. 


OR if every intelleQual form ig eternal, and immoveable, it is ellentially the caufe 

of immutable and eternal hypoftafes; but not of fuch as fubfift in generation, and 
are corruptible. And hence every thing fabricated according to an intelle¢tual form, 
te an intelkeGual eternal. For if it produces all forms pofterior to fuch as are intellectual, 
threugh dang; and if the being of intellectual forms is eternally the fame, their pro- 
duĉ&ions alfo will fubfift after the fame manner, and will be eternal. Hence neither 
the genera which according to fome particular time, are fabricated by a formal caufe, 
mor things corruptible, fo far as corraptible, poffefs a pre-exiftent intellectual form, 


For they would be void ef corruption and generation, if they poffefied their hypoftafis, 
-according to a pre-exiftent intellectual form. 


PROPOSITION. CLXXIX, 


Every intellectual number is bounded, 


| F OR if there is another multitude pofterior to this diminifhed according to effenee, 
and fo more remote from the'one, while intellectual number js nearer to the one.: 


and 
8 E 
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and if that which is nearer to the one, is lefe according to quantity, and that which is 
far diftant is more according to quantity; intellectual number alfo will be lefs than every 
multitude pofterior to its nature. It is not, therefore, infinite: and fo the. multitude 
of intelleéts is bounded. For that which is lefs than another, is not infinite: becaufe ins 
finite, fo far as infinite, is not lefs than any thing. 


PROPOSITION: CLXXX. 


Every intelle& is a whole, as compofed from parts, and is united with 
others, and at the fame time diftinguifhed from them. But impar- 
ticipable intelle& is fimply univerfal; and contains in itfelf, as it 
were all parts univerfally. But each particular intelle& pofleffes 
the whole as ina part; and thus contains all things particularly. 


OR if it is all things according to one thing; and if that which is all things ac- 

cording to one, is fomething particular alone: hence, the whole fubfifts in each of 
thefe particularly, on account of fomething particular, determinately predominating 
in them all. 


PROPOSITION CLXXXI. 


Every intellect which is participated is either divine, as depending on 
the gods ; or is intellectual only. 


OR if there is a divine and imparticipable intelle€&t, that which is primarily allied 

to this, does not differ from it in both thefe refpects; that it is not divine, and that 

it is not imparticipable. For things diffimilar in both thefe refpe&ts, cannot be conjoined 
with each other. It is evident, therefore, that the medium between thefe, is partly fi- 
milar to the firft intelle&, and partly diffimilar. Either, therefore, it is imparticipable, 
and not divine; or it is participated, and divine. But every thing imparticipable is dis 
vine, as being allotted an order in multitude, analogous to the one. And hence there 
will be fome one intelleét, divine, and at the fame time participated. But it is requi- 
fte that there fhould be an intelle@t, not participating the divine unities, but intelligent 
only. For in every feries, firft natures, and which are conjoined with their unity, are 
able to participate their proximate fuperiors. But fuch as are far diftant from their pri~ 
mary unity, cannot depend on the natures placed in an order proximately fuperior tq 
their 
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_ their own. There is, therefore, both a divine intelleét, and an intellect intellectual 
alone. And the latter fubfifts according to an intellectual characteriftic which it pof- 
{effes from its own unity, and from imparticipable inteHe@: but the former according 


to aunion, which it receives from participated unity. 


PROPOSITION CLXXIII. 


Every divine intelle&, which is participated, is participated oF di- 
vine fouls. 


OR if participation renders the participant fimilar, and caufes it to be allied to that 
which is participated ; it is evident that that which participates a divine inteHedt 
mutt be a divine foul *. It is likewife evident that it muft depend on a divine intelle&, 
and that it muft participate the deity which it contains, through intellect as a medium. 


For t intelle&t connects with deity (Sern) its participant foul, and conjoins one we diving 
nature with another. 


PROPOSITION CLXXXIII. 


Every intelle@, which is participated indeed, but is intelletual alone, 
as participated by fouls neither divine, nor fubfifting in a mutation 
from intellect, into a privation of intellect. 


OR neither are divine fouls of this kind; nor fuch as participate of intelle&, 
For fouls participate of the gods through a divine intellect, as we have already demon- 
ftrated. Nor are fuch as participate of an intelle€tual intellect fufceptive of mutation. 
For every intellect is participated by natures, which are always intelleGtual, both accord- 


ing to effence, and according to energy; as is evident from the preceding propofie 
tions. 


* The reader muft obferve that thie is to be uaderftood of immediate participation. 
+ Inftead of à yae Sora cuntanles re ve. x. v. A. asin the original, the fenfe requires that we fhould read 3 yag 
vis evmtawles re Saornles. x. 7. A, 


CONCERNING 
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CONCERNING SOUL 


PROPOSITION CLXXXIV. 


Every foul is either divine, or capable of being changed from intel- 
: le& into a privation of intelle& ; or it always remains as a medium 
between thefe, and is at the fame time inferior to divine fouls. 


OR if a divine intellect is participated by divine fouls, but an mteHeCtual intelleét, 

by thofe fouls alone, which are neither divine, nor fufceptive of a mutation from 
intelle€t into a privation of intelle&t (for there are fouls of this kind, which fometimes, 
underftand, and are fometimes deftitute of intelligence); it is evident that there are 
three genera of fouls. And the firft indeed are divine. But the fecond are not divine, 
yet they always participate of intelleét. And the third are thofe, which are fometimes ` 
changed into an intellectual condition, and fometimes into a privation of intellect. | 


PROPOSITION CLXXXV. 


All divine fouls, are gods animatftically, (Wuymos, or according to 
the nature of foul). But all fouls participating an intelle@ual in- 
telle&, are the perpetual attendants of the gods. And all fouls 
fufceptive of mutation, are fome time or other attendants of the 
gods. 


OR if fome fouls poffefs a divine light, fupernalfy illuftrating their nature, but 

others are endued with perpetual intelligence, and others again, are fometimes. 
only allotted this perfection : hence the firft of thefe will among the multitude of fouls, 
be analogous to the gods; but the fecond, will perpetually attend the gods, on account 
of their perpetually energizing intellect, and will depend on divine fouls, to which they 
will have the fame proportion, as that which is intellectual to that which is divine. 
And thofe which are fometimes endued with intelligence, will alfo fometimes attend, 
the gods; but they will neither always participate intelle€t after the fame manner, nor 
will they always be converfant with divine fouls. For that which is only fometimes al- 
--Jotted intelleét, cannot by any means always attend the gods. 


PRQP Q 
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PROPOSITION CLXXXVL 
Every foul is both an incorporeal eflence, and feparable from body. 


OR if it knows ‘itfelf, and if every thing felf-gnoltic, i is converted to itfelf, and 

`- every thing converted to itfe is not a body (for every body is incapable of -fetf. 
cenvetion), nor infoperable from body ; for every thing infeparable from budy, is not 
naturally adapted to be converted to itfelf, fince through this, it woald be fepasnted 
from body ; hence every foul, is neither a corporeal effence, nor infeparable from body. 
But that the foul, knows itfelf, is manifeft. For if it knows things fuperior to iefelt 
and is naturally adapted to know itfelf, it will much more know itfelf, through = 
prior to its own nature °. 


PROPOSITION CLXXXVII. 


Every foul is immortal and incorruptible. 


O R every thing which is capable in any refpett of diffolution and difperfion, is 

either corporeal and a compofite, or is allotted an hypoftafis in a fubje&. And 
that indeed which is diffolved, is corrupted, as fubfifting from maay things. Pat that 
which is naturally adapted to fub in another, when feparated from its fubjech, va- 
nifhes into non-entity. But foul is both incorporeal, and external to every fubjeét, re- 
fiding in itfelf, and being converted to itfelf. It is, therefore, immortal, and incortup- 
tible, 


PROPOSITION CLXXXVHE 


Every foul, is both life, and vital. 


OR that to which foul accedes neceffarily fives ; and that which is deprived of foul, 
is immediately left deftitute of life. For it either lives through foul, or through 
fomething elfe, and not through foul. But it is impofhble, that it fhould live thraugh 
fomething elfe alone. For every thing which is participated, either communicates it- 


® For inferiors are comprehended in fuperiors, and particulars in usiverfals; fo that he who badie univers 
fals, knows particulars alfo; though the reverfe of this is not true. The foul, therefore, by pollefing a natural 
capacity of knowing herfelf, and things fuperior to her own nature, will from the illuminations attcading her 
knowledge of the latter, know herfelf in a much more eminent and perfpicuous manner. ; 


{elf, 
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felf, or fomething of itfelf to its participant. But if it fhould do neither of thefe, nei- 
ther will it be participated. But foul is participated by that to which it is prefent : and 
that is called animated, which participates of foul. If, therefore, that which is partici- 
pated confers life on animated natures, it is either life, or vital alone, or at the fame 
time both life and vital. But if it is vital alone, and not alfo life, it will be compofed 
from life, and non-life *: and thus it will neither know, nor be converted to itfelf. For 
life is knowledge+ 3 and that which is gnoftic, or endued with knowledge, fo far as it is 
gnoftic, lives. If, therefore, there is any thing in foul deflitute of life, this fomething 
will not effentially poffefs a felf-gnoftic power. But if foul, is life alone, it will no 
longer participate an intellectual life. For that which participates of life, is vital, and 
not life alone; fince that which is life alone, is firft and imparticipable life. But life 
pofterior to this, is vital, and at the fametime life. And foul is not imparticipable life. 
It is, therefore, both life, and vital. 


` PROPOSITION CLXXXIX. 
Every foul is felf-vital. 


OR if it is converted to itfelf, and every thing felf-convertive, is felf-fubfiftent, foul 

alfo is felf-fubfiftent, and fuftains itfelf. But it is alfo both life, and vital, and its 
hyparxis is according to vitality. Tor to whatever natures it is prefent, it communi- 
cates life, through its effence. And if the participant is adapted to participation, itim- 
mediately becomes animated and vital; foul neither reafoning nor chufing, nor vivifying 
by reafoning and judgement, but by its effence alone communicating life to the partici- 
pant. Hence the being of foul, is the fame with its life. If, therefore, it poffeffes be- 
ing from itfelf, and this is the fame with its life, it will effentially poffefs life, and will 
afford life to itfelf, and will poffefs life from itfelf. But if this be the cafe, foul will be 


felf-vital. 


® Thus fur inftance the body of the world, or of any particular animal, is vital from its receiving the echo 
of foul; but as it does not at the fame time, effentially poffefs /ife, (or elfe it wouid be foul) it is compofed from 
life, and non-life. For it is nothing more than body, or non-life, united with the laft image of foul, or a debile 
Tife. 
+ This truly divine fentence, is derived from the moft profound theory ; and can alone be underftood by thofe 
who have deeply ftudied the fix books of Proclus on Plato’s Theology. I hall, therefore, only obferve for the 
fake of the intelicéival reader, that as effence, life, and intelleé fubGift in occult union, in the firt being, which com- 
prehends the higheft order of the gods; and as intelligence is thc medium between that which is intelligible, and 
intelle ; it is evident that life itfelf is intelligence. ; 
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' PROPOSITION CXC. 


Every foul isa medium between natures impartible, and fuch as are 
| divifible about bodies. 


OR if it is felf-vital, and felf-fubfiftent, and has an hyparxis feparate from bodies, 

itis feparated from, and is more excellent than all partable natures, fubfifting about 
bodies. For thefe are entirely infeparable from their fubjeéts ; becaufe they are divided" 
together with divifible weights, depart from themfelves, and their own impartibility, 
and are co-extended with bodies. And though they fubfift in vital natures, yet thefe 
are not the lives of partible effences, but of their participants : and though they abide ir 
effence and forms, yet thefe are not their own forms, for they are forms of formed nae 
tures. Soul, therefore, is a felf-fubfifting, and felf-vital effence; it is likewife a know- 
ledge, gnoftic of itfelf, and according to all thefe feparable from bodies. But it likè- 
wife participates of life : and if this be admitted, it likewife participates of effence. But 
it participates alfo of knowledge from other caufes. And hence it is evident, that it is. 
worfe thanimpartibles, becaufe it is filled with life externally : and if with life, it is e- 
vident that it is alfo externally replenifhed with effence. For prior to every particular 
life, imparticipable life, and imparticipable effence fubfifts. But it is likewife manifeft 
that foul, is not the firft gnoftic nature. For every foul fo far as foul, poffeffes life in- 
deed, but not knowledge alfo from. its exifting as foul. For certain fouls, while they- 
remain as fouls, are at the fame time ignorant of beings. Soul, therefore, is not the 
firft gnoftic nature, nor does it poffefs knowledge on account of its effence. And’ 
hence it poffefies an effence the fecond from thofe, which are primarily, and effentially- 
gnoftic. Since, therefore, the effence of foul is divided from its knowledge, it does not 
rank among natures purely impartible.. But it has been demonftrated, that neither does. 
it fubfift in the order of things divifible about bodies. It is, therefore, fituated between. 
both. 


PROPOSITION CXC. 


Every participable foul poffefles an -eternal effence, but its energy 
fubfifts in time. l 


OR cither it poffeffes both eternally, or both temporally ; or one eternally, but the 
other temporally. But it cannot poffefs both eternally : for on this hypothefis, it 
would be an impartible effence ; and.the nature of foul would differ nothing from an ine. 

| 5 telle&tual. 
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tellectual hypoftafis ; viz. a felf-motive from an immoveable nature. Nor can it poffefs 
both its energy and effence in time : for thus it would be generated alone; and would 
neither be felf-vital, nor felf-fubfiftent. For nothing meafuréd by time is effentially 
felf-fubfiftent. But foul is felf-fubfiftent. For that which is converted to itlelf accord- 
ing to energy, is alfo effentially converted to itfelf, and proceeds from itfelf. It re- 
mains, therefore, that every foul is partly eternal, and partly a participant of time. It 
is either, therefore, eternal according to efience, but participating of time, according 
or the contrary. But this latter bypothefis is impoffible. Every participa- 


to energy; 
is allotted an eternal effence, but pofleffes an energy according te 


ble foul, therefore, 
time. 





PROPOSITION CXCIL. 


Eyery participable foul, ranks in the number of eternal beings, and 
among the firft of generated natures. 


OR if it is eternal according to eflence, it is true being actording to its hyparxis, 
and is a perpetual being. For that which participates of eternity, participates like- 
wife of perpetual being. But if it fubfifts in time according to energy, it is generated. 
For every thing participating of time, is always in generation (or in becoming to be) 
according to the prior and pofterior of time, and is not at once, that which it is, but- 
the whole of it is generated. But if every foul, is in a certain refpect generated accord- 
ing to energy, it will be the firk of generated natures. For that which is entirely gene- 


rated, is more remote from eternal natures. 





PROPOSITION CXCIil. 


Every foul fubfifts proximate to intellect. 


OR if it poffeffes an eternal, and immutable effence, it proceeds from an immove- 
able effence : fince that which proceeds from a moveable effence, is entirely changed 
according to effence. The caufe, therefore, of every foul is immoveable. But if it is 
proximately perfected by intellect, it is alfo converted to intellect, and participates the 


which intelle& confers on the natures able to participate cognition. For all 
all the natures, in which intelle¢t 





knowledge; 
knowledge proceeding from intellect, is inherent in 
refides. But that to which all things are naturally converted, is the fource of their pro- 


greflion according to effence. Every foul, therefore, proceeds from intellect. 
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PROPOSITION CXCIV. 


- Every foul poffeffes in a fecondary manner, all the forms, which in- 


intellect primarily contains. 


F OR if it proceeds from intelleét, and intellect is the fabricator of foul; and if intel- 
let fubfifting immoveably produces all things; it will alfo impart to foul, which it 
conftitutes, the effential reafons of all things which it contains. For every thing which 
operates through effence, imparts fecondarily to its produdlion, that which it is itfelf 
primarily. Soul, therefore, contains in a fecondary manner the reprefentations of intel- 
le€tual forms. 


PROPOSITION CXCV. 


A 
Every foul is all things, containing fenfible natures, after the man- 


n:r of an exemplar; (apadeiypolinws) but intelligibles after the 
manner of images (exoviews). 


O R fubfifting as a medium between natures impartible, and fuch as are divided 
about bodies; it produces and conftitutes the latter of thefe ; but eftablithes in it- 


felf the prior caufes from which it proceeds. Hence it previoufly receives after the 


manner of an exemplar the natures to which it is prior as their caufe: but it poffeffes 
through participation, and as the bloffoms of firft natures, the caufes of its {ubfiftence. 
It previoufly receives in its effence, therefore, through caufe all fenfible natures, and 
contains immaterial reafons of things material, incorporeal of fuch as are corporeal, 


. and indiftant of fuch as are diftinguifhed by interval. But it contains intelligibles after 


the manner of an image, and receives partibly, their impartible forms, fuch as are uni- 
form varioufly, and fuch as are immoveable according to a felf motive condition. Soul, 


therefore, is all beings; containing fuch as are firft through participation, but fuch as 
are pofterior to its nature, after the manner of an exemplar. 


PROPOSITION CXCVI. 
Every participable foul primarily ufes an eternal body, which poffeffes 
7 an unbegotten and incorruptible hypoftafis. 


OR if every foul is eternal according to effence, and through its effence firft 
animates {fome particular body, it will always animate this body : for the effence of 


every 
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every foul is immutable. But if this be admitted, that which is animated muft be al- 
ways animated, and muft always participate life. But that which always lives, is per- 
petual by far the firft of all things *. And that which is perpetual is eternal. Hence 
that body which is firft animated, and which firft depends on foul, is eternal. But 
every participable foul is primarily participated by fome particular body; fince it is not 
imparticipable, and effentially animates its participant. Every participable, or partici- 
pated foul, therefore, ufes a body primarily eternal, without generation, and incorrupt- 
ible according to eflence. . 


PROPOSITION CXCVIIL. 


Every foul is an effence vital and gnoftic, and æ life effential; and 
gnoftic, and is both knowledge, effence, and life. It likewife con- 
tains all things together, the effential, the vital, and the gnoftic ; 
and all in all, and each feparate and apart from the ret. 


OR if it has a middle fubfiftence between forms impartible, and fuch as are divi- 

fible about bodies; it is neither fo impartible as all intelle€tual natures, nor fo par- 
tible, as corporeal forms. Since, therefore, both eflences, lives, and cognitions, are 
diftributed in corporeal natures; all thefe fubfift impartibly in fouls, unitedly, and in- 
corporeally, and are at the fame time all things, on account of their immateriality, and 
impartibility. And fince all things fubfift in inrelleéts according to union, they are dif- 
_tinguifhed and divided in fouls. All things, therefore, fubfift together, and apart in 
foul. But if all impartibles fubfift together and in one, they mutually penetrate through 
each other: and if feparate they are again divided without confufion; fo that each fub- 
fifts by itfelf, and all in all. For in effence there is both life and knowledge : fince if ef- 
fence was eflentially deprived of life and knowledge, every foul would not know itfelf. 
And in life there is both effence and knowledge. For life without effence and know- 
ledge belongs to material lives, which are neither able to know themfelves, nor are fin- 
cere and pure effences. And knowledge which is both deftitute of effence and life, is 
incapable of felf fubfiftence. ` For all cognition belongs to that which is vital, and which 
is allotted eflence effentially. 


* Becaufe eternity fubfifts in life, and is no other than infinite life, as is copioufly proved from Plotinus, in the 
note to Propofition 111. 
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PROPOSITION‘: CXCVII. 


Every thing which participates of time, and is always moved, is 
meafured by periods. 

OR fince it is meafured by time it both participates a meafure and bound of mo- 
tion, and proceeds according to number. But becaufe it is always moved, and this 
always, is not eternal *, but temporal, it is neceflary that it fhould ufe periods. For mo- 
tion is a certain mutation from fome things into others. But beings are terminated 
by multitudes and magnitudes. And thefe being terminated, there can neither be an 
infinite mutation, according to a right line, nor can that which is always moved procecd 


according to a finifhed progreflion. Hence that which is always movéd will proceed 
from the fame to the fame ; and will thus form a period in its progreffion. 


PROPOSITION CXCIX. 
Every mundane foul ufes periods and reftitutions of its proper life. 


OR if it is meafured by time it operates tranfitively, and poffeffes a proper motion. 

But every thing which is moved and participates of time, when it is eternal, ufes 
periods, revolves periodically, and proceeds from the fame to the fame. And hence 
every mundane foul, poffefling motion and energizing according to time, will both pof- 
fefs periods of motion, and reftitutions into its priftine ftate. For every period of eter- 
nal natures, returns to its priftine {tate. 


PROPOSITION CC. 


Every period of foul is meafured by time. But the period of parti- 
cular fouls, is meafured by fome particular time : and the period of 
the firft foul, fince it is meafured by time, is meafured by univerfal 
time. 


OR if all motions contain prior and pofterior, they participate of a period, and 
on this account of time. And that which meafures all the periods of fouls is time. 


® Yor-that which is properly cternal, is perfectly table, and is never fubje& to:mutation. 
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But if the periods of all fouls were the fame, and about the fame; the time of all would 

be the fame. But if the reftitutions of different fouls are different, the periodic time of 
their reftitutions alfo, is different. That the foul, therefore, which is firft meafured by 

time, is meafured by univerfal time, iş endent For if time is the meafure of every 

motion; the firf{ motion, wiil entirely participate of time, and will be meafured by the 
whole of time. For if univerfal time, did not meafure its firft participant, neither: 
would it meafure any thing elfe, accordiag to the whole of itfelf. But that all other 

fouls are meafured, by the more particular meafures of univerfal time, is evident from 

what we have now demonftrated. For if they are more particular than the foul which 

firk participates of time, they canaot accommodate their. periods to univerfal time. But 

the multitude of their reftitutions, will be parts of that one period and reftitution, by 

which the firft participant of time, returns to its priftine ftate. For the participation 

of a leffer power is more particular, but of a greater, more univerfal. Other fouls, there-. 
` fore, are net naturally adapted to receive a univerfal temporal meafure, through one 

life; fince they are allotted an order more remifs than that which is firft mealured by: 
time, becaufe they are allotted an inferior order.. 


PROPOSITION CCl. 
All divine fouls poffefs triple energies ; one kind as fouls; another as. 
receiving a divine intelle&; and a third kind, as depending on the: 
gods. And they provide indeed for the univerfe, as gods; but. 


they know all things through an intellectual life; and move bo- 
dies through a felf-motive effence. 


3 
e 


OR {ince they naturally participate fupermundane natures, and are not fimply fouls; 
but divine fouls, bearing before themfelves an’ order analogous to the gods, in an 
-animaftic latitude ; they will energize not only animaftically, but:alfo divinely ; becaufe 
they are allotted a deified fummit in their effence, and poffefs an intellectual hypoftafis, , 
through which they are {pread under intellectual effences. They energize, therefore, , 
not only divinely, but alfo intellectually; poffefling one energy according to the one, 
which they contain in the receffes of their natures, but another according to an intellec— 
tual operation. There is likewife prefent to thefe divine fouls, an energy according to 
their proper hyparxis; which is motive of natures moved by others, but vivific.of fuch 
as poffefs an adventitious life. For this is the proper employment.of every foul; but. 
fuch energies as intelligence and providence, they receive through participation. 
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PROPOSITION CCI. 


Ali fouls attending upon, and always following the gods, are infe- 
rior to divine, but more eminent than particular fouls. 


F OR divine fouls- participate of intellect and deity. They are, therefore, at the 

fame time intellectual and divine, and prefide over other fouls, in the fame manner 
as the gods prefide over the univerfality of things. But particular fouls are deprived of 
a fufpenfion from intelleét, becaufe they are not able to participate proximately of a di- 
vine effence.. For they would not fall from an intelle€tual energy, if they effentially 
participated of intellect, as we have previoufly demonftrated”. Hence the fouls, which 
always follow the gods, are of a middle condition ; participating indeed a perfect intel- 
lect, and near! this furpafling particular fouls, yet not depending on the divine uni- 
ties. For the intelle& which they participate is not a divine intellect, 


PROPOSITION CCNI. 


Of every animaftic multitude, (i. e. a multitude belonging to fouls) 
divine fouls fince they are greater than others in power, are con- 
tracted according to number. But fuch as always follow the gods, 
retain a middle order among all fouls, both in power, and quantity. 
And particular fouls, are inferior to others in power, but proceed 
according to a greater number. | 


OR divine fouls are more allied to the one, on account of a divine effence ; but 
thofe of a middle order, through the participation of intelle. And thofe of the 
laft order, are effentially diflimilar to thofe of the middle and firft kind. But among 
eternal natures fuch as are nearer to the one, are more united in number, and are more 
contracted in multitude, than fuch as are more diftant. But fuch as are more remote, are 
more multiplied. Hence'the powers of fuperior fouls, are greater, and have the fame 


proportion to fecondary fouls, as that which is divine to that which is intelle€tual, and 


as the intellectual to the animaftic nature. And the quantities of inferior fouls, are 


more innumber. For that which is more diftant from the one, is a greater, and that 


_ which is nearer a lefs multitude. 


© In Propofition crxxxrv. And from hence it appears, that by particular fouls in this Propofition, are meant 
fuch as are capable of being changed from the pofleffien of intelle@, into its privation. 
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PROPOSITION CCIV. 


Every divine foul prefides over many fouls, the perpetual attendants 
on the gods; and over a ftill greater number of fuch as fometimes 
receive this order. | 


OR if it is divine, it is requifite that it fhould be allotted an order, generative of 

all things, and firft-operative among fouls. For that which is divine, throughout | 
all beings, prefides over the univerfality of things. And it is requifite that it fhould 
neither alone prefide over fuch fouls, as perpetually follow the gods; nor alone over fuch 
as are fometimes their attendants. For if any divine foul alone prefides over fuch fouls 
as fometimes attend the gods, how can thefe be united with a divine foul; fince they 
are entirely different from this, and neither proximately participate intelleét, nor (by a 
much ftronger reafon,) the gods? But if it alone prefideg over fuch as perpetually fol- 
low the gods, how can the feries proceed to,fouls, the cal attendants on the gods ? 
For thus intelie€tual natures will be the laft, and will be unable through their barren- 
nefs, both to perfec other natures, and reduce them to their original. It is neceffary, 
therefore, that. fuch fouls as follow the gods, and energize through intellect, and are 
reduced. to intelleéts more partial than divine intelle&s, fhould firft depend from every 
divine foul. But the fecond to thefe are partial or particular fouls, which are able 
through the former, as mediums, to participate intellect, and a divine life. For through 
thofe which always participate, thofe which fometimes participate a more excellent con-.. 
dition, are perfected. And again, it is neceffary, that about every divine foul, there 
fhould be a greater number of fouls which fometimes follow, than of thofe which al- 
ways attend on the gods. For the power of unity, always proceeds into multitude, act 
cording to remiffion, and fubjection; failing indeed in power, but excelling in number. 
Since in a fimilar manner every foul perpetually following the gods, prefides over a 
greater multitude of particular fouls, imitating a divine fouls and elevates many fouls 
to the firft-operative unity of the whole feries. Every divine foul, therefore, prefides 
over a multitude of fouls, the perpetual attendants on the gods: but prefides over a {till 
greater multitude of fuch as are fometimes allotted this, order. 
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PROPOSITION CCV. 


Every particular foul has the fame proportion tp the fan} to which 
it is fubjected according to effence, as the vehicle of the one, to 
the vehicle of the other. 


OR if there is a natural diftribution of vehicles in all fouls, it is neceffary that the 

vehicle of every particular foul, fhould have the fame proportion to the vehicle of 2 
univerfal foul, as the effence of the one, to the effence of the other. But the diftribu- 
tion of vehicles is according to nature: for firit participants are naturally conjoined with 
the things participated *. If, therefore, as a divine foul is to a divine body, Ío is 4 pat- 
ticular foul to a particular body, each being participated effentially ; ; hence that i is trug, 
which was afferted in the beginning, that vehicles alfo have the fame proportign, ag 
their correfpondent fouls. l 

d 


PROPAŞITIJQAN CCW. 


Every particular foul, poffeffes a power of ' defcending infinitely i Inte. 
~ generation, and of afcending from generation to being. 


F OR if it fometimes follows the gods, but fometimes falls from its | purfuit of a di- 

vine nature, and alternately participates of intelle&t, and a privation of intelle&t ; it 
js evident that it is converfant by parts in generation, and with the gods. But finte it 
does not refide with the gods, through an infinite time, neither will it be converfant, 
with bodies, through the whole fucceeding time. For that which has no temporal be- 
ginning, cannot have any end: and that which has no end, is neceffarily without a be- 
ginning t+. It remains, therefore, that every foul muft perform periods, both of afcene, 
fions from generation, and of defcenfions into generation ; and that this will never fail, 
through an infinite time. Every particular foul, therefore, i is capable of defcending and 
afcending in infinitum: and this paffion never ceafes to take place about every particular 
foul. i 


© The reader muft obferve that thefe vehicles or divine bodies, the firit participants of their correfpondent 
Goals, are vo other than thofe vehicles, fo beautifully defcribed by Synedius, and inferted in the preceding hiftory 
ef Theology. 


¢ Fora demenftration of the truth of this fentence, fee the note to page 59, vol I. of thi work. 
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PROPOSITION CCVIL. 
The vehicle of every particular foul is fabricated by an immove- - 


able catife. 


O R if it eternally depends | on the foul, by which it is ufed, and i i$ bya natural 

fympathy immutable according to effence, it is allotted a fubfiftence from an im- 
moveable: caufe, For that which is produced from moveable caufes, is wholly changed 
according: to effence. But every foul poffeffes an eternal body, which is the firft parti- 
cipant of its nature. _ Hence the caufe of every particular foul*, and confequently of its 
vehicle, is immoveable, and on this account {uper-mundane, 


PROPOSITION CCVII. 
The vehicle of everp particular foul, id imimbterial, indivifible ace. 
~ , cording to effence,: and impafiive.’. 

+ O'R if it proceeda ‘froth ah itnmoveable fubritation, dnd id eternal, it poled an an 

_ immaterial and idnpafftve bypoftafis. , For fch things as are naturally:phffive accord- 
ing to ‘effence, are all of them changed, and “material : and from their fub fing differ- 
ently at different times depend on mutable caufes. And on this account they receive 
ati’ afl various ‘mutation, becaufe they “aré moved with their primary ‘caufes. But that 
this vehicle is indivifible is manifeft. For’ evéry thing which is divided, is corrupted fo 
far ‘adit is’ divided, ‘becaufe it relinguithes the whole, and departs from ‘contmuity and 


conjunction, If; therefore, thé véhidlei is ‘eMitially immutable, it will alfo bé impaffive, 
and indivifible. 


PROPOSITION CCIX. 


The vehicle” of” every” ‘particular foul defends’ ‘indeed with the idä- 
tion of material veftments f; but is conciliated with the foul, br 
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an ablation of every thing material, and by returning to a form 

proper to its nature, and analogous to the foul by which it is em- 

ployed. 

OR the vehicle indeed defcends, affuming irrational lives, but in its afcent, cafts 

afide all the powers of generation, with which it was invefted in its defcent, and 
becoming [pure returns to its proper form, and the priftine condition of its nature. It likewsfe*) 
- imitates the lives of the fouls which employ it as an inftrument, and is every where 
moved in conformity, with their motions. And by its circulations, it reprefents the in- 
tellections of fome fouls, but the falling of others, through their inclination to the realms 
of generation; and the purgations of others through the revolutions which lead to an 
immaterial nature. But becaufe it is effentially vivified by, and is connate with fouls, 
it is all-varioufly changed along with their mutations ; follows them every where; be- 
comes paflive, when they are expofed to paflivity; returns with them when they are 
purified; and is elevated when they are elevated, and purfues its proper perfection. For. 
every thing is perfected, when it purfues.the perfection of its nature. 


PROPOSITION. CCX. 


Every connate vehicle of the foul, poffeffes both a form and magnitude 
perpetually the fame. But it appears to be both greater and lefse, 


and endued with a diffimilar figure, through the additions and ab- 
lations of other bodies. — 


OR if it derives its eflence from an immoveable caufe, it is evident that both its. 


figure and magnitude is derived from this caufe: and each is immutable and invari- 
able. But it appears differently at different times, as likewife greater, and lefs. Hence 
through the intervention of other bodies added from the material elements and again 
taken way, it exhibits a different appearance both in quantity and form. 


PROPOSITION CCXI. 


Every particular foul, defcending into generation defcends totally. 
-Nor does any part of it remain on high, and another part defcend. 
F OR if any thing belonging the foul remains in the intelligible world, it either per- 
petually underftands without tranfition, or tranfitively. But if without tranfition, 
° That part of this propofition, within the crotchets, is nadi in the Greek which is here defe&ive, nor in 


the tranflation of Patricius, but is added from my own conjefure; whether or not with propriety, the reader 
mph deterinine. 
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it will be intelle&, and not a part of the foul; and this particular foul will be that 
which proximately participates of intelle@. But this is impoffible. And if tranfitively, 
that which is perpetually, and that which is only fometimes intelligent, will form one 
eflence. But this likewife is impoffible : for all thefe differ, as we have previoufly thewn. 
Add too, the abfurdity which refults from fuppofing that the fummit of the foul is per- 
petually perfect, and yet does not rule over the other powers, and give them perfeétion. 
Every particular foul, therefore, totally defcends. 
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APPENDIX 


HEN I firt determined to give my labours to the public, in hopes of contri- 

buting to the reftoration of the Platonic philofophy, I embraced the refolution 
of Dr. Johnfon and Goldfmith, zo fet the Reviewers at defiance. For I was fully con- 
vinced that neither able criticifm, nor candid attention could be expe&ted, where com- 
pofition is di€tated by the fpirit of malevolence, and influenced by the views of pecuniary 
reward. However, though contempt is the moft philofophical móde of revenge, yet as 
a certain author well obferves fevere retaliation is fometimes requifite, in order to con- 
vince the fubjeéts of our revenge, that we do not {toop to the meannefs of abje& fub- 
miffion. This mode of retaliation the defamation of the Monthly Reviewers in their 
bundle of criticifm for Auguft lat obliges me to adopt: and they have afforded me in this 
review the moft favourable opportunity I could defire, of expofing their malevolence, ig- 
norance, and pride. I fhall begin, therefore, with inftancing their malevolence, as it is the 
firt in our lift of their bad qualities, and is the general charateriftic of thefe affuming 
critics. In my preface to the tranflation of Orpheus, after reprefenting the difficulty of 
well tranflating the compound epithets of the Greek, into Englith, and the neceflity of 


poffeffing the philofophic genius for this purpofe. Tadd: “ If fome /parks of this celeftial 


fire, feall appear to bave animated the bofom of the tranflator, he will confider bimfelf as well 
rewarded for his laborious undertaking.” Upon which thefe candid reviewers obferve, (p. 
138.) “ Mr. Taylor was aware of this difficulty, though he feems to claim the merit of 
fubduing it.” In the fecond place they affert, (p. 138.) that after lamenting, that the 
Commentary of Proclus on Plato’s Cratylus is not likely to be publithed, “ I comfort 
myfelf with the hope that my own labours will in fome meafure fupply its place, by 
opening the pure fources of genuine wifdom. And that to this end I promife copious 
and truly philofophic notes.” Now the pafflage which furnifhed this malevolent affertion 
is the following: “ What farther light we have been able to throw on thefe myfterious 
remains of antiquity, will appear in our following notes. If the valuable Commentary of 
Proclus on the Cratylus of Plato, was once publifhed, I am perfuaded we fhould find 
them full of the moft recondite theology: but as this is not to be expected in the pre- 
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fent age, the levere of wifdem will I doubt not gratefully accept the preceding and fub- 
frequent elucidations. For on a fabje fo full of obfcurity as the prefent, a glimmering light, is 


as confpicuous, and as agreeable to the eye of the mind, as a fmall fpark m profound darknels, is ` | 


te the corporeal fight.” Differtation, p. 106. ‘The infamy of fuch mrfreprefentation is too 
glaring to require any Hluftration, too fhameful to admit of any excufe, and in any 
ather caufe than that of verbal criticifm, too contemplible either to roufe refentment, or 
deferve the maf trifling attention. Let us now examine the fpecimens of igncrance which 
thefe Reviewers afford in great abundance ; and which as I prefume will appear much to 
the credit of my tranflation. In the firft place I am charged with “ univerfally tranf- 
lating the epithets ¢srsbres, Pirssrecs, and pewxes, by the word fanatic, which I have em- 
ployed in the fenfe of the Latin word, from which it is derived.” To which I reply, 
that the former part of this charge is falfe. For in the hymn to Minerva ¢sdcieos is tranf- 
lated rage; in the hymn to Diang, ferces and in the hyran to Dionyfrus Baffareus, 
panxos is tranilated furious. ‘The latter part of this affertion is true. For as the word faa 
natic is, immediately derived from the Latin word fanaticus, which according to their 
own confefion means sumne afiatns, ox one infpired by a divine power ; and as the great 
Scaliger, whofe authority is always decifive, conftanthy tranflates ¢srubsos, fanaticus, E 
made no, feruple of adopting it in my tranflation. That, fanatic is never ufed in a good 
fenfe by any author of repute may: perhaps. he true: bat F fee no reafon why it fhould 
not be employed according to the meaning of its original, efpeciatly as there is no other 
word in our language fo expreflive of the words to which it correfponds‘in the Greek. 
The example of Ariftotle, and the greatef¥ men of antiquity fufficiently jaftifies both the 
invention of new terms when the poverty of a language requires a fupply, and the adop- 
tion of old ones in a different fenfe, when the difficulty of the fubject demands verbal 


innovation. After this I am accufed of totally miffaking the meaning of various paf= 


- fages, the greater part of which I fhall. expofe to the view of the reader with a literal 
tranflation, and comment; that the ignorance of the Reviewers may appear without 


that veil which at prefent {creens it from the eyes of the unlearned in Greek. In the 


hymn to Pluto then, I have tranflated the following line : 


Mares Pus apar egyen Qariçur Ti BeaSeuluge 
Of unapparent works thou art alone 
The difpenfator vifible and known. 


That is, literally, ‘© Thou art alone the difpenfator of apparent and unapparent works.’” 
Now there is nothing in my verfton can; be objected to, but the omiffion of the 
word apparent, which the meafure of. the verfe obliged me to negle; and which the 
addition of vifble and known in the Second line senders fuperfiuous, as the following 


obfervations: 
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obfervations will evince. According to the Orphic theology, Pluto belongs to the fame 
order as the /un, and from his fubfifting in occult union with. this deity, he is celebrated 
as one and the fame: a cuftom frequent with the Orphic theologifts, as is well known 
to thofe who are fkilled in their writings. Hence confidered as the /un, he is the difpen- 
fator of apparent, and as Pluto, of unapparent works: and thus I prefume, I have not toe 
tally miftaken the meaning of this line, in celebrating Pluto as a deity vifble and known. 
But that the reader may be fully convinced of the truth of this allertion, concerning the 
occult union between Pluto and the fun, let him attend to the following Orphic verfe, 
pteferved by Juftin Martyr, (in Cohortat. ad Gentes). 





- Ex Gobe, aks adno she SAD, atc dfrvcD- 
i. e. © Jupiter, Pluto, the Sun, and Bacchus are one. 


Again, in the epithet eyrachus, it feems I have totally miffaken the meaning of my 
author, by tranflating it bonor’d light. This word means literally exceedingly honoured : 
and the preceding expofition fufficiently proves the propriety of calling Pluto, lucid. E- 
very reader knows the neceflity there is in poetical tranflations of adding fomething to 
the original : and this is always allowed, when the addition is not contrary to the fenfe 
of the text, but either expands it, if condenfed, or enlightens it, if obfcure. Iam like- 
wife charged with miftaking the meaning of Mys Srxrvies, wepe, or, prophet of difcourfe 
to mortals, which I have rendered, 





‘ Prophet of difcourfe.’ 


Now as this is literal, the miftake muft confift in not fubftituting another word for 
prophet, which might exprefs what the author meant; the Reviewers never dreaming 
that this word, when properly underftood, is perfectly fufficient for the purpofe. As they 
appear, therefore, to be totally ignorant of the original fignification of a prophet, I thall 
fubjoin its definition from Feftus. “ Prophetas dicebant veteres antiftites fanorum, oracu- 
lorumque interpretes:” i. e. ‘ the ancients called prophets the priefts of fanes, and the 
interpreters of oracles.” Prophet of difcourfe, therefore, means interpreter of difcourfe : and as 


this epithet is applied to Mercury, it is doubtlefs highly proper ; if we cqnfider that he firft © 


reduced the: infinity of voice into bound, by dividing letters into {péecies; and thus truly 
became the interpreter of fpeech to mankind. In the hymn to Venus, I have tranflated, 





Est’ os Kuwey, avacce teoty ote 


‘c Or if in Cyprus with thy mother fajr.” 


And it is literally ‘‘ Or if in Cyprus O queen, with thy nurfe.” Fortunately for me, the | 


metaphrafe of Scaliger agrees with my verfion, “ Sive in Cupro, matre tua.” Perhaps 
» 2 the 
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the Reviewers forgot, or perhaps they are ignorant, that a mother and a nurfe are fre- 
quently fynonymous terms! I fhall not trouble the reader with any more inftances of my 
miffakes, as I can faithfully affure him, that the remaining paflages adduced by the Re- 
viewers, betray if pofible, more malevolence and ignorance than the prefent. I fhalt, 
therefore, proceed to a defence of fome epithets, and expreflions which I have em- 
ployed; and in which thefe exguifite critics, can neither difcover beauty, nor even pro- 
pricty. 

In the firt place then, they confefs that they have too little zafe, or too little know- 
ledge to difcover either beauty, or propriety, in my tranflation of the following line: 





Nuas Suyareess usyarntoges Qusaveso 
‘Nymphs, who from ocean's. fream derive your birth.’ 


i. e. literally, ‘ Nymphs, daughters of the mighty ocean.’ Now as the exceptionable 
part of this line, is ocean’s ffream, as appears by its being printed in italics; I can only 
aure the reader that I can plead no lefs authority than that of both Homer, Hefiod, Pla- 
to, and Milton for its propriety and beauty. Thus Homer, (Iliad xviii. 1. 606.) {peaking of 


the fabrication of Achilles’ fhield by Vulcan, fays : 
"Ev O° bribes morapoio poeryacPevos wxtavoio. 
i. e. í But he placed in it the mighty ftrength of the ocean’s fream,’ 
So likewife : (Iliad xx. l. 7.) 
Obre tis č woraptiy aminy veo?” wxtavolo. 
i. e. ‘No frream was abfent, except the fream of the ocean.’ 
Thus again, in the Odyfley: (lib. xi. 1. 637.) 
Ty Ñ xar "Quecrdy moraer Pige nõua glor. 


i. e. ‘But the waves of the current bore it (the veflel) through the ocean fream.’ And 
Milton had doubtlefs an eye to this laft paflage, when, fpeaking of the Leviathan, (Pa- 


radife Loft, book I.) he fays: 
- —— or that fea beaft 


Leviathan, whom god of all his works 
Created hugeft, that fwim th’ ocean fream. 





For here, as the reader muft obferve, he ufes the very fame expreflion with Homer. But 
Milton was not only a great poet, but a man of great learning ; and was doubtlefs much 
better acquainted with Homer than the Reviewers. 
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Thus too Hefiod: (in Theog. tł. 241. &c.): 


xaos. Amgides nixoposo, 
Kiens ’Oxsasoio reAnsetos xélapoio. 





i.e. and from the fair haired Doris, the daughter of the perfect fream of the ocean.” 


And the fame epithet is ufed in 1. ọṣọ. of the fame work. And laftly, Plato in the. 
Phedo, thus {peaks of the ocean, as one of the four great rivers, of which Tartarus is the 


fource : Tà psr By dy DANS WAAT Te xa) piyada xai wos TodMwe super. iste Tuyen Dace Ma ey rile. 
To; morsi Tiflæg atla CATO, Ny TÒ psr péjison xa sEwrorre gion. oragininrea, ô sahsys D Qascerds iste. 
h e. ‘ There are many other both great and all-various rivers, but principally four; the- 


greateft and laft of which, flowing round the earth in a circle, is called the ocean.’ 


I only add that this expreffion is perfectly philofophical, ag will be evident from con-. 


fidering the ever-/lousng condition of the ocean, by. means of which it admirably cor- 


refponds with. the nature of a ream.. Homer indeed was fo fenfible of this truth, 


that he generally (if not. always) fpeaks of the ocean in.this manner., and there is no 
doubt, but he derived his. conviction from the firt and moft profound philofophy in 


the world.. After this the expreffion, a dlamele/s tide of abundance is objected to. But 
if the epithet d/amele/s may be applied to abundance, which it is in the original; (a? cates. 


apun) and if a tide of wealth, is an ufual exprefhion, I fee no reafon why abundance, 
when conferred with moderation,. may not be faid to be poured in a b/amelefs.tide. The 


objections to the tranflations of (Serer snesypco) < bafis of mankind,’ and the firft part of. 
the hymn to Protogonus, are too contemptible to deferve any reply. ‘This too would be- 


the cafe with the epithet ‘ Bacchic King,’ which is literally tranflated from the Greek ; 
(Baxxsi0r avaxta). but very fortunately thefe /agacious critics have employed a correfpond- 
ent expreflion, in their Review of Wharton’s Milton: for in page 1. they {peak of the 


Miltonic mufe, which I prefume muft fall under the fame imputation of impropriety, and 


want of beauty with Bacchic king. I fhal only adduce one inftance more, and then pre- 
ceed to take notice of the pride of thefé uncandid and ignorant cenfors., In the hymn to 
Boreas, that deity is requeftcd to diffolve the all-wi/fy flation of the air x. 





Avs Tt warsPeron sarts negos 
Which I have accordingly tranflated, | F 
‘The miffy fation of the air diffolve.” 


And I muft confefs, that as I cannot find the leaft impropriety in {peaking of the air as 
being in a mi/fy fiation, I muft conclude that this was exactly the fation of the Reviewers, 
at the time when they compofed the prefent criticifm ; the whole of which appears to 
have been the refult of mi/y vifions, clouded. conceptions, and uncertain conjeRures. 
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Let us now proceed to a review of their pride. In the firit place then, they very 
pompoufly inform us of their natural gravity as follows: * Grave though we be, our ows 
rifibility has been provoked,’ &c. As if tt was of my confequence to the public, whether 
they are grave or facetions, folemn or kedicrens, fanguine or bilious : whether they pof- 
fefs the qualities of the ow/, or the ape; and wherher they laugh like the tickled 
Hyzna, or like Miiton’s death ° grin horribly a ghalthy fmile’? Iw she next place, after 
having praifed my paraphrafe of Plotinus on the Beautiful, they add: ‘ this. praife ought 
to convince Mr. Taylor, that we are neither infenfible to the real value of his author’s. 
work, nor blind to the merits of the tranflation’. As if the praife of a Reviewer could 
be of any importance to a man, whofe writings, are not. calculated for tue multitude : 
or as if the cenfure of ignorant judges, was not preferable to their moft unbounded ap- 
probation! I only add that from men who are critics by profeffion on the writings of 
others, the moft perfect compofition may be juftly expefted: and yet the Monthly Re-- 
viewers have grofly failed in this refpe€t, as the following inftances will evince: Poly- 
bius makes ufe of the expreflion, vevesy Weog isa xas TOY MUTED TXOwor, i. e. f to verge to one and 
the fame end : and this our admirable critics tranflate (p. 122.) ‘to verge to one point, 
and confpire to-one end ? which is obvioufly a. moft ridiculous tautology. For it is im-- 
pofible that any thing can verge to one point, and at the fame time confpire to an end, 
different from that point. Again, in their review of Bell’s Shakefpeare, (p..156.) they 
make ufe of the following fimile: ‘Shakefpeare, now ftands (among the French) as a. 
Coloffus, while the moft that can be done by Voltaire, and indeed the very beft of our: 
modern writers at home, is to creep under his, feet.’ But here we may very juftly enquire,, 
what fimilitude there is between modern wits endeavouring to imitate Shakefpeare, cone 
fidered as a dramatic writer, and men crawling under his feet,.confidered as a Coloffus r 
If Shakefpeare indeed had been a quadruped, men by creeping under his feet might be- 
confidered as his groveling imitators: but I cannot coneeive any fimilitude between a: 
creeping, and an upright figure.. I only add, that. the Analytical Reviewers, are not more: 
fortunate in their review of my tranflation of Proclus. For after aflerting that the ori- 
ginal is not remarkable for its elegance (though the contrary is the opinion of the beft 
ancient and modern writers) and that I have too faithfully copied my author in this.re- 
{fpeét, they inform us, among other interefing particulars, ‘ that the employment of an’ 
ancient philofopher did not confift in relieving the difrefer of the wretched, and the 
wants of the miferatle? After fuch a fpecimen of tautology,,we cannot wonder that: 
Proclus is confidered as an inelegant writer: for though his language is always Over.. 
flowing and majeftic, it never degenerates into. weak and needlefs repetition. While 
on the other hand, there is fuch a perfec? famenefs, in the above fentence, that, ‘to relieve 
the diffreffes of the wretched, and the wants of the miferable,’ is indeed no other, than ‘ to 


verge to one point, and confpire to one end!” re 
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And thus much for the Reviewers, whom in any other caufe than that of verbal cri- 
ticifm, I fhould confider as too mean for.cenfure, and even too infignificant for con- 
tempt. For what attention can thofe writers .deferve, who decide dogmatically on fub- 
jeéts they have never {tudied ; who endeayour by malevolent afperfions to ruin the repu- 
tation of men théy have-never feen ; -and who abufe the credulity of the ignorant, by 
compilation of ‘criticifms, which’originate from vanity, and ultimately tend 
to illiberal gain? = 
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